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LV  D  o  V  rco 

V         XI  v- 

"^REGI    CHRISTIANISSIMO. 

■t  Vadrationem 

■»  circult   thefaurum 

f/f,  REX  OP- 

n ME,  fuadet 

tot  tantorumque  ijirorum  iudi- 

cium ,    qut  ad  illam  inuenien- 

dam  iam  his  mitle  ahhinc  an- 

nis    omni  Jiudio    incubuerunt. 

Horum  ego  exemplo  addnSus , 

■    cum  iihi  illi  fcrutari  defierant 

follicite  qunrere  ,     (f     egefiis 


Hmftdimentis  altius  in  ahiita 

'  rerum  defcendere  ante  annos  ali^ 

.  quot  ccepiffem  ,  exoptatum  tan- 

dem  effbdere  mihi^vifus  fum  non 

exigua    ex  farte    thefaurum  5 

quemdumtollo  ,    deliberandum 

mihinonfuit,  quo  eum  afporta- 

rem  5    quo  enim  nifi  ad  Te  cui 

multis  nominihus  deheri  fcie- 

ham  /*  T^uus  namque  ef  non  ideo 

folum  quod  in  puhlico  loco  efi  re- 

fertus  5  *verum  ex  eo  etiam  quod 

illius  Refertorfingulari  quodam 

iure  in  tua  efipotefiate  5  quatenus^ 

fcilicetineamfocietatemefi  ad- 

fcriptus  quA  totamfe  T»<e  Ida- 

jefiati  mancipatam  profitetur» 

quipp$  quA  in  tuoprimum  nata 

(it  Regno ,  in  eoque  Regijs  hene^ 

ficijs  au^a  creuerit ,  quorum  il- 


ttid  frmpfjffm  numer^  \ ,  quo4 

ros  exea  affumjtfili  ,    am  vohxs 

a  faqris  CQnfefsiomhus  -6?  -^ 

fumm/i  religidims  fecreds  forenh 

Adefi  br^terea  mihi  J^ia  hufMs 

Operis  l^ibi   o^readi-.c4u/k, 

fuod  Regijs  licet  fiudijs  liher<iir 

les  compleitarisArtes  omnes^prAr 

cipuo  tamen  eas  fauore  profeque-^ 

ris ,  quA  ad  milttares  atpixfentdi- 

/ciplinas^  ap  'vero  nofierhic  t^; 

hor  omnia  riotis  definit ,  pr^firi^ 

ptifjue  menfuris  ,finequikus  ca- 

ftrorum  metatio  nuHa  vnuu3^filj/r 

fa  yalltque  munitio  re^e  infii;: 

tuatunfed  quod  magis  ad  ref^ 

faciiii  ifiud  affeqniturlihrA  illius 


'•I 


ope]/jua  Philofifho  in  jldechani^ 
cis  tefiante  quicquid  efiin  Ma^ 
chinali  fi^ientia  admirahiUi  & 
adbellicas  exfeditidne^  perne'^ 
cejjarium ,    omnino  continetur, 
Quid  quod  libra  adeo  exprejfa 
efi  reprafentatio  Jufiitia,    qm 
Francorum   Regibus  fingulari 
quodam  prA  cMeris  priuilegio 
perpetua  comes  afsidet ,    fut  du- 
hium  ejfe  nullum  potuerit ,  quin 
eius  refiauratio,  amplificatio,  ^ 
'vjus  adhuc  incompertus    T^ihi 
iucunda  accidereni.  Forrojum- 
mam  ifiam  ,  quam  modo  dixi, 
reprApentationem  exhibet ,  dt^m 
'iimmroviit  illud  f  patere  Rexbeni- 
■  gnifstme grAcam  vocem  cui  vtx 
'vlla  Latina  plane  refpondet  ) 
quod  Ethice  'velut  dtuinam  Re- 


^i  norniam  in  lufiiiia  manui 
tradit ,  itd  penficulai^  qhferuaty 
^t  tunc^fotum  inaqualia.  duo 
grautaftare  in  iiqutlibrip  finat , 
quando  ponderum  iftJoAc  injtquat 
litas  aliaiongttudinum  ,  quihus 
'vtrinquede  iugo  pendent ,  com-^ 
penfata  plane  iuxta  Geometri- 
cam  ixriirtirty^sot  legemfueritj  prout 
^rchimedis  lihri  de  Iforrhopicis 
editi  demonftrant.  Hac  omnia 
eftecerunS  y  'Vt  aufusfit  liherifte 
ad  Te  accedere  exemplum  etiam 
aliorum  fecutus ,  ,qui  de  hoc 
argumento  fcripti  Anteceffores 
tuos  pr^fertim  Francifcum  pri' 
mum  quamuis  pr&matur\  adie- 
runt  j  quippe  iftud  tuA  M-a- 
jeflatis  Auo  referuahatur  ,  'Vt 
Orhis  dimetiendi  ratio  eo  tem- 


fore  illufiraretur ,  quo  regnare 
inciferet  eius  imferio  dignifsi^ 
mus  5  hoc  'uero  *vt  diu  foeli-^ 
citerque  pr^fies  opto  \  (^  a 
Veo  fummis  frecihus  fiagi- 
to  in  Collegio  Tolofano  Idih, 
VecAn.MDCL, 


'     ) 
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Antonivs  Laloveka^ 

Socictatis  I  e  $  v. 
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AD.l^CTQREM. 

ROgo  tjs ,  Bcneuolc  Le^or ,  vt  fi 
quam  prbpcJlitipncfn  ex  hac 
Operc  legeridatn  rufc^peris,  prius  in- 
fpicias  vcrurp  j^liquid,  quod  ad  iUam 
fpei^ec  ,  conexi?f  im  .  vel  adiecc- 
rim  in  appcn^icc.  Moneo  eti^m  te 
nullura  ex  Rccentioribu^  quide  hoc 
^rgumento  tridet  a  me  ledum  fuifr 
fe  i  non  quidem  ex  vUo  contemptii 
(hoc.cnim  long^  abe£t  a  moribu$ 
meis  )  fed  .quodeius  copiam  haber^ 
non  potuerim*  In  BibUotheca  noftri 
Alegambe  tres  inucni.quos  diufru- 
ftra  quxdpi  j  loanni»  .Caroli  de  la 
Faille  Theoremata  de  centro  grauimis 
partiti  circidip*  dlipfis  ,•  Pauli  Guldin 
centrobaryca  j  &  Gregorij  a  Sancto 
y  inccntio  Theormatafcimtia  Jiatica, 


1 


tfltus  quidem  vltimo  tcctnCm  nadus 
fum  antc  fex  men(es  juadrdturam  cir- 
cuU  >  fed  in  eius  qu^m  amplo  fane 
Opere,  nihil  de  libri  idueni :  gauifus 
tamen  fum  quadraturam  cunei  primi 
notiyqaim  vnic^  propontione  (  ea 
cft  vigcHma  quinta  libriquarti )  ope 
librx  tradideram  &  ad  calculum  cxe-^ 
gerara,  ab  co  fub  ynguU  nomine  ali- 
ter  pcrtradatam  fuifTc  long^  dod^' 
quc  propodtionum  ferie.  Quadra-* 
turam  vcro  circuli  quam  cxponit 
examinarcnondum  mihilicuic ;  cam 
tamcn  omnino  abfolutam  non  cffe 
vel  ex  eo  apcrcum  cft,  quod  ad  nu- 
^ieros  non  (ic  4b  Autore  dcduda  > 
nec  monftratum  qua»  fit  latcrisqua- 
drati  circulo  a?qualis  ratio  ad  diame* 
trum,  vcl  cert^  ipfius  diametri  ad  pc- 
ripheriam.  Hoc  vero  iufte,  mco  qui- 
dem  iudicio ,  cxigitur ;  dum  cnim  ad 
calculum  vcnitur  multa  fape  dctc- 
guntur  vel  non  probata ,  vcl  falfa : 


;iIiquancIo  vero  calculi  methodus  t;oc 
binomijs  apotomifque  &  id  genus 
linearum  ■  incommenrur^bilium  no- 
minibus  implicatur)  vi;  ad  praxim  yti- 
lis  ejutus  nulius  fperetur.  Ego  certe 
liiCi  in  aninio  hoc  fixum  ftatuiiTem 
quadraturani  circuH  nullam  pi^  ve- 
^&plane,:;fbfolu(4  }i^bendam  mihi 
.cfTe,  cuj.uscnon  degnirentur  ratioci- 
nia,  &  ad  ^onftrationem  Archi- 
medeam  de  circuli  dimenHone  exi- 
gerentur,^n^e  ipnim  iam.diu  multoties 
fefelliffem,  nec  dubito  quin  plurimis 
^prudensiUu{lflem;;,Quid  porro  i^ 
|us  librls  inuenerim  ex  ipfo  Operis 
Jtitulo  (q^i nihiU^a^erado promit'- 
tlt )  ititel  jigis ,  vt  puto ,  fatis  i  pleniiis 
jtamen  perfpicies  (i  attente  qua^  in  eo 
.(cripfi,  ineditatus  ftie^is.  Quadratura 
ouam  libro  tertio  demondro  foeli' 
.ciii$&  {loe  tanto  apparatu  procedit 
per librain , j^uamplaoam  appellaui, 
.&  cuius  viiim  ad  numeros  reda^um 


-  » 

habes  in  fecundl  Sc  ttttii-  !tbH  quih'^ 
ti ;  in  cuios  etikm  deeitiva  tertia  ie- 
ges  quadraturaiii  plane  nifirabileni 
(  zbCit  vcrfja  iadahtia ;)  ^uoruh* 
dam  peripHericbTum  qubrum^  hz* 
fis  eft  circuius  vcl  hypetbdli ,  altitii^ 
'do  ver6  paf aBdla  j  e4  dicylindrdttd 
nominaui.  Nebue  mihiis  adnii- 
randam  eiiilimb  ind^idhtm  pro^ 
pornonis'i[ifaiiHinter  feHafefent coni-- 
ca ,'  fphxric^ictindidej?,  "&  "ifphsBnS?- 
deaj  licet  ehim-ftVchiratir&cctufmyfi 
proporticmcm  iam  olmi  cifcogitatiti 
fuoque  in  {e^ulchro  mbttuittehiUiA 
cfus  extare  VoRiefit.nos  tahiS  xlruet*^! 
^lane  vil  idipfum  repcHiWtif , 'afiiqtife 
adiuximas  adhtic  irrepferici;  A tip  h^ 
ip(i  via  c^rphitfs  eft  fadiiitra  qnx^d 
centra  gratiitatiS  ih  fpH3ert?/&>h)rpe^. 
i>dltci  coholdii  portioWibU^^^term?-!- 
^nct,  cum  tiulluk  ante  nds ,~  ^tjeift  tiiy- 
'4icrimus,iddemohftrar!tj  nam  ArcMu 
medes  in  parabolicd  hielit ,  proutfh, 


quarto  libro^  vbi  ifta  boinia  cradan-^ 
tiir,aduertimus.  Vno  verbo  pacere, 
Ledor  amice ,  dicani  nihil  ejpfe  alicu- 
fos  naoraemi  in  toco  hoc  operequod 
a  me  inuentutn  non  (ic ,  &  quod  non 
fuppreilifTeni  (i  apud  alios  Scripcores 
ijun.denionftrafuin  cfTe  mihi  perfpe- 
aumfuifTct 
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fdcultds  j^.  P.  Trouhciaiis  fiiSld^utori.' 

,   jCGo  AN.iTaifiv($  S^viaiiACvs  Pracpqfi* 

'*-'tus  Proi^nciaf    T^^lpfaQae:    Socictatis  i 

lESV  conccdo  Antonio  talovcrx  ^ocie»  , 

tatis  noftrat^Prcsbytero^faciihitciii  titndi  * 

.    ^ddrdturdm^/trcuU  C^hjpcrf^fU^  k  noftW;  4Ci . 

more.  recognitanv  &  preta^^tn  :  snciijus^ 

^    rci  fidcrh  iias  htcras  roaiiu  irica  fubrcripS V  ^ 

^^  &  figtllQ,mcr  G^ij  niiiiikas!titalidiv^Tll4[ 

Mx  dic  7.  Maij  anni  16  48.  ^      ' 


Eiuflm  fdcultds  fdSd  Ltbrdrio  iuxU  J^gis 

VriuH  gium. 
P^Go  Antonivs  Savignacvs  Sbcictatis 
■■^lESVin  Prouincia  Tolofana  Praepofi'* 
tus  Prouincialis  librum  qui  infcribitur 
SiUddrdturd  circuli  ^  hyferhoU  Autorc  P# 
Antonio  Lalov£1^a  c  Socictate  lESV, 
iuxta  priuilcgium  cidcm  Societati  a  Re« 
gibus  ChriftianiCGmis  Hcnrico  III.  10. 
Mai)  1583.  Hcnrico  IV.  zo.Dcc.i^otf. 
Ludouico  XIII.i4.Fcbr.i6ii.conce(ruins 
quo  Bibliopolis  omnibus  prohibetur ,  tie 
libros  ab  hominibus  Socictatis  noflrae 
compofitos  y  abfque  Superiorum  eius  per- 
miflii  imprimant,  Pcrmitto  P  E  T  RO 
B  O  S  C  y  vt  ad  10.  annos  imprinicre  ,  ac 
libcrediuendcre  pofiGt.  Datuin  Monfpelij 
17.  Noucmb.  itf^o. 

ANTONIVS   SAVIGNAqVS, 


APPENDIX 

SECVNDA.' 

H 

r>yM  Lilrum  nofirHmBlhllopoi*  um  >-e; 
^numtptd4tKr»s\  adnos  ptrUtum  tfi , 
»0»  dtejft  dtlfos  m  yrkt  ifii  &•  dmicos 
ytros  ^mjttfptai  eius.ftMtt,c^  oliter ,  >»  fit, 
toto  oftrt  tnoluto  timtreht  nt  li(etmithodui 
tjet  nofirt  ,rts  UmtH  fUdsptr  tamdtmohfira^ 
mus,  umdb  altisnofir4dtatis  ^iris  Lue^  Kalt^ 
noyiotMutntur^  Cduattrioo-EnangelifiA  Tor- 
■   ttaU.,0  rtpertd  *xt4rtni.Tunt  ego  incertus  htfi 
jutdpottus  ficnem  ;  ytrttm  ,fi  autdm  id  quoi 
txmtUtttr  remraforet,  meamipfi  mifriani 
deplorjtretnfuttMmegregios  >/m  i  fuihmplu. 
rtmf4cilt4ddifiertp0ter4m,nt  nomine  pidem 
4dhuc  noutjjemi  4nfelitit4tem  aghofctrem  iti 
tononulla,  fuod  demeoprotulifiemfolus  « i* 
iuorumtnuintieneiUi  ftmul  tanti^ut  >»«'  dt^ 
fui4fint,  ^«»  ipf4m  txplortturtis'  thfmodi 
sAutorum  lucubr4tioncs  fu4s  pot^r.pefhhent 
tolUgi  ifi4s ,  Lucae  Valcrij  in  Cyranafid 
f  om*no  Prpfe{&ris<  de  cemro   gramtatis 
fohdorutti  libn  tr€»,€l«nicnti  oaaooPoti- 
tiftci  maximo  dicati;  Rom* '  aht^i  ^4. 
v)peraMathema«icaeaaBgelift*T'dmcel- 
lufetenifljmi  Magii»>Duci$  Etriitfar  Ma- 
2*o>4ti5i,,  .ad.caAdem.mtgi}uitt  ©uAm. 
*i°W«  »«44t  E»r«<atioi»«9vG*ome* 
WcatfftxAutoieF.Bonauentur^Cattalcrick 

I 


Ordtnh  Ie(i]atorun],&  in  Bononicnfi  Aca<» 
demia  primario  Mathematicariim  proftf- 
forc.  Ad  illuflriffimos  Senatus  Bononienfis 
quinquaginta  viros,  Bononiae  1647.  Lucam 
rdlerium  infpexi  mdgni  yaluftdteyi^eum  iu^ 
dicdui  diguifsimum  ^ui  i  Torricellio  vere  no* 
Rti  (^aixli  Atchimtdts  diceretur  in  froeinio  dd 
lihrum  de  dimenftonefdfdhoU.  CdUdlerii  exer* 
eitdtionem  fnintdmin  ^Ud  dgitde  eodem  cenm 
iroj^tduitdtis  noud  metbodo  ,  ct^  nouis  etidm 
^ltmntis  fuJfexi^TofifUdmyero  iJforun$  theore-' 
mdtd  cum  ijs  y  fU4  in  lihro  f^drto  nofiro  mon^ 
prdntur^contuliynon  fifum  methodum  nofirdm 
tfie  diuerfdm  (  dn  fdcilior  &^  hreuior  fit  meum 
nonefidicere  )fiddlifnidetidm  inohis  ddieSu 
fJiffUodiUis  non  cccurrerit^  comferi. 

Trimo  necLucds  Kdlerius  net  yllus  dliusy  fut 
Ifiderimy  dmonftrdt  modumdiuidtndiconoides 
hyferholicum  iuxtd  ddtdm  rdUonem^  Id  i  nohis 
frd^dWr incorolUrio  tertio  decimdfuinta  li^ 
Iri  fUdrtijlleferrpmodus  ffdtevmfusohfud 
iifficuiutefff  fuit  dh  ^rAimede^hi  Jiinile  pro" 

llem^  de,Sfh^rdiffh4roidey^onQide  fdtdhtdi* . 
$ofoluit.  ^ 

stcundo  mc  incds  f^dUrtus  nec  fftifftfn^ 
dlius  n^hi  notus  ofiendit  frofortionem  xyfirifi'* 
dis  kjferholici  cum  cytindro,  ^udmuis  eius  con^^ 
fiderdtio  ^nnexdfit  cum  conoide  hj[firhUUo  3 
fed.ffmdletp^hdhet  difficidtatem.Edmfrofortio* 
nem^ir^iinf^sfrofifitri^i^M.  4.  idfplL^^.pf^ 
trp£fif.^j^  /,  ti^fd^0frofo/t.^.  tihfi  (jUinn 


..V- 


Terfio  nee  eildm  dl  yllo,  quem  f$%iem  Ugefiml 
demQnfirdtnr  centrum  grduitdtis  eiufdem  xji- 
JlrQidishypefUliciMludfrdJcriiiturfrofi^ttio' 

f^tzjdihriqudftiinScholio.    . 

Sludrtomethodudiuidendieiujmodi  :^^roU 
des  in  ddfd  rdtione  fui  trddiderit  ignoro\  ed  td^* 
^  men  non  efi  diUerfd  d  methodo  fimili  f$Hm  dd^ 
mus  in  corolUrio  fUArto  duodecimd,  ^uinto  J^- 
itmd  iertidyfudrto  decimd  ^udrtd ;  tertio  decim 
md  fuintd.Bdc  funt  prdcifud  fUd  nec i>  Fdle^ 
rio  nec  in  CdUdlerio  Iflloue  dlto  fui  mihi  d4 
mdnumijfety  referire  fotut.  HuoddUtemifie  inm 
uenit  O-  demonftrduit  de  grduitdtif  ctntrQ 
mdgnitudinum  fudsiffe  vmfotmucr  diffor- 
mitcr  graucs  ingeniosi  fingit  j  idexnofirts 
frincipiis fdcilUmi  refertdse^  demonftresffofi- 
judm  fuidper  ifids  yoces  fignificet ,  intellexer- 

m. 

prdteredCUmTorriiellius  yirmeo  iudicio  de 
mdthemdtictsoptimi  mtritns  diceretur  inuenif 
fefpdtium  reffiltneum  fuodlihrd  extenttocir" 
€uliyeUipfis,yel  hyperhoUfufpensd .dquiponde^ 
fdtctiiltlet  ftgmento  eorum  5  in  Uuddto  Ulo 
opere  yhi  defolidisfphdrdlihus,demotu ,  de  dim 
menfionepdrdhoUyde  folido  hyperholico^cumdpr 
fendicihus  de  cjcloidee^cochleidgit,  ifittd  noB 
reperi.  Totius  Jitfpicdrer^  culdinumnofirumiftd 
trdSdffein  centrohdrycis  fuissfi  1^^^  ytrumftt 
UiBus  litrumeos  inuicem  contulerit,  infpicere 
d^tytrum  cirtuli  t^eUipfeoscuilihetfigmenm 
to  dfsignetur  reBiUneum  djuiponderdns ;  ndm 
defemimetth  V^fimielUpfi  idfdtts  eoUigo  tx 
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CiudUrtipTefeftttone  i^^f^g.  404.  '\liCuUim 
num  Uuddt ,  eikffue  drrSrina  ytitur  dd  folu- 
tione.m  hntUs frrhlematis y\n  fcroicircnlo  vni- 
forinitcr  grauiccncrum  grauitatis  indagarc. 
,  jyeindeyidendum  eft  num  etidm  dd  hyperlold 
'^udlihet fej^menta  methodus  fertingdt\  denifue 
Attendidehet  fdcilitas  qud  ^terjue  demonftrdt^ 
fedfr^cifui  exejuitur  fudfrohtemdtd,     Hac  ft 
teSeferfenddnturj  non  duhito  quin  dffaredt 
diuerjitds  interyirumfue  iftum  trdBdtum  non 
in  methodo  folumfed  ih  tfjis  ttidminuentis* 
€u»ei  frimi  nsti  tam  elUftici  fuam  hyferho' 
Ueiyque  Oregorius  a  S.  rincentio  yngula  nomi-m 
'ndtyConuerfio  in  cuhum  fuam  trddo  frofojitione 
l^^.&^i^Jihri  jUdrti  yalJe  diuerfd  eftdh  ea^ua 
illeextogitduit  qudntum  ad  modum  inuehiendi 
attinet  namtgo fer fpdtium  4fuifonderdns  rem 
demonftroyille  fine lihra^eade  yero  lihrd  trdFlidT 
tione  ohtimo  cuhu  fdre  cuiihet  eiufmodt  cunei 
frufio  intefcefto  fUnis  qud  codiAa  nomikaui^ 
*   in  ifuinio  lihrofemico^fio  ex  dxefufpenfi  inuem 
•niafafdlleUfifedum  djjuifonderatis^nec  fantun^ 
femie^yti^yfedcuims.ei^^fmftorAhfciJfoincM^fufU'* 
ftifer  yenicemsiiemijue  tonfe^uior  etiamfi  hajis 
^iufmodffrUjHfuerit  hyferhoU  Inafifuerit^atd^ 
hotu  ilUdinfufer  commuta  in  paraUeleflfidum^ 
y^d^axijfJueMio  faralklefifedUm  iju6'd,^quim 
fonderat4uneofecut$donota^4fUJt  inuehtio  ^uam 
frofe  ducAt  Ad  quadraturam  qudfetam.  liifue^ 
jex  cordUdtio.  tertio  Ide^imi  tertid  ,  yki\dicyr 
dindr4ecaihdt  nata  e>  inculnm  ^trfdy^i^ 
jaurof^ra  ifuitdrmrd  oftdtdi,  liquetMj^^ 
dmfliusexifs  ^udfojt  decimdm  tertiam  Uudd* 
iamfefuuntur.   lateor  hic  calculo  me  dthert 


« 


Mod  iiu*dr4iur*s  ftntinnumtr*' ,  |«/fro>e- 
m  jife  «'»*«»'  c»nUmfUndum  mibi   ohtkltrty 
fa'f*s  tft  dtfrthendtrim.    Quihuis   ytro,    i»  poft. 
Ucztntrtftfetxtrctt,  c^  ^rchim.td.umtx4~  qoam 
meLtfrn^it;f«lix4dmodumtfifinonfJimr.  l'b« 
/»  ftf»M//a    /iir*   f.op^fittontm  jefttnum  ^^^,^ 
^<(w  ^rchmedesdtmonfirardtquandofttfpe»^  «xiit 
/«»  Wf  rtmiintum,tgo  txttndo  *d  fuf^tf^  iu*^  Au.or 
!«».«<  ytlmixuexfaiont  contc* ^  reflxh-.  -.«..  m 
«ii>«/  ttiamfolisfefiionitHS  conicis  (emfrebe^  „ig  f^,, 
/i;iW  ©-  -*'/  }»'«<«»?«'  '«-f  »»'^»^  fext,ammt,  litnt , 
/iiri   frofofitio  locum  Wa-,  ^«-«J-M^/a^oJf.c.rcu. 
ii«»«5  #  4dmodugtntr>titm,ffPcdejnonftr4to.  ^^^^ 
/M<io  i«w</»rm  dtttrmindndi  n^ittpondtrMs.,  Jt  indfp£. 
r«ft?»/«o  /itr'«  <*  '>«of«»^<»   tr*ntfttatttr  i»  dentet 
dmit*odcun^tti.mfigrauitiufftnfitx.  duo.^  «^cen- 
Uslihr*fms  ctffiru  jr4uimu  nofitcog^ttu._  g^.^j_ 
LibrAmpUna  mirahiltadinutnitndum  i«//r«-„„.,rn. 

;»«e«w/«»*,  »«i-««.«f«^'»f«/  r»'';i^,2/  lameo. 
i//^  trJtdtrit.Vrof6fitioni  y,gtfitnatertultkrt. 

«,„ieiS  i/i  ytilis.ft,yiyixcfedt  pofitt-.fertlj* 

oftUttur  folid.  hvperbolic,  ^^^'^'^'J^lf^l 
Lndixrorricellii,fropcrt,o  cu  Oj^^ro^^^ 

Zm^urJtLtiufdtm^^^^  . 

lHtriltntr4liuselft  noftriprokitma.^t^ta  tdtfju, 
ft^dUu4muisfiguracoch\c.fcu.^^^^^ 

LnguB.fed  ^U4uisfigur4  «^^''»"'-;.  f j*; 

ttnttum in  axt  cylindrt  haUtrtt.  Libta  4«J«j 
plana,  ,«4«,  excogtt4t*imHs,  adtofcccunium  tft 


inntnxionis prmiifium ,  >#  juit^miin  iertia 
lihfo  Uhoriosiinutnimusex  reterum  methodo, 
iffi  expedite  frimo  fui  yfu  exhitedt  \  in  ^no 
tdntum  diSa  methodo  inferior ,  ^uod  non  de- 
monfiretur^fedfoftuUti  Ucum  tenedt,  fidemjiii 
eoncitidnsex  eo ,  quod  nunfUdm  fit  dcfrehenfi 
fAllere. 

jfedeo  dd  lihra  frincifid  ex  ^utius  O*  ex 

frofafaione  fUdrid  Uhri  judrtipdtetfihyferho* 

Idffdtium  fuod  inter  dfymftotorum  yndm  €>- 

hjferhoUm  ifjkm  in4nfinitum  excurrit fuffenm 

ddtur  y  lihrd  foffensd  ex  centro  dd  ^uod  coum 

fluunt  omnesdidmetri^  foftto  ferfendicuU  ifsd 

udem  djymftoto  ,  determindri  fojfe  reSiilinedm 

figurdm  fUd  iffidfuifondtret.   Hoc  yerofUne 

4dmirdndumeftyndmilUd  ffdtium  in  infinitum 

txtenfum  mdiuseft  fUdeunaueddtafigura  (  ># 

dlihi  oftendimus  )  dc  froinde  eft.grduitdtis  infim 

nitdyfondus  tdmen  d^uifonderdns eftfinitd. 

gx  fuo  conficitur  fpdtium  HUd  nonhdhere 

eentrumgrduitdtis  5  ndmfihdheretySfuifondem 

fdnsforetfuofue  infinitd  grduit^tisy  yndeetiZ 

fdtet^rcbimedefifienterfetiiffefthi  ddri  fUdm 

eunfuefigurdmfrdditdm  effe  centro  grduitdtis^ 

id  efi  fuodcunque  ffdtium  yndijue  termlnis 

toncUfum ,  non  dutemfifdtiumfine  terminis  cx 

yndfdrte  diftufum.  Efi^dliud  mirdhiU  fuod 

ex  noftris  ^jdem  frincipjs  fefuitur  nimirum 

fiftr  eius  ^tneris  dliyuo  Jfdtio  tdUfUdm  hdji 

fojfe  conftrui  folidum  cuncdtum  cuius  dcies  fit 

diSd  dpmftotus ,  C^iffum  effe  dqudU  inuento 

finitojfdtio^  eisho  yidelicet ,  infuferfut  fcntrcf^ 


grauhatis  fojfeejfefrddiium;  ^uod  pUneddmi^ 
rdtione  dignumefi  jfoltdum  yideticet  fnfer  Idfi 
immens4^  exi/fens  effefinitd  mdgnitudinis  \  C^ 
folidumyfUodfigurd  nonfit^  id  efi^  fuodfitnon 
ildupim  yndecunjue  y  fojfe,  tdmen  hdbere  een" 
trumgrduitdtis^  Bdc  omnid  idm  fridem  d  mt 
inuentd&^intrdfldtumde  frineifiis  librd  re^ 
ieiid  ,  commemordreiiiuit  occdfione  demonftrd* 
tionis  fubtilis  fUdm  in  Torritellio  legi  defolid^ 
ijperbolicodcuto* 

Siuidforro  i^  frimo  elementorum  nofirorum 
ffecidle fit^  frofttr  ^uodillum  ediderim  jrefdt 
yt  dicdm  ifldnius  dutem  id  intelUgetihfi  qud'^ 
ddmde  inuentis  Cuualetifprdmifirojs  ergo  trcm 
decim  4b hincferme dunisyulgduitdnds  regU' 
Ids  admodum  yniuerjdles  dd  figurdfS  menfurd^ 
fUdsTorricelliu^s  antefrofofitionem  yndecimdm 
de  quddrdtura  pdfdboU  certo  dffirmdt  mi* 
rum  €(!e  pro  inucntione  compcndiitn]  & 
innumeraquafi  imperfcrut^bilia  Theore-* 
mata,breuibus,  direAis,afiirmatiuifqne  cle- 
moQflrationibusconfirmare  ,  qaod  per  do^ 
ftrinam  Antiquoium  tieii  minime  potcfl« 
Hxc  enim  eft  in  Mathematicis  fpinctis 
via  yere  Rcgia ,  quam  prinrus  omnium 
aperuit&  ad  publicum  bonum  complana^^ 
uit  mirabiUum  inucntorum  Machinator 
QzazXtxxxkS.Eddemnonnihil  concufdd  Guldi^ 
no  noftro  firmius  fiahilire  coUdtus  efi  dnno 

1 647,111  fuinqprioribus  Ex(rcitdtioniiuSyfrd^ 
iifueltero  inedrum  tertia.  Cdterum  edfumfri* 
mdm  feguldm  poetit  inPxercitdtione  frima  fdg^ 


S^nj.his  yerhis  Si  in  doabus  quibufcunquc . 
figuris  planis  etiam  non  in  eadeni  alritudi* 
fie  cxiftentibus  omncs  Itnex  vnius  figurar' 
cuida  (ignatxparailclae  mcnte  dcfcriptibilcs 
&  coUe^iucfumptxfucrint  xquales  omni- 
bus  lincis  altcrius  figurx  cuicunquc  fjgna- 
tx  parallclis  mcntc  dcfcriptibilibus  &  col- 
le^iucfumptis^ctiaipfxfigurx  crunt  3^qua« 
les^Srcpntra,    Tumexndem  reguUm  fmiliur 
dfflicat  filidiscum  omnUfciliiet  fUna  ^nius 
fuerint  d^udlidfUnisalterius  C^c.  Secunhm 
fUdmfAulofiriiiiorem   efe  ^it  frofonit  il>idem 
p^iAn  hunc  modum  (i  in  duabus  quibufcun- 
quefiguns  planisin  iifdcm  parallchs  cofti- 
tutisfingulx  linex  iftis  parallelx  cum  Hn- 
^ulislineis  indirc£tum  cxifteiHibus  collo- 
catXyfuerintxquales^etiam  ipfx  6gurx  cruc 
xqnzlcs.Eidem  fofied  reguUm  afpltcat  folidis^ 
fituti  frimdm.pifiinguit  dutcm  duflicemmodii 
demonfirdndi  dli^uam  frofofitioncmynum  ijuw 
dem  ^ntijuorum  y  c^^t  iffe  lo^uitur  flylo 
Archime4co,fMf  in  ifiis  dhflrufis  c^difficilio'- 
fihusfitfer  reduflionem^yt  dicitur^  dd  imfof 
fihiU^nuilo  dlio  dd  frohdtionem  djfumfto  frd^ 
ier  ed  ^ud  ^rchimedes    dP^  Euclidei  fofiuUre 
/olent:dlttr,um  dutem  I{ecentiorum,  efui  dtjs  df 
fumptisfit  oflcfiue  "V/  U^uHtur:  lUeeft  certif\ 
fimusyideojue  certiludo  ifiius  fer  illn  exflorari 
foUt  dh  eodem  ^utorCyjUddo  id  fotefl^^^tYidere 
tficdpiteyndecimo  i  Exenitdtionts  5.   C^  C  8. 
dtque ^Q^Exercit.^.c^torriceiliuS'  ifiortifrinci-* 
fiprudefeforin  dffedice  de  cyclmde  monet  prin« 
cipia  fcre  cmnia  quib^  ahq uid  per  indiuili- 


kiliuGeonietri$d«nioflratur.a«ffolitSAnti- 

^upru  deni6ftr?itionc  indireaarcduci  poffe. 

ytmtam  it  dxiiu  rtgulisji)i,te»tumfrtfe\r*, 

fmulque  a^etiA  juiditiprimo  lihroftdcifue  in- 

.yiifurim  loHgi  antequa  mthi  net*  ifentftrift* 

CMdtriie^  rorri(tUii:di(ofecundi  rtgulati. 

J>S*rdi  fUnMcompofitds  tx  fellionihus  conitis 

;>firemstffeytrifsima;  ejitnim  ilUiff*  ^uaiti 

frofojittontfrima  lihri  faimi  frohawmui  flylo 

^'(^>taed€6,hoct(iirrtfrJg4liii.:addoftimi 

mthodu  iatus.dtmpfirttionis  l>idtri  fofft  flrSj- 

firri  fffdtm  ftrmi  ytrhis  adfiguras  tx  iltjs  qut. 

bufcunfue  tiniis  c^fofftasyfUdrumgeneratio  te- 

ijof^ftfrit^fecundotandtm  fropojttioni  adfoli-' 
da  traduSi^f  ^„ohis  affumft^  fuifft  tn  yndecimi 
i«*rtt  lilrf.nttlluenim  tfft  fut«,^«i  idnegit  in 
tnfoltdis  ,  f»fij»*m  codffus  fuerit  affirmarein 
M'[ii^.*re  concludo  ftcunda  dia.rt'gttUm  Ca. 
valtrtt  i  nt  4dmittigtntr4littrfumft%,juid,')>t 
mododixi,tradimus  methodum  tam  applicandi 
*dfigt*ras  (Sprththfat  ^dionihus  contcis^o-illis 
ommhus  Itntit  dt  fuihusfuo  medo  ofiUi  pefsint 
,frefof,ttontsftmiits  ifs^uilusfexta  HU  inniti^ 
lur.jfiud  ^eri  dilirettrteneriyelo  ex  explica- 
ttonec^dtmonfiratione  iUu,s  fext^profoftiionis 
MUtatenusconff^ui  continou  coponi  ex  indi- 
«ifibilibu»  mtrif,  acfroindt  ntt  nosadtitittido 
fcundam  tUam  Caualirii  rt^uiam  ^ttid^uam 
fjtttrr  opinionifhiUfophica  ZtnohifiirU  dttn- 
dmfthtlil^usine^ut  tnim  ta  rtgult  approhamus 

"ifi^t^tenusfiyloyittndtmojitatafuitinohis. 

Trtma  -^tri  rtguldacmratius  txflifari  ^  ad 

yentatis  limitts  rtfiringi  dehet,ytjine  fcrupula 

«fprolietiirjdt  ta  tamiitt  'Ifnmtnufronutiamus 


ri 


isienus  tdnfkm  nMs  ffohsfi ,  quAUnui  ftyU 
yetire  fulehur,  Ne^ue  >f ro  exiftimdndum  efi 
ifuoties  inter  duds  fdrMeUt  dud  figur^  itd 
dftdtdfuut  yt  tatdfint  inter  eds^  O  nulU  in^ 
terijcifofsit  fdrdUeUfriorikus  ^ud  dmtds  diflds 
figurds  non  fecet  tfifingulis  fdrdlldis  yniusfi'» 
gurd  rejfondedt  SjUdlis  indliafednon  in  dtre» 
Sum  idCfffs  f  iffds  fgurdseffi  inuicem  d^udUs. 
Nd  eiufimodi  djUdlitdtem  no  refie  colligi  ofien^ 
difoteft  multis  modis-y  quodfi  legitime  collige'» 
returyquddrdtio  circuliforet  dhfiluti»  l^euocdto 
tnim  dnte^culos  fchem*ie  frofofitiomsdecimd 
Mdrtd  liiri  tertifj  exfdrdbold^g  fi  h  m  itdfe 
hdhet  ddfimiUnuUm  c  hmg  >/  ex  ^ocun^ue 
funSo  g^peripherid  i  m  ducdUturgty  gf  dqui^ 
diftdntes  reilis  do^h  dy&*  oecUrrentesfdrdhoU 
h  n in c^  exfdrdhoU  h  i  inf  ipfd  reffdg c  ygf 
fintdftdles^  duodferi  foteft  {n  elltffi\  ergo 
^UdUdo  ^dydh  reSldfuerint  tniticem  dqudles  , 
ixfdrdhoUerit  inter  fdrdlleUsgf  hd:  &'fe^ 
milunuU  inter  reUdsfet  d  ^  %iffid  o  dnuidu* 
fidntes ,  dcfroindi  ixfdfdhoU  f>  femiUnuU 
trunt  in  fdrdlUlis  d^ui  difidntihus  (  ^uod  efi 
ferinde  dc  effe  iu  ijfdem)  €^  fi^g^H^  fiuguU 
reffondehunt  dfUdles  :  ergo  fi  froftered  exfdrd* 
hoU  €^  femiUnuU  fint  d^udes :  cum  trdditd 
fit  methodus  ^Uddrdndl  exfdrdhoUm  ,  notum 
erit  relHlineum^qudte fimiUnuU i  fed  notiim 
ift  etidm  nlHlineum  dfUdlefigurd  comfrehen'' 
fd  reffis  hoyO  e^  C^fdTdhold  hn  c  i  ergo  diffe-^ 
rentid  ifiorumreSilineorum  effet  djudUs  fig^ 
mentoeUiffeoshmg:  qtiMrdti  dutm  cltiffi ^ 


fittlto  negotU  drmhs  ^t$9jM€  jUditdiut. 
^Ergo  yt  trddimus  dll^utm  certum  modum 
Mendifrimd  ilU  reguU ,  fondiur  dUte  ocuUs 
frimumfchemMfrofoJitionisfixtd  frimi  lihri  > 
t^ineo  cojUeretur  dudjigurdyfrimd  ^b  •  mfe^ 
dlterd lckm  fg infifientes foitionihus  dfU^ 
Itlus  d  f  fh  teS*  d  h^in  tdrU  ^eri  ffim^  suftis 
juibufuisfunlHsdO-oiuB»fintiffifm  dfui^ 
iifldtes  dh,e o\in  dlxerd >f ro iffisfefd  dhfcifid 
fint  dfudlesfgyfi,  €^firg,  tiuadfintgk^ 
h  cdfuidifldntes  iffifmifintfta  dudfimuho, 
g  k  dfUdlts  re(td  b  ly  e^  dudfimul  dhyt  cfin$ 
dfUdlfs  eidemhd^  O-  itdcontingdtin  fuihuf^ 
tuufue  dlsfs  fdri  modo  duihis  furdUelis^  I>tco 
fUdmuis  iffd  inter  fefdr^UeUfinguUfiht  ind^ 
fUdtes,totdm tdmenfigurdm  uho^k^tfe^ 
daudUmfigurd  fdtdlklogrummd  eomffeh^»fd 
Uterihusfhj  l  d^&-  dngnUftdJi  ettim  iutel^ 
ligdturmdiorisferj^icuitdtis  cdufifm  effe  fer^ 
fendicuUris  dddh.O- circ^fmfigurudh  mf 
circumuolui  imfonifte  figufdfm  b  i ,  fdrdlU* 
Udh  congruH  fdtdUHd  t hy^  fdrdlleU eofd^ 
tdUeUg k^dud  yeri ti^^gk  »»  fddemfdfdjUU 
g  l  exiftentest^ddfdHes  ofjfofitdsreSdd  h  fo^ 
fitd  dfUdhunt  Hftdm  hd  i  dus   ittm  dh,h  c 
dqudhunt  reBdm  tdndm  *  i^trgo  t^fixt^  iUi 
eoiemfrimi  tihti  klfudes  etuntdudfimulfigU:^ 
fdhmf  d,  m  kc  hffotifigurdftfiilinedcom- 
frthenfdUtefibusfiyhd^^uodtfdtpfobdndum^^ 
trgoifle  collig^ndd  djiudiMis  modus  tjtfrtmd 
ill^  reguU  tfifrohdtus,  t>  >ttt9um  frin^ifps 

ttngruei^s.    <^tjui  hU  tfi  m^dus  fno  nititut 


y 


/ 


fMddrdti^rdtychidisyndm  dudpdr^tUUk  ceH-^ 
ffo  fimicirculi  d^a  difidntcs  inter^dllp  inier. 
ieSld  interfemicirculum  c?-  cycioideH  funt  <<- 
fUdles  ferifberidfmicifjculi :  etg9  fpdtium  in^ 
tlufum  fimicirculo  c^  cycloide  fjtd^udle  rf- 
ffdufulo  comfrebenfofutfimididmetro  ^C^  fub 
reSd  ferifhericdmfemicircuU  dqudnte  5  hoc^  efi 
toti  circulo  tergo  dddito  fiinicinulototumffdf 
tium  inclufum  cycioide ,  didmetr.o  O*  refia  dm^ 
fUdntefimiferifberidm  circuli  efi  triflum  iffius 
femicirculiyfrout  ofiendit  Xorricellius^reEle  mo^ 
nens  demonfirdtionem  qud  frocedit  ex  reguli 
Hldyfojfe  in  hoc  cdfu  reduci  dd  iniireitdm^  fiiU-m 
iet  ^rcbimededm. 

^odfidmtddud  dby  hc  ^dMdrent  reifdm 
hdy  O^dmhd  dud  f^  9  gk  reffdfffgl ,  €>•  itd 
tueniret in dUis ommbus  totdfignrd  dbmchf 
ferinde  o^enderetur  d^udlis  figur^  fn  Idbgy 
ytdfeptun^efi^ 

Demum  ddefi  nobls  dlius  cdfys  in  ^uofdrdl^ 
leld 'ifid^  inuicem  n^Udles  ferturbdto  fuoddm 
erdine  idcent:  reSe  tdnnn  in^feifipur  dqudUtds 
figurdrum  fsr  reduffionem  dd  imjnofsibiie  fiyU 
yeteri  :  dcfroinde  bicetidm\dHd4/er,it  illd  rf- 
guldffimd  Cdud^riikl^dUtem^  cafus  expofitus 
e^demonfitdtus  a  nobisfuit in  de^iimd  fix^a 
librieiu(dePrimi\t>exeo  in  tertij  libri  frofofi-' 
tiono  decimdfttdrtip^fifuetibus  fUduUfigmetd 
fUddrduim^  linedruquds  quddrdtricesdiximus. 
Ex  bis  igiturfdtis^cqnfidt  quid.  in  ilo  libro 
frimofcriffenmus^y-fuoddlibi^obis  non  oc* 
^urreret,  o-  f «0  ftiiio  9ec  fogitdntes  firm^ue'* 


c. 


rlmHs  fi^uUs  iWd^  d»ds  CdUdlerli  ^  Htc  mWum 
iam  eritfortdJfc€Urnos  iffinHinieud^  non  ad^ 
10  ihfalites.  fuerimus :  yfi  enimfumus  mirp 
iUo  pro  inutationc  compcndio  5  incefdmus 
via  illa  Rcgia  ,  ^udmiffis-yeterumdrmisG^    ; 
dpfdutu    nobis  ipfi  peo    hudnte  feeimus  .;  ^ 
infuper  lihrdm  4tm^ifit4t4m  aptifsimum  dd  in" 
uenttonem  infirumentum  adhiiuimus.  Cdterum 
ilUfrima  re^uU  CduMerij  '^tte^o  tutum  non 
exifiimo  in  MU  Cdfu,  quem  ^rchrmedis  rddius 
nondemonfiret  -.^uidytl^erumfitedr  alideiui 
probdtio  a  CdUdlerio   dddufld   frofofitionihut 
frimd,fieundd  O-  tertidExercitdtiohis  friiffs, 
W  nonfdtis  eogit ,   >i  ^  me  non  intelliptuf. 
Itayeto  fentiendi  iffe    CdUdUrius  foteftdtem     ' 
fecijfe  yideiur  dum  fuh  iffum.  txercitationis 
tertidfinemyficdHoquitur  Lefforem  fag.  %4l 
Hae«  ad  inucniendum  plutiaiumvalcrc  ^cl 
ipfc  Quldinus  faflus  cft  K  4*pap.5  J L:    T«l 
autciti  quequc  pcrpcndc  num  &  ad  dcmon-i 
ftrandum  tccipipoffint  5  ncmpe  vcl  fub  ea 
forma  quaa  me  vfurpata  fiicrunt,   vcl  fal? 
tcm  rclatiui  ad  mcthoduro  Archimedeara 
luxta  quam confirmata  (unt.^tjuehtnc  in^ 
tellixes  CduaUrium  ^  dlios  yfos  fuijfe  fecunn 
da  reguli  qud  confi^uter  yerde^  >yelfifrtm^^ 
in  tjs  tantum  cdfthus  in:  quihus  fahilltur  per 
reiuSidntm'  dd  impoflibilc    ;    fi  ^uidem 
yerum   efi    (  i^^  /'^'^'    ^'^*  ferfuadeo  > 
ijihil ,   yif  iffi  ieftdtm  pdg.  toM^xercitdt. 
9.  c.  *8.    adiiuc  falfi;  cx  -tflli   methodo 
orifi  animadueifiim  cflfc^ 

i 


Curjkdm  mihodum  iilutrtt  ifftlUtt  Geor 
fnctriam  indiuifibiliom  fotim  fuim  diuifi* 
bilium  nonfUni  yidto.si  tnim  continuum  tx 
meris  indiuijiinlitus  maibtmdticis  confldrttur, 
rtguU  iUiusfrimd  gtntrdRttr  tft$  ytrd  /ine^ 
ylid  limitdtiom  ;  cum  trgo  rtfirifii  fumi  dt" 
ttdtpft  nonJitfdlJd,e^  itd  rtJlriSd  ofitnddtur^ 
>#  modo  dicttdmus^  ftr  princifidlddtbtmdtico^ 
rum  dntifuorumfUon  tjl cur  Ztnonids  frinci'» 
fiis  ilU  dud  rtguld  ddfcribdntur  \  frdfirtin^ 
€um  fukm  dhborrtdt  dntifud  Gtomtrid  dh  ilto 
€ontinuiconttxtu,^ui  ftr  furd  indiuifibilidjin-m 
f^tur^  fdtis  ftrfftSumJit  txfroltgomnonno^^ 
^roYUm  fdragrdfbo  ftxto. 

Bdcbdhuidddert  ftr  occdjiontm  timoris  ini- 

fio  dfftndicis  ndrtdtii  fufertfi  ytdd  coroUdriH 

fecuMum  Vtgtfimd  oBdUd  lihri  judrti  txfld^ 

Udndum  hdc  ifUd  fofi  cufum  lihrum  Jtfi  mibi 

ohtuUrunt  ddiungdm. 

-  Quando  primarius  axis  in  rccaadarinm 
non  parailelum  eo  mataciir  modo ,  quem 
pntfcripfimus  to  coroUario-fecando  libci^ 
quarti^fi  eittfmodi  motatiofiacperaccefliim 
ad  graue  fufpenfum ,  neceile  eft  vt  qu^  fin* 
gulis  feftionibils  fufpenfi  faftis  ^  plano  pa?- 
ralielo  refpondebunt  magnitudines  fubdu* 
cendar,poffint  fabdaci  ex  fe^ione  in  aequi^ 
ponderante  faft^  occurfa  ciufdcm  parallr* 
li ;  nam  fi  ifta  feAio  fit  minor  ilia  magnitu- 
dtne,  non  reAe  inferretun  graiu^  cuius  fc^i 
Cliones  forent  sequales  diftism$^nitucl|nir 
bus  fi^gul^  fingttlis  I  tflctxcfiflSmqi|o  ^^ 


.Z} 


quipofnlcranf  priniz  fufpenfionis  maius 
forer.  Quando  vero  axes  funt  paralleri ,  id 
non  eft  neceflarium  ,  fed  poceft  etufmocii 
compenfatio  fieri  cx  fe^onibus  fa^is  oc« 
curfu  aliorum  parallelorum  :  iftarenimfe« 
Aiones  cum  in  fuo  (itu  zque  omnes;  diflec 
abaxe,  perinde  eft  quod  magnitudo  qux 
fubducidebct,  ex  hacvel  exilla  feAionc 
(^bducatur  :  at  inaxibus  alijs ,  magnitudo 
fubduccnda  ex  fe^ione  huius  paraileli  fi 
fubdacatur  cx  feAionc  alterius  ,  cum  illa 
non  a^quiliter  diftct  ab  axe,  insqualem 
eciam  ^vviiv  habebit ,  ac  proinde  vis  dcor-i 
fum  trahens  non  erit  xqualis  vtrobique* 

VrdttrtA  inSchili^yhdecimd  fuiniiHlrifii 
finempro  eiufmodi  plana  fint  xqtialia,2/^iti« 
dum  dduerti  ciafmodi  folida  finc  arqua^ 
lia» 


/ 


/ 


PROLEGOMENA 

A  D     C  i  R  G  V  tl 
tetragonifmunik 


/-^ 


i2»«<i  /jrfc  l/ote  figitipteitir, 

yadrarc  circuluni  ThKii^ 

x\or  rirfAymi^ui    nihil  cft 

aliud  quam  vr  aiJt  Archi-* 

medcs  initio  qiiadraturae 

parabolcs  xvit^f)  x^f^^^  ^^f^^  iv^uypdLfjLfXA^ 

iVoK    arculo  4C^»ikl€  retiilineumi  patiH9fi 

inutnirc  \  vel  vt  prcfliiis  SintpHcius 

1.  Phyficorum.  ^rpfctJx^^^iVorTfTfi^/fiirorf  fol.  li^ 

*«ia«i  circnlo  d(fuale  quadratHm  confii-^  «^^V 

icicrr.Quamuisauteni  innumcra?  Anc 

re&ilinca?  figura?  i  quadraraditicrfa^) 

Archimedi  tamen  faris  fuic  definire 

quadrationem  citiculi  inuentioiie  re** 

&ilinei  illi  ^qilalis  yquoniam  iamab 

i^uclidc  cradita    fucrac   mcchod^is 

A 


n£. 


.1 


quadrandiqtlamlibet  fig\it2mtc€tv^ 

linea  >  &  viciffim  quodlibet  quadra- 

tum  in  diuer/x  racioni$  cuiufcunqnc 

^•pp»^-  iv:^ypA[jLiJLov  a?qualcc6ucrcend!i.Libro 

etenini /c.Vtodarisduabusfiguris  rc* 
^iiincisdoccr  merhodum  inncnien- 
di  rcr.tia)ii  rcdiilincam  y  qux  alrcrs 
*    fimilis  {it  j>  aitcri  a^qualisj:  quod  fi  da« 
fee  figura?  non  fucrint amba?  ciufdcm 
generis ,  fcd  vna  duntaxat  carum  rc« 
dilinca,  altcra  curuilinfca  aut  mi:&ra; 
inuenire  rc<^ilincam  illi  (imilem  Sc 
a^qualcm  iHi,  id  crit  curuilincamauc 
mixram  iv^p^i(fir,  vr  ita  dixcrim^ 
hoc  cftinrcdilincam  fcruara  fpari; 
patitatc  commutarc:  &  fi  quident 
curuilinca  fuerit  circuksaut  parii* 
bola ,  rcdiiinca  vcro  quadratum  >id 
crit  circulum  qiiadrare  aut  parabo^ 
lam-,qiiod  poftremum  iam  olim  prs- 
fiirit  Archimedcs  y  nofque  eius  vc* 
ftigijs  infijHcndo. ad  illud  alcecu pra!<> 
fcnri  opcre  progredimur. 

Cserero  iliclibellum  hac  dcre  in- 
fcripiir  ^tmKn  ptSlpmf  circHli  dimenfionem^ 
non  qijod  omniscirculi  dimcnfio  fic  ^ 
eius  tc|ragoaifoius  (  mcnfiir^  enim 


.  - ^       5 

tlrcoliri  j  &  qui^cm  tacUc  eum  nncri- 
tipoffumus)  fcdquiaGcomctrarin  »^"^* 
mienrurriS  capicndiscfonittinnircrad* 
iiibcnc  ccrricuiufdam  modiTc^um 
canonein,  vtquoc  ciufiiiodicanoncs 
^fiucpedaicsi  fiue  ahenus  rationis 
fuerinc)  quadratot  aiitccfam  cubi- 
cos  rcs  cmcnfa  contfncat  5  indagcnt* 
Acquc  haftc  mcnrurandiratio  pcr  li- 
iicas  re^ias  ita  comrntini  faoibihum 
capcui  accommodacacil)VrcLim  iiI4 
ipsa  mcthodoqua  dtculusr^f^^rim 
^eriM  ,  ^aadicatu  iivxxi^e^cei  valcat  iCircu- 
li  cctragonifmus  >  potius  quam  qua- 
ilraci  cyclifinus  in  ore  omnium  Cit. 


I  Ik^^mmmtm 


S.    II. 

jf^Vm  circuli  tctfagoniftiiuSacic» 
^*^fic  abftrufusprima  dccd  quaeftio 
iurcmcrjco  infticaca  olim  fuic>vtrum 
vlUtcnus  ciTct,  anpOtiuUnter  ccn- 
tautos  chinia^rafqutt  locum  habercci 
NaiD  primum  quo(l  dc  vaoquo<[tt< 


4 
ignoco  qu^ijjicur  Aridoceles  aflignac 

'  H^c  porro  quseftio  ica  xao  illius 

concrouerfacxcicic  ^  vc  in  Cachcgo» 

rijs  afrenium^  fufpenciac :  poflquani 

^*.   ^^  cnim  affirmauic  ciufmodi  cccrago* 

'    nifnium  fublaco  tw>f7#  hoccft(  vc 

yulgb  loquimui!  in  Scbola)/oWi^  fi- 

mul  lolli  fcicnciam  ,  quia  ni(i  flc  fci- 

bile  noneilfciencia  iluhiitsitdmen 

fcientia^nonfit  nihil  prohibet  jcibiU  e^t 

i-w/rwTi jf^  im^niJDs  ixlv  lum  qvk  oJtk-  \i.7rm ,  «u7> 

«Tg'  irt^tflh  5J»jt,  -Vf  yj  c/rcnl*  tetfdgonif^ 

mus  cda4t  (ub  lcientUm^  ^Pp^^.  fi^^^^i^ 
nond^m  qwdem  e/i  ,  tpje  tdmen  eji 
quidpidmfcibile.  Inde  aittcm  forcaflc 
cuenic  vc  anceps  iudicaca  cunc  fueric 
pra?reascohcfoucfrfia ,  quod  ij  qui 
IrirnVv  c(fe  demonftrandum  fufcc- 
peranc ,  non  nifi  fallacibus  racioni-» 
bus  vfi  fucrhu,  ficucipoftca  dicc-- 
mus.  Illud  cerce  magis  mirabile  vi*» 
dearur^hocce  dubium  ha^fiffc  in  quo*. 
riandam  animis  eciam  poft  Arch^* 
medis  hac  de  re  inuencum  ^  quo  per 
dcdudiioQqBi  M^  ip  *<rvV*T#f  donon* 


firat  circuli  /patium  cfTc  a^quale  pa*  ^ 
lallclograBimo  rcifiangulo  comprc- 
hchfb  fab  dumetro  &  fob  q^uarci 
partc  linca?  rcd:a?  «^ualis  ipfi  p.eri-i 
mccro  circulU  iftielmodi  aiiccm  de*- 
dudioincocft  pcfica^  cijcd  ca  cfte 
datur  fcqui  «ittWoK?!  fi^ic  effc  malus^ 
fiuc  minus'|  ponacui?  :  vndc  con^ 
cluditur  ^  cum  nequc  maius-  neque 
minus  cffcpoffit;  sequalc  cfTe  debe* 

Simplicius  in  Ariftofelis  pdmuny  foh  15. 
Phyfic€>rum  tcftatur  Arrtmonium  ^^f;*^' 
ptisefceptortfm^fiiiim  mukifm  prdpcn-  Aidm^ 
dlflc:  inidvtdrculi  tctrasoni/mum  ..  , 

4troM7ov,cC!lfcfCf  '^  allOUjllC  W4lfdClTl  pagzi^. 

foi^cnciae  faiffc  iiinuit   f*i  f"^;!-.*^* 

irt  ^fccaftdum    Pdftcriorlim.  ;  Cau^^ 
fi  ;  vero   ^uar  ad    talctti*  Vopinio-* 
nimillasirinipiflk^^Ji^cfci^me^^ft-Si-   ,     , 
(ffltfemicitciuUiirt^ulo  rrtiHus  rcdi-       f  V , 
liflebs  cft  a^qaalis  ,  licct  Amrut  itifi- 
nfci^o  'm4iol*M<^aus  fcilioefS^om^ 
iiMiofetufi  jfecrtafiniiifi  pat*W  '^fhino- 
M;S)'Tiimirfi^Ut4dmncs  j  o»t[*xiElc»*  '^tct- 
mchm  fat^srf?cb«<l3rc/it»  ^e-abci  ^'1'  ^ 
Mus  'vidAiJdikbcf :  quf p;i)tt^uan|^  '  ' 


!'*J,' 


r 
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admific  izxi  ititiirmerat  iitgistas  nk 
^Mincas  ctrcuJo  maiore$  ^^  imuui^W 
ta{(|uc  minoxcs»:(|uae^  c^men  a^qua-^^ 
\is  ip fi  (it^poflibile  ncgct  cifc  \  pxxcin, 
.pae  cum  {icuci  angulus  tc(^iUacus. 
6i  mJxcus  iUe  y  ita  ciia,  figura  rcdlili 
ncaj.5(curttiliaca  (iac  diueidgcaeris». 
&vt  Grjtci  loquuntiirhkeicragci>ca5^ 
iliudquc  «iFacum  ybi  tfi  maius  &  mi-. 
9»s  y  ibi  ttiam^  tfl  dqudlfi  llOQ  llC   Y^>-5 

rum  ni(t  in  homogcneis  y  8c  quj»; 
eiufdem  iant  gencris; 

Verum  Archimcdis  denionftratia 

nititur  tancum  principiis  omniu|iv 

caafeanj  p^robariis  :  primuim   etiini 

illud  mm  po(kaUmtti  y  ir^d^quMfim 

^dtiorum  YJ^etfpss.  quo  mam  fup^eraf 

minus '^fifri ft^ffe X  yt  ftbi ipfi t^4cerus^ 

tuf  quMhe^t  pr<ifofit^um,\definitumque* 

fpatinm  ^excedst  aflTumujit   proppiv. 

fi.duo*  ^i^^nes  duodccimi.Goclidisomnittfii: 

so.aaa.  nobihfl^ma»  8c  pulchc(irim%  quij^^^si 

oftendJtiir<;irculQS  iot$Cr  fcprappj|?i 

rioncip  habcrc  dup.t^m.i^iametxaiPMs; 

fph4?ra(qttc  triplam  axt^m ;  amncmb 

ip.duod.  pr«eterca  c(»iumtcrtjam,parccm  effisk 

Tpiu"^'  fylindri  candcm  ipfibafim  habeftw. 


7 
&altitudftttfrh  -,  &  omwfto  pyrami- 

dcm  terciam  partempnrmatis^quod 

eaaciem  bafim  babcat  pyramidi  ^ 

atqdalem  aiUittidiftem.  Qna^; omnia 

non  minvts  ccrifa  (nnt  habita,  quam' 

ff  abfque  eiu(iiibdi  prindi^io  fuiflenc 

demonftrata ,  y t  rccSt^  motrct  ideitif 

Archimcdes  ifi  libcUo  dc  qfcia^raca- 

ti  paifabola^y  vbi  iti  hiiiu!^  tatlfirma-f 

tionem  aildft  (uaetlamrcriptaquai 

ihuis  eod^m  fulta  fundatnento  pc« 

rindc  itidtotiitata    ofUmButs  fuilT^; 

Verba  «itisvt  in^jtione  Hetuagia-^ 

na  extantc^ent  cmendatibhb,  &  ita 

legi  debcnt   prbdt  leginb^vidctui^ 

prior  interpres  lacob&i.Cfemoheri^ 

fis ;  poftctft>ifeitr  cnito  Cothmandi^ 

num  in  abruptam  fentcntiiam  inda« 

Xerunt.  •>>'eft^'w/i4l8<My</  rSf  ^fUifilijAvtif 

7ot;  xii/Kfu^^r  i:in^hiy}Akfmf  '^^i^Kifm  «fp^ 
3i'/i  if  rAf^4i^^id0  riti^  toiyifl(dU*yfiif6¥  9 

iAie^4fnMU$k''^M  r^iw  mt^l^tffMlr^ 

fmjfe^ufHtatfd^iijH^fiftf  ^iifimdlfi^it- 

hto  iifkBfififMit^4^  .^fifM^fU^ifi^t  ^ 

fi^fionc  excefufiitit',^i^  e»  eiufiet^Ji:^ 


•'  ^ 


f- 


M.i 


a 

J"^  'i?C«'»  iyrprpAt  ift^^raderiiucisi 

pjgf^fii  r!;ript6.i..|)<^pl#t .  ver^^ 
fibi  dvi  J^  vpcCtoap ;  YCrl^c  paiil^^ 
fupcrius  cociojcpiopvi^d  .guainufe, 

^ecitc!  $ideri(;.,^4co  clarutt  efliho.cccow?»/^ 
«imcs.  Yt  ottllui,  vnquapitcAc  Eiffacio  ,11^ 
,lud  in.dj|biumrcU(>jC^{rc;,^ucrtocst 
^'"«'^  Jft^a  lii-  ffoft^r,  yiktur  hac 
4cro  :4ubr|iwe:  duro^at^^jj,  nylljani- 
«l^  vcfg^^|,^^tia%jip^4et«  l^njij^ 
tCf^Ain,  ^prrc^larct^  jpcttiusau^S 
7^  'Phy£,2f&cm3it^<juUi^sMe  eji 
4e  tfM^ntitatikus  tjft.4^ifi^s.ffift.xe£ias. 

fie^^cumtfii*.  fi>iJup^iift<m)$^Mr  ;  idi- 

p&m  iiKi»Ic4t  io,imciifc.S«d4«t  failf 

^Uni*«A;iAiiin.  Aat^etn::*.  aaft 

aceiida»  .eft  iii  l^iMaium  ionk 

1»  ^cui  li«c  cur«:ini$(icum  ToniiV 


com'- 
ment. 

♦'• 

tom. 
neat. 


9 
Tion  ita  poftmt  compotii,  vt  fibifi* 

inul  congruanCj  &  comnuincm  ha-» 

{]^cant  partem/idcamcnnon  obftat 

quo  minus    eupaa<  pofHt  int^hgi, 

Coaptari  re<^^^  non  folVtm  quia  cur* 

ua  eadem  dimea^onc  fccuat^potcft 

indifcfium  Qc6tiy&c  rc<Sta  in  cuf-^ 

U^m  y  vcrum  ttimi  ^\>h  durtt^  ciiv* 

culus  pcr  plannm  valui  concipit^r,^ 

rcd^e  curua  fucccffii  teniporis;^  ca^ 

«tcnditurt 

RatiiS^  ]ta<)ue  c^r  peYipheria^qcitciil 

!i  aftcriue  curu^lin^^  poflltire(!iai»^ 

qualis  dari,c{^ »  qiiia  mcntc  fdhciA 

«ipT^y^/iuccutuatMra  ita  fcpartri^po^ 

teft- *b  ipsA  j,  vtmagnitudo  tn:^  iib^nv 

i  gum  dUtntaKar  extcnfa  rclinquatitr^ 

ca)c|«tei^^icn{iotn  tationc  longicu- 

^mis^^jiiiiaria^ai^mtttftatft  •  Hdc:^  fibi' 

wkMut0Ci\i%  JdQDfla'*  prtm^m  di- 

iiii^^imii¥  circtiUp^eif^6iici0nem:i(a 


.i 


to 

Tcvfttvor  quaf  quiaficis  obfcuri  con- 

ucrfi  fusc  j  ica  reddo  €irculi  fcri^hc- 

ria  ifl  5  "Vf  amntbus  aftrtnm  rtor^  ma:* 

^mtiUos  tdqne  ynam  unti^m  dtmtnfio^ 

ncnfhAbens^ntmft  tonfftndintm  folami 

4tqmrt£t4  linta  tfl  tattnus  tiufdtmra^ 

tionis  t^  fftciti  l  lictt  iptur  nondum 

Ifllus  ftotuerittradere  mtthodum^com» 

faran^i  rtSam  kqualtmcircuiipcrimt^ 

tro ',  aitamen  alifMr»  cffc  illi  naturx  ^  ^ 

,       qualtmiuTe  afttimo  emnts  citra  yUum 

tcxti^ '  dubiumcor^enftrei:^^^^  igrtur  <jiriju- 

^*-  lare  &  rc^um  dicanrur  cflc  ab  Ari- 
ilocclc  fpccie  4iacrf4>  id  aoxt  gb- 
ftac  *  qtipminus  finc  magaUiKitQ^s 
eiu^cm  illius  (p^iciicflo  monaT 
tomf  y  cui  cft  ptoprium  vc  <{:ii« 
|ub  ipsa  coQtiQcnciir  jeqtMiia  jfinr  ^ 
Vci  addicione  auc  dctia<5Uoiie  nch* 
pofilnt.  At  vcrorangulus  conta^Stiis 

;  (jqfuc  mt^m^  app«ll5t,&quo  angu^ 
ksceflasrupcfaran^itlu  (cmiciriiiifi 
it^m  ab I Eaclide  ioitio  iibti^r^if 
mi  ^cfki.  li. )  8i  rc^ilincu«  Idxo  tnm 
funtillius  ciafclcm. (pcct^i  9  qu6d  & 
ab  angulo  cotitaftus  %jirad  lAc^liiy 


MS  lintx  ipfum  cSprchcnd^tis  t&ifH* 
W<^  &  laco  illius  fubilicut  rc<3;^i(udi-<iL 
netn^han  rdinqttitur  eadcm  anguli 
magnicudo  vcdcmonftratur  in  ^le*' 
mencofum  ecctiovErgo  cum  cajcm 
anguhmag^ittildananpQific  rcma^ 
nccc  fi  cuf Ua  anigulum  compr^cn^; 
dens  dirigatar  in  rci^am  ,  fcd  rcm* 
per  ^at  maiisu:^^  ro6b^  didtur  c^uruUU 
ncum:  &  rediiincuni^  angulps  fioa 
polfe  coaptari;  Qequee(rep«r^acc{4f 

dcrts  quacuExx?td{ip&cum>^H^^icfi'^ 
t:t9i  fpe(3iat  ) ;  tj^ti^  vnut   Cd^iiy 

liacufry  aitcn;  iUvcflrlineus  5*#Dut$%A 
pccaccid^ns^qiwuKWsiad  a^dfiliira^ 
im  curita;  Se?Q^3  at$i»ei  jt^  ^l^io^ 
curua^  .vcrtedieriexiiftanc.  XUud^|>o%i 

^fif^temqmxiiw^^yi  ram  i^i^^i»^^ 
Y<lrunk:oniEdneat  yrnobistamdni  iti 
KstfpfxtixomM p r uecc^rarium  ttan 
mi  i  icd  iftud  nW^04i&i«| .  f^mruim 

4*^^  Yfia  cum   ArchrmedeJs^^^^lJbfife 


■\ 


ad  huncdicmcontraciixitjnfique  vc« 
ro  ijspi^pbabilkcrrepugnafri  poreft^ 
it  tncmftranras  inii^lo  quen^  hac 
ititc  conrfciip  tutn'  htibrnv^s.     . 
f 'Qaodfi  qu3e,ras^cutf « iftudfine  jpr«u 
badonc  fuaiaty  curn'  (iiraHs  p^riipbfi- 
tio^g  falfa  indijviliiiMgHlor^l^^irtfp^ 
fno.  jnMYJuferM.  mimrwf  ^  fethpdtefi 
'Wifibiiffi  cdacerMhujQMmhheitfk^dpif'^^ 
ftfum  definitum(p$ti:mgulHm  exc^Aat  f 
tifspcffm  euimqvio  an^goia»- re&uis 
iitperai  jana^luni:  i;bbrciitu  fqb  adlia^ 
tx)^&%&:  fub  .pd^t^^riia-tad  '^tf«a4 
^Htofj  tl^nucQichtibuKi  ^in^omui^ 
£i^  tpii^  (liuiiidiqn^ 
<jbi4f£  qtlcmQis  aogy  un^rCiftiUli  mm 
pct^ofitUm.adpQoniiaQLficuc  ^uifi^ 
<A(.i}c4tfii^  anguIk^iCiirttiHneiMMkiil 

Pfij^p^:  itjiibcuhiqusarciftilksco  >  :\«*i* 
f f|iQi|jiiri ;  V  t'  quam^ir  muitocics  iGbi 

i^^  aditia6i2us >  nisnqaam  iCO  rnjqnq 

«6<!cfca|j  ^ jptiktuii^^elgdli^^    iti^ 

gftlurBvilipercr^  iiVc»  «rmi»b|;ii» 

49jQpf«heiifione  ^cuic^Mcire  hikthm, 

i^fUtmn  fp^timp$.fif^Hfwnfk9'^lM^ 

HfkifiUti^Hry  quin  jfe/mi  ijs/Sw  conri^ 

^H¥^^rajl4rta  da6t/imili9i(:mz^. 


I 

I 


gn9  an  parua  Hc  >  niliii   refect  >  ac 

fromdeqiinntotiesinlfnu  confcrri  fof^ 
fit^yt  qumuUs  daramfi^Hr^m  excedsp. 
Clarum  eccnim  cft  figuram  iiueriui 
dejfcripcam^cum  iimilis  fic  dacas^poi» 
/ccories  fibiiplt  accumulari^  vtaccr- 
uus  dacam  fuperct :  ergo  fiparspo- 
•tcft  icaaugcri,muh6magis  14  po- 
tcrit  cocum  ipfum  cuiuscltpars.  £n 
quo  inicio  vclucigradu  primo  ad  cS 
iongepojdca  pcrucniacur.  Q^uod  {i 
principia  non  ccnccflcris  ^  Machc- 
macicuscligicum  progrcdi  non  po- 
teft,  vt  ait  Tullius; ;  fcd  qu^enam  alig 
difciplina  id  poccft  ?  Zimara  ance 
•  laudatus  conccdit  q^uadracione  cir-  ^aoxl^ 
culi  cflc  machcmacicc  pbflibilcm,  »•! 
phyficc  tamcn  poffibilcm  ncgatjquo 
dii^o  quid  fibi  vclit  non  facis  pcrc> 
pio^.  vei  fi  mcntcm  eiiis  aiTcquor, 
falfuni  cnunciat,  r 

Quamuis  circuli  tctragonifmus  fir 
pwru  po/iibihs  >  aa  tamen  etia  iir  "^fo^ 
»f*5f,hoc  cftj  an  poft  Ada?  lapfum  san. 
homo  cius  fcienciam  abfquc  fpc*  ^®*"-  *- 
ciali diuinae  gratia:  auxilio  polTit  c6^  l. k^cT/ 

paracciurc  meritQ  Inquirunc  Theo'-  °-^* 


logi,  ptortUrttrarttqut  hanc  vedtall 
lani4  cffc  caligint  inuolutam^  vt  il^ 
laiM  viidctc  ticmo  poiOfit  nifi  ignoi 

'ranti^  ex  primi  patcniis  pra^uarica^ 
cionepropagata&tcnebrasindebitus 
diuinx  luciis  radiwdjflipct  \  quod 

■  vcrijffimum  cflc  fentio  ^  quare  net 

niihicxifto  opcre  jnifiquid  pecca* 

lum  eft^isirrogo  quicquam  mcmor 

fcrm.  if .  illius  Bcrnardi  fcntchtias  quis  crcddt 

fari^tl  ^fife  dicatpmmn  udium  ijnjf 

/0fcipitperfcj9e/trami 


»  ■ 

^upUx  conjiciendi  aliouius  frohle9K4tii 

r4ti^expHc4tur  MMt^hemMtica  ^ 
MechdnicA^ 

S    1«. 

p  Roblcmatis  2  theorcmateclifcrL 
•*•  mcn  in  eo  pofitum  cffc,  quod 
problema  aliquid  faciendai^  pro« 
ponat  s  theorema  «utem  in  nud^  vc-« 
ritatis  contemplatione  confiftat^nc*^ 
runtomnes,  Hitc  porro  con(e« 
quens  St  vc   prableoiatk    folti'' 


15 
lioni  propria  (it«t«7*^««wl  conflrn£li& 

quazdam ,  qua  poiica  id  oftei^ditur 

pcra^um  cffc  quod  propodtum  fuc» 

rac>vndc  fub  fincm  problcmacum 

claufula  folchnis  addicur  quod  /4- 

tienduf»  erat  8iwf  ^^J^  tow^^i  vcl  tm^ 
•fouii7o  cuffTv*,  ^iiaif  trdt  dtmonjhrdn^ 
(/i^;^/ 2/v€f  «Vei /fT|<u    vcl    JiluKlAi  «f«Ti2 

vfvrAivU ,  auc  fimili  alia  vcrbortm 
forma. 

Pro  duplici  gencrc  in{lrumencor& 
quibusciu(ccmodiconftrudiopcra.  ^) 
gi  poccft  j  duplcx  pociilimum  con.  \ 
fiirgit  racio  conficicndi  problcma* 
risy  vna  dicicurmathcmacica^alccra 
mcchanica  %  illa  magni^  Sc  quidcm 
mcrico  pcndicur ,  idcoquc  &  nomi* 
nc  ipiius  difciplia^  nobiliflln' ae  par- 
dccps  fit  *,  ifla  long^  infcrior  vcluci 
hoc  nominc  indigna  i  machinis 
quas  operofius  adhibct^mechanica 
dicicur^qua  dcindevocc  illibcralcs 
aocara?  func  ancs. 

Machcmaticaconflru^lioncm  rp« 
nm  abfblu  ic  folo  rc6arum  &  circu* 
lorum  d v^u  » id  cfl  foU  circini  &  rc^ 
gulasopcy  ,quae  eypcdicifnnia  >  nc. 


* 

ccfTaria  rahien  funt  Mathcfeos  af^ 
nia.  Mcchanica  non  ira  fimplcx  m-* 
(laimciui  gcnus  adhiberjfed  machi-^ 
nulas  quafdam  prius  excogiraras  cx*^ 
iruir ,  quarum  dcinde  pra^fidio  con-» 
ftrudionem  problcmatis  molirur^ 
Ica  ccicbre  illud  problema  quod 
iubcr  inuemrc  duas  mcdiaspropofj* 
cionul^s  iiitcr  dua3  daras  rc6l:a$  c)c 
antiquis  confcccrunr  plurcs  ^mini* 
ficrio  quarundatn  machinularum 
quasdefcriptascernimus  apud  Eu* 
rocium  in  fecundum  Archime.disj 
librum  de  fplia?ra  &-cylindro  Jdi- 
pfumcodcm  fucccffu  rcntatum  cft^ 
vrconficcrctur^nptum  illudproblc^ 
ma.  quo  iniungirur  diuifio  cuiufui^ 
anguii  redilinei  in  rrcs  aequaicspar^ 
ces  3  dc  quo  Proclus  in  nonam  prou 
poiiclouem  libriprimi  Euclidis>  Sc 
alij. 

PIus  differuntidii  duomodiquani 
primo  corum  afpedu  iudicctur.No 
cnim  hoc  canrum  pra^fcredus  cA  iU 
le,  quod  fimpliclori  inftrumcncorumt 
appararujacproinde  cxpediciusrcm 
propoficam  excquatur^  vcrum  eciam 

quoniani  ■ 


qiia?  fblius  regula?  &  circini  adia-' 
fticnto  prasftanfur  5  ca  cx  conftru- 
dionisipfius  ratione  per  calculos 
arithmeticos  fuppucantur^  atqueyc 
Crajci  Artifices  loquuntur  i^i^&yL 
^•vl<a.  Qxxd^  fcsquanti iSt  ad vita?  po- 
liticf  commbdaniomenti  no  igno- 
ranc  qui  medibcrittr  in  iftisverfati 
funt*  NiAenirn  mathernatic^diuiic* 
^  risanfi:uium  quemuisin  tres  &quin- 
quc  partcs  aeqtiales^tabuIae^^WgiKWSy 
Vtolcmzicas ^  (^msfmuum  tan^entium 
&fe€ahtium  in  meliorem  reda^fts 
modflfn  appellamus;  quibuscare^rp 
Aftronomica  nonpoirunt^imperfe*^ 
<S:ae  rcflabuhcquamuis  id  mechaiiici^ 
perficias.Nificciain  inter  duasredas 
dacas  tiiathematic^racionedaas  me^ 
dias  ihueneris  (  quamuis  mechani^ 
kc  id  aiTcquaris  )  inter  duos  tameii 
humeros  dacos  ,  duos  aiios  medios 
muenire  arce  epiiogifticii  non  pote* 
l:is ,  nec  proinde  numeris  djefinire 
j^ropbrcioneixi  quaiii  debec  habere 
{diamecer  vafis  iphaeriCi  iid  diametiii 
alterius  vafis  icem  fphf  cici!»fcd  duplb 
MCijaottiSRiib.CXC^tipibpb      cal 


V 


it  . 

paciof  is.Sumpfimus  autem  cxcitopli 
f ausii  vas  fpba?ricum  jidcmnamquc 
^icipotuicdc  duobus  jlblidis  qua* 
cunq^ucaliaVmufmodi  forma  pr.rS 
ditis.  \^^  res  admtnfuras  liquido^ 
rum  ncc  tion  aridorum  rcdic  co^ 
gnofccndas  &  tradlandas  pcrncccf. 
faria  cfl ,  vc  ci^  Villa  pandi  intcr  c^« 
tcros  apparatu  fatis  conftac  ^  cuius 
autcm  (ic  vcilitatis  in  architc£i:ura  ad 
hocvc  fcruata  columnarbm  auc  a* 
lioriim  id  gcnus  cadcmformi,  mo- 
iis&pondciis  diuerficas  folo  cala- 
mo  innotcfcat  a^dificij  vniuer&rti 
ftrufturam  partiumquc  fymmccriam 

mcditanti,;£upcruacancum  cft  di- 
ccre^  ^ 

Huc  rcfcro  quod  Plutarchas  Ta 
Marccllivita  problcmainjn^imi  ni- 
fi  mcchaniccfolutum  appcllat^pj'©^ 
ijuia  niipirum  nondumrationcs  )iu- 
mericas  cxhibct,  nccproptcrca  po- 
teO:  WiKcyi^i^Ai : ^  Conttario  aiM^m 
mathcmaticam   folutioncna-^  vocat 

hoyiKiv  ^  ^fttyfMlmv  JLTroSttlif  ,    quod 

cpilogifmum  &  nimicrorum  ratio- 

cinia  fccum^trahat.  Vndcaitelliges 


1 


Tf 

cur  PJato  adco  infehfus  eodcm  tcftc 
cxticcrit  Eudo^o ,  &  Archyt»  roa* 
chinularum  iftiufniodi  inucQtort* 
bus  i  ciraUit  cnim  vir  fapic^s  ne  his 
contchti  poftcri  alcibrctn  >  nobilio- 
tcni  ^longiufquc  rcmotam  a  matc^ 
tias  faecc  (olutioncm  inqiiircrc  prae 
laboris  taedio  dcififfcrcnt.    . 

Hinc  prastcrca  aj^rcum  cft  cixx  Ni« 
comedcs  apud  Eutdciuni  propcfi- 
tums  inftrumcncl  fabriijam  quo  co- 
choidcm  hhcam  ccrto  du(5l;u  dc(cri-> 
bas  >  &  pcr  cam  duasmedias  inue* 
nire  pui£s;Budoxiinucnris  infuhct 

fiffifroir^  rdhquam  dejiitutis  idonex  ai 

ifcofum  uitmgtndum  hiAchinii^nec noh 

yacuis  ficcefjii  ^eometrico»  Q^uamui^ 

tnitA  EuAoxL\s  machinam,  quath 

ibideth  dcfcribit  Eutocitjs  ^  inucnc'- 

rit ;  qui'2  catticit  nuWi  bcrta  ratione 

pcrillarn  inucniujntur  du^  mcdiar, 

fcdfkpiiucentando  dpnec  rcsopta-* 

tis  cohgrtfac  ^  ideo  hxic  opcUtio 

nemccbahica  quidcindici  metetur; 

Quscrtimpropri^  mechanica  bft^ 

i^cnamiliicluiufc  inaetice  viuta  pr|£. 


i 


/ 


to 

Teu^tvop»  quas  quiaiicls  obfcttf  i  con- 

ucrfk  fu-jc  j  ita  reddo  ^irculi  ^erifhe- 
ria  $ft  5  yt  ommhus  aftrtum  rtoTy  ma^ 
^mtuio;  edqut  ynam  tantum  dtmtnfio^ 
nem  hahtns^ntmfti  longiitudintm  foloifn 
atquirtSls  linta  tfi  tatenus  tiufdtm  ra^ 
tionis  c^  fftciti :  Uctt  iptur  nondum 
yllus  fiotutrit  tradtre  mtthodum^com'- 
farandi  reQam  iequalemcirculiperimc  ^ 
tro  •  aitamen  aUqu^m  tjfe  illi  naturx  «  ^ 
qualtm  iure  a^timo  omnts  citra  yllum 
tcxuT '  dubiumconftn/irti  Qvkod  igkur  qirqu- 
^«.  larc  &  rcAuiix 4ic4atur  cflc  ab  Ari- 
Hoccle  fpccie  4iacrfa>  id  non  ob- 
ftac>  ^iipmitias  jiac  magfiicudincs 
eiu(<}cm  illius  (pcciciicflo  Qonat 
tomf  >  cui  cft  praprium  vc  <jttae 
fiib  ipsa  comiQCQtur  a^qoalift  Gnt  ^ 
Vc!  addicione  auc  dctni^oiie  ncd 
pofl^nt.  Ac  verorMgulus  contadtis 
;  (^ue  mf^tlotiJti  app«Uit>&qao  arigu^ 
kis  tei3:as  fupcf aran^ulu  (cmiciriiiifi 
4i:finit1  ab  ^  Efictide  Mitio  libci  pr  «jf 
mi  dcfin.  i8« ;)  ft  re)ftitmett«  ideo  noit 
funt  iliius  eia^em.  Ipectet )  qu5d  & 
ab  angUlo  comaftiss  ie^  jican -liitisttiy 


gx$  Imtx  ipfUm  cdprchendc^tis  xMp7i« 
%7^.  Sc  laco  illius  fubAitui  rciS^^icudi-it 

nem^nonrdinqiiicur  cadcm  anguii 
fnagnitudo  vLdemoaftratur  in  ^le-* 
mtnroxum  certio.  Brgo  cum  cadlem 
anguhmag«ittudanoapQiru  rema^ 
ncrc  ii  curiia  anigulum  <:ampr^en« 
dcns  dirigarur\in  re<^am  ,  fci  fein* 
pcr  ^ar  maiw^^  rc^e  dicitur  curuili-* 
ncum.  Sc  re<^iUiictms  angulos  noa 
pouc  coapiari;  QQqueeiicpasracci^' 
dcns  qua€mn;abikipfi»:um  a^ii^alic{i4 
t:oifpedlac^;t^updi  vnui  tHfttiiy 
lincut>  alrcHT  ik4ci£iriineus  ylfkulit^A 
pccaccidjcnsiqmdcwad  2^%\kz^ 
tCB^.curiiap  8e.te^2D  attineii  q^iod 
curua^  yeriCidk^  cxiftanc,  li4ud<^po«! 

«^if/r»quaitiursvYt  iam  ^i^Cftfitti^ 
Ircrunicontinre^  y ijnabisiam^n  iii 
t&nri.co^priicccirariuTH  tion 
ic  i  ied  2  ft  u  d  •  iM^4$d^m, .  f^nmru^ 

fmeftt  '^^t  fihiiffk  t^Ac^ft^Atm  tjdi^fitt* 
frh^fitum  dijm^itmf^  fp4$im't^^^ 
4i^<3  vna  cum   ■Archrme4eJS'»^lJb<'a^ 


i 


A 


ad  huncdicmcontradixitjneqoc  ve* 
ro  ijspi;pbabilkcrfepugnari  pote&y 
vc  rnonftramtts  in  iit^tiio  qitcmhac 
ittt  cdttfciip  tuta  htibrmtis* 
r  .<Jiiddfi  qiiae,ras?cui:i » iftu-d  fmt^pttu 
ba.tione  fumat»  cum  fimilis  ftdpi^fi^ 
tioa(i(  falfa  inMijuidli^MgHlorilx^tfefpa 
f^R  Mdlt>r[uperdt  mindr^»f  3  feti"^  pctep 
't^lfibiipp  cdacerMhujanemlibetfk^op^^^ 
Jit^m  icfinitiim(p$t,:iBd^dum  rxoeAat  ^- 
e^rcflTws  cDtm  J  qao  girgiilBj  rrcftuiC, 
iopchtt  jam^tuni:  ^bbreutu  -fqb  ^i  a^ 
i0^firA&  fub  pdrqx^i-^-^ad  c^Ma^ 

^fl^^j^  qticmois  asgTulnnircAihliDWiW 
p»^0fit:jiIm.:R£fpx>n!deiDLficm  ^um^ 
^iiAK^i  angulkmidiniiiineinw^ii^ 
P^fi^lt^  icjiibcuhqiiicaraftilksco  >A^ 
qf^(»%fic  V  c  quanviisr  mukooicsr  tfibf 
ifi^  ad4ua6i:us>  nisnqmm  ico  nvfqite; 
««cfcat, » f  tdUtumTcia^ilin^w  abii 
g«tum,iupcrcr,-  it4^cxtcrmimiri?«p 
<9it)pf«he^^fionc  ^euJdfeMiCfre  »tiih^ 

^fmMMury  quin^tr^.iftfmn  sonti^ 


gna  an  p^rua  fii  y  nihil  irfcct  J  rfc 

fmnde^mn  totiesin  l/nu  conferri  fof»  ■ 
fit^yt  aumulMs  dAtAmfiiurtu»  excednp, 
Clarumetcnim  cftfiguram  intcriui 
deicripcam.cum  fimilis  fit  tUt«,poi: 
fc  torics  fibi  ipli  accumulari,  vtaccr- 
uu$  datam  ruperet ;  crgo  fi  p ars  po- 

Kft  itaaugcri,nmli6magisi4  po- 
icrit  totum  ipfum  cuiuseltpars.  En 

quo  initio  vclutigradu  primo  ad  ti 
longe  pofita  pcrucniatur.  C^uod  fi 
principia  non  conccflcris  ,  Mache- 
maticus  digitum  progrcdi  oon  po- 
teft,  vt  ait  Tullius ;  fcd  qii«nam  ali^ 
difcipiina  id  poceft .?  Zimara  ante 
•  laudatus  concedit  «luadfaiioae  cir-  "'*'^" 
culi  cflc  mathcmaticc   pofllbilcm,  »":*'* 
phyfice  tamcn  poflibilcm  ncgatjquo 
di^ao  qujd  fibi  vcht  non  fatis  pcrc> 
pioi  vel  fi  mcntcm  eins  afl^cquor, 
falfum  enuntiat,  g- 

Quamais  circuh'  tctragonifm  us  dc 
fhi  poflibilis ,  an  tamen  etia  fit  'rfis     . 
•(A,hoc  eft,  an  poft  Ad«  Janf«m  su» 
iiomo  cius  fcientjam  abfque  ipe.  »«•».  «♦ 
calidiuinsBgratia:auxiIio  poflltcS-  f'^;**- 
f^ratciui;*  mcnto  inquirunc  Theo-  n.V* 


^4       '  .    .  i 

logijptortUrttbrttqufchahc  vcriMtl 

lani^  cflc  caligint  iQuoIutam>  vt  il*  ; 

iata  vidcrc  ncmo  poiSit  niifi  igno* 

rantif  cx  prin>i  patcntis  praeuarica^ 

tionc  propagaca&tcncbras  indcbicus 

diuinas  lucis  radim'dii!ipct  s  quod 

■  vcriffimum  cflc  fcncio  ^  quarc  ncc 

mi^hicxifto  opcrc  jniHquid  pccca^» 

tum  cft,  arrogo  quicquam  mcmor 

fcrm.  iJ.  iilius  Bcrnardi  fcnccntia*  quis  crcAdt 

**"*  farittl  ^fifedicatpmuririrddmm  quJi 

fBfcifirfnfcncJtrdmi 


<tf.,-  r     I  **i 


^uplix  conficlcndi  aliouius  frehlcmatit 

r4ti$  cxplicdtur  Mdthcmnticd  tj^ 

M^chdnica^ 

S    Itt. 

p  Roblcmatis  2  thcorcmatifrdifcrL 
-*  mcn  in  co  poJitum  cffc,  quod 
problcma  aliquid  facicndohi  pro« 
pbnat ;  thcorcma  <utcm  in  nudi^  vc*» 
ritatis  contcmplationc  confiftat>no<» 
runtomncs,  Hiac  porro  conlc^' 
qucns  fic  vc   probicaiatss    folo^ 


^5 

lioni  propria  fi t im»7*'««wJ  conJirn6ii& 

ijuasdam »  qua  poHca  id  ofteitdhur 
pcradiim  cffc  quod  propofitum  fuc» 
lac^vndc  fub  fincm  probicmacum 
daufula  folciinis  additur  quod  /4- 

dendum  erat  S«i?  «''Ai  iro/w^iu  vcl  f-wf 
mfoUulo  cuffTv*,  ^f«a</  rr^r  demanJhrM'- 
di^fr,tv%f%iuiii^M   vcl    JiluKlAi  «/«tJ 

vfm$ivl^^  auc  iimili  aiia  vcrbortm 
forma. 

Pro  duplici  generc  inftrumcncor& 
quibus  ciufccmodi  conftrudio  pcra.  i^) 
|i  poccft  j  duplcx  pociilimum  con«  ^ 
uirgir  racio  conficiendi  problcma* 
risy  vna  dicicur  mathcmacica^alccra 
Qicchanica  \  illamagni^  6c  quidcm 
mcricopcndicur^idcoquc  &nomi- 
nc  ipiius  difciplitia?  nobiliifimae  par- 
cicepsiic-,  ifta  long^  infcrior  vcluci 
hoc  nominc  indigna  ^  machihis 
quas  of>cro(ius  adhibec^mcchanica 
dicicur*,qua  deindcvocc  iliibcrales 
aocara?  func  arccs. 

Machcmaticaconftrudlioncm  ro« 
cam  ab/blu  ic  folo  rcdarum  &  circu- 
lofum  dtt^u  ,  id  eft  folii  circini  &  re^ 
guheopGy  ^ijuae  cxpeditifiijtna  >  ne. 


ccfTaria  tahien  funt  Mathcieos  af  ^ 
nia.  Mcchaiuca  non  ira  iimplex  ia-* 
il.umcnti  genus  adhibetjfed  machi-^ 
nulas  quafdam  prius  cxcogicatascx* 
iruit  5  quarum  dcinde  pra^fidio  con-i 
ftrudioncm  problcmatis  molitur^ 
Ica  ccicbre  itlud  problema  quod 
iubct  inuenire  duas  mediaspropor'* 
cionat^s  iiitcr  duas  datas  rc€las  c?c 
antiquis  confecerunt  plurcs '^mini* 
ficrio  quarundam  tnachinularum 
quasdcrcriptasccrnimus  apud  Eu'*^ 
tocium  in  fecundum  Archimedi^ 
librumde  fpha?ra  &'Cylindro  .Idi- 
pfumeodcm  fucccffu  tcniatum  cft^ 
vt  conficerctur  i  nptum  illud  problcu 
ma.  quo  iniungitur  diuifio  cuiufui^ 
anguli  rcdilinei  in  ttes  aequalesparw 
ces ,  de  quo  Proclus  in  nonam  pro^ 
pontlouem  libriprimi Euclidis>  Sc 
alij» 

PIus  differuntidi  duomodiquani 
primo  corum  afpcdu  iudicetur.Nd 
cnim  hoc  cantum  pra^fcredus  cft  iU 
le,  quodfimpliclori  inftrumentorum 
apparatUjac  proinde  cxpediciusrem 
propofitam  exequatur,  vcrum  eciatn 

quoniani  r 


i{v^  /blius  regiila?  &  circini  adiu* 
menco  pra^ftancur  3  ca  ex  conftru- 
dionisipfius  ratione  per  c^lculos 
arithnieticos  fuppucantur^  atque  yc 
Grxci  Artifices  loquuntur  t^i^hyi^ 
(•vU.  Qux  rcsquantifii ad  vita? po- 
licic^  conimodatiipme^nti  no  igno* 
rahc  <}m  mcdibcritter  m  ifliisverratf 
funt*  Nifichim  mathematic^diuifc* 
risangulum  qiiemuisin  tres  &quin- 
quc  parces  aeqlLialc$>tab  ulae^^Wg/KWinp 
ViolcmHcx 'i  ^Ms  fmuum  tan^entium 
&fei:Ahmm  in  meliorem  reda^u 
modcifn  appellamusj)  quibuscarerp 
Aftronomica  nonpofrunt^imperfe*^ 
'da?  reflabuht  quamuis  id  mechanic(^ 
per(icias*Niflcciarn  inter  duasredas 
ikzi  mathcmaticdratlonedcias  me^ 
dias  inueaeris  Cquamuis  mechant^ 
fe  id  affequaris  )  inter  duos  tameii 
iiumerosdacos  9  duosaiios  medios 
inuenire  arce  epilogiftici&  non  pote- 
Hs,nec  proinde  liumeris  definire 
^ropbrcioncm  quaiii  debec  habere 
iiianiecer  vafis  fphJeriCi^d  diameciii 
altecius  vafis  icem  fphf  rici>fed  dupld 
Mc^ttoai$gli0,bxci^prbpbfit   cal 
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^"^      paciof  is.SumpnmUis  autem  exeftipli 
I        causk  vas  fphsericum  -,  idem  namq  u c 
^icipotuic  de  duobus  iblidis  qua-* 
cunq^ue  aliavQiufmodi  forma  pror;^ 
ditis.  \^£  res  admtnfuras  iiquidol 
rum  nec  hon  aridorum  rede  co- 
;no(cendas&  cra(5i:andas  pernecefl 
[aria  efl:,  vc  e^  Villa  pandiincer  cser^ 
teros  apparacu  facis  conftac  ^  cuius 
aucem  Hc  vcilicatis  in  arcfaiceduriad 
hocvc  feruata  columnartim  aut  a* 
liorum  id  genus  eademform^,  mO'- 
iis&ponderis  diiierntas  folo  cala* 
mo  innotefcat    a^dificij  vniuerfatA 
ftru(fiuram  parciumque  fymmetriam 

meditanti^;fuperuacaneum  eft  di-» 
ccre,  ^ 

Huc  refero  quod  PlutarchUs  iti 
Marcelli  vita  probiemaiKmidi|m  ni- 
ll  mcchanicc  folutum  appellat  wj^o^ 

quianimirumnond^Dimrationes  W- 
mericas  exhibet,  necpropterea  po- 
tcft  i^/^oyi^fc^Ai  :*  4  conttario  ai^in 
mathematicam   foIutkuicnaK  vocat 

^oyDiiv  31^  mfwyfiAjmv  ATroht^if  y    QUod 

cpiIogifmum&  nimierorum  r^cio^ 
dnia  fecumjtahat;  Vnxie  uitdligcs 


cut  Plato  adto  infchfus  codcm  tcftc 
miccric  Eudoxo ,  &  Atchytx  tDSL^ 
cbinularutn  iftiurmodi  inucatori* 
busitimuit  cninj  virfapicns  ne  his 
contciiti  poftcrt  attibrch) ,  nobiiio- 
tem  plongiufqiie  femotam  a  matC'- 
'tiasfascefblutionein  inqiiircrc  pras 
laboris  taedio  dcfi(ticrcat.    . 

Hinc  pr^terca  aj^rtum  eft  ciir  Ni^ 
comedes  apud  Eutocruni  propcfi' 
turus  inftrumcAti  fabri^^am  quo  co- 
choidem  lineam  ceVto  dudu  dclcri- 
bas  >  &  pet  eam  duasmedias  inuc* 
nirepaffis;  Eudoxi  inucriris  infuhct 

-f^lAmt  ^  tdHqu^m  defiituus  idonci  di 
'fc6fum  iiii'ingtndum  machini.^nec noh 
yiicms  ficcefjii  ^eomemco'  Q^uamuis 
enittt  Eudoxifs  machinam>  quath 
ibideth  defcribit  Eutocius  ^  inucnc' 
xit;  qiita  tamett  nuWi  berta  ratione 
perillam  inueniuintur  duae  nicdiasT:» 
fe4(afpiuscentando  dpnec  resopt^- 
tis  cohgrifat  i  ideo  h^c  opcratib 

pemecliahica  quidein  dici  mereturk 
QQaeciiimproptiii  mechanica  bil'^ 

)?m(imittiehin£  inacnciE^  viittxi  prf  f^ 


y 


ao  I 

cribit ;  &  ht)C  vrucdnccfla  ,geoHie*  ] 

tricis  principijs  euincic  id  cfTe  cfTc^ 

^um  quod  qua?rcbatur.Iurt  quo<qu(i 

merito  illa?  m%china?  reijciuntur  vt 

fpuria?,m  quibus  iinetfqu^damcur* 

Ude  defcribcnda?  funt ,  nec  t  Amen  vUa 

cas  oninino  deicribcdi  traditur  mc'^ 

thodus)^fcdccrt4  vil  tliquot  tius 

pundis  notati^^  tota  rclinquicur 

oculi  iudrcio  quam  proximi^  dcli- 

nianda>quod  Vitij  gcnuianimaduer* 

titurin  Nkomcdis  quadatn  linel 

Oco*    quadratricc^quam  cUm  hoc  naeuo 

p»aj.  placuiiTc tamen  tatbperc  Qauio no- 

c^'  in     ftro  miror/fed  &  iUud  quoquc  miru 

4ue?  ^^hi  accidit ,  qpod  in  Geotnctrii 

pradigi  conchoidem    Nicomcdis 

t^alucritdefcribcrc  pcr  ccrta  puni^a 

folo  &  fortuito  in  caetcris  oculi  rc« 

propo'  gimihCiquam  vci  infttumento  ki  iA 

fit.  M.  ingenios^  cjfcogitato»  quo  linea  illa 

*op. '  conchas  vtftigto  fimilis  |><iiinde  *** 

t  s.      0t^Sk  ducitur,  atque  circino  periphe* 

tUL  circulL  Magni  fine  dubid  ^eri  de« 

]>etaiachina,pnl(ertimfi  ezpediti 

m^etur,  qu«  continenti  ttada 

Uiicaf  ciiifinodi  «luml  i^ffta^ 


21 

quarum  inter&dione  cutn  alijs  U- 
neis  aligiiod  problema  pcrficitur: 
alioquieniiQcarapotiusquam  arce 
habtbicur  vera  interfe&io  y  veraque 
problematis  exequutio*  Hinc  vtpu^ 
co  accidiCj  vtEutociusexporito  Me» 
nascbmi  modo  du^s  medias  inue-^ 
pientis  pec  interfe^ionem  duarum 
parabolarum  ,  (ubdat  parabolam 
defcribi  Ai.Aivfi:^ivl9fh<gfii%  t?  (jm^t^u 
^U^4e^rfiffBHif  AJW*^^  optri  dia- 
bctas  ,t^9din^^mtnti  gtnus  excogi^ 

tMit  fr^tctftor  nofitr  ifid^rms  cogno^ 

pfento  J^cchdnicus. 

Non  famcQ  &mper  ^^x^min  ma« 
km  pvtcnK  verti^or  ^  fed  allqiiando 

etiam  in  boiiant  Infignisad  iftnd. 
COQ&m.:ifidHm  efl  locus  jhfodott^ 
tl  orac.  5«  de  pcpjiidentii  ^  qi|Q  ged^ 
inetricanaL  apuoi  induflriam  in;  fauit 
exrruendis  commendans  id  hfeSii 
genus  j  inquit ,  (^7ir  J^f  j^'  iJloMa,- 

)jdy  Tlwjli(4.ix^^P  ify^uuf  lif^w  7i  ta  xMfi^ 

timMidiif9\<^nmhabeat  operdndi  artgm 
innatam ,  /hctMffJko  \edo€tam  ,-.fSP^ 
npilts^imtm  injifumentis  cqnfirmt 


8*:  •  ■  ' 

fditps^  emm^¥e  celUf  artifielose  w>T. 
f^tyneque  (yf  homines  foUnt )  ne  «&« 
erret,oppsfuitmexigpre  co^twTAd  men»._ 
fHrtts ,  cfntr*. ,  &*  MgfUos.    Sufnma 
Uus  df  prppcdiuioa  opcriscft  vtfi-* 
np  iaftiumcBio,  npu  inccrca  tamcn 
mci|iQdo  fiat }  p.roximavt  opeia.; 
ilr«mcn.ti.fcd.ccr!cd  conJGciatur  jpo-" 
ftrcma  6c  fciinc  nuUa  ,  vt  iacereo^ 
^uodam  cafa  pcragatur,-  harum  duo,' 
exircma,ciimmcdioquQdn»achina-. 
Ic  cft:  «pponaniar  ,  t^  appcllati' 
po{run.t,«i*»;t<»r«,acprojnd{  id  no^ 
minislaucli  vel  vitio  tribui. 


■»i 


m  *■■■ 


Si^ofenfu  ^rchimcdts  pdrdhoU  tetra^^ 
^  g9ni(mum  kfeprimHm  Ji^jSy  t^x^^^^r'. 
«»i;  >  dttn^ectiam  i^/^VS^^t»^?^!* 


■  ^  \    ■:     S    ' 


S    I  V. 


( Vatnufs  plftfimi  aggrcflS  cflfeni. 

i^ircaUSc.clIipfeps  tcttagoriif*?  f 
itjuoi  ,qui  tamen  p^wbolcrai  dimc^  ^ 
titicanatu?  fisiffct  ouUsm  atjtcrid^ 


"■ri> 
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riMn  fc/circ  tedacut  Archimc<!cs  ia 
opufcuiohac  dcrc  c4ito  ;vt  mirufn 
iit  quod  in  fcriptis  rcliquit  Plutar«< 
chus  ;)c»f  <W  -arftfigo^J?^  aream  par4ihoU 
inucntorcm  h;lhcrc  Pythagoran^» 
^ui  cam  ob  caufam  a  nonnuliis  di- 
catur  Di|s  boucm  £icri£rcaflc3  quod 
an  coyngtuat  viro  qui  fupcrftitiosc 
colcrct  aaiminccs  noa  immcrica 
dubitari  folcc  }  Ccrtc  Archimcdis 
quamuisdc  (c  tefianfis^ytpotc  viri 
iynccri  &aliundc  inacntotum  glo-; 
ria  cumuiaciifimi  mihi  potiot  cft  hac 
itt  rcfidcs^  Is  igitujr  in comnicmora^: 
to  op.crc  duplici  via  Cc  ad  parabola^, 
dimeQfiqpicm  pcrucniiEcnarcaC,m^: 
c/y^mcispr.imiimqaam  pjrliciis  fcpte^: 
dccimpropoikionibus.  tudit  v  tumt^ 
gcomctrica,  qu^  ad  fiacm  vique  li^ 
bcjlh  tra6t4tur.  Quoni^n>,vcrb  w- 
chamca  cft  illa  ipfa  mcchodus,quanv 
nos  in  tcijtando  citcuto  .  tcnuusius, 
potcric  aiii;ui  v^i^  fMborif i  iufpicioL 
qufdrationem  circuii  quam  mQiil*> 
murnon  c(Cc  mAthematnam  ,  fed  fo- 

f«|40cf<;^,*  jioft<j^a;tt  Ascfewoiifc 


di^o  yeram.&  tnenti  Aucorls  c6ri« 
fpntaneam  incorpcccationem  ded^-* 
rimus.  ^   ^^      .  '       ' 

Problejmacis  etfedio  non  p#teft . 
dicimechamc^ prout i(kz  vbx  vitium • 
auc  defei^uicn  pauio  fuperlus  expia- 
nacQ  4e{ignat,nifiquatenHsincon«  ^ 
ftru<5i:ion.e  ipiius  adliibetuc  inftru- 
tnentumaiiudauam  limplex  circi- 
ipuii  aut  regula  ;cum  igicur  fegmen* 
cum  paraboia?  ytrobiqueoftendacut, 

tb  Archimede  eJTe  tercla  parsnMi^ 
cuiufdam  crianguli  redilinei)  &  cum 
tercia  pars  eiufdem  criangull  fuma^- 
turper  (implicia  Machefeos  inftru- 
menca  >  manifeftum  eft  conftrudiio- 
nem  huius  probtemacis  immiraem; 
elTe  ab  omni  imperfedione  mecha**^ 
dica  3  quocunque  tandem  mpda 
conftni(^ia  monftretuc  eife  legici- 
ma» 

Oic  crgp  Archimedes  alceram  d. 
duabus  deinonftracionibus  )Kfrc&Mi--' 
M^  dicic?  Quia  n|mirum  hasc  ap4^ 
peliacioidiiiera^mcipi|s  diuerfa:r 
fiim  Maichefeos  parciii  futhpta  fuic« 

Qubmiam  vcr6al(era  4cmonftrac«a 


■^5 


fixSckux  txoo,  afftidEiptis  nifi  folit 
eocaetria?  poilul^tls  appellatut 
gtomftric^^ :  ^  quia  in  altecd  adhi-^  r 
l^entut  ti\z\^  poftulata  ^^^^ondc'^ 
rantiifwriix^  adlibram  attinentia  di^ 
citur  mechanica:^  nan>  Mech^nicae 
admirabiles  e^tdus  demonftrantur 
perlibranjt^vcdocet;  Ariftoteles  ini- 
tio  qusftionum  mechanicarum  :  & 
vt  Proclus  in  primum  EucUdis  air : 

pfc  mechanici  injuper  collocatur  ilU 
fcientid  qM  fUne  trd^tat  de  aquiponde'^, 
rantibus  &  de  ifs  qn^  centrum  ^am- 
tatis  hahent.  Simili  prorfus;  ratione 
i^  quis  m  denipnftran^io  principia  mr, 
ierat  OptiiCesippterit  dem® nftr^tidr. 
il^em  fuam  nominare ^^imV^/». 

Ek  ha<fi$ti.us  dii^ts  manifeftunx 
cft  mechanicum  m^ulcis  modis  dici. 
Aliquando     Mechdnic^::  apbilifli- 
mam   fcientlam  fignificat ,   quani: 
AtiftojCclcsV  vna  cum  OptidGco-^  ^  p^^ 
Rietriar    fubiungic    yeluti    cogoa- ftct*  V 
tas  5   Sc    vt  intcrpretes  loquuntuc  ^®^r*V 
j^j»Mywfi  nos.v  uigjoifHbaltern^f^s  npr 


V.- 


f 

{ 

< 


?7. 


minamus.Hufus  cft  ii^iliiilomSk  P^f^ 
criberc9&  demonilrare  effedum  qui 
intcnditur,necc(rari6  ex  prasfcripto*. 
rum  exequMtione  confequi,    Nk>n^ 
nunquam  Mcch^nic^    nomcn  dcf* 
cendit  adi  famulas^artes  qua^  donacina; 
fubferuiunt  >  &  ita  illiberale  aliquid 
fonac.  Dcniquc  wechanicam  iolemus 
a.ppcllarc  eam  **7^*€y»v  problcmatis, 
cuius  impctfedam  rationem  paula 
fupcrius  tr^di^dimus»  Illud  quQquo 
cx  ha(^^nus  cxplicitis  aperti^m  cft> 
dum  parabolas  tetcagonifmus  me-^ 
chamci  inuentus  dicicur  fumendam 
elfe  illam  voce  juxta  primam  figui-^ 
ficationem^i  vt  fenfus  fn  inuctKum 
quidem   cifc  ^i;iiO]Dodi  tetfi4gc>ni&. 
Q)um  per  fimpltccm  &  mathcmati^ 
cam  W*m;/Af.;  fcd  vt  monilrarcius 
pcrcam  id  efFedum  cflc ,  quod.crat 
propoiitun>,  f^iiflq  adhibita  princi^ 
pia  nobiliflimjseillius  fcicilti-ap  quaot 
y«;:^*y/^«  diciruf,.  M4chinMfm  rcddis 

aiicubi  Pliniuft.;  .  -•  -r  _ 
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^ur  untdpere    a,horAtufn  ftt  ab  ^n^ 

tiquioribu^  in  incfuirendo  ifto  te^ 

trdYonijmo^  ^^oluuejfn. 

V 

QVamuis  ipfum  dc  veritate  iii^ 
uend  gaudjii  fatis  aitij^lum  (ic 
^encisiQdagatridS)  ftingctwxz  fue-' 
tit,  operas^^pretium  ^  quoties  tamen 
ttliusfieceifitasftimulos  addic>{alent 
fcomine^indefefrolabore  eam  per--^ 
^uirerCi  H^ceftgernvanacaufacufi 
peruulgata  illa  tcia  de   quadtando 
circalo ,  definueniendis  duabtis  me^ 
dijs  intcr  duas  ailighatas.  re^s  j  Si 
de  diuictendo  angU^a  redilineo  ia 
iresponionesinuJcem  a?quaies,  fii;* 
periores  exercuerit  Machemacicof, 
Omnes  qui  aHcuius  nqminis  extite^* 
i^inc.  Ec^quidem;  quamdiit   diuiiio. 
anguli  in  tres  &^uin<|ue  pautesiiiex-' 
plorata  erit,  nec^e  e{l.tabutasillas 
fmuum  ^  qtias  dijti^  &iiino,qu|bus  %M 
Jbfum  vogu^  ofo^redi  voiec  Aftro«^ 
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oomia )  imperfe<5)fas  maximam  ^ar- 
cem  manercivt  omictam  Architc<5iis 
perneceflrariam  eire  pplygonorura 
fiefcriptione^i  >  <]U2e  .tamen  i^ne  no« 
titid  diuifionis  anguli  redilinei  fie- 
ti  uequic. Vnde  ciini  tetragonijpen*<e 
tagoai ,  &  hexagoivi  defcribendi  ri- 
^  ^  tio  cradita  effet  ah  Euclide :  hep€a«« 
gQni  notn  tradicaixi  tentarunt  non-* 
n  ulii )  fed  fruflr^  vt  reSe  d^manflrac 

lib  o  I  ^l^^^^  *>  ^^^^^  ^^^^^  aucem  memorat 

Gcom.  JF^ancifcuix^  FlufTat^iin  Candaliam 

frfi6^.    quem  iure  opcitTio  ai^peUat  viruni 

\o!^^    doi^iflin^uiyi  &  nQJbiliifinnuns^.  Dua* 

tmniautem  mediarumijPUentiotaRi 

amp.los  habecyftii,  vc  Delphiicutpt 

illtidhac  de  ce  oraculun;i  reterre  ^k 

pjerijacaneum;  fk,  cum  qua;  tui^enu^ 

d^da  fuere  iaftituto,  noftro>  £iti]$  fu? 

perq^fint.   I^oi>  omictam  tamea 

eiufmodi  probleixiia  a  Plutarcho  na* 

merari  incer  eJementa  Machefeos;^ 

€»';cMor ,  inquit  i^)  ^ejKAit  w  yn^^y^^f, 
^oyKdS^p,^    Elementum  ad  mnlts  from 

fib.&.ia  hkmdta  ncccffkrium^    Neque  enimi. 

^■f^*  omnes  propoQtiooes  ita  vocad  fo- 
UfKtfid,  v(Pi;o^u;5.dp£<iCi  c«  cs^ijtUQi 


^fjuity  querum  cagnitttAi  aliorttm  jcien'; 
tUm  rtquiritur;  hoc ,  iiiquir,  nominc 
•  dcfumpto  a  Gramitiaiicis  qoi  vocfi 
lcriptaruin  principia  ptihia  ,  fimpli-, 
ciffilna&  indiuifa  €lmfnf4  appe'* 
lant.  Circuli  poftretnb  tctragonif- 
inm  ncfciri  non  potcft,  qoin  rocnr 
fura  innumctorutn  ,  intct  quae  ipfc 
orbis  mundi  ptincipem  locum  tc- 
tet  5  figura  fphicrica  vd  cylindrici 
prijcditoruin  ignoretufi 
Huius  ncceflitacis  public»  apcrttti* 
argumentum  cfto,  quod  ,  quoniani 
*cum  iilorum  problcmatum  folutjo- 
hcs  accuratae  ii\ueriiti  non  poterant, 
«jtcogitaw   fucrc  earutn  loco  ali* 
quam  miniini  ab  ipfis  abcrrantcsj 
VC  ijs  tanqu^m  vcris  Artihces  vtc- 
tcnturJftud,  vtcastcta  omittam,  dc 
praefcnti  tciragonifmo  clarc  cum* 
dt  libeUus  qucm  Archimcdcs  mfcrx- 
pfit  de  circulidimenftonet3in«i\izm  "flf 

necejjirittnf»  vt  Hcraclidcs  in  cius  vi- 
ti  teftatum  reliquit  apud  Eutociura. 

l^cquecniinibi/copuJ  iUiM  Amt 
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riscft  iniichirc  vcram  drcuH  iquadri* 
tioncm  ,  fcd  vc  idcm  Eucocius  air| 

fr^xmi  accedere  propter^^itdt  humani 
C(7;9!^^at/4.  Pucauicnumcris  ambicum 
polygonorum  dubrum  /  quocuiit 
{ingula  conftancnonaginufex  lacc^ 
ribuS)  vnum  auccm  eorum  circulo 
in(cribacur»alccrum  circuitifcribaturf 
fumpcoque  eiufmodi  polygonoram 
ambtttr^cro  pro  paulo  maiori  pc^ 
riphcrid^alccro^ro  paiilo  mioon  in- 
ucnit  re^am  lineah^^equalem  peri^ 
inccro  circuli  lion  cpntinerc  omni* 
no  tres  diametros  8c  earum  vniuj^ 
vnam  fcpcimam  partcm  .coiripledi 
tamenplufquam  trcs  diamccros  & 
earum  vnius  dcccm  rcpcuageilmas 
primas  :  decem  porro  ^pcuagefims 
primaeiion  asquantvnam  diameti! 
feptimam,  fed  funt  tantd  tninore^ 
quanta  cft  vria  diamccri  pars  qui- 
dlringcntefima  nonageiima  fcptima* 
Aliunde  veco  fiFmiflime  (  quicqttid 
futilltcrrepugnaritScaligcr  )  dem5« 
ftrarat  rcdangulu  fub  diamctrb&fub 

^uartd  pm^K^  at^ualis  pcrimcP; 


3^ 
irddrcuH,  cfliajquale  circuli  ipfiuS 

Ipatio.Opinio  no  fefellic  Archimcdej 
vulgo  cnim  artificcs  qua^raturi  cir*» 
culumponunceiuspcrilnnettum  con^* 
tinere  cres  diamctros  ,  &  vnam  dia^ 
nictri  fcptimam  partjculam»  Nequt 
vero  fenfiis  iudicio  errant  inparuit 
<irculis;quamuis  in  magnis  pofTcnC 
jnultuma  vcroaberrarc^  fi  quando 
nimirumvna  diamccri  quadringea- 
idirtia  ncnagefima  fcprima  'circt 
iiocabilis,  Sitamcn  diamccrimcnfii- 
ra  eifec  pcdum  vnius  &  quadraginca 
cum  quinque  vnius  parciculis  duo^ 
decimis^  vna  quadringentcfima  na^ 
nagefima  fcptima  parcicula  ^  non  fo- 
rct  nifi  vnius  vipicia?  quam  pollicem 
vulgusvocac. 

Quo  cucntu  a  toc  viris  fudatum 
olimin  hbcnegpcio  fic,  fupcrcft  vt 
dicam  j  nam  qui  tx  rcrericibus  hoc 
ipfom  fruftra  aggrcflfi  func  Cufahus 
Cardinahs ,  Oroncius  Finaeus,  &  lo- 
fcphus  Scaliger  facis  noci  funt  ex 
xcfucationibustorumj  q^as  vulga- 
rutninfigncs  Macheroacici  loatincs 
l^cgiqmqMnnvis,  Butco^^PctrusNoj 
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nius,  &  Chriftophorus  Clauius  An- 
jc  Ariftorelcm  Bry fo ,  Ariciphon,& 
HippHOcratc^Chius  ira  cclcbres  cxri- 
tcrunc  fiiis  paralogifinis ,    Vt  cimi 

cxcmpla  funiantur  a  rcbuspcrfpeilc 

,     cognicis,  Ariftotclcsipfcpaflim  ip- 

forum  fallatcs  tctragonifmos  excm« 

jpli  causd  afferat  y  vbi  ide  (y llogifmisi 

vcl  fcicntiarum  principijs  agic,    la 

quodam  vcr^  vbluraine  quodxi^i^ 

f^uos  infcriptuhi  yoluit ,  ica  accuratc 

,  Antiphotcni&Hippbcratcmitiipu- 

gnat ,  vt   iftorum  hallucinationc^ 

affirrnet  Eucocius  ciare  compcrcas 

tS^  tam  ex  Ariftotelcis  ^f loiV^  quaiti 

iib.i.  ex  Eudehii  gcotnctriciS  hiftoria  cui 

\&.    ^"^  ^  ^^  ^^  fragmcntuni  infigafe 
ii.foUo  ti{itur;ipud  Sihipiicium, 
^'  ArcHimedcs    mitio  quadratura^ 

parabolcs  aliquos,  quorum  nomeri 
teticiBt ,  fuifTc  ait ,  qui  iftud  confi- 
cercfibi  vifi  funt  airumpcis  ijispoftu- 
latis,q  uf  no  facili  coccdantur  &qua? 
necipiis  coticedi  dcb^re  cum  piurcs 
tompcrcrinc ,  ebrum  hac  de  rc  fcri- 
pta  acglci^a  fu^rc  ^  ita  cnikn  iotcr^ 

pretdc  fatis  iatncecii  Tccba  hi^^4 

N 

\    • 


Ipfc  vcro  acutc  yc  caecdra  omnia  dc 
monftrauit  quidem)  vc  iam  didlum 
fuic,  rcdangulum  fub  diamccro  & 
quarcdparcc  rcda?  iinca^ia^qualis  pc*» 
fimccro  circuli ,  clTc  aequalc  ipfius 
circuH  fpatio ;  fed  qua  racione  ciuf- 
modi  rciSta  linca  babcri  poffec  n  c 
ipfenccaliustcftc  Eucocio  do»  uit. 
Oftcndic  quidcm  ioopere  dc  limis 
fpitalibus     illam    ipfmi    perime-  ^,8^J\ 
crumeffc    ajqualem  cerraBL  cuidam  ^^r* 
rcda?5  fcd  ncquc  tradere  pocuic  me- 
thodum  inucniondi  iftiufhiodi  rc« 
^am. 

Simplicfus  loco  fuperius  laudaco 
rccitatex  lamblicho  quofdam  huius 
problcmatis  Arcificcs  ^ex  veccribus 
ijuidem  Pythagoreos  i  quorum  dc^ 
JHonftratiOHCS  cxccntapud  Scxrum 
cius  (cdtx  fcriptorcm  5  Ex  pofterio^ 
tibus  vcro  Archimcdem  J"'^  t^nr  im. 
«isi<rSf  >^fAfi/Ajkper  ^iraicm  lineam  in-. 
ccfliffe  ait  >  Niconiedem^'*  '^^  'J''«*' 

"hTf^s^n^i^f K^^vfjLiPnf  pff    fdm    qudSi 

C 


34  ,        -  . 

ftr  €4m  quAmjororem  whleactdt  nomL 
nauity  ic  qua?  a  Nicomedea  nihil 
clifFcrrc    dicitur  j  Cafpiim  «f^*  ^SfU 

li^hdf  )uvn(rMf  ftT  €4m  ^Hatn  ex  dHpUm 

fi  motu procreatam  apfeUauityzlioC- 
qnc  plures  alij^  vijs  ita  patum  foe- 
licitcr  progrcfiosfiiiflcvt  ncc  adhuc 
•^fyAviKh  KAla^Kitmf  vllam  rcliqucrinc* 
Quodpoftrcmo  di<£lum  cum  ad  rcm 
prasfentcm  maxime  faciat>  hnnc 
fcnfum  habct  j  problema  tctrago- 
nifmi  iflius  non^um  non  ciTc  ma- 
chcmaticc^  &  opcr^  folids  rcgulas 
circiniquc  confcduhi  ,  fcd  neque 
mechanicc  adiumcnto  nimirum  aii^ 
cuius  altcrius  inftrumonti  \  ciim  ta- 
sncQ  rcliqua  duo  problcmata  iam 
coipmcmorata  pcr  organa  ^  pcrque 
diucrfasa  rcguU  &  circino  machi^ 
nas  repcrta  fucrint  ftudio  anjtcrio* 
rum  Mathematicorum*  Ex  quo  ii<- 
quido  conftat  foii,|tion€  huius  pro- 
biematis  circ  trium  longe  di/ficilli« 
mam >ciiim  rciiquis duobus  iaitcm 
pcrorgana&  machinulas  inuentse 

finc  ccrtas  Ac  ftcteiminaiae  cofjfiru^ 
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•{imes  j  quibus    po(icis   cuidencec 

oftenditur  veritas  fuiucionis. 

Hicftatim  CcCc  ofTcrt  dnbitatiO) 

cur  obuiam  obmifcfint  machinam, 

qua  circulus  voluatur  per  ptani  li- 

neam  rcdam ,  doocec  idem  circuli 

pundlum  quod  initio  motus  tange- 

bat  planum    abfoluca  reuolutionc 

irerum  piano  occurrat;portio  cnim 

illa  linea?  tc&x  cui  applicata  in  mo^ 

tn  periphcria  circuli  fuerit  videtuc 

eirea?qualisipfiperipheria?i     Alias 

vidcrc  mc  mcmini  gallicd    confcri- 

ptum  a  quodam  Ecclefiaflico  viro, 

cuiusnomcn  cxciditjibellum  quo 

iftetctrsigonifn>ius  traditur-^cumau-^ 

tcm  (Ibi  in  mentem  vcnifTc  nstrrac 

infpcdo  veftigio  quod  cUut  cdpirati 

excimo  rotarum  limbo  iafixi^relin- 

qiiunt  dum  currus  carunhdcm  rota* 

rum  adminiculo  tratiitur,  Voruni 

iilchomaiion  lcgcrat  vnqulm  vi* 

-  gefimam  quihtam    Mechatilcarum 

Juaeftionum  Ariftotclis^^cx  imcnim 
idicif!*ccpo(rcficrivtllnea  illa  cut 
xotae  pcripheria  fucceflfu  motus  re(^ 

poiidccj  uc  modp  mf^m  p  modp  «- 
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qualisymodo  minor  ips£  peripbc* 

lid)  pro  diucrsa  proportionc  dua*- 

rum  motionumquibusrotaagi  in* 

telligitur.  Atqucb^ceft  caufacut 

illamachinaa  pcritishominibus  fit 

prd?tcrmiira>ciim  conflrui  nonpof^ 

iit,  ni/ipriiis  nota(it  linca  a^quah*s 

perimctro.  Simite  incommodum  in 

dchncationcNicomcdtra?  quadratri- 

1. 7.      cis^qusegcncraturparitcr  cx  dupH- 

Gcom,  ^i  motionc  ,  reprchendit  Pappus 

pLpof.  Alexandrinusapud  Ciauium.  Non 

vuit  ia  di^ar  quoquccft  gcncratio  fpiralis 

*^^^  *  Archimcdea^^acproindcperindccft 

inucntudif(icilismachina  qua?  tilam 

vno  dudu  delincct.  Quanquam  ll^ 

cct  darctur  einfmodi  macbina>  ad-* 

huc  rcftarct  inuenicnda  methodus 

daccndi  rangcnicni  quandam  reda^ 

vt  pcr  illam  daicrttr  rcda  pcriphc-- 

Yide  circuii  a^qualis* 

Ariftotelicum  volumen  MfU  in« 
lcriptum  cum  ftipra  laudarem  oc- 
(iru.  currit  mihi  Plini|  Ipcus  Gr^corum 
arrogahtian  fatisapcrt^  carpcntis^ia 
hoccc  librorum  quorundam  titiilo 
afFcftando,  Quinam  ij  fuctinc  ncc 
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exponitj  neccgo  noui  j  hoc  tamcn 
exiftimononcadere  in  Ariftotelem, 
cuius  nullum  faftom  in  aliorum  li- 
btotum  tituUsnotaraus.  Egerit  iu- 
quc,  quantum  coniicio ,  eo  libro  dc 
f^uisapum»  &cuin  ad  CTatesfauo- 
rum  veotum  fttifTet ,  occafionc  for- 
mar  cellaTum  fexangalae  egcrir  quo- 
quc  de  paralogifmisin  circulo  qua- 
drando  /  Antrphoa  enim,»t  ipfe  in- 
dicat  primo-Pbyficorum  V  &  Intcr. 
prctcs  communi  coafcnfu  nawant, 
circulum  non  putabat  cflTe  nifi  poly- 
gonum  rc(3tilineum,  cx  latcribusnii- 
nimis  &  propcrnbdum  inhuracris, 
quae  nullo  fenfu  dignofci  poflent. 
V«lcert^,  fi  totus  libet  fuit  roa- 
tjjcmaticus,  ita  infcriptus  fucrit, 
qHod  depolygonis  ibi  prafcipu^  a- 
gatof ,  &occafion€  iUorum  dc  pa- 
ralogifmis  ia  circulo  quadrando 
commilTi^  Aliqua  Cftrte  cft  proba- 

blliscaufa  hunc  pra;figcn^i  <'««' 
Jum,  cumPorus  Nicafnusinlibcl- 
loeiufdcm  tituli  fcripfcritde  circuli 
tcttagonifmo  ,ficuti  tcftatur  faepius 
JaudatusButociusin  circuUdim?a-  (^ 
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fioncm  Archimcdeam.  Commandf. 

nus  vtruAKjuc  gutoci)  locum  ita 
rcddidu  vt  pro  ^Towx^fW,  fubfti- 
ftitu«<re  vidcatur  i* nh^icvfiuf.,  vcrtit 
cniro  hbr^sfuper  ea  re  conlcxtpros,  Sc 
hbrox  proprum  humfct.  pneris  doOri" 
namcomplechntes.  Cautiiis,  mco 
quidcm  ludicio  ,  antiquior  Ituer- 
prcs  Cremoncnfis  inta<aum  lo- 
c-umrdiquiti  &  cmW  latin^  reti- 
nuit.  Qu^dficmcndanoforctlcgi- 
''!?*»  ^^^»c  dubitarcm  an  Vcrfio 
,;   po.  clictbona:  Kiipot  cnim  fortaffc  Ari- 

l  ctf^lesUrn  9UO  fcuB  pr.mam  Phi. 
Jofophiam,  fi  Intcrprctibus  cfcdi. 
ffius',  '«'^*' appellauit  i  cert^  cam 
^ua?itac«tcrarum  cftprinceps,  n 

jHaruminitiafeuprincipia  fuo  iute 
ocmonilret. 


» •  * 
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Smnim  fuerint  par^logifmi  Srjfoniry 
^ntiphonns  {^  Hiffdcratis  Chij. 

%    VL-; 

TTanoci  fucrant  eiurmodi  pan*- 
logifmtaitacc^^AriftoteliSi  vt  cos 
in  cxcmplum  add^ce6d[6tanquam 
fuperuacancum  omiitat  cxplicare 
q^hztxi  ipfi  fu^rint.    HippocrariS' 
quidem  Chi|  44(//o>^pi^fAet  falfdm  dt^ ' 
&»f4r^'atiir»i  cognitam  habcmus  ex 
fragmcnto  ilio    hifton^   Cudemi^ 
quod  apud  Simplictum  extare  dixu 

inKs.  Q^adrauitilic,&quidem  ad-' 
mirabili  ingoni)  rubtilitacc^quoGiam  - 
Hf^^  fc|i  iigttras  d;upiici  circuli 
portiooe  cqntcntas»  nos  vulgarilifi^^ 
gua  crefc€nt€s  dicimus  »  eo  quod  lu^  ] 
nif  crcfbci^irisfpccicmtcferaac^hJil^» 
lucinatiis  vero  cft  >  cuoiv  quadraffct' 
quafdara  iunuias  ,  noa  tamen  eas 
exquibas  auadratiociccali  fequitui^ ' 
quodcxipusqusdtiain  quadracis  cir-^^ 
cuii  quaacaiioaem'in|:ulKC«laucatiU^^ 


I 
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hommis  co  quod   ingenia  plenufti 

fic,  referr  &  clarcnure  fuo  cxpli-^  ' 

1.  7    C4C  Clauius^  nos  vero  propcfitiOT\ 

Geo-     nc   25.    pritnilibfi  idipfumcolligi- 

praa.    ^^s '  poit^uam  viam  ad  alias  Umu* 

«it.       Ids  figuraf>]ue,;coniiexo  -  cauas  cx 

i.Prior  rclJ^i^is  ctiam  fedioiiibus  conicis 
x.c.Ji.  CDnfe(£lasjnfl:ruxiinus.  LunulartJm 
t.*io°V-  ift^rummenMooeoi  facit  Atiftotc- 
lus  if.  lesin  Priotibiiis  &  Elcnchis^  atque 
J;^'  v|  multi  Jnteip!rctcs  YoluntinPhy- 
ficis ,  qua^itis  htc  non  litifiT^xmi  fed 
fcd  ri^niAAU  cijfsCuU  appeiliet.'  ; 
;^.  CsBtecum  hjnuiarum  ifta.-qiiadra- 

t|(%.nan    leuc  eft  argilliianium  ad 
ofteiidendum  circulum  quoquepof- 
fe^qriudraritcoquc  Ytuatuif  Philopo*  - 
m&.8c  Sim.pliciusiin  dlatamenCcum  ^ 
nitajun  fecujidi>duodccj:m^  hon  pd* 
tcfl:  ^iTc  maioFCCftitudo^quam  fit  in 
pxincipio  ,  quod  ab  EucUdc  co  loc- 
vfurparumGfediximus^i&iqiio  da«  . 
t^/parabolft  <|i!tadratur  ab  Ar<2himc- 
dc>acque  anobiscirculus  ipffc  atquc 
h^cpcfbolaiiiiodrantur.»  :  afTacnptis 
aliQTide  Hbra9jiisaiscerri0i^i$;;Qui 
ij^im  fummiijpci^yicaQansigctcu*;,' 


culum  poflTc  quadrari,  isfi  confc- 

qucntia  vclit  loqai  lunularampara- 

bQl^quQtctragonifipo  ,ipfifiiU4;.Eu- 

clidis  Elemcncis  quatcnus  commcw 

morato  principio  incuqibunt,fidcm 

protcr«^  ncgarc  dcbct :  Ammonius 

vcro  ,  <:um  lunularurn  tctragoniti 

mum  aidmitterecparum  confcquc;n- 

jcr  dc  <;irculo  ratiojcinabatur.  Hinc, 

adducor  vt  ctcdam  Aj:iftotclem,.qui 

per{^«^m    haber^t    Hippocratis 

iftud  inucntum ,  non  dubicafle  qiiia', 

circulusquadrari  poflet  j  in  Catcgp- 

xiis  tainen  de  eo  nihilpronuntiatre» 

quod  adtcm  quam  ibi  tradabatjqi- . 

hii atrincrec.    .         ;;    ,.•  .;:  ,,: 

Bxillo  Phyficorum  loco  habcmus.. 

Antipbfintem  in  quaxj^gdo,  circub'. 

rcpugnaire  principiis,  fjcp mctrici^ 

idcoque  t»cC  ciu$  tctr/igopirmi  refq- 

tationem  adGcomctMpj  fpcdarjqj  ; 

Ex  Elenchisprastcrcjif coiiftat  cius  ^  . 

Bryfonis  i:ctrigani(j90A&>»ff<?  "''i'r  :> 
cos;  cdtn  HyppocraiijSrp^rilogifmi,, 

nori  fuert9t   ciufinodi. ,  ,fc4  mci*  ^- 

'imhft«kt»*l*. «  pl»hci{Miff  ycris  acnir 

quc|;eoroctwi?pr»»^!  ?«  ioco.g.i-  : 
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tantiamadhibitisj  contcntiofi  antcm 

& agoniftici  fiunt  iKpftsfo^i^mf  ivti^oPy 

fiMO¥%rii  ex  ^s  princifSs  qn£  Ifidtntur 

ffobabilia ,  cur^  r^tri  uUa  non  /int^ 

vtc.  ^.jciufdem  opcris  Philofophus 

dixcrac.  Hinc  porro  fit ,  vt  quonlam 

Ef ifticus  falfis  liccr,  non  t^mcn  cui- 

dcntcr  faifis mtitur  principijsy  mio- 

quam  cogatur   acijuicfccrc  -  rcpu- 

ghanti  >fcd  fcmfcr  cnntcacioiii  fit 

.    locus,  contra  quim  accidatPlfctt- 

dographo.  " 

Omncs  paflTim   Intcrprctei  fed 
enuIcIcatiusSimpiiciusin  I.  Pfif  fc; 
edit.      doccnt  Antiphontis  fcnt^^ni^mi  in 
ilglll  <^o  abhorrcntcm  fuiffe  a  Geomctrl4 
quod  circulum  affirmarct^  ciTepo* 
lygonum  cx '  UtcHbus  minimi«  8£ 
qusB  (cnfu  dfgtiofci  ncquircnt-rcon- • 
flatum  D  ac  proihdc  omncs  i  ccn  tro 
hnius  polygoni'  ad  cius   ambttum- 
ed^idasHncas  cffc  intiiccni  iaeqiialcs 
cumtarricn  «c'fecUnda  ter tlj  Eudi^i 
.      di^  m  an ifc ft um '  fi^t  cx  ccnt ro.  p oly- 
goni  cuiufuiy  iapiHphcriam  apfius 
lincas  cduai^a6ti'iMrc  o^^^^^ 
lcs,  degaucrrt  ig^tur  priricipia  geo-; 


» 
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mctrica  ia  quibus  illa  propoficio 

fundacQr. 

Eudemus^vt  refert  idetn  Simpli* 

ctus^  narrat  iniciuni  geomefricHum 

ab  Antiphonte  fubiacum  e0e  illud 

dines pojfe  in mfinitum diuidi  iquoA  te- 
&i  confonat  ba£tenusdii5lis.  Siquis 
enim  ponat  circuli  peripheriam  ex: 
punAi^  Zenonicis   numerd  fihitis 
componi)  dicet  polygonum  sequalc 
circuio  efTcillild  <}uodtotangttlos, 
faabuecit ,  qu^i:  funt  in  circuli  ^txL 
metro  puni^a;  tmnfuramque  tihgu^. 
iotttm  Polygoni  laterum  clTe  dua 
punda  ic/e^>i<^«^  tontingentia.Quo 
poiito  nlhil  protfus  vrget^demon-t 
fttatio  (ccunda  t^rtifCucIidis  *->  ilia' 
enim  fumit  redtam  qua  duoquseli-^ 
bet  puniSa  circuli  conciftaatlirjpof- 
fc  fecari.  per  aham  i  cencro  ilu^aam 
ifltcr  duas  re<aasab  eodcnf  icrntrto-ad 
duo  iila  punda  edudas  ^  qulitl  fier!  * 
nequft  nifi  omtiis  lihca  du6  )>un(^a 
coaiangcns  poffic  in  iafinitum  diui- 
di,  Quod  fj  pcriphcria  ponaturnoa  - 
cbmponi  cx  puui^is  Zendrfici>p  kd 


^ 
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eiufmodi  puni^a  dicancur  eiTe  *>/>«* 

fmaliter  cxtcnfz  ^  &  pofTe  coexrendi 

ipatio  ifl  infinicom  iUmfibili  ^  ( liccac 

mihi  qunc  &pofthac  abfque  vllo 

difcrimine  vfurpare  voces  illas  qua^ 

uis  minuslatinas>qua?  Schoia?  Philo- 

ibphicae  vel  Mathcmaticascommu*. 

ni  probantur  vfu/eas  eccnim  vt  plii- 

rimum  (bnantnotionesaliquas  eiul^ 

modi  atjcium  peritis^  quibustantum 

hasc  (cribo^proprias^  fiinquam  ifta 

punda  virtualiter  extenfaadmictan- 

tur  perinde  vrgebit  propoiicio  illa 

fecunda  Euclidis  y  m^gi/q ue  pecca- 

bitur  hoc  diAo   contra  Phyficam 

quzm  contra  Geon;iecriam.  Si  quis 

demumcontenderec  non  efle  po/fi- 

bilem  circulum  aut  corpus  perfe^^ . 

circulare  3  adhuc  locum  relinquerec . 

problemati  >  quo  videliccc  pa<^o 

quadraretur  circulus  cx  hypothcH 

quod  foret  poifibilis  ^  &  quod  per 

circinum  pofTct  delcribi  peripheria^. 

perquecanoncmrc^a  linca;  ficuti. 

£  fumas  criangulum  r;C<StIIincum  no^ 

cfTc  poifibile  ^  adhuc  quasri  potefl^;» 

mcthodus  lUud  quaidr^adi)  fi  ipfiim 
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e/Tcc  poflibiic  ^  illa  enim  methodus 

dc  hito  continetur  in  25.  fexti  Ele* 
mcntorum»  Ex  his  apertum  eft  red^ 
Philoponum  rcripfilTefiguram  illam 
rcdilineamquS  Antiphon^quaiem 
circuloftatucbat^  effc  «^«^»o<*»^*^«^  pjg,  ii. 
w^fAA   anznlofifsimam  nulla  enim  ilii  *n  pti- 
circuio  a?quaUspoteftdariquaeplu*  pi^^f^  ^ 
ribus  anguiisconftetifedquodeiuf-  e<iit. 

Tcif  y^viaf  dicitur,  emendari  debet3& 
pro  ymw^  Iegi^Mvf«f :  nam  minima 
quidemhabet  lateia-.ex^  duobusici- 
licet  pun<5ii$  conAata  -,  anguli  vero 
clTc  dcbcntmaximi. 

Ariftotelcsduobu&inlocis  Bry(b« 
nis  tctragonifmuro  commemorat; 
in  Licnchis  loco  citato  eius  argu- 
mentandi  rationcm  ait  effe  cottntio^  i.  Po^ 
p»,  vt  paulo  ante  diccbamus  5  In  ft^"®'- 
Pofterionbus   decct^  dcmonftrari  13. 
VDumqnodque  debere  ex  propriij 
ipfius  principiis^non  autem  ex  com« 
munibus  \  faoc  enimj  inqAiit^tffet  iAr 
monftrare  vti  Bryfo  oftendittctra^ 
gonirmum.lnterpretesomnes  Gras-* 
QU  A»bcs  &  Latini  dicunt  Bry  fonis    ' 
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parabgifmum  Jiiioc  fiiiffc.  Vblcun- 

que  cft  mafus  &  minusibi  cftsqua-- 

lc  -,  kd  in  rc<3:ilin.cis  iiguris  dacur  ma- 

ipr  circuio  nempc  quadracuro  cir- 

(umfcripcum  ^  dacur  ctiam  minQr 

ncmpequadratuminfcripcum,  crgo 

I.  Po-  dvHr£quaIis./^iij[uquitToietus5/i>* 

^numl  ^^PT^f^^ decUrant  Bryfonis  rmonemy 

15.        cuius  nihil  diocit  ^rifiotcUf.  Proptere^ 

mihi  dubium  eft  anilUfHerit  i  ciimnon 

folum  ex  commumbus^fed  ex  falfts  fro- 

cedat  j  at  ^rifloUUs  ex  yeris  ^  im-^ 

mtdiatis    yidetur  dicere  procefsiffe»  vi- 

co  exfaifis  nS  illud princiftum  quo  da- 

turmaius&minus  dacur  equalc  «r/^ 

fidfum^^t  docet  Cansfanus  ^  nam  angulo 

♦  femmrculi^aturreStilineusmaiornem^ 

fert€iu$  f^  obtufusy  (^  datur  minor 

/cilicet  acutus  ynunquam  tamen  ditur 

ic^uaiis.  Ita qttidcmvidecur Arifto-* 

teWdixifrc^Sc  ita illum  inccrpre-* 

cantur  plutimim  quibus  eft  Bhi^ 

loponus  (^ommencarijs  in  iliijm  Iop^ 

eums   ac  clariiiS'  &  apercius  ipfe 

Ariftoceles  doccc  in  Elenchis  con- 

cenciofum  faiiTe  Bcyfbais  fyllogiP- 

mum  f  cQaccjEiUoium  v«:6  cx  ap^ 
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parentibusquidem,Jcd  falfis  cpn- 

cluderc.  lulius  Pacius  rcfcrt  Bry-  i„£|--^ 

foncniita  quadraffc  circulum^  vt  ch.  c/ 

volucric  eum  cfle  quadrato  mcdio^  "' 

quod  a^que  fic  &  minus  circ  umfcri- 

pto,  &  maius  inicripto  :  vcriim  op« 

poiirum   teftacur    Philopoims  cx 

Alcxandro  ipfo  quemPaciusinha-  *^»po- 

ius  Bryfonici  cctragonlfmi  hiftoria  ^.  ' 

rcfercrtdi  fcqui  fealibi  profitetut.  i^ 

liv  iJ^i  rS^sr^  rSv^%^v  fftt(AAiV  li  "t&ov  m*9f]*i 

£iorum  interpofitorum  cMdat  tjusdra* 
tU9P9  illud  d(juale  non  o^endit 'j  paulo 
verb  poft"  reprchcndit  illum  quod  , 
nron  dcfignarit,  prout  dcbebat,  qua 
dratum  iiiud  medio  loco  pofitum. 
Pacium  fcfellit  ^quantum  conncerc 
valeo  9  ipfius  Philoponi  oratio^  qui 
vcoftendat  intcrmcdia  /patia  eile 
numero  infinita ,  ideoque  vhuhi  ex 
jllis  d  Bryfone  detcrmihari  debUiife^ 
affumic  exernpH  causd  ih  maiori 
quadraco  efTc  partcs  fexdecim ,  in 
mtQori  odo,&  in  circulo  dupdecimj 
quo  dato  >  nph  quoduis  medium 

^uadratum  crit  a?quak  clrculo^  fed 
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illudtantummodb  5  inquit^,  quod 

2equo  cxccfTa  medlu  fucrtt.  «^^  Mf^ 

fdficdi  la-of  t{>  Wjc^^  T$T«fr  rfuTfiy  f^'  ivlh 
ilAX«i  T»  ir  T^rtir  u^ertf  o^^dir"  ta  j^e^»  d',  j^  i.  /•{ 
7«  K^  T«  ^MM  fw7c6$i5  wi  Tir  iV,  «tXA*  i«  ii^i^ 
ii^rt  To?ri^*  5^  j/Sir  Jt4bc«7yoirViitli«^  T?  j^««/^ 
7f IK^  i^arirn/tAy  ^ctfctJVvfrtfi  icce?!!  ^oiov  ^w/bieie^ 
tSk  (lildL^v  *3rMu  Ti  y^or  TeTf «j/ayov:  ;j^  fti) 

Confiet  9Am  Ifcrbi  ffr^tii  circnlus  i2* 
menfnrit  y  cuiufmodi  mdius  ^Uddrdtum 
continettS.  minus  yerhquudrAtum  8. 
^on  igitnrfimpliciter  quodcunque  w-- 
i^'»!^  mre r  i^sik/h j  G^  minus  iacet ,  i7/i^i^ 
erh  dqusle  circuloquieiufihodi  ii.men^ 
furis  cunfiare  fonitur:fed  illud  quod  £^ 
qusli  excejfu  fuperdt  &fuper4tur.  Na^ 
uem  enim  menfur^t^  (^  decem^  yndecim 
quoqm  utque  tredecim  C^  reliqut  ia^ 
cent  intertn  &  i6.fcdnonfunt  ^e^M- 
les  ipfit  duodecim.Ofortuit  igitur  illum 
accommodaH  adfcientiamgeometricam 
tradere  in  quodnam  ex  intermeiijs  fun^ 

^  {tis  atdtm  qmdrMtm  circulo  kquak^ 

Meam 
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Mcam  igitur  dc    q.ua?ftipric  initiii 

propolira  vt  pauciscom^lcdarjfcn- 
ttntiam,&:  aliquam  fortailc  luccrti 
vcrbisAriftotclis  afFcrarh,  tctrago- 
hifmum  circuli  ab  ipTo  duobus  fu- 
mi  modis  aducrto  lUKta  duas  dccd 
quajftioncs.  Qiia?fitum  primo  eil 
vtrum  cflc^poiSibilis ,  tum  quo  pa- 
ftoisopcrcgulie  &circini ,  Vcl  cer- 
tealtcrius^  iaftruipciiti  pra^ftcturi 
vtriquequajftiool  fuusrcfpondct.tc- 
tragonifn)US>qiiiqpc  alcerufii  fatis- 
faccrc  riititur  ,  ^irculual  dicitur 
quadrarc  v^l  flgwfw//^»^,  oftcndendd 
tctragoni/mum  illum  cftc  aliquid 
Verum ;  vcl ,  "SFfod^fi^AliKS^  ^  tradendd 
conftm^bnem  ex  qua  ille  neccffar' 
rib  fcquatur.Hippocratis  Chij  tctra- 
gonifmus  fmpriBictis  m  tradehd^ 
iAlwTKivf  illi  propriX  .  AntipHonti^ 
vero  Bryfonifqiic  no  (i\\tn\RfpecuU' 

iiuus  iri  qua^ftionc  iM.rv^''/'^  >vf4.-* 
queiftcTiiit  if/?-/*Jr,  iH  eft  irirtixm 
principijs4n  fpecifsm  verifitiiilibwis , 
rctatricQ  vcra  falfis.His  ita  cdnfti- 
tutis  fadlccicplanantut  Ariftoteli^ 

alforuiiigu^,  4i<5a. 
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Primo  ncquc  Ariftoteles  ncquc 

Inccrprctcs  tradunc  vllam  aiiltunuvfif 

Bryfonis  vel  Anciphontisiquoniam 

ncc  ipfi  vllam  vnquam  propofue- 

runt ,  ncc  cx  hoc  capicc  rcptehcndi 

aPhilopono  vIlQUcalio  meruitBry- 

fb,  cum  id  noh  cflet  ncccflarium  ad 

probandum  tctragonimium  circuli 

cfle  3  quod  vnum  ipfi  difputabant* 

Ccrc^  Antiphoncis  principia   fatis 

apertc  oftcndunt ,  ipfum   non  po- 

tuiflfc  quadrarc  circulum  in  poftc- 

riori  fcnfujQuomodo  cnim  vel  pro^ 

babilitcr  dcterminarc  poflct  numc- 

rum  pundorum  quae  circuh'  daci  pe- 

npheriam  corapoiiunt  ?  quomodo 

4|uadrarctrianguIumifofceIes  cuius 

bafls  flt  Iinca  ck  duobus  pun^is  c5- 

ftans:>latcra  Vero  sequaUa  dua?  re« 

i6^^a  centro  tdudx?  ilh  tamcn  du6 

inucnienda  /iiint    ci  qui  eiufmodi 

.ich^nia  roKvyi^viUlov  quadrarc  infti- 

cyat,         '       ., 

iSccundo  re6l:^  Ariftbtcli^  dlxk  ih 

Elenchoruni  citato  }bcp  ,  modiim 

quo  Bryfbquadrauitcirculuip^ 

trasfcrri  aducrfus  mult6s[^^oV«^V(^i^i 


norunt  qmd  m  yn^aque  re  fiert  pofsh^& 
fuidjieri  nan  fofsit.  Bryfo  cnim  Vt 
dciTionftrarct  tctragoniftniffiV  eflc 
J^aJov  fumpfit  propofitionem  qu» 
vt  ipfc  Ariftoles  indicat^  m  viio  ma- 
gnitudinum  getierc  eftvcrai  indc- 
monftrabilis  ^  &  immediati,  nimi- 
rum  iftam  ybi  datnr  maius  &*minus^ 
ibi  iAtur^qurde  i  &  cam  vcrifimllitu- 
dinc  quadam  dudiustranftulit  ad  ea 
quajfiintaltcriiisgcneris.  Hoc  au- 
t€m  pado  cos  ^u^i  ignorant  quid  ivi 
fingulis  fitpoffibilcpoffis  fallerc.Vt 
fi  fiimas  dtias  iineas  qtajquo  magis 
producorttlir^copropiiis  ad  ife  in- 
uiccm  acc«kjirtj  eonuenirc  tanacrii 
ift  vnum  puAi^fi^mi  csc  Ikic  principio 
•quod  ih  g^cnctte  iinfciirum  tcCfcarum  ^ 
^  v4:rum  &  emdcns  pct  lCj  latius 
ttmth  fainptBfii  &adomttes'Iitica* 
^qiia^m  flpjjfitenti  ptt>baHKtarc 
ttadtjiauito  cft  ftifum  ^  tjftcndes  hy* 
peibdlic£  iinesB  occur retc  rc(ftarri  j,  jj ,  i. 
illato  linfcahi  >  qu^  vt  in  Conici$  propbfl 
.  «iftftttraYitt ,  ptoprris  qlaiaem  dum  ip^iJ;' 
ftd^uttWft '  *\^fclit  >  nttntpatTi  ta- 
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imen  cum  c£  conticnit^ i46quc  «Vv'^* 

'?y7<»7o5  nufquam  in  hyperboiam  incur* ' 

rens  dicitur.  Porro  ciafmodi  princi- 

pia  qua?  {Iridiiis  fumpta  funt  eui» 

dcntia ,  dum  ita  cxtenduntur  ad  a« 

liud  genus,  nonconfidcrando  vrrtim 

propria  idius  gcncris  principia  tali 

extenfioni  repugnent  >  aut  fint  ac« 

commodata ,  /unt  ca  qu2e  Ariftote- 

lesappeliat  communiai  opponitqua 

proprijs. 

Hinccolligitur  ratio  cur  Arifto- 

tclcs  dixctit  5  id  quod  per  commun.c 

aliquod  principium    demonftratur 

non  fciri  iw/i  per  accidens  ^^  (rv^CtCn^ 

Klry  accidercenimpotcft  vt  cxeoar'> 

gumcntandimodofallamur.  Colli- 

gitur  praetcrca  difficilc  cffc  cognof* 

cerc  an  fcicntiam  habcamus  dc  ali- 

quo>  quja^vt  ipfc  air>  difficilc  dOk 

iudicare  an  ex  aliquo  ciufmodiprifii- 

cipio  communi  concludamus^quod 

vcrum  quidc  &  primum  fit  in  quor 

diim  gcnere  ,fcd  quadam  taiitun(i 

vcrifimiHtudinc  rranflatutn  fit  ada:^ 

iia  « (Tvyyivnnon  emfiem  gmirif  >^  tak- 

n  ime  accommoilaca  eiufmodi .  0  cifi.- 
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cipio.  Coliigitur  deniquequa  ratio- 
neillod  principiuma  Bryfone  fum- 
ptum  dicatur  ab  Ariftotele  modo 
verum  &  immediatum  ^  modo  fal- 
fum  ;eft  cnim  vcrum  in  vna  vt  ipfc 
\oqmt\xt ^^yy^viht ,  cft  falfum  in  aiii 
ad  quam  transfertur^non  conftdera- 
ta  propria  ipfius  nattira.  Ciim  enim 
illud  ita  commune  &z,  habetfub  fe 
angulum  mixtuni&  redilineum^in 
quo  generc  quantitatum  non  eft 
verum  -,  hahet  etiam  fub  &  Ipatium 
redilineum  &circulare^  &  in  hoc 
quidcm  cft  Venim/cd  id  per  accidens, 
cum  non  demonftretur  eflc  verum 
per  propria  ifti  quanticatum  bina- 
rioprincjpia» 


y 
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Quid  oUuarius  de  Scrfes  profecerit  dum 
Uhr£  ^dmniculo  circulumquadrajjc 
fibi  yifus  eji  y  tj^qukmlonge  difpari 
methodo  ea  traSletur  a  Mathcma- 
tico  inquirente  figurarum  tetragonij^ 
mas. 

§    VII. 

I 

T  Scius  Aucoris  >  nifi  libram  in  qua^ 
"^dratidocirculoadmouiiTet)  men- 
tionem  nullam  hbc  loco  feciflbrBv 
neque  enim  inilicuti  pra^fcntis  eft, 
recenciorunv  omnium  Scriptorum 
in  hocgenere  peccataemendare  vel 
recenfere«Q(]iatamen  inde  fumere 
poffcc  aliquisanfam  exiftimandi  vel 
libram  non  ahter  adhlberiab  Archi* 
mede  in  hoc  tetragonifmorum  ne« 
gotio^  vel  accuratam  efTeOhuarii 
experientiam  j  eamque  inaudita  ali- 
qua  inuentione  niti  \  operas  pretium 
duxieiushacdere  fcriptarecognof- 
cere  ^  ne  Hbra^  mathematica^ofii* 
cianc.  Tria  igitur  brcuiter  dicam. 
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Primo  proponam  cius  mcthodumj 

tiim  quadrationis  cius.  vitium.often- 

dam  japefiam  poftrciiho  cjuam  di- 

uerlb  modalibia  vraniur  Mat^gma- 

ticu5>  &  cjui  marhem^ticus  notj  cft. 

Ad  primuni  fp€<5bac  vt  ipfa  Autoris 

verba  producamus,  prout  iaccn  t  fiib 

fincm  capitis  3.  libri  primi  Thcatri  . 

agricuttur^  gallice  editi.  Qaamms^  in. 

({VM  ^circuUris  fi^ra    omnes  adhuc 

Geometras  anti^juos  €&•  fecentiores  Ttr- 

xmt^  prafatus  meinijh)  negotio  aliijuot 

horas  confumpfjje  ^meumea  dere  iud^i^ 

cium  yelut   Ifnus  de  turbx  frojeram  ; 

non  fuod  cenfeam  meam  hanc  fropoji, 

tianem  prneferendam  effe   monumentis 

eorum  qui  dedita  opera  ifi^m  tratta^  \ 

runt  materiam  ^fed  ne  cetem  d^jcipUn<£ 

huius  cupidos  de  noua  quam  ineo    me- 

thodpymagis  fromp^am  0*  expeditam, 

fiqu^  db  '\llo.offeratut\ampte£li para- 

tus.tateot  hanc  operajtionem  effe  me^ 

chanicam%&*  GeometrU  ,  Ift  potei 

ti^a  fu4s  dfmonfirationes  non  mutua* 

tur /tneognitam  \fed  tanto  etiam  lon^ 

giiis  a  falfo  ahcfi  ^  quanto  facilius  fenfu 

fcrcipitur^      Eccciara  vccbaquibus 


/ 
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ncgotium  fc  conficcrc  putat.     /« 

frofofno  circulo  trtangulHm  aquilare^ 
THtn  tnfcrihatury  (p*ft^pcr  rrian^uL  yna. 
larere  qu^dratum.'  Dtco  aream  huius, 
quadrart  dtqualem  effe  aredt  circuU.  Hoc 
autciQ  o(tcndit  in  hunc  modum.^ 
Eligarur  pUna  fuperficies  in  marerii 
quadamyniformifC^  reSte  cohdtrenr^^ 
yr inchartipatj^race^yel  pergamena-^ 
Vgn^o^  aut  cera  ^in  ea  dejcrtbarur  ram. 
arculus  (juam  quadratum  modo  diSio  y 
tum  appendatur  e  Uhrx  lance  yna  qua- 
drarum^ex  aUera  circulus  ^  ^quiUhrium 
quod  conjequerur  menjfrahir  decjuaUta^^ 
tem  tnter  yrramque  areami  dijcrimen^ 
que  fiquodfir  ^  effe  infenfihile^  dki 

Iftam  quadrationcm  ncc  rcram 
cflc  ncccamprope  acccdcre  ad  vc- 
fara  5  quin  propiiis  Archimcdca 
paulo  fuperius  laudata  (  qua?  S^ 
cxpcditiilima  &?  omnium  artificum 
vfu  probata  cft  j  iampride  acceflfc- 
?it,  nunchabco  oftcndcrc,  Conten- 
do  igiturarcam  circuli  ab  Oliuario 
ycpercamcfTc  vcraminorcm,  &qua^ 
ab  Archimcdctraditafuit  vcra  mi- 
nor  OliMarian4  (amen  mulco  maio*' 
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irem  cfic,   Lsitus   (riangali  circvlo 

Infcripci  fabtendit:  arcum  graduum 

120  i  cuius  inedietas  cfl:  arcusgr.  6o, 

SiQUsgr«6o  veromaior  efl:  S66Q26 

polito  naucotoparttum  i^oqo,ooo; 

Numcri  8661026    duplus  1,752  052 

cftj^cus  triaguli  infcriptij  vc  ex  do- 

<^rinayi;}i»9i9» hotum  pono.  Nume-* 

fus  \,iii^Kx%%  quadretur^  vc  exiftat 

numerus  3,000,004,130,704.  Pofico 

igitur  finu  toto ,  hoc  eft  femidiamc^ 

^ro   cir(:uli  partium  1,000,000,  & 

cpnfbquenter    quadrato  ciufmodi 

fcmidiamecri  1,000,000  000^000  i 

maiorVcro  circulus  cotincbicmen' 

j^  fiuras  q^uadracas  5,000, 004,150,794, 

cuiufinodi  femidiapietri  quadratu 

in  (c  habct  x  ooo,ooo,ooo,ooo;pro- 

portio  crgo  quadraci  qux)dex  fcmi- 

dianictro  fitad  fpatiii  illud  mai'  cir' 

culocftnumeri  1,00,0,000,000,000 

ad  5,000,004,130,704 rrpac^um  ergo 

()uod  quadratum  femidiamecri  coh- 

tincbit  ter,  &inrupcr  quinque  par« 

ticulas  cuiufinodiquadratum  femi*^ 

diametri  continet  decics  ccncenas 

n3illena&  fiue    ve  vuigo  iQquimut 


5? 

'^fn^rn  fhillioiHm ,  crit  matus  circulo 
quod  cft  abfurdufn*  Ex  Archimc* 
dis  cnim  dcmonftracionc  certifli- 
mum  cft  ipatium  aliquod  circulo 
minus  complcdi  in  fc  quadracum 
fcmidiamctri  ccr ,  &  infupcr  dcccm 
partcs  talcs  ,  qualcs  (^pt;u;|ginta 
&  vna  complcat  pragtdi^^um  krni* 
diamctri  quadratum.  PortQ  dif- 
crimcn   intcr  has    duas  minutias 

& —    cft 
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qua?  minutiacft  maioc  vndodaua 
partc  pr^didi:!  quadrati«  Eiafmodi 
igiturquadraci  cx  femidiamctro  ge^ 
niti  odauam  partcm    &  amplius 
lucrifaceret  quifquis  agrumcircu- 
larcm  hoc*mcnfuran di  gcncreemc- 
rec,  tantumquc  difpendij  patcretur 
qui  eum  vcnderct  j  fi  cx  Thcatri  a- 
gricultura:   Oliueriani     prasfcripto 
fundimenfura  inftitucrctur  -y  quod 
ian^  non  eft  a^qdd  lance  fuum  cul- 
quc  tribuerct  Sed  quas  crroris  iftins 
caufa^ 

Primo  faciiefieripotuitvt  macc- 
ria  quam  Oliuaiius  ad  praxim  iftam 
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afTumpfi^non  ciTi^t  s^quali   tenorc 

denia,  &cra(fai.  Secpndo  vtnon  ad 
amuifin)  diire(^a.Tcrti6  vtlibra  ipfa 
vitioaliquoextr^ordinario  fed  oc- 
culco  laborarQtj idenim  fsepius  eue-* 
nitquamvuigo  crcditur,  vr  in  tra- 
^acu  delibra?  principijs  explicAnuis. 
Quarto  dcnique  humana  arte  Heri 
non  poteil ,  prout  multiplici  expc- 
riinitia  cdpdli  Sctiptores  tcftantur) 
vt  pqr  tbram  qqamuis  cxa/5le 
^\zhot^t9m  omnimoda  diucrfitas 
inter  duQ  pandera  vtrinque  appcn- 
^  dignofcatgr  :  neque  epim  axis 
cireaqaem'Yoliiirur  iugum  cftaoc 
.eiTc potcft  iinca  iadiiji(ibilis'>iKquc 
pqndlum  Airpenii>ni$  fitc^  mcclia 
axc  I  npqge  caecera  omni^  viria,qiUB 
bene  mult:|  infcruenire  poflfuiu  in 
vfti  vel  cptiiftru<$i^iane  Hbraj,  ita  eui- 
mi  poifunt ,  vc  iltorum  vefttgia  ali-» 
qua  non  rcmaneant. 

Supcreft  yt  declaremus  vnde  oria-- 
tur  Matbematicu,  dum  opcrd  libras 
quadrarUguramaliquam  ,non  eife 
obnoxium  eiufmodi  incommQdis. 
Vora  buius  caufa  ei^  quod  in  praxi 
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non  vtacur  libr^ ,  feci  ifoM  regula  Sc 
circino^in  demonftrandaautem  pta- 
xeos  vericate  vtacurquidem  iibra  (cd 
diuulsa  &  abftradd  a  materia  >  ac 
proide  &  a  viti}s  tik  illS  prouenicn- 
itibus.  Porro  q^iidiit  libram  dbftra-- 
dam  a  matcrie  aflTumere,  apt  ius  cx- 
plicare  non  pofTumquamex  doflri* 
na  in  Ariftotelicis  hbris  paflim  con- 
l.i?.  c.  fignara,  pra?cipue  vero  in  Mctaphy- 

^mlTu  ^^'^»  ^^^  poftquam  dixit  nwthe- 
macicas  diiciplinas  (i>sHominatim 
annumerat  Mechankram  librae  no- 
ftra?  conicmplatriccm  >  (pciJlare 
obiedum  fuum  nempe  quantita- 
cem  vt  feparatam  ab  ijs  quse  ipfl  ac- 
cidQt  t&  per  qua?  feniibilis  fit  &ilicet 
ab  albediac^  frigore^duritie  &c.fub- 

^'  dit    i^i  ^Tt^^iiUf^fU^^i^ta-iAivA  rSh  ffV(A^ 

H^iv  J\ii  T«7»  ^euVlof    4«iw-67«"  %   a^T^f  ij"* 
tloM  ^  tS  yn  yfdfpy^^  K^rnv  to J^flWflM'  P^  fJt^  '^P'* 
■  ittfif^  i  yi$  i»  IdUf    vfioji^i    T^   4<v/or 

Quafropter  fi  (juisp^nat  hdC  ah  dcci" 
dentibuf  eiufmodi  feparata^  ac  de  jjs 
4U(]Hidjqu4tenus  talid  funt ,  ^onfideret^ 
nulUus  propterea  fdlaci^    tenebitun 


6t 
^umadmoduwnecft  in  terra  fgurafn 
kefcrtbatj^  eam qu£  pedalis  Unea  non 
tjt  yfedaltm  effe  dicat :  ne^ut ,  enim  in 
tfiis  fropofiticmbus  wehdacium  falfu* 
ue  inejf ^\hi  p^rprdfofitionts  intcUigit 
iJIas  qvse  conditioQaliparticuJaafir 
ciuMUVjVtfiJol  lucetf  fi  fuperpcies  fi^ 
^rauis^fiiiAcfit  libra  abomm  yitio  ifMT 
muniss{m\x\%  enim  vitiii/catcat^  nt* 
hil  prarfus  fallii  qui  vt  demonftrc^ 
aliquid  1  ponit  ca  abfquc  vUo  vitio^ 
atque  hoc  potaens  fi4>€v©-  ^  fyllogifl 
mum  ita  conficit.  Figura  omniscui) 
C\  pendcat  cx  libra  matbematicc 
pcrfc(5la)  conueniuntcert£iqua?dam 
in  ordinc  ad  libram  ipfabi  prppric* 
catcs^  cfta^qualis  figura?  ;«;^.  quam 
ponimuscftequadratam  &notam: 
Sed  figura  £/  c}uam  fumrtmus  cfTe 
circulu  pcckdi  diafhctro ,  a^fFc<9[acft 
eittfmodi  ^ro^i^i^tatibys  (pe(3:atis  in 
ordiiiead  iincamiC  quamspohtmus 

c0e  librsmiipiicirculoadaptdum^s 
crgo  dirculm  JS *  cft  asqualis  ^guj^e 
«^^  quaidrata?  &  doghita?.JBic/nulIu$ 
vt  aj^ercutnciftjiiiterueuit-Y&slibras 
^uae  mdtiu  a^tci^cturiqtttimjuciabcr 
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ex  d?re  vci  alia  macerie  confccerit. 
Quicquid  in  ifto  negotio  examin^ 
cgcc  eft  veritas  vcriufquc  pr^raiflW, 
an  rciliccc  eiufmodi  proprietates 
cuni  rt^edu  !id  librara  expofi'» 
cse  conueniapt  ifti  circulo  -^  & 
vtrum  )  (i  conueniant  ^  confcqnens 
di  ipfuni  circttlum  effe  arqualcm 
quadrato  ^.  Hoc  autem  rotum  dcn 
monftrari  poteftabeoquinunquani 
vulgaresilt4squib4isrrape%i(xe.&r  id 
genushomines  vcuntiit»  lances  ma* 
nu  rufpenderit»  •* 

Qubd  vero  OlliiarkK  huitt:  ligu- 
ras  quadratidi  modnm  fuam  e(Fe  Si 
hadeniftsidcomptnniiijn  putat,  falli»' 
tut  pIuHmum  'y  cognicas  cquidem 
eft ,  &  vbi  cosMnodior  via  tetvagp^ 
nifmi^non  fu^pmc/  v&irpstui  #  fed 

iimgfis  tka^aacpotataf^tieiDethodcs 
fciiicet  per  admiwb^e  illud  g^MUs 
bis  iibrandi  candim  mogiiitt^tvtaim 
«primo  in  t^xti^  deiftdte;  \n  ac][U£  y  &c 
n^uo  ykos  in  iibtillo  im  niemMaKD 
agimuSi  'AA  iftu^'  (iomprd]$iiwkrm 
;£icis  ^eo  adduoetfe  lofllaftatti  fob 
fibetri  opnlcuii  4l^f  ^iAefr-^jfi rnrf ,  vbi 


€3 
iftam  in    aqnfi  pondcrandi  ratio- 

ncm  cxplicacurus  prasfatuf  in  hxc 

vcrba.     Quoniam  ftopttr  irfeguid-  foi.,^, 

rm  t^uofunidm  corforum  cot^pofitio''  ^^'^^* 

nemnm  pdtefi'e<>rundti^  }^4gnitudfms  ao^T^ 

fer gtQmetriam  cerrdyy^mio  inueniru  1 5^^. 

C^  quoniam   fretid  ^uorundam  qu^e- 

mmtur  e^  yenduptur  dehent  magni^ 

tuiimhm  ifforum^  ttjrfi^nm  pr^^portitr 

mri  \  necejfarium  fuit  per  ipforum  pon^ 

iera  c^rfvrum  ^  eorum  magnitudinum 

(rc^portionem  reperire  ^  "ytpn^guUs  ma" 

gnitudinihus  per   proportionet  fuorum 

pondtrum  cognitis^  ^y^leafit  certa  pTi^ja 

fociari.    PrrMfh  igitw  infituinenti  pe^ 

qubd<xi(yhTriHMkirpdndtYU?h'^Mntiia'^    ^ 

ies  ra  tio  'dkhda  efi.  'EftW^.  Hxafi^ifh 

fondititMt  ^ifgMf^^a,incktusi^tdft9 

tfl  JmM^  ricipiins  pef^ih^ici^ki^'^ 

t^m \uh f^fimem^^if^^^  , ctHn^Mt^ 

Yibus  irhle^xir^irdiibiUiit^^ 

€um  dty^t  mi^ff^iwdim  alicuius  p^hi^ 

tirpitWefifuthftntifm  ieptSmi 

'tkffih  idkb  n^h  m  mi  mbtmi 


^ 
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cuU  arcae  proximc  a? qualc,  quod  il* 
lud  cx  Archimcdis  mcthodo  facilli- 
ma&  obuia  ion^h  accuratiiis  oBti- 
ncacur,  quaih  pcr  lanciuni  maau 
trad:ataruin  opctti  vM  humaha  ia* 
duitria  pr^ftari  qiieati 


Vnde  0Yiitwftunu  ifiius  xetragonifmi 
.    difjicultds. 


*  '  \^- 


,§.     VIII. 

...  ,  ..... 

VtObis  notitias  rcrum  imprcflai 
^  i  natura  hajrcrc  finc  quibus  ne- 
qucinteUigi^uicquamncqucquajil 
p^quc  dilputari  pdtcft ,  vox  cu  hon 
tam  AriftotcUs  i  quam  Veritatis  .ip* 
(ius^  ciii  omncs  facil^  aiTcnuuntur. 
Bxeiuftnodi  ivvSttuf  dhJI^J^oif  j^  *ir«tT«i- 

'  ^  J^iJWjquasprbptcrea^^fX*^  Grxci 
nos  iWri4  iiue  princij^ia  dicimUs ,  c^-^ 
ur4  fcries  deindc  jc^ititur  mAioranc' 
I.  4,  £fcns  y  vt  iTuItitts  Iqqiiitur :  in  ilU  ia- 
i"?^*,  „mcn  qua{i  catcAi  ycrffum  ah  inrtijs/ 
jifi^lutiprimtSf  annuli^  aka  lo^gms^ 
iiadiftant  ptopiiis  j  idcoquc  h^c 

tacihus^ 


facilius  >  illa  difficiliui^cleprehenduh- 
tur  connexa.  Vc  hic  Idem  npnntin- 
(}uafnc0ntingac,quod  in  qtiiburdara 
regionibus,  vbi  fluuij  a  fonte  fuo 
profe|3:i ,  &cae!Cd  tcrra;  biacu  ablpr- 
pcidiipoftlongos  tortuofbfque  fle-* 
xus  eibergunt  inexpliclibile  incdhs 
iit,  faa^c  cauda  cuin  quo  capiteco^ae'* 
reat. 

Ifta  efl:  veta  caufa  cur  circuli  qua* 
dratio  {h  adeo  abfl:rufa,  vt  tot  fieculis 
.  iiiuedirindpotuerit)totfngenijs  tan- 
ti/que  ftudijs  qua^reritibus  •,  profi« 
cKcittir  quidem  t  principio  aliquo 
per  fc  notOi  (ed  ita  lotig^ab  eo  pro» 
ceflHc  j  rotque  interiefta  fnnc  qc^af 
obftaacne  connexio-corufii  ap|^a« 
reac$  vt  dubieacum  a  viris  grauibus 
faeriCy  fi&icidmne  illiid  effccjcuius 
cum  veri  principijs  nulta  colligado 
cemerecur.  Atque  vc  ifl;iidHllftindii^t 
inceUigatur  percurrerte  lubec  4^ 
prasciptiasez  quibus  Geometra  con- 
ciadicduaruni)  inagnicuditium  a?qua* 
iitacem}  ilticoenim  iotelhgemuS  ob« 
fcurumeflequo  pa<%o  illa  inicia  cir-^ 
ciili  lecragonifhius  fcauacur  •  cuin  if9 

E 


■^ 
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pocius  repugharc  videatur. 

Piimo  quidcfn  adhiberc  folcc  li- 
iud  quod  apud  Euc/idcm  in  kiemciv 
tQrumliminc  cxtatTrtifAf^J^wy^w*^- 

ffrtiHnt  ea inter  fe  fnnt  dqUulia.  Quod 
vc.pleniiis  intclHgatur  rccolcn4um 
eft  illa  dici  i^ftJ^^fi;  qux  in  codcm  ita 
coUocantur  fpatio  vt  uihil  vnius  fi,* 
mi  poflit  cxtra  aliud  /  ad  iftud  vcro 
rc(]uiritur  vttcrmini  (luc  limiccs  quir 
bus  contincncur.fibi  iouiccm  apcc  . 
qiiadrcnt ,  (icuti  ifucuri  opcris  proty- 
pus  cohxrctadaptatus  rciquascx  illo 
dcformaltur ;  vcl  ficuti  fcrus  illc  cor*^ 
mqntorum  Artifcx  morcua  .corpora 
iungebac  viuis. 

componens  manibttfqttc  manus^  ac- . 
que  oribus  ofia^ 

Prie(crea  m^cmorid  tenendum.  eft, 
quafdamexiincis  ciGrarciso>>iofa« 

f&dfcpntur»  nos.  reffdarti  appcila- 
l.i  pro-  mus^  cx  ViccIIohis  dcfcripciaQc  'Vni- 
P-  * ^*-  formjfs, efje in  9mm  fui  farte ,  iftiuiquc 
Euci '"  ^"^^  obcincrc  propriccaccm^  VC  Pro- 
pag.i5^.  clus  redc  cxponit  i.quod  earum 
Herua    ^^^^^^  parccs  quibttfuis  coiqmifra!. 
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t&dapctn,tur  &  congruspnc  ^  fpccies . 
Vcro  ciufmojii  rqgularium  in  piano 
defcripurum.  Qon  fuac  nifi  dua?, ,  re- 
i^afcilicec  &  circularis  ^  nam  fpiralis 
iila  circa  (cyliindrurn  duda  quam  ex 
Apoilonij  demoodracionc  adiungic 
idem  YiOQ\\x%^'<\u^ni6rt£ii moiA cir* 
ca  fuperjiacm  cjlindri  ^unSium  ^qui 
'\cloc$tcrin  ips.i  mouttur ,  tltutiv^fiAfkj* 

•V«7*?c^^  iT*rtu7j^»ii^«i7<u,eft  quidenv  rc* 
gularis  fcd  nonloplandfupctficie  ia- 
cct  j  vndc  y itcllo  non  repugnat^  vt 
quidemcxidinlo^Proclp^  dum  dpas 
cancum  ait  c(rc*lineas  rrz^W^ra  rc» 
dam  ncmpc  .&  circularcm.  Rcg^la- 
cibuslincis  proxjma?  func  conica?  cl- 
lipfis  iparabole^',jc,hyperboiaiq^ufa 
quamuisquxiibetcarum  f)ars  cuiJi*', 
libec  honcong*ruai,,**t*  h^^Pi-^^^  fi  cug^-* 
ium^cunfifenitnuam^lUm pattes  tame,n 

qtt«  circa  axctji  (tir^i.fijt)!  m irtud  qua- 
dtant ,  C\  iecMnaiitT)  eundtqi   axcoi 
complicatajjucrint, 
Exhisliqu}d6  copftat,  ciim  h\iea 

cc^adiicpuueniatomni  altcri  lincae 

.  '      .  ■ '  ** t,'  *  ' .  ^" '    ^  ' 

pisccxc^uatn  loii  rc<5lde>figuram  con- 


1.  J. 

prop, 
»4. 
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tencam  iincis  redis ,  quam  rc^ili- 
ncarn  diciiht,  cuiufknodi  eft  quadra* 
ta  non  pofTe  cxifto  principio ,  quod 
arqualiutcmpctitex  mutu^  «Wf*»>?> 
dftcndi  sequalcm  cfTc  vllicuruilincsej 
quafiseftcirculus  ac  proinde  cx  ifta 
notione  prtPt 4  non  poflc  quadrari  iiir^- 
culuni  3  iut  y  quod  idcm  eft«  quadra* 
lum  rbtundari ,  tanta  eft^  oppofitio 
iftarum  figurarum  ^  adquam  lortafTe 
rcfpexit  illequi  difconucnicntia  fc'^ 
dantemdefcribcAs  air  illum  mutare 
rotunda  qudiratts.  Conftat  infupcr 
fegmcntum^  circuli  rei^e  oftendi  ex 
eodcmprincipid  apud  EucIidcmefTe 
a?quale  alreri  fcgmenro  ,  cuiiungi 
KA?  iipi^lio^if  potcfl  jcadcmque  dc 
causd  partcs  fegmertti  parabolas  vel 
hyperbola?  vel  etiam  ellipfis  qu^  axl 
earum  vtrinque  ambiunt>  elTe  aeqoa*^ 
les  monftrari  potcft. 
Secundo  plurima  funt  quorum  a?« 
quaiitas  vei  proporfio  iicet  oftendi 
non  poflir  pcr  iftam  ifAfiMyif^  dcmon* 
ftratur  tamen  per  didu£ticnim  adim^ 
pojsibile  monftrando  nimirum  nifi  fc 
habeant  vc  infcripta  notdquad^m 


^  69 

ratione  reifliiiaea  quorum  d?quali. 
tas  oftendicur  per  principium  illud 
c9nueAienti£  yfcqm  dJ^iv^Alof^  partem 
nimirum  effe  sequalem  toci.  Hoc  pa- 
^oplurima  >  eaque  fcicu  digna  ofte'- 

)  ditEuvlides  tnduodecimp  Elemen- 
torum  libro>  quorum  mencjonem 
fuperiiis  fecimus;  innumera  eciam 
nos  hac  vi4  a^quamus  iftorum  Eie« 
mencorum,  cecragonirmorum  libro> 
primo^isenimtotuseft  dehocargu* 
mento  ,  quod  abalijs  tradacum  non 
vidi>  optaui  tamen ,  vt  eo  breuior 
forem.  Qui  enim  problematis  ali- 
cuius  (blurionem  inueftigat^  clauem 
adreconditiora  qusedanfi  aperieiida 
quasric  s  cl^em  autem  ,mole  ipfis  va- 
lais  prop<ipariquis  CQinmendet? 

Hoc  a?quandi  genere  quin  qua- 
drari  poific  circulus  ex  folis  princi* 

*  pijs  gepmetricis  non  dubitd,fed  adeo 
abftrofiim pMCo  vt ficutparabold? te^ 
tragoniftxuis  /loti  eft  iimi^tus  folis 
.g^mecrici?  Jnitijs  ,'^nifi  poftquam 
^MechapijE^jniira  iftius .  aequalitatis 
veiucdK  «ft)W:Prima  rcperit  j  ica  nec 
Geometciftff  MmI^M^  UMicnci  iaudera 


\. 


70 

Mechanica?  prasreptum   irc  ^erare 

vnquam  debueric. 

Tcrcio  eft  aliudgeoffiecrix  fWriW. 

^uo  duorum  a?quaiicas  probaii  pb-« 

cefl:.  si  4^  4li^ui  magnitudine  fartem 

demas  &  ad  tef^iuum  adfj^ias  djualem 

ablats  magnitudinem ,  compofita  ex  re^ 

fiduo  0i  rx  aiieSfo  erit  £q^ualis  inttgt€ 

ma^nitudini^  Hoc  inicio  quadrauic/tf- 

nulas  Hippoc^races  Chius ,  ex  criagu- 

lo  enim  re<5^ilineo  auferctir  fegmco* 

tum  circuli  cuius  hafis  eadem  fic  quac 

trianguii «  S(  ad  refiduum  adduntur, 

duo  vnias  circuti  fegmehea  y  qua?  re- 

liquaduocrianguii  lacera  habenc  pro 

bafibus;^  a?quali^qae  (imul  effc  abla- 

to  fegmcnco  oftcnduncur  per  me- 

thodum  (^cundo  loco  iam  a  nobis 

propoficam,  vt  viderc  poces  m  primi 

^  .      libri  laudaco  coroUario.     Ex  eodetn 
^     inicio  oftendicur  angulo  redo  aequa^  ' 
lis  angttlus  quidam  fwroffJSir  fpec^em 
torms  tunaris  referens  »'  cdids^  meminic 

^g*4*  Proclus^quamuisinqiticficri  nequcac 
vcred«  lineas  pcripherifscongruanc, 

r^iif.  Eiufcc  modi  angulUs  ^&  illc  que 
contiacncduofcraicircali^  <;iuorum 
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7^ 
diamecri/anc  dtio  in  eandem  quadra- 

ti  angulumcoeuncia  larera^  vnus  au- 

cem  eft  intra  quadracum>  alcer  exce- 

tiijs  defcribicur»  Corcerunv  ifte  mo-- 

dus  f  6  re(^e  perpendatur>  deprehen- 

decur   non  prius  poffe  geomecriG^ 

.quadrarecircciiu^quin  ipfa  fegrcenca 

qua?  adduncur^&fubdticuncur  fuerirtc 

Inquadtacam  figuram  pcrmuiaca. 

Quarco    denique   cx  Mechanica 

habemus  iftudprincipium»  Qudi  fihi 

muieem  ex  dqualibus  interuallis  fujpen^ 

f($  ^quifonierant  funt  £^:Halia\    quod 

lacififime  pacec  >  quia  qiHbufcimque 

illa  terminis  claudancur  curuis  vel  re- 

dis  ;td  per  accidens  efl:  dummoda 

a?quilibrium  vcrinqueappenfa  com- 

miccere probencur.HacmechodaAr-  ."  «^. 

chimedes  parabolamprimusquadra-  '^"^^f"  * 

uic^nec  entm  audiendi  func  quiiftam»  ' 

vc  diximus ,  inuencionem  Pycliago^: 

rd^afcribunc.CkcnrNc  mihi  hoctoco 

vnumquodpraHermicci  non  debec^ 

eos  videlicec  ionge  errare  qui  diffi. 

culcacem  inueniendi  rem  aliquam,cx 

ips^iam  ic>uenca  meciuncur^flbique 

perfuadenc  expianaco  &  <>ilenfo  ici- 
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nerc  tncedentes  fietx^fmnhm  mon' 
ftrat«qije  via  laudem  non  eflitan- 
tam,qqin  ipfi  quoqnccam  co/U^qttt 
potiiiffcnt ,  Ci  anteriorcs  Archimedi 
yixiflcnt,  Audiant  Plutarchum  dc 
illius  inucntis  ita  fcrifjcntcm  $5»75r  ^ 

«atcel-  *»'«  vtftieAliU  /i|«  toS  xjjr  dujit  iutHf 
^*«  jr?»  xiMiff  o'J>^i»  4^r  ;g*  rApQmtf  U}  t>  /ttwu'. 

<«*»«F.  si  qm  l>erfe folmonem  ^roblemn'' 
tHmeiufmodiqittntyfritfirA  Ubornt»  in' 
utnieniiqHe  defferAtiont  occupatnr  j  /i-  ' 
mul  4utem  atqug  HUm  ib  ^rchimede  di- 
Mcerit  adducitur  yt  crednt  k  fe  quoque 
inuemri potuiffe ,  itapUntt  (p*  breuis  «/>- 
paretyiaquxadrem  propofitam  ducie^ 
Archimedcs  porro  oftcndit  fi  pa-» 
rabola  ccrto  quodam  ^  libra  fuipen<» 
datur  modo ,  fcqui  indcipfam  cfli: 
«qualcm  defignato  cuidam  fpatio 
re^ilineo.  Iftud  demonfttandigcnu* 
praecipu^  fi  ad  circulum  &  hypcrbo- 
lam  entendatur ,  vt  i  nobis  fa<aum 
eft,egetpIeniorc  quodam  theorema- 
tumadlibram  ipe(^.a,tttium  notltiii^ 
quapropter  fecundum  librum  Elc- 
nienrornmiiQftrorpm  iUis  dcftioaulj 


ir- 
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uimus ,  ciitn  ea  alibj  nobis  non  oc« 

iCurrerenr,&  perhecefTaria  elTeinteU 

ligeremusadfigjurarom  quarum^un* 

quetecragonifinos»  Tertio  demum 

£lementorum  libro>  quod  nemineiti 

fcciffe  vidimuS)  cradimus  methodum 

'rufpendedre  libricircuium,  ellipfim, 

&hyperbplam  ^quodab  inicio  hu* 

iuslaboris  fibi  propofiierat  animus 

veri,  vtiham  &gloria9  diuina?  vtcun^ 

quelnde  prouentur^  ,fi:udio  ardens. 

Esn  hadenus  didis   liquet  fruftra 

eos  eflTe  qui ,  cum  in  Umine  mathe- 

maticarum    difcipliparum     adhuc 

verfencur^imo  necdumillud  foru& 

fe  attigerint  ,  circifmfpiciune    qua 

(i ,  qua?  CcCc  ca^terorum  ocuHs  fub- 

duxit,ipfis  fevifendam  vlcro  obla- 

tura  fit  quadratio  circuli :  non  enim 

.habicac  in  ipfo  aditu,fed  in  abdjtif' 

iimis  paUtij  ifiiusreccifibus^   In.vc- 

.  ftibulo  funt  Detx)onflrat!ones   ele- 

mentorum  quas  ^uclidcs    cQllcgJC) 

inpenecrialibus  laccnc  Coni(:a  .  ele« 

Qicnt»  ad:qu2e  pxoximi^  peruepit  A' 

pollonius  anceribrum  conatu  exf^ita; 

tM^  longiifs  delit^icu^c  «Vf/^/Q^ijt^^qu^ 
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^^equifonderMtia    vulgo  dicuntuf  ^ 

ipfamque  P^iraboU  quadracur^im  ftf- 
panc,  quovfquc peruenic  indcfaciga- 
bili  laborc  Accbimcdcs  •,  vltcrius  fi- 
nc  via»  ducc,  acque  c6  pcriculofius 
quo  minoriluce  progrcdicndum  ctt 
ciqui  ad  irrcpcrcaCirculiquadracio*^ 
ncm  afpfrar.  Quid  nos  Euclidcn>, 
ApoUoaium  &  Archimcdcm  fcquu- 
ri  porro  foli  profeceriransj  cuum  crit 
afftimarc,  bcnigne  LciSror^ficuoso- 
culosipfa  cui  cua  causa  ftuduintus^ 
Operis  eaoluendi  |;^reuicas  ailexerii:^ 
Laborcs  noftros  faccniur  fuiflfc  dru. 
turnos&incrcdibilcSi  fa^piusj^  vc  fom. 
Icc  pcr  auia  &  pra?rupta ,  cx  offcndi- 
culorumincurfulap^  fomusi  nonfc- 
mclinanibus  fpedlris  delufi  fuimus» 
nobis  frequencer  vcnic  in  mentem 
trada    ^^^  ^^'^  Auguftiniana?  fimilis  N  o  1 1. 

%6.     in  Q^  V  A«  R  B  R    B       S ,  l       N  O   »     V  I   S 

loan.  £  R  R  A  R  B  5  an  vcr6  candcm  ali- 
quod  tanti  ta?dij  pretium  nobis  con-^ 
^  ftec  pcnes  ie,  inquam^efto  iudicium^ 
faumane  Ledot^quodfiqaid  vcri  a 
npbisrcpercum  efte  probaueris ,  id 
tbcum  in  Deum^  quem  vioe  re^borcm 


ai&du^  iiBpIorauJmDS  2  vt  refundas 
cnixcflagiwmus. 


ADMONlflO 

in   fequentes 


libr 


os. 


V 

T  Ibroquiad  icofi/wwApraelcnns  tc- 
tragonifmi  perunebac  abfoluto 
teUquum  cft  vt  ad  cos  qui  Qu^fitafdn  cra- 
^ant  i  ccanfitum  faciamus^  priusta- 
men  de  paucis  quibufdammQnitum 
voloLci^orem* 

Pimo.  Si  quis  ad^  legcndos  qui 
fcquuntur  Hbros  accedet ,  dcbec 
iscailcre  Elcmcntorum  Euclidls  (cx 
faltcm  priores  libros  •,pr2Btcreargno- 
rarc  non  debet  Apollonij  Elementa 
Conica  t  qua?  extant  i  dcniquc  ver - 
fiium  cum  cflrcaportct  in  Afehiiiic- 
dcisdemondrationibus  ijs  mrniaium 


7^ 

quas  C(:xipCitde£qmpondirannbus  libro 

primo,  6c  de  quadracione  parabola; 
libello  (ingulari ;  qaa?  duo  opera  vei 
ex  hoc  probancur  efTe  Archimedea 
quod  piiucis  mulca,)  &  recoodjca 
compX^s^^ncnr^videctirenim  ifte  Au- 
coi;  effc  ^«ialis  pra^f  agceiris  oCbr  ma- 
gnoruni  votuininunr.  Qui  hisinftru* 
&u$  nondum  fueriC)  non  eft  quod  in 
manus  Aoftroslihrbs^rutWaci  nihil 
eceniminijsuiderec&&  forcaflfc  hoc 
efTelibrorum  viciutn  quererecur ;  vbi 
aperte  conftarec  non  elfe  iftum  obie^ 
B:i  (  vc  dpcendo  loquimur )  c^  lumi- 
nis  defe6ii$m  ^fedfotenUA  if^Jius  yijii$£. 
Secundo  cgufam  exponerfe  debeo 
Tolofacibus ,  in  quorum  Prouincid 
Auguft.  &  ^^^^  primaria  Sacram  doSirinam 
1.  i4.ac  quafidesfalHberrimd  giinit^r>  nutritur^ 
j  ""'^*  defenditur  iampridcm  proficcor^  cur 
Theologus  Marhcmacica  fcribam? 
Non  menciar  fi  confcius  cenuicacis 
meaeprimiim  dixerome  diuinis  fcrir 
'  bendis  iraparem  cfTe  s  nec  (i  dcinde 
adiecero  pciiis  me  Machefeos  in  hac 
ipsayrbeprofefTqcem  cxcicifTe  quatn 
Schblaflica;  Theplogise :  refpbndei^ 


! 
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tamen  lubet  velle  me  hac  (criptionc 

indicare    Thcologo   Mathcmaticas 
difciplinas  imprimis  nece0arias  cffe. 
Illum  egcre  Sacra^  fcripturae  intelli- 
genria  non  vulgari  nullus  infitiatur*, 
atqui  ca  cfTe  abfoluta  nequit,  nifi 
Chronofdgiam  facramjunariumfb- 
lariumque  eclipfium  ac   cyclorum 
rationem  ,  nifi  vafbrum^  ponderum» 
atque  aedificiorum  propartiones  ad- 
iunSas  habeat',adquas  omniaquan«? 
tum  dircipiiiiasiftaeconducantnemo 
non  facile  inteUigit.    Sump^qxjtm-^ 
plum  vnicum  ex  Apologetico  Ter- 
tulliani  adScajpulam  Atricaf  Pra^fi. 
dtm,  quem  vt  a periccutione  CI\ri^ 
l^ianorum  deterreatspojflquam  com« 
inemorauit  imbres  immb^icQS)  fe- 
getum  k^uraiTLignes  fape.r  mcenia 
Carthaginis  pend^rp  vifos ,  tonitrua 
frequentia  audit;|^  ofntiiA^  tpsuit)  h£c 
fnntti^dimnim^intis  ir^  J^tij  quam  nem 
€ijf  eji  qnomoio  fo[fuwm  &*  annuntit* 
pim^  &"  fr^dU^fpuSy&^  dcprccemur  in% 
tcrim  localem.cffe.   Nam  .tj^.fqlille  int 
€(muentu  Vricenji  extinaQ^dtnclumine^ 
idcofortentimfuit^  yt  non  fotucrit  ex 


I 
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OrdIn  a  Rio  deliquio  hocpatipo^' 

fitus  tnjuo  hypfomate  &*  domicilio  j  ha- 

betis  uiftrologos.  Ita  Afcr  illc  Paganis 

in  causS  boni  m^lo  argumcnto  inful- 

cat.    Si  Aftronomia?  pcritus  fuiflTct 

nunquam   pronuntiaflfct  homo  ni*- 

mium  crcdulus  folcm  in  racridiano 

circulo  &  fuo  domicilio pofitum  non 

poflc  pati  dcliquium  ,  cum'  contra- 

riumipsaluce  mcridiana  apud  Aftro- 

logos  clariui5  fit  5  nunquam  iilud  dt- 

llquium  contra  ordinarias  Aftrono- 

miaelegcscueniflc  iadatfct.  Quam*- 

uis Authorcs  qui  cclipfcs  apud  anti-- 

quiorcs  confignatas  fcriptorcs  colli** 

gunt,  iftius  non  mcmincrint>certum 

camcn  cft  anno  Chrifti  1^6.  Seucri  4» 

(- fub  quo  ifta  ContigiiTe  confcntic 

Baronius,  quamuis  quinque  annis 

tardii^is  9  quod  mirum  non  eft  1  cum^ 

prseter  Mathcmaticasj|  *quas  Cardi- 

nalis  ifte  rioti  adhibuit^^  alia?  omnes 

huius  praeidse  tempbns  cohie<S:urae 

iricertas  fint  vt  Pamelius  admooet) 

congrucreeK  iifdem  taS^ulis  cclipnm 

folarem  quse  Vtica?  contigerit  7.  Dc- 

cembris,  Fcriilj^ duraffe  horas  diias 


com  fcm jflc  fcre  j  inchoaffc  tjuinquc 
fcre  horariis  quadrantibus  antc  mc- 
jidiemjtotidcmqucfcimcpoftdefiif^ 
fc ;  cius  di^itos  vc  loquuntpr,  eclipticos 
fuiffcj.fcrc, 

Tcftio  ncc  iftius  caufam  rcticerc 
debco  ,  cur  ciim  ante  annum  amici 
iioftri  i ftain  vrbe  palam  dixetint  iftu4 
opus  nifail  cxpcdiare  pra?ter  Typo- 
graphi  opcram»  cohibitum  tamen 
apud  nos  fuerir^  ne  foras  ad  hunc  vf^ 
que  dicm  prodiret  ?  Dico  ii  fatis  ca- 
ftigatum fucrit ,  faiis cito  ipfum  pro- 
dire  in  lucem.  Maiorum  cxpcdanda 
erat  faculras,quorum  pxudencif  fum* 
mx  fak  leoto  gradu  1o  eo  (cribendi 
genereprocedere>  cui  tamfrequens 
Scriptorum  primaenotas  lapfushunc 
fenarium  ex  Tragico  defumptum 
merito  addixit. 

Nihil  timendum  video^  fed  timco 
tamcn. 

Facillimum  profc<Sl6  eft  Ocuti  ia 

^    arithmeticis  j  ita  &  in  geometricis 

praecipue  abftruHs  hallucinari  /  quiA 

quis  vero  iftud  expertus  noncft^  ni- 

hil  eun^  vnquam  inhoc  negotioten^ 


4 
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taflfe  aufim  affirmarc  i  &  qaifquis  d(l 
hoc  argumento  aiiquid  emittic  itt 
Iucem>  nec  tamen  timec^innomina-' 
to  iilo  i^eUt  vitio  laborare^  quam  m 
Celtis  reprehendic  Atiftoteles^  quod 
terra?  motus^  tnarifque  agitati  flu^ 
&US  contemnerenc.  Pprro  quemad^ 
modum  facile  efl  in  iflorum  inuefli^ 
gatione  erroris  fafcinotenen,  itain 
aliorum  inuentis  jreprehendendis 
jprocliue  admodum  efldecipi,  iioa 
aliter  quam^  duas  ex  lucern^  flam-* 
mulas  vidcrej  cum  oculum  torfcris. 


Pag.^4.  iamargioepco  j»4BA^W^^*lcg«S^- 
Atddem» 
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ELEMENTORVM 

TETRAGONISMICORVM 
HBER  I. 

^i  ejl  ftr  foU  principia  gtomt- 
trica  de  curmlineorumis^mix- 
torum  proportione  inuicemy  O' 
cum  reBilimis, 

DEFINITIONES. 

'•  1.  Arallelogrammum 

?mixtum  voco  qu^ 

^drilaieru  cuinsduo 

^latera  funt  redz  )>- 

neae   xquidiftantes  inuicem  i  & 

zquales,  reliqua  autem  duo  late- 

rafuntlineac  curH^itadercriptx, 

vt  rcftae  omnes  inter  ipfas  po- 


♦  Tetragonifmicorum 

{Itae  &  xquidiftantes  alijs  lateii- 
bos^  (int  inmcem  &  cum  ipfis 
lai:ertb{}$  tcdis  se^ifite«  i.  Tra- 
pezium  mixtum  eft  quadrilateru, 
cuius  duo  latera  Tunt  ttdx  linea: 
xquidiftantes  &  inaeiquales,  teli^ 
qua  autem  duo  latera  funt  lineae 
curua?.  3.  Amphicyrtum  ,feuin- 
terne  cauam  appello  figuram  c6- 
prehenfam  lateribus  curuis,quo- 
rlimcaua  refpiciunt  ad  interiora 
ipKTus  ligura?.  4.  Ampbicoelum 
feu  interne  conuexat^  ,  quorum 
caua  r^rpiciunt  ad  eyteriora.  5. 
Menoiden,  feu  interne  conuexo- 
cauam ,  quorum  vnum  fecundum 
caua  fui,  alter&  fecundum  couexa 
comple<^ntur  ipfam  figuram.  6, 
Se^tonem  conicsm  appello  non 
folum  parabolam,  hyperbolam> 
&  ellipHm ,  verttm  etiam  ip(um 
crrculum.  7.  Oxygoniam ,  fi  fuc- 
rit  vndecunque  claufa^  cuitifmo- 
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di  fant  circulus  &  cllipfis.  8. 
Centricain ,  fi  fuerit  cehtro  praE- 
dita ,  cuiufmodi  funt  circulus,  el- 
lipfis ,  &  hypcrbola.  p,  Segfhen- 
tutn  fedionis  conics  ,  figuran) 
contentam  portione  fedionis 
conicae ,  &  rcdi  fubtendente 
eiufinodi  portionem.  i  o.  R  edam 
iftam  fubtendentem  nqmino  cum 
ArcKimede  bafim.  it.  Diametru 
fcgmeti,  eam  quae  bifariam  fecat 
ipfambafim.ii.Verticc  (egnien- 
tijpunduinquo  arcus  fegmenti 
occurrit  diametro  dufdetii.  13. 
Cum  pcr  vcrticcm  fegrhenti  d«- 
fta  fueric  p^fallcla  bafi  ft^k ,  ^ 
perextrcma  bafis  diidx  asqufdi- 
ftantcsd  iametro,  parallelogrami 
cbmprehenfi  fiib  bafi  &  f&bfe- 
dis  edu&is  portionemeam  quje 
cft  extra  fegrftthfUiii  ap|>ctlo  ti- 
ceratoidcn. 


A  a 


4  ^^^^  agonifmlcorum. 

Inuifus  fUnc  yjurpdm  IfoetsilUs  aitlphi'<- 
cyrtum,  amphicoelum  vmenoidcn ,  &4i" 
ceratoidcn:  mirumemm  nudhium  delcHor 
Jenjd  dnimi  ijsyerbis  exfromerefHsyJufuh.$ 
notifsimdy  4c  froinit  ^u^infidr  fmiUdrium  O* 
damefiicorunf  infinudntfe nullo  ofifjcufiode rr« 
fugndnte  in  fenetrdlid  mentis  noflrd.  Uecefsi» 
tdte  igltur  comfulfum  me  idfecijfefcids^  LeBot 
yelimiijudmuis tte^ue  iffdcyoces  ego  frorfus 
txcogitduijdut  excogitdtds  dliundetrdduxijfed 
ex  ifsa  Mdthtmdticoru  offdna.Ecceyerbd  Pro* 
pigSf.  cUin  EucUdi  periphena^  fe  mutuo  fecantcs 
cait.  aut  cotin2;cntcs  conftituunt  aneulos  trifa- 
^^'  riam  \  vel  cnim  flt/i>t^*)tvf7«#,c[uando  niihirum 
extrinfccus  fucrint  conuexa  periphcrtaru ; 
vcl  AiJi^uoihiif  j  quos  ;  appcllant  ^rf og/ JeTr, 
quando  cxtra  ipfos  angulosfucnjitvtriuC- 
que  periphcriae  caua  -y  \c\  mixtos .  ex  cau^ 
&  conuexa ,  iicuti  cornua  [jLmo-mv,  ,PrX' 
tereafub  rcfta  &pcripheria  continentur 
anguH  duobus  modis ,  fub  re£la  videlice€ 
&  fub  caua  periphcria  >  vt  in  femicilrculo;. 
velfubrc£Va&  fubcouexa,  Cuiufmodi  eft 
angulus  qui  u$AlouAh  dicitur.  Unod  i^ruP 
figurd  iUd  ijud  yna  cumfegmentocompleffdf 
tdllelogramum  de  fuodjpf  Jefinitionumyltim 
mdy  confiitudture^  duolfus  dngulis  cerdtoidi'' 
tus  e>  in  cornu  formdm  defcriftis  ^  ^uidein^ 
ceps  \unt  dd  funilumuBus^  not^ilUmJ^iKifftm 
oa?  6a,  loHi^ii  diccratoidem  diximus. 

Caterumytrum  ffv^fou d^nc  ^   yeiyt  dltbt 
fcribitur  ^vcfasiJiif ,  dffelletur  d  figurafiri'» 
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^ilU  dnUfu2,f4Tum  hic  nferi;  Vtx  ctrti  sb 
eius  fftiti  qudm  fin^k  (urduit  Mercuridlis,  ^^^.^ . 
tumin^  mUunpjigura  hicornis  non  tefrdfenU'-  gytnna, 
Hti  nrujfedfui  Ordcps  du4€   eiuJmof(i  lin"  1.  r.  c. 
»U  flexddt^ue  tuhuldtd  in  l^numjlringen^  '• 
li  cutemtifurcum  ihfirumentum  comfd^d 
fuerint'j  ^Udm  coniedunm:  forie  4ff  firmdi 
Mirtidlis  dum  inde  Romdyn  mijjds  flutdli  nu- 
mtro  defcvihit  hocyerfK.  . 

»  ^  • 

'  '  \Alid  ^wsF  notiontrminiis    aftd  Vtdentitr  j  ^^ 

ddftd[tnte.mhnminis':origihem  exfiicdnddw.  biblio- 

v/f/^w^i  Viodorumyoxifidfondthdjtd^feitcuf'  th.pag, 

fi^fi  ^uihus  muniehdntur  currus  fdl<4tiy  y  ^^^^- 

excdUtUui  eorum  jud  deilltsfcriffereLiuius  Stcpha. 

O^  Curtius  dfertum  efi.   Uuidfi  mendum  ihi  ni. 

^Jf  f  tS^^v  /?ro  ?«^«  }«'o  i»  '^<'''»  fdgink  ytiturl  ,|;^ ^ ^ 

;>f/?»<i  Eufidthumtdiemlfoxdenotdtinflru'  9  pag, 

miMi  genus  (^uo  ^U£  fxtdut  in  compLodndo  p.1314, 
plo  fdduntur  ,  A<9»*  «^'  '^7^*  tntnS^fiffoi^iyA  nyovy 

^of^hitrdu.  Lexicdinterfret4nturyentiUhrt4m, 
ytrum  reiie ^ignoro  \ grdu,  ijuidemyoxTlwv  IlHad, 
gtnus  efi  dd  ytrum^ue  infirummtum  ,  >r  »x  v  pag. 
iflo  Eufldthio  difcimus  'Ttlvov  \  S  h^    ^v  yh im-  9 14- 
yivlwa^iv^dp^dhJKfJLtiTixxiSiivACAhkovlof  taiixoii-  ijiad. 
fiifA.  Bdtforroyoce   yeluti  noiiore  e^p/iw/.f,p«g» 
Bomericum  illud  ^J^orinvdife^x^  e^fortup,  i^Jfj^^ 
*7«w  nomettilU  indidere^  fuod  licet  officio  ^g^^^ 
afemtyttontdmenfotmd.  '    • 


6  Tetragottifmicorum 

.  ■   ■'  ■  ■■         •  '  .  '  '  ■ 
V  PropositioI. 

Si  du2B  redac  fedionem  coiii- 
tam  tangcntes  conueniant ,  &  i 
concurfu  ducatur  diameter  j  por- 
tio  illius  ^  fedionis  vertice^  ad 
concurdim  eft  in  parabola  aequa- 
lis  portioni  abcodem  verticead 
.  redam  tat^us  connedencem  j  in 
hypcrbola  eft  ea  minor  j  in  oxy- 
gonia ,  maior. 

Sit  conic4  feAio  a  d  b  ,  quam  in  a  9c  h 

tangant  reftar  a  e  b  e  conuenicntes  in  e; 

&  per  e  duita  i^t  tefta  e  c,pccurrens  feftio- 

ni  in  d,  &  rv^Aam  a  h  taAus  conneAentem 

fecans  bi^riam  in  c  ;  erit  er^o  d  c  diame-i 

ter.  Sit  primo  fcftio  a  d  b  parabola,  vt  in 

cundi     ptnni^bgura;  dicorectam  cd  elleaequa^i 

Coaic.   lem  re£tds  d  c.  Quoniam  enim  parabolam 

a  d  b  rcfta  a  c  contingu  in  a ,  conuenitque 

cum  diametro  in  e^  &  a  ta£lu  ordinatim 

applicata  eft  ad  diametrum  ret^a  a  c ,  erit 

reAa  d  c  abfcifla  e>c  diametro  ad  feAipnis 

H.  pri-  y^rticeoi  d»  zqualis  xtSkz  de  inter  fcAio<« 

vcii  C6.  nem  &  contingentem  a  e  interie^tx. 

Secundo  fe^io  ad  b  (it  hyperbola ,  vc 
in  fecunda.  figur^»  dico  rc^am  cd  cfTe" 


■X-- 


*' 


^*r"7  "i 


]'. 
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tninorem  rcfta  d  c.  (^oniam  cnim   hy- 

pcrbolam  a  d  b  rcfta  a  c  contingit  in  a, 

U,  pri-  conucnitquccumdiamctrodcinc,ipfuni 

mi  C6.  c  iaccbit  mtcr  vcrticcm  d  &  ccntrum  fc- 

37.pri-  ^^  diamctmm  linca  a  c  ordinatim  appli, 

mt  C6.  <^«*ta  fit ,  rcftangulum  c  f e  crit   aequalc 

i^.fcxti  auadrato  rcaae  f  d :  funt  crgo  trcs  rcftac  fc 

^"^-      fd  f  c  proportionalcs.  Quoniam  crgo  vt 

f c  ad  f  d  ,  ita  cft  fd  ad  t cj  crit  diuidcn- 

do  vt  f  d  ad  cd ,  ita  f c  ad  d  c ;  &  altcrnaH- 

do  vt  f  d  ad  fc ,  ita  c  d  ad  d  c  :  Sed  f  d  cft 

maior  quam  f  e  (  oftcnfum  enim  cft'  pun- 

ftum  c  cadcrc  intcr  f  &  d  )  crgo  rcfta  d  c 

cft  maior  quam  c  d* 

Tcrtio  fcftio  a  d  b  fit  oxygonia,  vt  in 

tcrtia  figura  5  dico  rcdam  iC  d  cSc  maiorcm 

rcda  dc.  Quoniam  cmm  rcftac  ac  bc 

37.  fc-  f^^ioncm  .oxygoniani  contingcntcs  con* 

ciin.       ucniuntinc,  rcfta  ab  coniungcns  taftus 

Con.     non  tranfibit  pcr  ccntrum  5  nam  fi   per 

ceiitrum  tranfirct,  forcm  a  e  b  c  parailelae. 

Sit  f  ccntrum  ,  atquc  pcr  f  ducatur  f  g 

parallela  rcftae  a  b  ac  proindc  &  coniu- 

finit. ^"  S^^^  diamctro  f  d.  Cum  crgo in  periphcria 

primi     d  b  S  punftum  b  fit  inrer  d &  g ,  &  in  illo 

Con.      refta  c  boccurrcns  fcftioni  cadat  cx  vtra-» 

quc  parte  cxtra  feftioneni,conucnict  cum 

»r.  pri-  linca  f g  produfta.  Conucniat  in  h  ;  crgo 

*"*    ^"  inHncacbpunftubcftintcrc  &h  :  crgo 

in  linea  cf  pun£);um  c  cft  intcr  c  &  f ,  ac 

proittdc  f  c  rcfta  cfl:  portio  rcfta?  / e  5  & 
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ipdus  etiam  f  d  ,  cum  d  iit  tcrminus  dia- 
mctri )  c  autem  (it  intra  fedlionem.  Quo- 
niam  igitur  reiftangulum  e  f  c  eft  aequalc 
quadrato  reftx  fd,  trcs  e  f  df  c  f  lunt 
proportionales  >  ergo  diuidendo  vt  cA  ad  ^, 
df,  ita  dc  ad  cf,  &  altcrnando  vt  ed  niico' 
addc  ,  itadf  ad  cf :  fcd  cf  cft  minor  . 
quam  d  f ,  ergo  d  c  cft  minor  quam  d  e , 
quod  crat  ofl:cndendum.^ 

Propositio    II. 

Dato  fegmcnto  fedionis  co- 
nicae  &  dato  fpatio  quouis, 
poteft  fedio  conica  in  tot  por- 
tiones  numero  pares  diuidi ,  vt 
C\  per  extrema  earum  dacantur 
rcdae  ipfas  fubtendentes  vel  tan- 
gentes  y  concludant  cum  ipfis 
fpatia  quae  omnia  fimul  fint  mi- 
nora  dato. 

Sit  datum  fcftionis  conicx  fcgnicntum 
a  c  b  comprchcnfum  rcda  ab  &  curua 
a  c  b ,  datum  etiam  iit  fpatiuiti  o  \  pro- 
pofitumque  fit  primo  oftcndcrc  fcftio- 
ncm  a  c  b  pofte  in  tot  portioncs  numcro 
parcs  diuidi » vt  fi  pcr  extrema  earum  du- 
cantur  rc£tx  ipfas  fubtendcntcs  conclif* 


^a^-iO 


a 


( . 
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dant  cum  ipfis  (patia ,  qux  omnia  fimul 
(int  minora  dato  o.  Ac  pnmum  ne  a^tuni 
agamus  ,  cum  iftud  de  circulo  ex  £uclide  ^^  j„^j 
demonftretur)  &  de  eilipfi  ex  ijs  quae  4cc. 
Commandinus  in  quintam  propofitionem 
libri  de  cenoidibus  &  Sphxroidibus  eft 
commentatus  ,  fupereft  vt  idipfum  ad 
parabolam  &  hyperbolam  extenaanius. 
Parabolx  igitur  vel  hyperbolx  fegmen« 
ti  bafi  a  b  parallela  ducatur  g  h  ^  &  vtra- 
que  bifariam  fe^a  in  pun^is  e  i»  iungatuc 
re£la  et  pundumque  in  quo  fcftioni  oc<9 
curritfit  c^eritergo  rcAa  ei  diameter» 
PerC  ducatur  i:e£ta  c  k  aequidiftans  reftat  **•  *^^ 


cua. 


a  b  •,  tangct  ergo  c  K  fc^ionem  in  c.  lun-f  c^, 
gantur  tt£ix  c a  bc  ^  &  compleatur pa^  fi«  prt« 
rallelogrammum  a  d  k  b ,  ita  vc  a  d  k  b  »iC^» 
(int  srquidiftantes  tcdx  tc  :  re£lx  crgo   ; 
d  a  k  b  in  vno  tantum  pun£lo  cum  fc*f 
£lione  conuenient  :  ergo  parallelogram- 
mum  a  d  K  b,  erit  maius  fegmento  a  g  c  h  b 
intra  ipfum  paralielogrammum  inciufb  ^ 
crgo  &  triangulum  a  c  b  femiCfis  paralle- 
logrammi  a  d  k  b  erit  maius  femifle  (eg« 
menti  a  g  c  h  b :  nam  vt  totum  ad  totumf 
ita  fcmidis  ad  femiflem. 

Quoniam  igiturex  fegmento  agcbb 
ablacum  eft  triangulum  a  c  b  maius  ipfius 
femifie  ,  ex  refiduifquc  duobus  fegaicn^ 
tis  a  g  €  bc  -h  poflunt  pariter^aulcrri  duo 
qux  fingula  fint  maiora  ipforum  fingulo* 
maUmifk,^  fic  iainfinitum^deuenictuic 


2^*pri* 
mi  C60 

4i.pti- 
miEttc. 


t  •    -^ 
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f andem ad (egncnta  namero  paria,  quae 

^  omnta  (imui  mtupra  erunt  fpatio  o  i  id  c- 

*     *.    iiim  fieri  poflc  affumitnr  apud  Euclidem 

aliofque  GcometraS  vt  in  prolegomenis 

diftum  cft*  Dato  crgo  fcgmcnto  &c.  quod 

erat  primo  loco  dcmonftrandunt»  &quoci 

#.'  fe-     Veluti  dembnftratitm  de  parabbla  adumit 

cun.  dc  •Arckimedcs  ih  libris  dc  acquipbiidcranti-- 

*^"'P-  bus. 

*'  S^cundo  propofitu  fitoftcifdcre  feftio- 

iiem  a  c  b  poflc  in  tot  portiones  numerd 

)>ara;  diutdi  vt  tangentcs  per  earu  cxtrema 

( ,>    ^    diiftx  contkidant  cum  ipfis  fpatia  quae 

bmnia  fipiul  fint  minora  datoo.  Iftud  de 

-  circulo  monftrat  Archimedcs  propofitio- 

j^cT  primade  citculi  dimenfione,  &  pro- 

jjofitione  fcxta  libri ,  prii!ni  de  fphxra  & 

,  cyliadro,  oftisndi  vero  poti^ft  de  ortini  cb- 

nica  feftionc  in  hunc  modum. 

•   Sit  primo  curua  a  c  b    p6rtio  bxygo-. 

niac  vt  ih  fccunda  figuri  5  cuius  ccntrum 

,  d;  per  d  &c  dufta  fit  diamctcr  d  e  oc~ 

,   ciirrcni  curiia:  in  c  :  iunftae  cr2:o  ac    bc 

nbm  tranfibunt  pcr  centrum  d  (  quod  fi 

pun£la  d  &  €  fibi  congruant ,  intelligatur 

diameter  ce,  quae  fit  coniungata  diame. 

tro  ab*  )   Qiioniam  cemr^ulti  d*  eft  ih 

refta  c  e,'£i  ptr  a  &  c  duftia^  fumnt  tan- 

gentcs  coricurrcnt  ad  bafd#n(i  partes  cen* 

»7.  fc-  trt  d ,  ad  ^<Juas  cft  rcfta  ic^  Jcfoacuitant 

cun.      in  k ;'  &  taiigentcs  in' c  Si  h-  (  quacpsMri 

Con.     rationc  oftcndcntur  conuisnire  )  conuo* 
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fiiant  in  u  Cum  iginir  curua  a cb  itfki^ 
iitin  duas  portioncs  ac  cb,  &  pcr  tx.^ 
trcma  a  c  c  b  duAx  (int  tangcntcs  coeon» 
!tes  in  h  &  i,  fpacia  hac  icb  comprc« 
Jicnfa  tangcntibtis  &  portionibus  curux , 
Tcl  crunt  fimul  mipora  fpatio  o ,  vel  noo 
crunt ;  (i  lint ,  ergq  in  oxigonia  fe&ione 
hoc  eft  in  circulo  &  ellipfi  ^  oftcnfum  e(t 
illud  quod  erat  propplitu.  Qupd  fi  non  fint 
minoxa ,  cx  ccntro  d  per  h  &  i  ducantur 
ire£he  hd  id^quae  biiariam  fecabuntre« 
Aas   a  c    c  b  ^  fecent  autem  oxygoniam 
in  punflis  f  g^pcrqux  fiducantur  Ik 
xnn  parallclx  r«,£lis  \z  cb^tangcnt  oxy-  jo*  fc- 
goniam.  Q^uoniam  igitur ,   iunAis  rcftis  ^"* 
af  fc  cg   gbj;rcftas  hf^ig  funt  maiores  ^x^p^i^ 
re^sfp  g  q  fingulx  fing^liSi  &  parallelx,  mi 
funt  inuiccm.  a c  1  k ,  itcm  c b  m  n  ,  vi;  Co"- 
hf  ad  fp.,  ita  <i>t  hlad  U,  &  hk  ad  '•^"^"* 
Jc9*  Itcm  vt  ig  ad  gq,  itacrit  im  ad,  i.ffcxti 
jnc,  &  iiiad  nb  :  rc£^x   crgo  hl  hk  ^"^' 
im  1  n  funt  m^iorcs  rc6^is  l.a   kc  cra 
nb  fingulx   fingulis.    Rurfus  quoniam 
trianguja  hi^f  .KC,f  habcntanjgutum  ad 
idem  pqnftum  ,f  ^c^nftitutum  ,  habcbunt 
«andem  ex  f  perpcndiculs^rcip  jlemiflam 
ad  latus  h  k  k  p  pppofitiim :  crgo  trian-f  ; 
gula  hkf  Kqf  fe  habent-vtbales  hK 
K  c  :  .ergo   triatvgulum.  h  k  f  eft   maius 
triangulo  Kc  f.  Simili  rationeofUndctur 
triangula  hlf.  mgi  ngi    efli.  maiora 
triangulis  1  f a  m  g  c  n  g  b  fingula  fingu- 


^ 

^ 
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lis :  crgo  triangulum  h  1  k  compofitum  cx 
duobus  b  f  1  h  f  k  cft  maius  rc£liliuci$  «iuo* 
bus  1  f a  K  f  c ,  curaquc  triangula  mixta 
Ifa  k/c  fint.partcs  rc£lilincorum  Ifa 
kf c  striangulum  h  1  k  erit  multo  maius 
qiiam  duo  triangula  ihixta  1  f  a  k  f  c :  cr« 
go  cx  triangulo  mixto  h  a  c  compofito 
tx  tangpntibus  Sn  cx  oxigonia  crit  ablata 

I^ortio  h  Ik  maior  quam  rcfiduum.  Simi« 
itct  oftcndctur  cx  triangulo  mixto  i  c  b 
ablatam  cflc  portibncm  imn  maiorcm 
.  rcfiduo.  Cum'igitur  ciufmodi  fabduftio 
poifit  cominuari  in  infinitum  ,  nimirum 
pcr  1  k  mn  nouos  tangcntium  concurfus 
du£lis  diamctris ,  dcucnictur  ad  figuras 
mixtas  cx  tangcntibus  &  tx  portionibus 
oxygonix  acb  numcro  paribus  ,  qui» 
omacsfimul  crunt  minorcs  fpatio  o. 

Sit  fccundo  curua  a  c  b  pbrtio  parabolae 

ycl  hypcrboiae ,  vt  in  tcrti  H  figura  5  potc 

ritcrgo  pcrprimamhuiuspartcm  fcgmcn- 

tum  a  c  b  in  tot  portioncs  numcro  parcs 

diuidi  vt  fpatia  illis  &  fubtcndcntibus  rc- 

dliscomprchcnfafintfimulminora  fpatio 

o.  Sint  tx  portioncs  ^x,  c  b  fubtcn&  rc- 

ftis  a  c  c  b ,  &  vna  cum  iUis  cohftitucn^ 

.      tcs  mixtasfiguras  afc  cgb  quxfimut 

i4.&iy  cruntminorcs  fpatio  o.  Pcr  cxtrcma  ciuf- 

ftcud.    modi  portionum  duaae  intclligantur  tan*^ 

Con,     getcs»  qi^ac  coibunt  in  vnu  punaum  5  fitquc 

h  punautn  in  quod  tAnikx  cx  a  &  c  con- 

u^hiunt }  &  i  in  quod  cduftac  cx  c  &  b  jdi' 
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co  fpatia  figuranini  mixtarum  a  h  c  c  i  l^ 
efleiimul  minora  fpatio  o,  Quoniam  (pcr 
p&q.bifcAionesrcAarum  ac  cb^&pcr 
punAa  h  &  i  duftis  rcAis  h  p  i  q  fccanti* 
Dus  curuas  ac  cb  in  f  &  g,  &  iun£lis 
rcftis  af  fc  cggb)  m  paribola  &  hy-  ,.  ^„1^ 
pcrbola  rcfta  f  p  noii^ft  mihor  rcfta  f  h, 
fcd  vclmaipr  in  hypcrbola,  vcl  aequaUs  in 
parabola;  &  qu6niam  rcAihncorum  trian-> 
gulorum  h  a f ,  f  ap  angvliis ad ide  pun- 
ftQm  a  conftituitur  ^crit ,  prout  in  fimili 
oftenfum  cft,  iriangulum  f  a  p  vcl  maius^ 
vcl  ccrtcaequale  triangulo,ha  fvfimili- 
quc  rationc '  triangulum  fcp  ofti^ndctur 
noncflTcminus  triaiigulo  fhc-  &  trian- 
'  gulaq  c  g, qgb  triangulis  gic  gibfin- 
gula  fin^ulis/  '  ■ 

Rurfu$  quoniam  figiirae  re&ihnex  a  f  c 
c  g  b  funt  vel  maiores  vel  sequales  figuris 
tcftihncis  h  a  f  C  i  c  g  b  ^  figurse  mixtac 
ha  f  c  i  c  g  b  qu^funt parsrc£tilincarum 
.h  a  f  c  i  c  g  b  .^ runt  mmo«s  iimul  rcfti- 
lincis  afc  cgb  fimul  funiptis:  (cd  rc- 
Ailinea.  a  f  ^  c  gb  fimt  minora  mixtisfi- 
guris  a  f  c  c  g  b"^  crgo  mixtx  figurae  h  a  f  c 
icgb  funt  minores  miKtis  figuris  a  fc 
c g b /comprchcnfis (ub rciftis  a  c  cb,  &" 
fub  curuis  a  c  cb.  Cutn  crgo  figura^  mix- 
tae  afc  c  gb  fintmiiiorcsfpatioo,  crunt 
ipfo  fpatio  o  multo  minorcs  a  h  c  c  i  b 
mixtat.  Datoigitur  fegmcato  &c.  (jiiod  x 

drat  oflcndcndurn. 
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Pro^  O  $  tTlO      III. 

Quadrilatera  qu3C  duo  ha- 
bent  latera  parallela,  (1  fuerint 
cquiangula,&lateru  parallelor 
ru  eadc  proportio,inicet  fc  ratio- 
nem  liabent  eam  quse  ex  hteri- 
bus  xquales  angulos  continen' 
tibus  componitur.  Etfinondnt 
xquiangula ,  eam  qux  ex  diftan- 
tijs  paralleloru,&  ex  analogis  la-» 
teribuis ;  vel  eam  quae  ex  bafibus 
ad  quas  incidunt  parallelae  &  ex 
perpendicularibus  qusadbafes 
dc  ternijnis  latcrum  analogo- 
rum  demi^  fuerint.    ' 

Sjnt  quadrilaterse  Egurae  a  I>  c  d  f  g  li  i, 
quarum  latcra  da  bc  (iot  patallela  iii^ 
uiccm  ,  item  f  i  g  h  fint  quoque  mutuo 
parallela  ,  (itque  vt  d  a  ad  c  b  9  ita  f  i  ad 
gh,  yel  alternandovt  daad  fi  ita  cb 
ad  g  h.  Primo  habeant  angulos  ad  a  &:  f 
atqualcs  ^d^coproportionemquadrilaterse  . 
figurx  abcd  ad  figuram  fghieflc  co- 

pofitaai 


i^         TetragonifmicoYum 

pofitam  €X  rationc  lateris  d  a  ad  i  f^  &  1^« 

5ex-  ^^"^  a  b  ad  f g.  Et  quidcin (i  da  c  b  finr, 

u  Eut.  ▼'^  ^^  primo  ichciliatum  pari ,  acquaks>  id 

iam  cft  dcmonftratum  ab  £uclide>  fint  igi« 

tur  traprziadabc  ifgk)&vtda  ad  i  f , 

ita  fit  e  b  ad  g  k*  Quonia  sequalcs  funt  i  f 

gh,itemda  b  C5&  vt  da  ad  bc;  ita  i  f 

ad  gK-,  crit  vt  c  b  ad   bc,   ita  h  g  ad 

gk-,  &  pcr  conut  rlioite^i  rationis  vr  b  c 

ad  c  c  ,  ita  g  h  ad  h  k  5  crgo  alternando 

vt  c  b  ^d  h  g ,  fiuc  vt  d  a  ad  i  f  s  ita  e  c 

ad  h-  k.    Cum  igitur  triangula  d  c  e  1  h  k 

habe^nt  angulos  ad  c  &  h  sequales  ,  ha*^    . 

^j  ^^      bebUijitexdcmonfiratisapudClauium  pro« 

ti    Eu-  portioncm  cx latcribus  dcihi&ce  hK 

fi.   in    compofitam  ^^rgo  cum  ratio  rcftarum  cc 

Scholio  j^  i^  fit  cadcm  j,  vt  oftjcnfum  cft ,  quac  rc- 

ftarum^^li"  if^   ratio  trianguli  d  c  c   ad 

triangulum  i  h  k  componetur  ex  iifdem 

ex  quibus  componiturratioparallclogram- 

mF/d  a  b  c  ad  parallelogrammum  if  gh  : 

crgo  ci|m  ficut  totum  da!>c  ad  tottim 

i  f  g  b,  ita  d  c  e^ablatum  ad  i  h  k  ablatum; 

refidua  d  a  b  c  i  f  g  k  fc .  habent  inuicem 

vt  tbta  d  a  b  c  i  f  ghpd  eft^habent  inter 

tooiiin  f^  rarionem  coipi^dfitam  cxlateribifls  da 

tiEucl.  if,&  ab  fg. 

lam  i  Vt  in  (ccundo*  fchematum  pari, 
quadrilaterae  figurae  Ifiom  prfq  non 
fint  aequian^ulae ,  attamen  latera  m  o  1  n 
parallela  habeant  inuicem  eandcm  ratio-« 
nem  ^  quam  latera  q  f  p  r.     £t  pjrimo  fint 
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Vn  tn  o  xqualcs  tt&x-^  -cximt  cr^o  «n^urits 
qs  p  r^.ac  jut>iinlc figutac  iciota  pnq 
crunt  parallelo^rafnin^  Citiii  i^gian'  GfiC 
parallclograimnar^ircniin  crit  id  cpod  m* 
tcndiiBus  cx  dcmonilcatis  apnd  Claaiimi 
loco  citato» 

Sitit  crgo  trajpeaiia  p  ^-s  z,  I  n  o  y  ncc  f  •^^^'^* 
fint  xquiangula  inuican  ,  lamis  tamcii  In  ^i^ 
ad  p  r" ,  fit  vt  latus  y  o  ad  s  s.  Oflcndcn- 
duo)  eft  proportioncm  o-apezil  I  n  o  y  ad 
pr  sz  tfle  coropofitamcx  rationibus  ba« 
fis  n  o  ad  bafim  r  s  ,  &  perprndicuiaris 
1 1  in  n  o  bafim  deiHi&,  ad  perpcndicu- 
Jarcm  p  a  .demifiam  tn  s  rbafim^Tcl  (dc« 
miG(is  mx  cjy  pcrpendicularibus  ad  ]n 
pr)  cx  ratione  pcrpcndicularis  mx'ad 
qy,  &eKratione  lateris  Inad  pn. 

Quoaiam  cnim  triangula  p  z  q  1  y  m 
habenc  latera   qz  my   in  ratione  late* 
rum  p  r  1  n  ( id  cnim  codem  titodo  oAcn- 
ditur ,  quo  pdulo  ante  fuit  dcmonfiratum 
ratk>nem  laterum  k  h  c  c  eflc  eandcm  cttm 
ntionclateram  fi  da  ^&  faabent  interfc 
propomoncm  compofitam  cx     bafibus 
&    altitadinibus  ;    pofitis    bafibus  1  m  ^^^^* 
pq  ,   &  demi(fis  perpendicularibus  y/K 
z  ^  cx  y  &  z  afl  l^i^cs  1  m  p  q>  ^ i^portio 
trianguli  1  m  y  ad  triaiigulum  p  z  q  t.cm* 
pofictur  cx  proportionc  bafium  Im  p  q,  ^^  sp^. 
&  akitudimrm y fi  zK:rcd  «fcadi^y  ^ie  tlEuc 
habet  vt  o  m  ad  m  y  ^  itcm  p  ^  ad  ii  z  fe 
habctvt  sq  ad  qzj  cumigitufvt    ojn 
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admy  ita  iit  sqad  qz,  cm  «rfA  a<!  juy 
'  vt    ^  \  ad  X  zj  &  altemaando  vt;^fx  fcu  It 
ad  pK  kvL  p  u, 'jfta  fi  y  ad  A  z>  crgo  altitu- 
tudincs  m  y  1  z  triangulorum  1  y  m  pz  q 
funtin  ratione  altitudinum'  1 1  p  ikr  crgo 
Quinii  S^  pi^oportio  triarigulorum   lym,  p^q 
Pu^^      componitur  ex  ijfdcm  rationibus  bafium 
ip.        1  m  p  q  &  altitudinum  1 1  p  v^  cx  quibus 
componuntur  tota  parallclograma  1  n  o  m 
'        p r  s  q : crgo rclidua trapczia  Inoy  prsz 
^  componuntur  cx  iifdcm  rationibos  banum 
Im  pq  fcu  no  r  s,&  altitudinum  1  i  pu« 
Quodfi  my  qz  ponantur bafcs trian- 
gnlorum  1  y  m  p  z  q  v  corum  altitudincs 
'  crunt  m  X  q  y:Cum  crgo  ratio  bafium  my 
^  z  fit  eadcm^  vt  ©ftcnfiim  cft,  quae  latc- 
rum.ln  prj  triangulorMip    1  ym  pzq 
»    proportio  componctur  cx  rationibus  la- 
terum  1  n  p  r  ^  &  diftantiarum   m  x  q  y. 
Cum  ergo  pcoportio  parallclograaimorii 
Inom  prsq    fit  codcm     modo  comr 
pofita  ,    rcfidua    trapczia  I  n  o  y   p  r  s  z 
habcbunt  intcr  fc  rationcm  compofitam  ex 
latcriVus  1 H  p  r,  &  cx  diftantiis^  mx  qy, 
Quadrilatcra  ergo  &c.  quod  crat  oftcn« 
dendum. 

COROLLARIVM.       ; 

Hinc  fit^uando  bafes  funt  xquales  pr?* 
difta  quadrilatera  efte  inter  fc  v€  altitudi- 
ncs.  Cum  enim  habeant  rationcm  com- 
pofita  cx  bafibus&  altitudinibus  >  apertii 
cft  ex  mcthodo  proportioncm   compo*' 


~) 
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neodi^x  duabus  proporttonibus  demon» 
firato  apud  Clauium  loco  citato»  quadri* 
^  ^  latera  fc  habere  vtaltitiKlines.  Inde  etiam 
liquet,  quando.  diftantiae  funt  zquales. 
ipfaquadrilatcra.c(&  in  ratione  laicrum 
anaiogorum. 
•■•-,■''■••, 

P  R  O  P  O  S  I  TI  O    I V» 

Si:  duz  re^ae  injequales  &pa- 
ralielse  incidant  in  tertiam  ali- 
quam  ad  eafdemque  partes ,  at- 
que  fecentuf  proportionalirer , 
re(%ae  dudae  per  eariim  extrema , 
&  per  pimda  (e^ionum  anaIog$ 
Coi^ttirrent  in  idem  pundum 
eiu{<iem  linex  tertia:. 


t  •... 


O 


■ 

J 


r 
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.I>iia^  kt&d^  parallebr  a  b  miior,  ct  c  mi« ' 
noriacklant  m  re£lam  b  c  ,  &  feflx  (ifit 
proportioMlitcr  iapondh  g&f^pico 

lipcr  a&d  rc&adticacurv^^^  P^^g  ^ 
f ,  re^s  ^^  9 f  prodiiftas  fecare  tc^tam 
bc  in  eodcm  pun£to. 

Quoniam  enim  tt&x  b  a  c  d  funt  pa« 
3 4;  pi^i'  rallelx ,.  &  li  c  eft  mi iidr  i  fi  per  ^  diicatur 
xi%ri-  ^i  P^^r^llcla  rc^ae  bc,  erunt  bacia^^ua<4 
rai       lc5 ,  et;gQ:  ^  d  c(|  jBiip«  i^twn  c  i : ;  etgo 
cum  anguk  i  ^b  ^b  Qfipt fimii^  qei<]uaks, 
iipro-  duobus   reAii^criint  anguli   cba   dab" 
fiuac.     niinioi^i:  c&Kfbti^   reiSbis^  ergo  ire^te   acl 
bc  confUM^ttta^Mi^sd,,    .,     -    ;^_: 
Sccet  igitur  rcfta  a'd  rci^mbc    iii 
pun^ t\  8c  hxt^itm  r^Sa  g e  ficini iS^ 
ficri  pbtcft  ixsagnt.  4c  in  ki  «rgo  pe^ 
4;  5cx  -  ca  quar d^monftr^t  cx  Cpiiiitu^idi^a  Ci^^^ 
"•         uius  ,.vt  a  b  ad  a  g,  ita  cft  ^c  d  ad.  dli.: 
fcd  ita  ctiam  ponfCiii^  cfle  c  d  ad  d  f  :«Cfgb^ 
d  f  d  h  funt  xqualcs ,  pars  &  totunu  Non 
crgo  rcdla  g  e  fecat  rc£lam  d  c  nifi  in  f» 

P  ROP  O-SIT  I  O   V, 

,       »  ■  ■«  V    ' 

Sit  re(f^a  ak  mqQam  niciclat 
Tcd^  k  m ,'  ipfam  vcro  km  ita 
fcccnt  lindSifa  1,  n m^  in  pundis 
r&  m,  vt  zquidiftantium  ipfi 
k  m  portiones  interccptx  redt^ 
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ak&lineisalnm,rmtpropor- 
tionales  jtortioiiibus  ipHus  k  m. 
Rurrus Imearum  al  nm  alceru- 
tram '  a  1  tangat.reda  p  c ,  in  quo- 
uis  pun<fi.o  c,  &  per  c  agatur 
b  c  d  a^quidiftans  ri^de  k  m  ^  oc- 
currens  line^  n  m  in  d  &  fe^ 
ak  in  b.  Per  f  quoduis  aliud 
pun(^um  lineac  a  1  ducator  e  f  g 
xquidiftans  rea^  km.dccur- 
rens  lines  n  m  iff  g ,  &  red^e 
ak:ii>  e,  tangenti  iftta  p.c  in  u 
Si vt  e f  ad  ei  itif iat e g 'ad  ebj 
&  per  d  atque  h  dacatur  Irex^a 
dh.  Dicb  re(fiam  dh  hon/oc- 
currcre  line^  n  g%^  riifi^ir^  pun- 
do  d. 


.  Si  enim  ficri  }>otc{l  occiirtat  re£la  d  Ii 
ipfi  n  g  m  in  puniS^o  Q  >  fitque  d  h  q  reda  ^ 
perqagatttr  q  r  sequiaiftans  ipfi  kl ,  oc« 
curr^ns  reftx  p  c  in  €y  &  linex  a  c  1  ifi  t. 
Quoniam  igitur  in  ieftam  a  k  incidunc 
rehx  d  b  h  €,&  yt  bil  bc  ita  funt  e  h  e  i 
€x conftrttAionc fi  bdi^h&nt  aeqaales 


«  » 


<  ■     >      •         .-4 


f*f.-?i. 


L 


Mlmentomm  Liher  1.       t% 

emnt  b  c  i  c  ,  b  d  h  e  paralklogiiamma , 
ac  pf oinde  erant  d  c ,  h  i  xqualcs;  icem 
bc,  ie.  Si aatcm fint  ina&gpialcs  conue* 
nient in idem punftuitn. re£b^  a kpcr prar«  l^. prj- 
ccdentem.  Sit  illud  o.  Quoniam  crgp  in  ^^^ 
i^(kii .  d  h ,   c  i  f    b  c ,  Imtiduat    rcftac 
bcd,    rfq,   vt  >bc   ad   td     ita  crh 
rf  adfq  pci^  ea  quae  dcmonllf^antttr  ad- 
4.  fexti,  fi  d h )  ci ,  b e  non fintparallclx^ 
fi  vero  parallelat  fiierint , ' pct  33.  primi 
EucUdis  t  kA\vx  bc  ad  cd.ita  cfi  rs 
ad  rq,cum  p>ortiohe$  b p ,    cd  &  por* 
tiones  r  t ,  t  q  intercipiant^r  rc£ia  afat 
8c  lincit  al ,  n  m  :  ergo  vt  r t^ ad^  c q,  tta^ 
cft  r  f  ad  f  q ,  &  alterdando  vt  r  t  aa  r  f, 
hoc  eft  vt  pars  ad  totum  in  prima  figura , 
vel  vt  totum  ad  partem  in  fecunda  figura^ 
ita  cft  t  q  ad  f  q  hoc  cft ,  toium  ad  par^ 
tem  in  prima  figtira^  vel  pars  ad  totum 
ia  fecunda  figura,   quod  cft  abfi^rdum.^ 
Reda;ci^o  dh  non  occurrit  liacx  nm 
ia  alio  pun£lo:qii^m  in  d.  . 

Non  abfimih  rationc  oftcQdcrctur ,  fi 
reSst  p  c '  fcce t  lineam  curuam  a  L  ^  i  p fam 
quoque  n mfccari  a rc^a  d b>  &  cile  curw    , 

Propositio     VL 
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Sint  tres  lijtieaB  ab  hc  id,.. 
quarum  a  b  fit  reda^  reliquarutn ' 
alterucra   hc  fit   redioconica 


V 


%6  Tetr<t£omfmiccrum^ 
(  circulo  hac  vocc  cbmp^rehenfo) 
illis  vcro  ita  oqcu^raiitp-iiraUcls?! 
inuicem  b<i  ^i  rei^ae  inpun'! 
dis-  b,  c,  d,  a,  h,  i^  vt  ipraram; 
&  parallclarum  omnium  pprtion 
nes  lineis  a  b^  h  c,  i  d  i^eicepttf 
le  habeant  vt  b  d,  b  ci  Dico  yt 
fe  habetreda  bd  adbic  reda$i 
ita  fe  habefc  rpatiutn:  aidb  atf 
ipatiumahcb, 

Vt  refta  bd   ad'  bc  ica  fit.  fpatium 
aid  b  ad  fpatmm  quod  ,p(%teA  re£ta  q.^' 
Siqaadratam  q   non  eft  asquale  fpatio' 
a  h  c  b ,  fit  primum  fi  ficri  poteft  minus  : 
cxceflui  autem  fit  fpatium  quod  poteft  rei- 
^r^  fitque  primo  re£iaab  adconcaua^ 
curuae  hc.  Diuidatur  arou^    h  c;  i«i»^iioci 
portiones   h  o »  o  m,   mks  k c  numrio 
pareSf  vt  iun£tis  reftisho,   ofaiv^;mii?'t 
k  c ,  fpatia  fegmentorum  (int  fimal  m«- - 
jaora  datofpatio  r>  hoq  enim  fieri  potcft;- 
perz.  huiiis.  Per  piin^a^  o,  mi  k,  dqcan- 
tur  poe»  nmf,  iKg  parallcHx  fl  re- 
A^m  bd^^ccairences^  liaeis  ^h,   id  in 
pun^  e»f,  'gf  p,n,  !•  luoflts,  re£^is  ip, 
p n ,  n  1 ,   Id»  trapezia  i  a  ep  ,    p  c  f  n^* 
n  fg  1,  l^b  d  fe  habebunt  ad  trapczaa ' 
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haco,  ocfm,  mfgk,  k  gbc  vt  rc- 
'ft^  b  d  ad  rcftam  b  c,  pcr  3.  huiusscum 
habcant  latcra  proportibnalia,  bafcs  xqua- 
lcs ,  imocafdcm  in  rc£ta  a  b  &  altitudi- 
lics  proportionalcs  latcribus  homologis; 
crgo  totum  rcflilincum  i  p  n  1  d  b  a  fe  ha- 
bct  ad  totum  rcAilincum  h  o  m  k  c  b  a 
vt  rcA;i  d  b  ad  rc£lam  c  b  :  Scd  ita  ctiam 
fc  habet  totum  fub  rcftis  ia,  ab,  bd& 
fub  curua  i  n  d  contentum  ad  fpatium 
q :  crgo  altcrnando  vt  totum  fub  curua 
ind  &  fui>  rcdis  i  a  ^  a  b ,  b d  contcn- 
tum  ad  rc^tilincum  i  p  n  1  d  b  a  ,  ita  fpa« 
tium  q  ad  rc£lilincum  h  o  m  k  c  b  a  :  cr- 
go  cum  totum  fub  curua  i  n  d  &  fub 
rcAis  i a,  a  b,  b  d  contcntu  fit  maius rc-* 
AiJinco  i  p  n  1  d  b  a  ,  crit  quoquc  qtudra- 
tum  q  mams  rcftilinco  homkc  ba,quod 
cft  abfurdum.  Nam  cx  figura  contcnta 
fub  curaa  h  m  c  &  fub  rcftis  h  a,  a  b,  b  c 
fidcmatur  quadratum  nrcftatquadratutx} 
qy  8c  C\  aufcrantur  fcgmcnta  h o,  o  xd> 
m  k ,  k  c  qvHmul  sut  minora  quadrato  r, 
rcftat  refliliocum  h  o  m  k  c  b  a :  crgo  rc- 
ftilincum  homxcba  cft maius quadra- 
to  q.  Non  crgo  fpatium  contcntum  cUr« 
ua  h  m  c ,  &  rc£lis  h  a^  a  b  b  c  cft  maius 
quadratb  q#  .   . 

Quod  li  refta  a  b  fit  adr  conpexa  c^r- 
U2S  h  c  5  vt  in  fecunda  figura^  diuidatur 
arcus  h  c  in  tot  portioncs  h  o,  o  m  ,  m  IC, 
K  c  numero  pares^  vt  du^s  tagcntibus  h  €, 
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fot,  tinu/vkx&  xcj  triangula  mk« 

ta  hfo,  otih,in  vk,  kxcfint   fimul 

minora  Jpatip  r  5  iioc  cnim  £eri  potcft 

pcr^.  hmus.  Pcr  pun£la  o,  m,  e  ducantur 

tt&x  h  d    x^uidiilantcs    c  o  p ,   fm  n» 

g  k  1  occorrcntcs  ounne  i  d  in  p^  n,  1 ,  & 

rcftac  a  b  in  c,  C  g*    Similitcrpcr  pun£^a 

f,  t,  V,  K  agantur  f  2,  t  ^,  u  •,  xJ^  paralle^ 

tead  rcftam  b  d,&  occurrcntcs^  rcftx  a  b 

in  z, \9  fl,  c/l, atquc  vt  b  c  ad  c d,  itafiat 

zfad  z  /8,  A  t  ad  7^/t«,  flu  ad  *«-.  J^  xad      ^ 

J^Munftac  rcAae  i/a,  13  p,p/cA,/Lcn  n<r,  t1 

non  occurrcnt  curuzind  nifi  in   pun« 

^ii  i)  p,  n,  1,  d,  Ytin  prseccdcnti  oftcn- 

fum  cft. 

Quoniam  crgo  trapczia  a  h  f  z  ,  z  f  o c, 
eotx,  ^tmf,  fmufl,  ^uk  g^    Kgx;J^, 
^xebHkabct  latcra  proporiidnalia  latjeribus 
trapczioru  fa  i  #z,  z  0  pc,  c  p  /«  a  ,  ^ /n n f t     . 
f n ^ M ^  1  g>g  1  ^ J^jJ ^  d  b  fingula fingu-i 
lis;  habct  vcro  bafcs  xquiAts  imo  cafdc  in 
tcftaa^b  &  altitudiiics  propoxtionalcs  late^ 
bai  homologis,  vt  rcAa  bd  ad  bc,  ita 
eritiiguni  rc£bi]inca  i /3p  fc.n  "vl f  d  ba  acl 
it£tilincam  hfotmuK.xcba  :  Scd  ifa  l.httiiM 
ctiam  fe  habct  totum  fub . rcftis   i  a,  a  b,      ^ 
bd  &fub  curua  ind  contcntum  adfpa* 
tium  <j:ergo    altcrnando    vt  totum  fub 
cunia  ind  &fub  rcAis  la,  ab^bdcon-* 
tcotiim  ad  rcdilineum  i/Sp/iAnTl^dba) 
ita  fpatium  q  ad    rc^ihncum    hfatioi 
ttl^xcba:  «rgo  cumtotum  fubcirua  & 


\ 
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lub  rcftis  i  a  y  a  b»  b  d  contemum  fit  m^* 
ius  reaiJincQ  i^  p  &c.  Erit  quoquc  qua- 
diatumq  pmus  rc£tilinco  bfo  &c. quod 
eift  abfunlum.  Nam  exfigura  cotema  fub 
curua  h  m  €^&  fub  it&x%  ba,  a  b>b  c  dcpto 
quadrato  t  rcftat  quadratum  q,  &  dcm-- 
ptis  triangulis  mixtis  h  f o ,  ot  m,  m  i^ k^ 
K*x  c,  qux  (imul  funt  minora  quadrato  r» 
rcflat  rrAiiincum  h  f o  t  &c.  £rgo  rcdi- 
Imcum  h  f  o  t  &c.  cft  maius  quadrato  q* 
Non  crgo  fpatium  contentum  curua  h  m  c 
&  reftis  h  a»  a  b>  b  c  eft  maius  quadrato 

Sccundo  fit  >  (i  ficripoteft,  quadratum 
q  maius  fpatio  contento  fiib  curua  h  m  c 
&fubreAis  ahab  bc^cxceiTus  autemiit 
fpatium  quod  potcft  rc£la  r.  fitqucprix|io 
rcAa  a  b  ad  concaua  cxktxkx  h  c.  I$iuida» 
tur  arcus  h  c  in  tot  portiones  h  m ,  m  c^ 
vt  cum  pcr  eamm  cxtrcma  cduft  ^  {KLt> 
rint  tahgcntcs  h  u ,  u  m  Xi  x,c,  triangula 
mjxta  hum,  mxc  fint  fimul  minora 
fpatio  r.  id  cnim  ficri  pofrc  oilcnfum  eft 
in  2.  huius^  per  ^^^^viyX  fxax&z 
ducantur  tt(kx  ve,  mi,  xg  parallclae 
n^  rc£lam  bd,  qus  occurrant  fcAioni* 
bus  in  o,  k  >  p,  n,  1,  &re£lac  a  b  in  c^  f,  g, 
^t  eo  ad  eu,  ita  fiat  ep  ad  cf^  &  vt 
ad  g  X  ,  ita  fiat  g  1  ad  g  t.^  lunAac 
fn^  n  t  ^  t  d  non  occurrcnt  curuae  i  n  d 
mG  in  punAis  t  n  d. 

Qu«>niam  ergo  vt  co  ad  ctt»   ita  fc 
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habetex  conftruf^ione  e  p  ad  c  5  >ergoaK 
terflando  Yt  co  ad  cp,  fittc  vt  ab  ail 
a  i»  jta  c  u  ad  c  $ .:  ergo  atternacio  vt  a  h  ad 
eu>  ita  a  i  ad  c  s :  crgo  trapczium  h  a  cu 
habet  latera  h  a^  cu ;  proportionalia  late- 
ribus  a  i»  c  s  trapczi)  i  a  c  s.    Idc  oOcn* 
detur  dc  ali)S    trapejcijs    (ImiHter  futn- 
ptisiQuoniara  crgotrap^zia  a  i CcjC  fn  f, 
fntg^gtdb  habent  latcra  proportiona- 
*  lia  latenbus  trapeziorum  ahuC|Cumf, 
fmxg,  g  X  c  b ,  habentquc  bafcS  cafdem 
inriiila  a  b^  ahitudjnes  autcm  laterum  ho« 
mologoriimfchabent  vtipfa  latera  ^  to- 
tum  re£l|lincum  isntdba  ichabcbitad 
totum  rc£tilineum   humxc  ba  vt  refta 
bd   ad    bc  :  fed   ita  ctiam  fc   habet  to« 
tum  fub  rcAis  i  a,  ab,   bd  &  fub  curua 
ind  contentum  ad  fpatium  q;  ergo  al« 
temando  vt  totutn  fubcnrua  i  n  d  &  fub 
rcftis   iav  ab    bd  cpntcntum  ad   rc^fti- 
liacum  ifn  td  b  a,  ita  fpatium  q  ad  re^li. 
iiueum  h  u  m  X  c  b  a :  crgo  cum  totum  fub 
cumain  A  tk  ftib  rci^isia,  ab,  bdcon- 
tentum  (ix  minus  rc^ilinco  i  fn  t  d  b  a,erit 
quoque  quadratum  q    mmus  rcftihncpv 
htimx  c  bai  quod  eft  abrurdum;  Nam 
adfiguram    Contcotam  fub  curua  hmc 
&  fub  rcAis  ha,  aby  bc  adiefh)  qua- 
drato  X  y  cofificitur.quadratutii  q;  &  sfd- 
ieftis  trianguhs.mixtil*  h  u  m,  m  x  c  qusc 
finjul  mitior^*  funt  fpatior,'-c^n£citurrc- 
^ilincum  h  um  x  c  pa :  crgo  rcAiUncum 
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numxcbacft  mious  quadratoq.  Non 

crgo  fpatium  contcntum  curua  h  m  c^  & 

reftis  h  a ,  a  b ,  b  c  eft  minus  <]uadrato  q. 

Quod  &  reda  a  b  iit  ad  couexa  curua?  h  c 

vt  in  fccundafigura',  diuTidatur  arcus  h  c  in 

tot portioncs hojom^  mk>Kc  numcro 

parcs,  vt  iunftis  rcftis  h  o^  o  m,  m  k,  k  c, 

fpatia  fcgmetorq  h  o>  o  m,  m  c^  k  c  (ihtfi- 

fimul  minbra  dato  fpatio  r^hoccnimfie* 

ri;potcft.    Pcr  punAa  o,  m,  k>  ducantur  z.huius 

poCynmf)   l^g  parallclx  ad  rcAam 

od )  occurrcmcs  hncis  ab^id  in  pun- 

ftis  c,  f,  jg,  p9  n,  1.  lunAx  rcdae   i  p^  p  n, 

n  1, 1  d  non  occurrcnt  curu2c  i  n  d  nili  in  pu-  y«feviius 

£tis  i,  p»  n,  1,  d.Manifcfluautcm  cft  coucxa 

curuat  i  n  d  cflc  ad  pancs  rcAx  a  b  3  supto 

cnim  qaouis  punflo  t,  &  pcr  illud  du£la  f  c 

u  X  z  parallcla  ad  rc£lam  b  d  ,  quonia  tt(\x 

g  Jl^  1 ,  b  c  d  funt   fc£lx    proportionahtcr 

in  i^  &  c,  &  per  extrcma  ipfarum  ,  pcrque 

pun^a>4  &  c  du£lx  funt  re£tx  d  1|  c  l^,  b^ , 

fi  prodacantur  conucnient,in  idem  pun- 

(kQm\  ergo  vt  bc  ad  bd  ,  ita  eft  zu  ad 

z  f^  fcd  ita  etiam  eft  z  x  ad  z  t^  ergo  alter- 

nandovt  zu  ad  zx:,  ita^ft  zf  ad  zt. 

Sed  i  u  eft  maior  quam  z  x :  ergo  z  f  eft 

maior  quam  z  t :  ergo  pundum  t  curus^ 

i t d  cft  intcr reftisis  l di  gb : crgo Jg \y  cft 

ad  conucxa  curux    1 1  d,  SimiU  ratione 

oftendetur  ll  refta  a  b  fuevit  ad  concaua 

cunix  hm  c,e{re  quoque  ad  concauacur* 

u«  i  n  d)  quod  in  ahis  caiibus  pratter- 
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nuilutn  vidcri  poterat. 

His  ita  dexncMifiratis,  oficDdctur,  (icmi 
in  prima  figura  faftum  cft  ,    rcAilincum 
ipnldba  fc habcrc ad rc£tilincu h o m 4 
cba,  vt  fchabct  rcfta  dbadrcftam.cb; 
Scd  ita  ctiam  fc  babet  totumfub  rc£Us  i  a, 
ab  >  b  d  &  fub  curua  i  n  d  contcntum  ad 
fpatium  q  :  crgo  alt  crtiando  vt  totum  fub 
cutua  i  n  d  &  fub  rcAis  i  a^  a  b,  b  d  conten«- 
tu  ad  rcctiUncum  i  p  n  1  d  b  a ,  ita  fpatiu  q 
ad  rcctilincu  h  o  m  J^  c  b  a:crgo  cum  totum 
fub  curua  i  n  d  &  fub  rcctis  i  a  ,  a  b^  b  tl 
cohtcntu  iit  minus  rcctilinco  i  p  n  1  d  b  fi^ 
crit  quoquc  quadratum  q  mtnus  rcctilinca 
jh  o  nt  4  c  b  a  ^  quod  cft  abfurdum»  Naui 
ad  iiguram  contcntam  fub  curua  h  m  c 
&  rcctis^  h  a,  a  b,  b  c  adiccto*  quadrato  r 
conficitur  quadratum  q  \  &  adicctis  fcg* 
mcntis  h  o,  o  m>m  Jlc>  kc.qux  Cimul  funt 
minora  quadrato  rconficitur  rectiliiicum 
homJ^cba   :   cr^o    rectilincum  hom 
4  c  b  a  cfi  minus  quadrato  q^Kon  crgo  fpa* 
tium  contcntum  curua  h  m  c  &  rectis  h  a^ 
a  b,  b  c  cfi  minus  quadrato  q;  Sed  ncquc 
jrtiam  cft  maius:ci'go  cfi  stqualc»  quod  erat 
ofiendcndum»       .,- 

COROLiARIVMJ. 

Hinc  manifcftum  eft  easdem  dlc  dc« 
monftrationis  vim  9  fi  loco  extremorum 
trapcziorum  ponantuft  triangula  i  habc- 
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bant  cnim  fe  vt  altidudincs ,  cum  eorum 
balcs  fintvclcxdem^vel  zquales.  Yis 
dcmonftrationis  integra  etiam  perftarct, 
vt  apertum  cft ,  quamuis  lioea  h  c  npa 
cflet  fcaio  conica ,  dummodo  de  illa  de- 
monftraretur  idipfum  quod  de  fectionc 
conica  oftctifum  fuit  in  propoilaone  fe« 
cunda  huius  libri. 

COROLLARIVM    II. 

Hinc  quoque  intelligitur  ii  bafes  fue- 
ri  ntdiucrfas  &  inarqualcs,  rectas;  aticem  om- 
ncs,  qux  ad  bafes  incidunt  vni  certsb. 
squidiftantcs  >  &  proportionaliter  fecant 
ba(cs ,  fuerint  xqualcs,  candcm  e(Ie  vim 
dcmonftrationis  ad  probandum  ipfas  £<• 
giiras    cilc  in  rationc  bafium.  ' 

COROLLARIVM  III* 

Hinc  quoquc  apertum  eft  figuras  quae 
lcAionc  conica,  ordinatim  applicata  ca* 
demi&  diametro  vtrinquecontinenrur  efle 
atqoalcs. Sit  cmm  fc^tio  conica aed g c , 
cuios  dtameter  fit  d  b ,  &  cx  quolibct 
eitts  pun£to  b  cduiEtx  fint  ovdinatim  ap^ 
plicatae  b  a,  bc  qux  in  dircAum  iacent  cum 
fint  tangenti  in  d  parallellae  :  dico  figu- 
gam  dcab  cfic  arqualcm  figurxdgbc«i 
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Iiabent  .  cnim  bafim  eandem  *  c  b ,  & 
perpeadicttlares  ex  a  &  c  clemif&  funt 
2^quales ;  ex  quocunque  vero  punfto  f 
bafisdb  ducantur  reftse  f  c  9  f  g  parallelae: 
rc£lis  sA},  b  Cy  ipfae  f  e » f  g  funt  xquales^ 
crgo  figura  dcab  cfl:  xqualis  figura^ 
dg  c  b.  Vndc  vlterius  efficitur »  fi  du£lis 
ah,  ci  reftis  figurae  d  bah^dbci  (int 
a^quales »  refiduas  quoquc  atdh>cgdi 
cfte  aequalcs  inuiccm. 

COROLLARIVM    IV. 

Altcra  figura  m  latcrculo  coroUarif 
J>roximc  fupcrioris  cxbibita  infcruit  ad  id 
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quod  quarto  loco  cx  dcmonftratis  coUigi 
volumus  5  quamuis  nimirum  linca  a  b 
•on  fit  rcfta,  fcd  fcftio  conica  ,propo- 
iltioncm  praefcntcm  pcrindc  dcmonftrari 
poffc.Cum  cnim  h  x  o  fit  rcfta  9  fi  pcr 
quodlibct  punftum  curu^  a  e  qux  cfl.  fe- 
^o  coni<a.,  ducantur  ipfi.  a  i  parallcllae, 
&  fi  vt  rc^a  a  h  ad  ^ai ,  ita  eanim  por- 
tioncs  intcrccptx curua  ae^.&redahxo 
fiant  ad  ahas  earundem  parallelarum  por- 
tioncs  eadem  cunia  ax  terminatas ,  haru 
vero  extrema  dcfcribant  curuam  izp,  vt 
rcAa  a  i  ad  a  h  9  ita  erit  fpatium  a  i  z  p  e 
ad  fpatium  a  hx  o  e  ^  ficut  in  prxfentr 
hactenus  dcmonftratumfuit.  Ipfa  autcm 
curua  i  z  p  cadct  intcr  curuas  1 1^ ,  a  c  ^ 
fi  recta  h  xo  cadat  intcr  curuas  h  u  o  9 
ac  iSc^  hxo  cadatcxtra^cadet  &  car- 
«aizp.  Ducatur  enim  pcr  z  quodlibet 
punctum  curuae  i  z  p  rccta  z  y  parallcla 
tcctac  a  i  fccans  curuam  h  o  ia  a  ,  rectam 
ho  inx,  &  curuara  ae  in  y.  Quoniam 
vt  ai  ad  ah,itacft  yt  ad  yu,  &  iiacft 
ctiam  y  z  ady.x:  ergo  vt  y  t>.  yu,  \u 
yz,y  X  &  ahcrnado  vt  y  t,  y  z,ita  y  u,Yx: 
crgofi  xfit  intcr  u  &  y  ,erit  quoquc  z  m- 
ter  t&  y ;  &fi  X  fit  vltra  u  erit  quoquc  z 
vltra  t.  Hoc  autcm  oftenfo  dcmonftratio 
nihil  dif&rt  nifi  quod  lixxtx  i  z  p,  p  n, 
&c  funt  curuae,  cum  in  quatuor  propo- 
fitionis  cafibas  fucrint  rcctx ;  id  tamcn  no 
impcdit  quominus  vt  a  h  recta  ad  ai,  ita 
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(it  figura  a  h  xo  c  ad    figuram  a  i z«p  m i 
quod  fatis  cft  ad  dcmonftrationis  robur, 

SCHOLIVM. 

Si  €x  figUTA  a  h  m  c  b  Uhnlus  a  h  »  b  c 
dtffiinddniur  hi,  cd  ipjis  ah,  bc  £fU4lesi 
tf*  per  funSd  i,  d  instlU^dtur  duSd  lisBes 
in  d  I  isd  >/  €x  juocuufnspunSo  freSd^  h 
duedSur  iniffs  a  i  fdrdUtU  oceurrensfeBiasoi 
ionicd  h  n  c  i»  m  >  €>  lincd  i  n  d  inn^  psoi 
fm,  mn  dfudles-^  connsHdnSurduum  reBs 
h  Ci  id :  oficndcndum  cft  fegmensum  i  n  d  tt 
efe  duflum  fegmensi  h    m  cx* 
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Sl}io»idm  fignr4  h  i  n  d  c  m  t^  dfudlts 
ftf  'frd\tHttm  TelHlineo  h  c  b  a  e^*  (^g^^^'^ 
^o  h  m  c  X)  hoc  efifi^HTd  a  h  m  c  b  f  ^Hd  ex 
illis  iuohiss  ffdtijs  comfonitHf :  fi  dfuMus 
Mmr  fegminium  hmcx  trit  figurd 
hi  n d  c  X  djudlis  rtffiUneo  h  b»  cIT"  ftgmtto 
hm  e  X  iisfumfto;  ergafi  txifiis  d^uMus 
duftrdtstr  rthilineum  h  c  b  r  a  y^n  i  d  c  h  iffi 
4fU4lty  trit  ftgn^ntum  itida  dfudlt  feg-  i.huiut 
meuto  h  m  c  X  iis  fumfto  fuod  trdt  ofitn^ 
icnium. 

Similitfrofitndetur.reftdm  nu  eft  du^ 
fUm  rtffd  m  x^  fuonidm  enim  rtSd  mn  tft 
dfudlis ,  >f  fonimus  /tffi  m  f^  hoc  tfi  rtHis 
(xj  xmzfi  dfudlihus  ddddtur  rtSd  m  x> 
nitrtftdnx  dfudUs  rtSd  {x  ftmelfum^ 
ftd  ,  |>-  rtfid  Tn  X  his  fumftd  :  trgo  (i  tx 
ifiis  dji0dlihus  dtmdtur  fx  ftts\n  iffi 
dfudUfi ^rtfidud  rttld  nu  trit  dfUdUs  refidud 
ni ;x  his  fumptd. 

Hint  mdnijtfium  tfi  lintdm  i  n  d  dfui" 
ntltrt  (tflioui  cpnicd  9  quod  dd  efeHum  fro^ 
fofitionis  fteunddhuius  lihridktintt^ofienfum 
tnim  tfi  curuds  h  m  c,  i  nd  inttr  ftrdllelds  ^  ^^^^^ 
ia,  d  b  totsientds  ,c^  fuhtenfds  rtSlis  i  d, 
h c itd  tJ/ccoU^dtdty >> fegmentum , in  d  non 
fit  mdius  duph  ftgmtnti  h  m  Ciergo  fi  srcus  : . 
hmc  'it^ttUigdtur  diuidi  intotftgmentdfud 
idti  ffdtif  ftmifft  minpidfint\%  drcus  ind 
rtfidhii  diuifus  in  totidtm  numpro  fegmentd 
fud  minord  trunt  ddto  ffdtio  »  hoe  tfiftmijfi 
JUli  ffdtif  his  fumfto^ 
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similUer  yi  h  t,  c  t  tAngenttsin-h  €^  c 
eduSfd>  concurrani  in  t,  fidtfue  n  s  </»^/4  ip» 
f$usmx,  iunfiisiC^  fd  tfftendtturfuutinfi'^ 
mili  fdulodntt  demonftrauimusffdtium  i  f  d  n 
f/e  duplum  fpdtif  h  t  c  m^  ipf^ffue  rell^sCi, 
f  d  09/1  occurrere  lined  i  f  d  jiiyi  t»  funEhis 
i^  d  :  //«M  rrg;o  i  nd  ajuiudlet  ftfiiom  coni" 
cd  etidm  judntum  ddeffellumfecunddpropo^ 
fitionisbuius  lihi. 

Qjtodfi  yt  injecunddft^urd  intrd  pdrdlleUs 
a  h^b  c  pnt  dudfeSliones  conicd  h  m  c,  c  o  k,r^ 
feffifyu^e  dh^  b  c^ dfUdles  dbfcijfd  ftni   e i, 
kd  ,  i/ij«f  duci  intelligdtur lined  irid,># 
fUdcunjue  fn  ,  ipfi^i  ^fuidiftdns  ducdtjur 
inter  reflds  ai  >  hd ,  occurrens  lincd    i  n  d 
inn,  feSioni  conicd  cok  in  o'^  fent  fni, 
o  n  ddudles ;  perinde  oftendett^r  iunilis  re^ 
lHs  id,  e  k,  h  c,  rc^dm  nu  efe  dfUdlem 
^udtus  o^^mxjimulfumptis. 
,  ^onidmenim  reiid  on   dfUdlis  fonitur 
teSd  imyhoc  eft  reffis  fK,%m:fe  dfUdli'- 
hus  ddd^iur  rcild^o>  eritreSdn^  djudlis  ' 
refiis  fx  ^x  m^go  :  ergof$  ex  iftis  djudlihus 
demdtur  f  x  feu  g  u  ipfe  f  x  dqudtis ,  refeHlud 
reSfd  nu  eritdfudtis  reffis  x  m,  ^oftmul   . 
fumptis.  rnde  per  frdfenfem  conficitur  fegme^ 
ium indn  ejfe dfudle iuolfus  fimut c  o 4 g , 
hmck. 

Mdnifeftum  igitur  efi  linedm  i  n  d  ^jui- 
»4/rrf  feiliopi  conicd  fuod  ddefeffum  fecifn^ 
i^  propofitionis  huius  lilri  in  ful?te»dentibusi 
fuoi  yero  dd  efeffum  tiufdem  in  Ugentibus 
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fpeSdi^n^»  minmtjl  mdnifejium  yji  emm  |e« 
iHones  ccnicds  c  o  k  ,  h  m  c  pondntur  idngc^ 
n  i»  c,  k,  hf,  c,  feBdt  e  1 ,  k  1 ,  h  t,  c  t  w- 
unies  itil^t,fi4tjiiere^4  nCdmtMins  lo,  tl 
^fndisj  c^*  inngdnturi  ty  df :  fpdtium  i  f d  n 
erit  dfudle  duobus  fimul  c  1  k  o  ,  h  t  c  m, 
yiix]pr^fenti  ccnficitur:  reltislfero  ifi  fd 
n0n  dccurrere  lined  j;  n  d  nifiin  funSlis  i ,  d 
ofiendetur  ficuti  frius. 

Huod  fifrofortto  relt^  zh  dd  ci  nonfit 
dqudlitdtis  y  fed  dltd  quduis ;  non  mulio  diffi'^ 
itlius  demonflrdhitur^  cuth  efus  fuirity  linedm 
ind  ajuiualere  feltioni  conicd  ^uedddduos 
frdcdiilos   effeSlus  dttinei . 

PROPOSIT  lO  Vir» 


t. 


Sit  reda  a  k  in  quatn  ad  idetn 
pundum  k  incidant  tcQtx  kl, 
kmj  ipfam  vero  kI  ita  fccetli- 
nca  a  1 3*  ipfamque  k  m  linea  n  m, 
in  pun^is  1  &  m,  yt  ipHs  kl, 
Km  aequidiftantium  portiones 
interceptae  redl  a  k  ,  &  lincis  a  1, 
n  m  fint  proportionales  lineis  k  1, 
xm.  Rurfus  linearum  al,  nm 


p«- 
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altenitram  al  tangatredapc  in 
quouis  pundo  c ,  8c  per  c  ada  fit 
c  b  aequidiftans  redae  k  1  >  Cecans 
redam  ak  in  b  :perbver6ada 
fit  b  d  parallela  redx  k  m ,  pc- 
currens  lineae  am  in  d.  Per  f 
jquoduis  aHud  pundum  lineae  a  l 
ducatur  f  e  parallela  redae  k  1 , 
occurrens  tcdtx.  aic  in  e,  &  tan- 
genti'  p  c  in  i ;  per  e  vero  agatur 
eg  parallela  redae  km,  occur- 
rens  lineae  n  m  in  g.  Si  vt  e  f  ad 
ei,ita  flat  eg  ad  eh,  &  perd 
atque  h  ducatur  re^a  d  h.  Dico 
redam  d  h  non  occurrere  lineje 
ngmnifiin  pundo  d. 

Si  cnim  fieri  poteft ,  occurrat  tinca  ci  h 
ipfi  n  g  m  in  pun£lo  q ,  fitque  d  q  h  rc£la  : 
pcr  q  agatur  q  t  xquidiftans  ipfi  k  m  |  fe- 
cans  reAam  a  k  in  r  ,  &  per  r  agatur  r  t  f 
paralkla  tpii  k  1 ,  occurrcns  Unex  a  c  1 
in  t )  &  xt&x  p  c  in  C 

QuoQiam  igitur  in  rcdam  a  k  inddunt 


> 
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xt&x  d  b  9  h  e  parallelx ,  fi  d  b ,  h  e  (int 
zquales ,  crunt  d  h ,  b  e  paraUclx  ^  fi  yero 

.  fint  inarqualcs »  xt(kx  d  h ,  b  e  produ^lae 
4.iexti.  conucnicnt ;  punftum  occursus  mutuifit 
o.  Qiioniam  in  triangulo  h  o  c ,  latcri  h  e 
paralkla  cft  b  d  j  vt  e  h ,  d  b  ^  ita  erunt 
o  e  o  b }  &  diuidcndo ,  vt  b  d  ad  cxccfTum 
quo  rc^a  e  h  ipfam  b  d  fiipcrat ,  ita  6  b 
ad  bc,  Similitcr quoniam  cb»  ci  fynt 
parallclx ,  &  vt  c  b  ad  ci ,  ita  eft  b  d  ad 
c h>  quando  c  b,  c r  crunt zqualcs ,  crunt 

,  xqualcs  \  crunt  c  i ,  a  k  parallelae :  quan- 
do  vcr^  non  fucrint  xqualcs ,  rcAa  c  i 
produ£ta  conucnictcum  re£ta  ak  in  o* 
Si  tnim  ficri  potcft  conucniat  in  u  :  quo« 
niam  crgo  vt  bc,  ad  ci ,  hoccft  vt  bd, 
ad  e  h  >  ita  cft  in  triangulo  i  c  u  e  re Aa  u  b 
ad  u  e ;  erit  diuidcndo  vt  b  d  ad  cxccfium 
quo  xtdz.  c  h  ipfam  b  d  iuperat ,  ita  u  b 
ad  bc^  fcd  ita  ctiam  cfl:  ob  ad  bc: 
crgo  u  b)  a  b  funt  xquales ,  totum  &  pars, 
quodcfl;  abrurdum ;  r eflx  crgo  cp,  dh 
conucniunt  in  o ,\fi  bd,  ch  fint  inaf- 
^alcs  ^  vcl  fi  fint  xquales ,  funt  parallclx. 
'    Qupniam  crgo  parallelx  funt  bd  r  q, 

.  &  ia  triangulo  d  o  b  lateri  b  d  parallela 
eft  rqj.  Vt  o  b  j  o  r ,  ita  crunt  bd ,  rq. 
Similiter  in triangulo  cob>vt  ob,  or, 
itaeruntbc  ,  rf:ergo  vtbd,  rq)  itabc, 
r  i.  Quod  fi  rcAx  p  i ,  td  ,  a  k  fint  paral« 
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lelae ,  (icut  b  d  erit  zqualis  tctkx  r  q ,  vc 
pote  latcri  oppofito  paralklogrami  r  b  d  q, 
ita  bc  crit  a^qualis  lateri  oppofito  rf 
paralleloeramini  c  brf.  Quoniam  igitur 
vt  bd  acT  r  q ,  ita  eft  b  c  ad  r  f  ^  ergo  al« 
ternando  vt  b  c ,  b  c ,  ita  funt  r q ,  rf : 
(ed  vt  bd,  bc,ita  etiamrq,  rt:ergorty 
rf  funt  a^quales,  pars  &.t0tum3  quod 
eft  abfurdum.  Re£la  ergo  d  h  non  occur-* 
rit  lineac  nm  ia  alio  pun£lo  quam  in  d» 
Non  abfimiji  ratione  ofiendetur ,  ii  reAa 
pc  fccetlineam*curuam  al,  ipfamquo* 
que  n  m  fecari  a  re£ta  d  h  >  &  4^(Ie  curuam. 
Quamuis  autem  appofita  noii  fit  fieura  ex- 
hibens  cafum  quo  re£ladk  fitadconne- 
xa  curuarum  a d ,  cf^demonfiratiotamen 
ad  cam  extendi  dcbet ,  vt  manifellum  e0; 


iif" 


./ 
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4<f         Tetragonifmicorum 

■ 

PropositIo  VIII. 

Sint  tres  lme£  ab,  hc,  id^ 
quarum  a  b  Ht  reda,  reliquaruth 
alterutra  hc  flt  fe^io  conicai- 
cum  curui  autem  h  c  ita  coeant 
redx  inuicem  paraUcIx  b  c ,  a  b^ 
&  cum  ctirua  i  d  parallels  inui. 
ccm  bd,  aij  yt  (icut  bcad  bd 
ita  (it  h  a  ad  a  i  >  &  ita  etianlfit 
quxuis  ipfi  b  c  parallela,  curuam 
h  c  fecans  ad  parallelam  ip(i  b  d 
ex  eodem  pundo  reda;  ab  edu" 
dam  &  curua  id  interceptam. 
Dico  (patium  aidb  fe  habere 
ad  (patium  a  kr  b  >  vt  perpendi- 
cularis  ex  pundo  d ,  ad  perpen- 
dicularem  ex  pundo  c  in  redtam 
a  b  demiffa  fe  habet. 

Vt  pcrpcndicalaris  ex  pun^lo  d  fe  habet 
ad  perpendicularem  cx  c  pun£lo  ad  re- 
Aam  a  b  demina  ,'  ita  (it  fpatiam  ai  d  b 
ad  fpatiii  quodvpotcft  teAa  q.  Si  quadratu 
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j>a-^y 


■.-n">* 


q  non  efi  zquale  fpatio  ahcb,  fit  pri- 
tttuin  (i  fieri  poteft  minus  \  exceflus  autem 
fit  fpatium  quod  poteft  tzGiZ  t ;  fitque  pri- 
inore£ta  ab  ad  concaua  curuse  hc. 

Diuidatur  arcus  hc  in  tot  por- 
tiones  ho,  omi  mVy  kc  numero 
paxes  9  vtiun£tis  reAis  h  o  9  o  m ,  m  k  , 
X  c  fpatia  fegmeatdrum  fint  fimul  minora 
dato  fpatio  r  ^  hoc  enim  fieri  poteft  per  2, 
httius.  Per  puiifta  o ,  m  >  k  ducantur  o  e  , 
m  f »  K  g  paralielae  ad  re^am  c  b  ^  &  per 
pimfta  e^  f,  g ,  in  quibus  fecaat  re^n^a  b 
dttcantilr  e  p ,  f  n » g  1  zqttidiftantcs  re£be 
b d > & occorrcntes  curuse  idinp,  n>  L 
Ittn£Hs  reAis  ip ,  pn  ,  n  1 ,  Id »  quoniam 
nhaad  ia^itacft  oc  ad  ep  >  &  mf 
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ad  f n,&  K  g  ad  g  1 :  crgo  vt  trapczij  ai  p  c 
latus  a  i,  ad  trapezij  a  h  o  c  latus  a  h  >  ita 
latus  pe  ad  latus  co:  &  ahcrnando  vt 
trapczi)  ipca  latu^  ia  ad  latus  ep,  ita 
trapczij  h  o  c  a    latus  h  a  ad   latus  e  o. 
Eandcm  ob  caufams  fiihihtcrproportiona- 
lia  crunt  latera  trapf  zioruni  p  e  f  n^ o  e  f m^ 
&  n  f  g  1 ,  m  f  g  K  ;  &  l*g  b  d ,  K  g  b  c.  Cum 
ergo  trapczia  ifta  habeant  latera  propor^i 
tienaha,  &  bafes  eafdem  in  re£la  a  b ,  tra-' 
j.huius  pczia  antecedcntia  fc  habebvint  ad  confe- 
qucntia  ,  vt  perpcndicularis  ex  d  ad  per- 
pcndicularem  cx  c  dcmifla  ^d  re£tam  a  b : 
crgo   totum   rcdihneuni  i  p  n  1  d  b  a  fe 
'*•.    .    habet  ad totum rcaiHneum  HomKcba» 
quinti.  ^^  pcrpcndicularis  ex  punfto  d  ad  pcr- 
pendicularem  ex  punfto  e  in  rc£tam  a  b 
dcmifla :  fed  ita  ctiamfe  habettotum  fub 
rcAis  ia  ,  ab ,  b  d  &  fub  curua  i  nd  con- 
tentum  ad  fpatium'  q :  crgo  altcmando  vt 
totum  fub  curua  i  n  d   &  fub  redis  i  a  > 
a  b)  b  d  cotentum  ad  re£lilineum  i  p  Id  b.a, 
ita  fpatium  q  ad  rc£^ilinei|Qi  h  6  m  k  c  b  a: 
ergo  cum  totum  fub  curua  i  n  d  &  fub  re- 
fk\%  i  a )  a  b ,  b  d  contentum  fit  maius  re- 
Ailineo  ipnldba,  erit  quoque  quadra- 
tum  q  maius  rcftilinco  h  o  m  k  c  b  a»  quod 
eft  «bfurdum  ,  vt  (atis  cohftat  ex  i)s  ^ux 
propofitione  6.  huius  demonfirata  funt : 
vnde  quoque  fmni  debent  tircs  qui  fuper- 
fi^nt  cafus ,  nam  i)fdem  fcrme  verbis  huc 
tranfcribcndi  forcnt,    vt  manifcftum  cft 

ciliuis 


m. 


• 
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cttiuis  Lt£losi  harum  i;cruiQ  non,  omnino 
inipcrit9« 

Hinc  paricer  manifcfluni  cft  candcni  efle 
dcnionfirationis  vim » fi  loco  cxtremoruQi 
traDeziorum  lint  triangula ;  vt  pote  quac  fe 
habcanr  ficoti  altitudinesscum  eorum  fue-. 
rit  vcl  ea4em  bafis  vel  aequalis ,  vt  <icp:\oiVi 
ftrat  Clauius  ad  j«  fcxti  Euclidis^     • 

S  CHOHVM, 

Hoc    loco  dcmonftrandum .  cft  vnum 
qupd  neccflarium  noWsi  crit  in  pro^re0a. 
►eris^ 


Si  baiis  ab  noniit  eademvQl 
«^«|lip  in  vtrtquc  figuri ,  fed  ba* 
fes  ajb,  uy  iint  in^quales,  reli- 
qua  autem  eadem  permaneant, 
hoc  eft  ,  fedis  bafibus  uy,  ab 
piDportiqnaliter ,  in  quotcunque 
pun^is  t,  if,  X,  8c  e,  f,  g,  v|t  d  y  a4 
tbjitafic  \%  ad  kgj  ^  nf  ad 
m fs  '& p  t  ad  oej  Sr  ii  ad  h i 
Ofttfhdendum  eft  proporiidnem 
fpatij  u  i  h  d  y  ad|fpat?un^a  h  m  cb 
cfrccompofitum  ex 


'.'.t 
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iium  u  y,  a  b,  &perpedicul2rium 
cxd&  G^  vclex  i  &hadb»res  u  y, 
a  b  demiirarum 

Snperbali  uy  mtcUigantur  crcdse  rc- 
ftac  u^5.t9r,f/Lt,xA.,  y  z^ita  vtinuic^ 
fiut  i^arallclx  ^  &  cum  baii  u  y  conftituaot 
anguium  arqualcm  angulo  h  a  b  ^  ipfarau* 
tcm  ^u  )  •wt,  fif,A.x>zy  fintxqualcsrc- 
Ais  ah>  co,  fm,  gk  ,  bc*,  &p^rpun- 
£ta  f  i  ^,  f^,  ^  ,.z  & alia  omnia  qux  fimili 
mcthoJo  rcpcriri  poflunt  mccdpt  Itnca 
f  T  f£  tl  z.  Conftat  crgo  cx  antca  dcmcnftra- 
tisfiguram  a  h m c  b  cflc  ad  figura  u  p/txz y 
vt  clt  bafis  a  b  ad  bafim  uy  ^conflat  prx« 
ttrea 


^-fo^ 


h'^A-T^ 


^  J  h    ^ 


^  ^:  ?    J 
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tx  praefenti  projpofitioiie  figuram  u^ftzy  ^.huiui 
eflc  adfigiiram  ui  ndy  vt  «ft  pcrpcndicu-  *",/''• 
larii  cx  i  ad  jicrpicndicularg  cx  *>  in  rcftam  '"^     ^** 
tty  c|e^ifl&ito:  cigacum  pcrpcndicuUris 
ex  ^  m  rcaam  uy  dcihifli  ilt  acqiialis  pcr- 
pcndiculari  «jc  hin  rcftain  ab  dcinifl*, 
prop6rtio   figura^  a  h  m  c  b  '  ai    u  i  n  d  y 
fpttiyeiicturcx  rationibo^  bafiutnab   uy   ^ 
&  pctpcndicularnim  cx  h  &  i  in  hafcs  dc^ 
biflirum  i  quodi  erar  dcfeonflrandum. 


$int  jeda|  akjiXu  inquasirt-» 
ciliirt  rcAak^ii ^  piiiS^a  k  &uf 
ipfam  vcr6  k  u  ita  fccertt  linpae 
al,  n m  ln  pun^isl  &  m  ^^  vt  as- 
quidiftantium  ipH  k  m  portioin- 
tereepta  reda  a  k  &  linea  a  1  ad 
■portionem  intcrceptam  redla  x  u 
&linea  nm  (e  ha}}eat  vt  ret5ia 
k  1  icl  «m.  iUirfus  Hnearum-al 
ttm  alterutram  al  tarigat  reda 
pc  in  quouis  {)Un<3:o  c,  &pcr  c 
agatur  b  C  d  jequidiiians  re<5tiE 
k  m  j  occurrcns  Hncae  n  m  in  d , 

.  Dij 
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^  rcdis  ak,  xu  irib,  y.  Per  f. 
^uoduis  aliud  pundum  lincx  al 
ducatur  f  g  xquidiftas  redx  k  ID  9 
occurrens  linc^  nm  ing,  &  re- 
dis  ak,  xu,  in  e,  z,  tangenti 
vcro  pc  in  i.  Siut  ef  ad  ei,  ita 
fiat  z  g  ad  z  h ,  &  pcr  d  atque  h 
ducatur  re(^a  dh.  Dico  rcdam 
dhnon  occurrcrc  Uncje  ngm 
ni(i  in  pundo  d. 


5>i  enim  ficri  poteft:  occurrat  re£la  d  h 
ipfi  n  g  03  in  pun£):o  q,  fitqae  d  h  q  re^ig. 
Per  q  agatur  q  r  xquidiflians  ipfi  k  1 ,  oc- 
currcn^  vcro  rc£tis  pc,  scutn  f,  a-,  & 

^ ■    --•;-:-■•   k  ^^  ' 


\ 
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lineaB  a  c  1  in  r.  C^oniam  in  rc^^am  a  k 
incidunt  rc£ix  c  b  ^  i  e  parallels  ^  fi  c  b  % 
i  e  fiiic  xquales ,  erunt  be ,  c  i  parallelx :  5.^     ■ 
fi  Tcro  fint  xquales  ^  produ^x  conuenient.  mi. 
Conueniant  primo,  &punftani  concursus 
fito ,  quoniam  in  triangulo  i  o  e  lateri  i  e 
paraUela  cflbc^  vt  ie  ad  bc  ,  ita  erit  oe 
ad  o  b ,  &  diuidendo  vt  bc  ad  exceflum  4«rcxti. 
quo  ei  refta  ipfam  bc  fiiperat^  ita  ob  *"^|*^^^ 
ad  be» 

Per  o  agatur  x^fkx  o9  parallela  xtfkst 
km;  occurrens  re^ux  inpunAoqaod 
fit  X :  quoniam  ergo  in  reftas  x  u  >    o  k 
panllelas  incidunt  e  i ,  b  c  ,  o  x  •  reftx  o  e,      ^ 
xz  fimiliterfecabuntur  in  pun6^is  e,  b ,  o  jfEucf. 
&Z9y>x,  &  Vt  ob,  be,itaxy, yz. 

Rttrfus  quoniam  in  rcAam  n  z  incidunt 
reftae  d  y ,  h  z  parallelas ,  fi  d  y ,  h  z  fuc- 
rint  xquaies  entat  a  z  ^  d  h  parallelae  \  fi 
verofint  inxquales ,  rc£):a&  n  z ,  dh  con- 
ttcnient  io  punflo  x.  Si  enim.fieri  poteft 
conueniant  in  ^  v  quoniam  ergo  vt  d  y 
ad z  h ,  ita  eft in triangulo  d h crz  r  y  ad  . 

z^,  cum  latcri  zh  jparallela  fit  y  d  ,  crgo  *'  ^''"' 
diuidendo  vt  y  d  ad  exce(s{i  ^uq  refta  z  h 
fapcrat  ipfam  y  d,  ad  ita  erit  ry  ad  y  z»  £t 
qaoniafm  vt  d  y  ad  z  h  ita  e(Ie  ponitur 
bc  ad  ei:  ergo  vt  dy  ad  cxcediim  qUo 
rcftazh  ipfiim  dy  fuperat,  itabc  ad 
excefium  quo  ipfimi  b  c  refta  e  i  fuperat , 
ftd itaetiam  oft^nfuin  eft eflc  o  b  ad  b  e  ; 
trgo  vt  «r  y  ad  y  z  ita  cft  o  b  ad  b  c  >  fc  d 
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vt  o  b|  b  c,  ita  X  y  ,  y  z  ,  vt  oficnfuin  fuit  ;^ 
crgo  vt  xjr  ad  yz,itacftxy  a(i  y  z:  cr- 

Juinii.  go  '^  y »  ^  y  ^«"^  acqualcs  ,  pars  &  toturp 
quod  cft  abfurcluDi ,  rc£iz  crep  h  d  ,  u  x  ^ 
o  9  y  concurru  nt  in  idcm  pon&um  x, 

Quoniamcrgo  paral]clx  funt  yd,  acjj, 
&  intrianguto  qdx^  latcriqiL  parallcla 
cft  dy  J  vt  A,  q ,  d  y  ita  cront  x  ^,  x  y.  Si^ 
militcrintriangulo  ioc,  vt  rf,  bc  ita 
loSm-  crunt  o  r  >  ob :  fcd  vt  o  r  t  o  b  ita  funt  x  At, 
\i  Euc.  X  y ,  vt  modo  dcmonftratum  fuit :  crgo  vt 
d  y ,  A  q,  ita  fqnt  b  c  >  r  f, 

Quod  fi t«in  c f ,  br  finr  inuiccqi  par^U 
Iclae,  quam  dh,  yz^  crunt  bcfr  & 
y  X  q  d  parallclogramma  >  ac  proindcxrunt 
latera  oppofita  X  q ,  d  y  sequalia  ^  itcni  r  f, 
b  c  :  crgo  vc  d  y ,  k  g  ^  itar  cnmt  b  c  r  f. 
Quoniam  igiturvt  dy,  a.  q  ita  funt  bc, 
r  i;  Cfgo  alcernandp  vc  dy,  bc  ita  fun^ 
f  q ,  r  f ;  fed  ita  ciiam  funt  ^.  q  ,  r  f:  crgp 
rf)  r  t  funt ^qualcs  pars  &  totum  ^  qupd  ' 
cft  abfurdum,  Rcfta  crgo  d  h  non  occur-i 
rithnex  n^m  ,  nifi  in  pun(lo  d  j  quod 
^rat  probandura» 

Non  abfintili  rationc  oftendctur  fi  rc^a 
p  c  fecct  Ifneam  curuam  a  1  ^  ipfam  quo« 
quc  n  m  fccari  a  rc^a  d  h  >  &  cflc  cur» 
uam.C^amuis  autem  appofita  nph  fit  figura. 
cxhibens  cafumquo  re£^a  ak  fit  ad  con* 
}Lexa  curuarum  a  d  ,  c  f ;  dcmpnftratio  ta« 
mcn  adcam  pcrtinct  i  vtm.-mifcftu^i  cft. 
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Pr  o  p  o  si  TI  o    X. 

Sincredae  ab,fy,  in  quas 
ihddant  piarallel2e  inuicem  rcdx 
y  b,  f a  in  pundis  a ,  b ,  f,  y.  Se- 
ceat  auteitire^«  f  a,  by  curuas 
h  c ,  1  d  (<]|uarum  alterutra  h  c  fit 
fedio  coni|ca)  inpundis  h,  i ,  c,cl, 
itavt  (icut  ah  ad  hi,  ita  (it  b  c 
ad  c  d  s  ita  etiam  (It  caiiifuis'  ad 
redani  d  b  paraUel^  pdrtio  in- 
tercepta  inter  re<^am  ab  &cur' 
uam*li  c ,  ad  portionem  interce- 
ptam  intcr  redam  fy  &curuam 
i  d.  D^o  {patiuftrf  id  y  .(c  habe- 
readfpatium  a  h  cH,  n  re<5la  f  i 
ad  redam  h  a. --     r --    '  - 

Vtreaa  fi  adfe^imTa  .Ifti^  fp?i>  ., 
tium  f  i  d  .y  ad  fpat|uin  qu<>d  potcft  re(^it;q,'^  ^ 
Siquadcatum  q  n^efl  zqijiak  fpatio  ahcb^,  /^- 
fit  primutn  fi  fieri  ^t^  laihuf  j  IxccfTus 
autem  fit  fpatiuqucKl  poteftred:a  r;  fitque   . 
primo  refta  a  b  ad  coneaua '  curux  h  c. 
t.  Diuidatar  ixtus  h  c  in  tptjiiokionQs-h  0« 


IL 


^ 
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i 


1 


! 


1^^ 


%«dis  h  o»  o  xti,Yn  k,lc  <:  fpatia  feementom 
lint  fimulminara  dato  fpatio  t$  tiocttfifA 
litti  ipratcfl'  pcr  fecundam  huius»  Pdr  ^ub- 
^k  t>,  th)  k  dacantur  o  e»  m  f^  k  g  parallc- 
iab  ad  r^am  h  d,  occdtrentes  lineis  h  c,iid 
\n  punftis  o»  m,  k,  p>  n|  l^  &  reftis  a  t,  f  y 
in  punaise,f,  g,  t^  u^  xJun£tisreAis  i  p, 
|>  tij  n },  1  d)  quoniatp'  vt  a  h  ad  f  i ,  ita 
'eft  e  o  ad  t  p  :  cfgo  akemando  vc  h  a  ad 
^  0)ita  i  s  ^d  p  t;  crgo  duo  trapezia  i  f  t^, 
h  a  e  o  habent  latera  poportionalia  ,  rSc. 
^omologa  fc  hahent  vt  h  a  ad  f  i^  Similiccr 
oilendetur  tra^sna  p  t  u  n,  o  e  f  m,  & 
iiuxJ,  mfgjk:>  &  ixyd|kgb<:  habc 
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te  latera  pro^ortionalia »  &  homologa  fc 
habere  vrfehabct  fi  ad  ha» 

Quoniam igitur trapczia  istp>  haco 
faabcat  ea  latcra  quac  parallcla  funt ,  pro- 
portionalia)  eorumque  cft  aequaks  diftan»  «  ^.  ^ 
tia;  yt  rcfta  i  f  ^aji  rcdam  ha,  ita  erit  tra-  f^  co- 
|)ezium  i  s  t  p  ad  h  a  e  o  ^  <&  ita  ctiamcrit  roil. 
ptun  ad  oefm^&nuxl  atimfg4,& 
i  K  y  d  ad  k  g  b  c :  crgo  omnia  amecedca- 
tia  fimul  t  hoc  tft  redilineum  i  p  n-1  d  y  5 
fe  habet>it  ad  omhia  confcquentiaiimul, 
faoccft  ad  rc£liiineum  homKcb»  vt  fe 
faabet  rc&a  f  i  ad  h  a :  Sed  ita^tiam  fe  ha- 
bet  totum  fubrcftis  i  s ,  f y,  y  d  &  fub  cur- 
ua  in d  contentuAiad  fpatium<| t  crgo  vc 
w£hlincum  ipnldys  ad  rc£iilineum 
fa om K  c  b  a  y iu fpatium  fiib  curua  i nd 
&  fub  rc^tts  i  s ,  ^Vy  y^  contentum  ,  ad 
ipatium  q'/&  altemando  vt  «eAilincum 
i  p  B  1  d  y  f  ad  fpatium  fub  t:uniaind^^ 
fub  rcctis  if,f  yjydeonftcntii^  ita  rcctilineu 
faomk e ba  ad  fpatium  q  :  ergo  cum 
^atium  fub  curua  ind  &  fub  rcAis 
is»  sy>  yd  contcntum  fit  maius  rc- 
^ilineo  i p nl d  y  s  ,  crit  etiam  fpatium  q 
maius  Tcdilincp  hdmKc  ba  ,  quod  cd 
abfurdum »  vtfatis  conftac  cx  ip  quac  pro- 
jpofitione  fcxta  huius  dcmonftrata  funt. 
Vndc  quoqucfumi  dcbent  trcs  qui  fuper- 
Sitit  <:afus  >  nata  iifdcm  fcrme  verbis^  pau^ 
culis  immuutis ,  huc  tranknbcndi  {brcnt> 
ficuti  &  hunc  primum  tranfcripfiinus  >  v  c 
manifcfium  cft,  ^ 


jS  Tttragomfmicorim 

Hific  paritcr  mani&llutn  fit  eandem  efle 
demonfliratiouis  vim ,  fi  Joco  cxtremoruni 
trapeziorum  fiattriangula)  vtpo^  qaacfe 
haoeant  (icutialtitudinesscum  eorun)ba<* 
fis  fuerit   cadem»  vci^pqualis*. 

Pr.opo$itio  XI.  ^ 
Sic  adcb  quadcilaterum  re- 
dilineum  cuius  latera  da,  cb 
iint  parallela,  (lue  dc  ab  fiDt 
parallela,  fiue  produ^a  conue- 
niant :  fic  aliud  quadrilaterum 
mixtum  c\iius  duo  latera  i  f ,  k  g 
{int  pordones  redarum  a  d  >  c  b 
produdarum,  ktera  autetn  oppb- 
tita  i  e  k ,  .£h  g  fint  curua*  linez, 
6cearum  alterutra  iek  {itredro 
conicaf  ita  vero  fe  habeant  duae 
iAx  figurs  iifdem  parallelis  af> 
b  g  interccptae ,  vt  ficut  i  f  ad  a  da 
ita  cuiufuis  ad  ledam  ad  paral- 
lelx  portio  inter  curuas  intcrce- 
pta,  fit  adportioncm  inter  redas 
ab,  Ac  interceptam.  Dico  vt 
re<ia  f  i  ad  redam  d  a ,  ita  eCTe 
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c|uadrilacerununixtum  i  f  g  k  ^  ad 
<|ua4rHateru  rc(Stilineiifii  a  d  c  b» 

lunAis  ttOa^  i  k^  f  g,  qupniam  reAtlincl 
f  i  K  gj  d  a  b  ^  habcni  ktera  ptopoiru  ona-' 
Ua,&  laurum  ^^ralleloruln  f ly.^  K  eadeni  ?•   *"" 
cftdiftantia,c|a3^  l^t«rum  j>ard  Coiol. 

cb>vtre^ti  ad  ^cAam  d a ^  ica  lerit re^ 
^ineuni  fi  i^  g  2^d.redilincum  da  b  c. 

Kurfusper  h.quoduis  {>unAum  curuac 
fg  fidufatur  hlcm  pariitUela  rcAaq. fi^ 
occurrens  curus^  $k.  in c,  &  rcftis  f gV  i  k  ' 
in  1  &  m,  crunt  it&x  h  h  c  ni  secjuales*  Si 
cnim  prpducatur  hm  ado,rcftan  oinicr- 
4:cptai:e£lis  dC);?Jb/e  habebitad  re£):^m 
chintcrccjptam  citruis  f|g,  i^.vtre^a^cl 
ad  i  f :  fed  V  t  a  d  ad  -  i  f  j  ita  ^ft  no  ad  i^\ 
interccptam  rcftis  f  g^"|?  i^U  crgp  reftx  m  % 
e  h  funt  xquales:etgo  ablato  communi  e  1, 
(  vcl  addito  comuni  c  l^  fi  |>unAujpi  1  ca^a t^ 
intcr  c  &  m)itpaae  %  IjCmii^iitaeqiiates.Re-' 
^asautcm  ad,^  i  f  cfre4nlrationc:ircftarum 
n  o,  rn  1  ita  oftt^ditt|rr;  fi  di^,  c  b^lint  a&qtta-^ 
lcs  ,  crunt  psirallclogrSnia  ^  d  c  b  gc  i  f  g  jilj.  •/ 
ergo  ficut  d  a  f rit  a^ualislrefta?  no,  itajf  i  j 
erit  apqualis  re^ap  n^  1:  cr^  alternando  yt  , 
a  d ,  i  f,  ita  n 6, m  li  Si autem  a4,  c  b  fijfix    __' 


I   » r     -.— 


inaequalcs,  conucniept  pf dj^uflsr,  fit  igitilr   0  ^^ 
occurfus  punftumpv&  pcr  p  agatut  pq  ,Js 
zquidiftans  re£lara  d  :  erit  ergo,  vtofteh; 
lum  cft  ,  occurfus  rcjftarum  fg,  i  fc  inpa- 
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rallcla  p q;  illc  ritq.Quoniani igitur trian* 
gula  f  i  q»  da  p  ineifdcmparallclis  fa,  pq 
conftituta  funt ,  ^arallelseciue  (unt  f  a,  ho  j 
licut*ap  a4  po  ita  crit  i  q  ad  ^  in:qiio-  '?•[«- 
niam  autcm  vt  a  p  ad  p  o ,  iracft  d  a  ad  "^"^* 
n  o  j  &  vt  iq  ad  qm^  ita  cft  i  f  ad  mli     .    . 
crit  vtfiadlm,  ita  daad  no:&akcp.  Eiie.in 
nando  vt  da,  fi,  ita  no,  ml.  c^toU. 

Quoniara  igirur    feftioni  conkat  ick 
ita  rcfpondct  curua  f  bg^vtcumfcunque   » 
ad  rraam  g  k  parallclx  porrioncs  intcr  cur- 
uam  fh  g  &  rcaam  f  Ig  intcrccptafe,fint 
acquales  poriipnibus  intcr  curuam  i  c  k  & 
reaam  imk  intcrceptisj  fpatium  fhgl 
crit  pcr  praeccdetem  acquale  fpatio  i  b  k  m  :    . 
crgoOaddito    communi  rcftilinco  f g  k  j, 
conflatum  cx  reailineo  f  g  k  i  &  ex  figara 
i  c  fc  m,crit  acqualc  figur»  i  m  i^  g  h  f  con- 
flatae  cx  rcaihneo  fgki    &cx  fcgmcnto 
f  1  g^hicrgo  ablato  communi  i  c  j^  m  ^  rcfi- 
duum  1  c  I:  gh  f  erit  arqualc'  rcfiduprcai- 
linco  IgU^Cum  crgo rcaihncum  fgki 
oftcnfum  fit  fc  habcre  ad  rcaiUneu  a  d  c  b, 
ficu t  fc  habet  rctfta  f  i  ad  d  a:mixtu  i  e  k  g  h  f 
fc  habcbit  ad  rcaiUneu  d  a  c  b  vc  reaa  f i 
ad  d  a,  quod  crat  oftcndcndunu 

COROLLARIVM.L 

Manifcftum  cft  cafidcm  eflTc  dcmonftra- 
tiojtiis  vim  fiuc  reaa  i  k  fit  ad  qonucxa  fiuc 
ad  concaua  curua^  ic  l^  quamuis  duplcxfi- 
gura  noafitcxprtflTa. 


v-^. 
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COROLLARIVM*  II. 

Manifefium  quoque  «Itft  eatidtm  cfle  df^- 
monftrationis  vim  h  da b  c  non  eflet  qua- 
dhlatcrum  ,  fcd  triangulum  cuius  latera 
cflent  a  b ,  ^  a/d  b  5  trianguli  iutcm.  mixti 
ttdi  f  i>  curua  i  j^^  &  altcra  curua  f  j^^ 

COROLtARIVM    II L 

Hinc  ctkm  patet  candcm  clTe  dcmoii* 
firatiodis  vim  fi  fumatur  triangulum  rcAi- 
lincum  arb,  pcr  cuiuB  angulutti  r  tran- 
fcat  r  o  ,  &  fi  ita  fit  triangulum  tribus  cur- 
uis  is,  fl^yi^ci  contentum»  vt  fiAt  fe 
ad  r  Oy  ita  fit  cuiufuis  ad  rc£lam  s  o  paraU 
lcla^  portio  triangulocuruilincoinclufa>ad 
portioncm  triangulo  rc£lilinco  ckufam. 
Ca^tcrum  quo  minor  crit  proportio  rc^a^ 
a  b  ad  r  o ,  magifque  falcata  crit  curua 
i  e4>co  fimilius  lunulix:  crit  trianguluni 
curuilincum  ifJ^*  Ciufinodi  vcro  mcnoi^ 
dcostctragpnifmusliabcturcx  praefcnti  pro-» 
p6(ltione* 

.COROLLARIVM/  IV. 


C0-» 


Hinc  raanifcftum  efl;  t\  fuper  fc£):ione 
nica  iej^  conftniatur  parallelogranimum 
mixtum  i  f  h  g  t  «i  cum  rcftat  i  Jt,  f  g,^uac 
cumas  i  e  4  >    f  h  g    fubtcndunt  ^  comprc* 
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hendant  vnacumipds  curuis  xqualia  fpa- 
tia^&cumin  fegmento  fe^ioais  conicx 
)pofl[it  infcnbi  figura  re£lilihca  iuxta  prstr^ 
criptum  pfopoiiuonis  fccundati  pofle  quo* 
quc^^ipipfo  icgjniento.  f h g  ^pariicr  ;in- 
.  fcribi .  Rurfus  'cum  j  fi  tcft ae^  1 1>  1 1^  ponatur 
/  trfngcrc  "te^iiftcni  cbpicam  i^c  k  inputi- 

^  ^figuc  i^a^\c^tfiat  ^u  d^q^ali|,  iungan^ 
"tiTrquc  fe^je  fu,teu,  mamfcfhim  fit 
^^^c^d  cijl  .yiti^iew  llt  aUl^^^b  :  &  'm^ 
cTiidta  quacii/iquc  4  x  Warallela  ipfil  u,  efle' 
4/|ad /nx^^tcnsi  z  y  ted  y  x  :  reftx  fu, 
u  g  non  octurrent  liw^  f  hgjnifiin  puu- 
ftil  f,  g :  dum  autem  tnanifcttium  quoquc 

,  fit  Ifigurac  f^k^  aequ|lem  e|fe  figuram 
fij  £  h  ^  tfij^ngula  enii|  rcaijiiiea  fu  g, 
i  hjt  iiint  ^equalia ,  &  ex\aequahbus  ablata 
funt asqus^lia nimiru fegmenta f ^gl,  '\tk.m'^ 
crg|  rfcfidjia  f  u  g  h,  i  t  j5l  ?  ^  funt  aequalia  ) 
pot^rit pjilritcr de  linea  fhg  id  dcmon- 
firaii  qu^d  defc^iione  conic^  ie  k  ^^  fe- 
cun^A  tiuius  demonfirare^r  ,  quantum 
adtabg^tcs  attinet*      ';      h 


1' 
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Sit  reS^  a  b ,  &  Ic^io  conica  fy 
in  quas  incidant  paraUdse  inui> 
ccm  yb,  fa  inpundisa,  b,f,y. 


<?4  Tetragonifmic^rum 

Secent  autem  redac  fa^  b  j  &- 
Aionem  conicam  h  c  9  &  curuam 
id  inpiin^h,i,c,  d>!tavtficut 
ahadhi>ita(itb  cadcd;  ita  ct& 
fit  cuiufiife  ad  rcdam  db  paral- 
lels  portio  intercepta  inter  re> 
£tam  ab  &  curuam  h  c,  ad  por- 
tionem  interpoHtam.  inter  curuas 
Cy,  i  d.  Dico  {patium  f  i  d  y  ie  ha-« 
bere  ad  ^atiumahcb  y  vtre^ 
n  ad  re^m  ha« 


f*  ^i 
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Vt  rcAa  f  i  ad  rcAam  f  a  ,  ica  fit  fpa* 
tium  f  1  d  y  ad  fpatium  quod  |»atcft  tcfta 
q.  Si  quadratum  q  non  cft  xqualc  fpatio 
ah  c  b,  fit  primum,  fi  fieri  potefl^  minus; 
cxccfTtts  autem  fit  fpat^u  qucid  pdtcfi  rcAa 
r,  fitque  primo  abad  concaua  curua^  h  c. 
Diuidatur  arcus  h  c  in  tot  portiones 
ho^om^milL,  itc  numcro'  pares ,  vt 
iun£tis  rc£tis  h  o^  o  m^  mic  /  k  c,  fpatia 
fcgmcntorum  fint  fimul  minoni  dato  fpa-> 
tio  r^  hoc  enim  fieri  poteft  cx  fecimda 
huitts.  Pcr  punfta  o^  m>  K  ducantur  o  c  ^ 
mf,  K  g  parallela  ad  rcftam  b  d^  occur« 
rcntes  -curttis  Uneis  h  c,  f  y^  i  d  inpun^lis 
o>m,  i^,  t)  Uj  X)  p^  n^  1;  &  reftae  a  b  in 
pun^is  C)  f)  g,  I 

IntcUigatur  duci  curua  i  2:  p  ita  vt  qua-^  . 
drilatemm  conftans  tateribus  i  s,  t  p^  qua^ 
funtre&x  ^  &  curuis  s  t,  i  z  p^  ita  refpon;' 
deat  te£tilineo  h  a  e  o  ,  vt  cuiufttis  adre-  ^ 
fia  h  a  parallelae  portio  inter  curuas  i  z  p  ^ 
ft  fc  babesft  ad  portidacfn  inter  rea^s  ho^ 
a  €5  fiottt  rcAa  i  f  ad  h  ^.  Hoc  autcm  ita 
peraAo  j  fi  rcAa  h  o  iaceat  intei^  curltam 
hl^o,  &  teiftam  ac ^  ent  quoque  t^p  in^^ 
tcr curttas f /2 1,  i  ^tb  i  &  fiinter reAas hoi 
a  e  iaceat  curaa  h  ^  o  ,  ia*cebi t  qitoqtiie  cur-^ 
ua  isTp  intcr  curuas  i  z  p  &  (4 1.  Sum?-' 
tur  eniih  ^  quoduis  pun^tum  curua^  ho  ^  ' 
& perillud  agatur rcfta-A 9   occorrien^  re- 
ftis  ho,  ae  in  punftis  (a  Sc-^  ;   &  i  cufui ^ 
ft  I  i  z  p  ,  i  ^»*  p  in  punftis  /2,2,  -jr,  Quo- 
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niam  vt  if  ad  ahi  lU  cIMa^  ad  0*7^  &  ita 
itiaclt  0/iAad^z:crgQ  VI  lAad  ^cr^  ica  cft, 
O/x  jd  iS  4: »  &  altcmando  vi  A  a.  ,  0 fc >    ita 
jSt,  /3z  :  crgo  fi  0  ^  fic  minor  quaoi  A/a; 
hoc  cft ,  fi  curua  h  ^  o  fit  intcr  rcftas  h  o  » 
a  c ,  cnt  qiioquc  &  t  minor  qaam  /3  z  >  hoc 
cft)tac<bit  curua  i  ^  p  intcrconias  i  z  p,f  ^  c. 
Et  fi  9  ^  fi^  maior  quam  9  /x ,  cric  quoquc 
jB  7  maior  quam  g.^  ;hoc.clV,  fi  intcr  cur- 
ua  h  ^  o  &  i<tii  a  c  iaccat  tt&z  ho^  curua 
1 2^  taccbit  qaoqut  intcr  caruas   iw^p  &^. 
i  jS  c.  Simili  prorfus  modo  oftendctor  rc«^ 
Uqua  quadrilatcra  mixta  habcrc  candem 
proprictatcm  colUt^  ad.  quadrilatcra  rccti* 
linca.(ibi  rcfpondcnria. 

Quoniam igitur  trapcziiimixtum  iftp» 
cuius  duo  latcra  i  z  p  ^  ('iS  t  funt  curaa  »  Sc 
trapcziumrcctilincuiH  haco  habcnr,  (i* 
cut  in  huius  dccima  propofitioncoftcnfiim 
fuit ,  ca  latcra  proportioiiaha ,  quz  p^ual* 
lcla  iouiccm  funt :.  &  *  cuQia  f  ^  t  cft  {cctio 
conica ;  ita  vcro  font  conftitota  vt  coiu& 
uis  ad ,  rcctam  i  a  parallelx  portio  inter 
cujruas  i  z  p ,  f ^  t  interpofita ,  fe  habcat  ad 
portionem  interrcctas  ho,ae  interceptam^ 
vt  fe  habet  recta  i  f  a4  ka  ;  ft  ita  etiam 
fic  inpctum  p  ^  n  tt.t  ad  rectiJUneii  o  e  f  m ; 
&  mixtum  n^MCuad  rectiUneom  m  k  gf; 
&  mixtom  1 1»  d  y  x  ad  rcctilmeom  k  c  b  g : 
crgq  omnia  antecedcntia  fimol  y  hoc  eft 
mixtum  izp^n^ltfdy  f  fe  habebit  ad 
omnia  confcquentia  fimol  ^  hoc  eft  ad  re*' 
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ctilineum  homkcba^Ytfe  habet  recta  ' 

f i  ad  ha  i  fied  ita  ttiam  le  habet  totum fub 

rectis  i ( >  d  y  5  &  fub  curuis  f  y  ,  i^nd 

comentum  ad  fpatium  q :  crgo  vt  mixtum 

izptf-Q^lti^dyfadrectihneu  homkcba 

ita  fpatium  fub  curuis  i  ^t  n  d ,  f  y  9  ^  iGib^ 

rectis  i  f  i  d  y  contcntum  ,  ad  fpatium  q : 

&  akemando vt  ftctihneu izp<irn^Udyf 

ad  fpatium  fub  curuis  f  y  -,  i  t  h  d ,  &  fub 

rectis  i  f  ^  d  y  contentBm  >  ita  rectihneum 

h  o  m k c  ba  )  ad  fpatium  q.  £rgo  cum 

fpatium  fub  curuis  i  't  n  d »  f  y  &  fub  recri^ 

iT ,  d  y  fit  maiiis  mixto  i  z  p  ^  li  ^  1 «» d  y  f: , 

erit  ctiam  (patium  q    inaius    rectihnco 

hom  J^c  ba  ^  quod  cflt  abfurdum ,  ex  i)$ 

qua^  prop6(!tidnc.decima  huius  demoaft^a^ 

ta  funt :  «ift  cnim  ifti  fimillitna »  quaprppter 

trcs  qui  liipcrlHnt  caf^s  cx  illa  >  yel  px  fex^ 

ta  huius  peti*dcbcnu 

.  COKOLtARtVM. 
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Inde  manifeftum  eOl  eandem  e({e  demon- 
ftrationis  vim  ^fi  loco  eKtcemociiim  trapf- 
4|:iprum  fumantiir  triangula« 

'      ••     '  . '      «  '  1      ;  t  :  •  ♦  •*        : 
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PROPOStT  lo  XIII. 

Datiim  (\t  fpatium  quod  potef^ 
reda  o ,  datum  etiam  (it  (zdtio^ 
nis  conics  {egmentum  a  c  b  com- 
prehenfum  ba(i  a  b ,  8;  arcu  a  c  b> 
^quem  reda  c  e  bafi  a  b  parallela 
tangat  m  c,  xquidiftantes  autem 
diametro  cd  non  fcccnt  feiStione 
,a  c  b  ad  partes  c  ^  niii  inynopun- 
do ;  id  eniiti  fieri  pofle  coHftacex 
conicis.  Dicoarcum  ac1>  diuidi 
pofTe  in  tot  portiones  nudciero  par 
res  per  izdtis  bafl  a  b  paratlelas , 
quarum  vna ^fit  c  e ,  vt  poftquam 
per  c  duda  fuerit  diameter  cd, 
&  per  reliqua  diuidonum  punda 
^quidiftantes  ipfi  c  d,  parallelo- 
gramma  circa  arcum  confiftentia 
fjit  fimul  minora  ^atio  o, 

Compleatur  parallclogrammam  a  b  e  4» 
&  fooatur  fpatium  ,  quod  re£U  /  poteft  , 
efle  pars  paiallelogrammi  a  b  e  4  mmor 
ipatio  o. 
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Vt  a  b  wcta ,  ad  rcctam  J^^itia  fiat  «f  ad 
bm  ;  &  per  m  aeatur  my  parallela  bafi  Jf  P'*" 
a  bi  &  aa  ab  rectam  m  angulo  dato  4at>  ^   ^^^^. 
applicetur  parallelogrammum  a  b  m  y  x^  Euc 
quale  quadrato  <r.  Quoniam  vt  recta  e  b 
ad  h  m,  ita  efl;  parallelogrammum  abe4 
ad  parallelogrammum    a  b  m  y   :    cum 
a  b  m  y  fit  pars  parallelogrammi  a  b  e  4  > 
erit  quoque  b  m  pars  rectae  b  e.  Diuidatur 
b  c  in  reliquas  partcs  mg,  gfy  fe,  & 
ducs^ntur  rectx  g  ^  ,  ?  ^ :  pcr  puncta  au- 
tem  in  quibus  rectac  m  y  >  g  ^  >  f  C^  fecant. 
arcum  a  c  b  ducantur  ad  be  parallelx 
p  t ,  h  u,  i  q,  4  i8, 19,  n  x.    Dico  paralte* 
logramma  bmpr^pths,  huiq,  iscr, 
^f  cjS  ,lmH,nzi?s   aKny  «({c  (imul 
ininora  quadvato  <^v 


*  I 


7a       .  T  etfagonifmicorum 
terceptaredionibusconici$,nt  ma- 

ior  ip  fa  i  k ,  minor  ipsa  b  d ,  & 
c6  maior  quo  miniis  diftabit  ab 
ipsibd,  &redioneS  Kdl,  ibh 
non  fecet     nid  in  vno  pun^o 
iuxta  caution^  adhibitam  in  prae- 
cedenti.  Datum  fit  prsterea  ipa- 
tium  quod  poteft  reda  r,  &  ipfum 
(it  piimd  minus  eo  fpatio  quod 
comprehendituir  fedionibus  coni-  , 
cis  K  d  1,  i  b  h ,  &  redis  ik^  hl.  i 
Dico  poflc  curuam  i  b  h  in  tot  i 
portiohcs  diuidi  qusc  flht  fcafcs 
parallelogrammorum  mixtorum 
iauiccm  jfibi  ad  vtrafque  diametri  ^ 
partes  pari  numcro,parique  inter- 
uallo  refpondcntium  ,  ita  vt  ipfa 
fimul  fumptafint  maiora  fpatio 
quod  poteft  reda  r  j  ipfbrum  aa- 
tem  latus  curuum  bafi  oppofitum 
interijciatur  intcr {cdiphcm  Kdl 
&  ordTriatim .  ab  co  pun^Slo  fc<ctip- 
nis  ^i:  dl  ajiplicatam  ifl  quo  cilif- 


i 
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modi  parallelogrammi  angulus 
confticuicur  a  ourua  &  i  recca  qux 
fitvcl  diamcter,  vclci  parallcla* 

Quadratum  quod  potefirefla  x  (it  exce(^ 
fus  quo  figurare£lis  i^  i,  h),  &fc£lionibttS 
conieis  jE^  d  1 ,  i  b  h  contenta  fuperat  fpa- 
tium  quod  potcft  refta  r :  ar^us  vcro 
k  d  1  intelligatur  feftus  in  tot  fcgmcnta 
4p,  p  d,  d  o  ,  o  l  pcr  ordinatim  vtrinque 
applicatas  k  i  >  p  o^  &  per  a  d  c  tangcntcm 
ipli  k  1  parallelam ,  vt  triangula  hiixta 
l^  z  p ,  p  n  d,  d  n  o,  o  y  l  interius  ad  cttr«^ 
uam  1  d  K  conftituta  duftis  ad  diametrum 
parallclis  pz,  oy  fint  iimul  minoraipa- 
tio  x;  id  enim  ficri  poteft  per  prxcede^-' 
t^em  propoiitiopem. 

i 
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Producatiir  p  z  doncc  occurrfit  fcdioni 

i  b  h  i  punfluin  aatcm  occarsus  (it  c  >  per 

quod  agatur  or<linatimapplicata  c  f,  &  pro** 

ducatur  doncc  occurrat  fcftioni ;  fit  vero 

occursus  pqn^mf.  Ion£ta  rcfta  of ,  <juo- 

niam  p  o,  c  f  funt  parallclx ,  vt  potc  ordi- 

natml  applicatap  vtrinquc  ad  fe£honcs  j^d  1» 

i  b  h ;  &  quoniam  c  p  n  f  cft  parallclogram- 

3f.pri-  njum^crunt  p  n,c  z  zquales  •,  crgo  &  p  o  , 

ni.        cf  duplx  iliarum  (  fccantor  cnim  bifariam 

in  n  &  f  a  diamctro  d  g  )  funt  xqualcs :  cum 

crgo  po,  c  f  (int  xqualcs  &  parallclx>crunt 

p  c ,  o  f  parallclx  &  acqualcs :  cft  crgox  p  o  f 

parallclogrfimmum,  ftcut  &  i  k  Ili^  eadem 

Jj  "^  ^'  cnimcftdcmonftratio  aflumpta  quacunquc 

ordinatim  applicata»  &  pcr  cius  cxtrcma 

duAis  rc^is  ad  m  b  parailcli&  doncc  occur. 

rant  altcri  fcAioni. 

Quoniam  crgbparallelogrammum  lefli- 
lincum  cft  c  p  o  f :  fi  per  finguU  punfta  ar- 
ciis  c  b  f  intclligatur  duici  reOse  c  p  parallela 
&  xquahs  y  &  per  extrcma  illarum  paralle- 
larum  notari  curua  pqo:  crit  pcr  vnde- 
cimam  huius  paralielo£!;rammum  inixtum 
contentum  rc£lis  c  p  ,  ,t  o  »  &  curuis  c  b  f  , 
pqo  sequalc  parallclogrammo  re£lihneo 
c  p  o  f.  Quoniam  aiitcm  refla  c  p  eft  minor 
quam  rcAa  b  d ,  crit  b  q  ,  ciim  fit  xqualis 
jpfi  c  p ,  minor  quam  b  d  »  crgo  punAum  q 
c^uruac  P  ^^  ^^  i°^^'  curuas  p  d  o ,  c  b  f ; 
&  quoniam  f n,  b  q  funt  acqualcs  &  b  cft  in** 
tcr  f^n  (  cum  ad  partcs  n  ponantur  cfle  con« 
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uexa  fcAionis  ibh  )  crit  crgo  b  n  minor 
quam  n  f»  ac  cpnfeqacnter  quam  b  q  :  er« 
go  pun^um  q  cadit  inter  curuam  p  d  o  & 
rc£tam  p  o.  Simili  pa£lo  oftcndctur  quod* 
libct  alittd  pun£tum  curux  p  q  o  cflFc  inrer 
curuam  pdo&.rc£kam  po*  Similiquoque 
pa£lo  ii  cx  paralieiis  pcr  iiagula  puodla  ar-* 
cus  c  b  f  du^lis  abfcindantui:  xqualcs  latcri 
i K  parallclogrammi  rc£lilinci  ik  1#,  &  cx-< 
trcma  illarum  parailclarum  dcdgnet  curua 
K m  1  y  erit  per  viidccimam  huius  paraUclo- 
grammum  mixtum  i  k  m  1  h  bzquale  redli* 
lineo  i  i^ih:  vtmodo  oftendcbacur dc  pa- 
rallclogtammo  epof  ^  curuaque  Kml  (1- 
militer  oft^ndctur  caderc  inter  curuam  k  d  l 
&  re£^am  kI.  Atque  eadcm  efi  ratio  dc 
qaotcunque  ali)$  parallelogramis^  fi  phircs 
quam  p,o,  ki  ordinatim  vtrinque  applica- 
tx  fuerint  ad  diataietru  d  b  a  fe^ione  k  d  ], 
interualla  autem  i^z,  y  1  cfle  ^equalia  patct: 
cum  enim  ^  k , ^  1  iint  xqualcs ,  item  a.  z  , 
^  y  fcu  np,  no ,  crunt  rclidua  k  z ,  y  1  x- 
qualia. 

Sccct  curua  k  1  m  rcftas  e  p  ,  f  o  in  t  & 
Uf  (^oniam  crgo  triangulorum  mixtorum 
kzp,pnd,  d n o  ^ -O y  1  pars funt  trian- 
|ulamixtaxtp,pqd,  dqo  ,  oul  iingula 
uogulorum  :  cuni  triangula  k  z  p ,  p  n  d  , 
dn o^  oy  1  fint  fimul  minora  fpatio  k  i  e« 
nint  multo  minora  eodcm  fpatio  xtriangu^ 
laktp^  pqd,  dqo^oul  fimul  fumpta. 
Cum  crgo  H  ex  ^gura  contcnta  par^llclis 
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i k>  hl ,  &  curuis  kd  1  ^  i  bh  aufcratur  (pa« 
tium  X  reftct  fpatium  r ,  &  cum  ex  eadem 
figura  ablata  fant  triaogula  4 1  p ,  p  q  d » 
d  q  O)  oul  quz  fimul  funt  minora  fpatiox: 
crgo  refiduum  fpatium  r  cfi  minus  qu^m 
refidua  parallelograma  mixta  i  J;.  t  e,  e  p  q  b, 
b  q  o  f ,  f u  1  h  fimul  fumpta.  Ergo  intra  fi- 
guram  re&is  ij^^hl,  &curuis  ibh  ,  i^dl 
contentam  defcripta  funt  parallclogr^mma 
mixta  i  ktcs  epqb^  bqof,fulh,  quac 
fimul  funt  maiora  dato  fpatio  r  quod  erat 
primo  loco  oftendendum. 

Secundo  fpatium  quod  poteft  re£la  r  fit 
maius  (patio  comento  inter  fc£tiones  coni- 
cas  K d  1 ) i b h » atque inter rcAas  ik^  hl. 
Dicopoflecuruam  ibh  in  tot  portiones 
diuidi  qua^  fint  bafcs  parallclogrammonim 
mixtorum  muiccm  fibi  ad  vtrafque  diamc- 
tripartcs  parinumeroparique  interuallo  rc» 
fpondentium  9  ita  vt  ipfa  fimul  fumptafint 
minora  fpatio  quod  potcfl  rcfta  r :  iplbrum 
autcm  latus  curuum  bafi  oppofitufn  inter- 
ijciatur  inter  fc  Aionem  4  d  1 ,  &  ordinatim 
ab  co  puncto  fectionis  k  d  1  applicatam 
&  productam  ,  in  quo  eiufinodi  paralleIo« 
grammi  mixti  angulus  conftituitur  ,a  cur* 
ua ,  4r  \  rccta  quse  fit  vcl  diamcter  vel  dia^ 
metro  parallcla. 

Quadratum  quod  potcd  rcAa  x  fit  cxcef- 

'  #fus  quo  figura  curuis  k  d  1 ,  i  b  h,  &  rcflis 

i  k,  fal  contenta  fttperatarik  quadrato  r : 

arcu$  vero   k  d  1  intcUigatur  fcOus  in  tot 
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fegtnenta  iE:  p>  p  d»  do,  ol  per  ordiQatim 
vtriiique  applicatas  kh]?  o,  &  pcr  adc 
adam  per  verticem  d,  ideoquc  &  tan-> 
gentem  in  d  ^  vt  duAts  pcr  p  dlp  ojsid  dia« 
metriim  d  b  parallelis:  ap,  c  o  triangula 
mixta  kz  p)  pa<l'5  d  c  o^  o.  y  1 .  cxtraiis 
ad  CQruam  k  dl  conftitut^  fint  (i^ul  mi« 
iiora  quadrato  x :  id  enim  ficri  poteft  pcr 
praccedentem  propofidonem. 

Producatur  p-a  donec  occuroic  feAioni 
ibh;  punftum  autem  occurfus>  fitc,  per 
quod  agatur  ordindtim  applicdu  c  s,  & 
prodttcaturdonec  fedioni  occurrat  5  firve^ 
ro  occursus  punftmiii^  Iun£^re£la  of, 
quoniam  p  o ,  e*f  funt  parallclx  9  rt  potc 
ordiihitim  vtrinque  applicataeadfir£liohes 
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4  <1 19  i  b  h|  &  qttomam  e  p  n  s  eft  paralle* 
logrammum^  oftcndccuiu^vc  in  priori  cafii^ 
reftas  p  e  ,  o  f  eflc  aeqaal^s  &  parallelas, 
ac  prpiade  figm:a.  aefc  erit  parallelo* 
gramma^  Eadem  mcthodo  idipfum  oftcn- 
detur  aflttmpta  quacunque  ordinatim  ap* 
plicati^  &per  eius  extrema  du^tis  ad  re^ 
ftam  m  p  parallclis  doncc  occurrant  altcri 
feftioni.  Pct  ycrticem  b  agatur  A  b  paral*^ 

II.  hu*  lcla  rcftx«ef ,  tdeoque  tangcns  »fccet  au« 

ius.       cem  in  X ,  9  parallclas  e  a^  c  d* 

Quoniam  parallclogrammum  rcAilincu 
eft  ^a  (;0 ^  fi  pcr  fingula  punAa,  ^rcus  e  bf 
intcUigatur  duci  parallela  rcAae  d  b^  ipfi-^ 
que  aequalis  ^  &  pcr  extrcma  illaruHi  pa* 
rallclariim  notari  linca  m  d  q  :  crit  paraU 
Iclogrammum  mixtum  e  m  d  q  f  b  aequale 
parailclogrammo  re£liIinco  X  a  c  0  :  quo« 
niam  autem  reAa  d  b  eftmaior  quamrefta 
k  p,  rc£ta  quoque  e  m  ipfi  d  b  2equalis,erit 
maior  quam  rcAa  c  p :  ergo  pun£lum  m 
*  cadit  cxtra  mixtam  figuram  p  e  b  d  con« 
temamreftis  pCibdft  curuis  eb^dp/ 
infra  tamcn  pttnAum  a  rcAae  ad  t  qaia 
cum  lacera  d  b ,  a  x  oppofita  parallelogc^ 
mircAangttli  bdaA  fintaequalia,  8c  cum 
ipfi  d  bfit  aequalis  cm>  erum  em ,  Ka 
aequalcs :  cum  ergo  a  m  fit  minor  quam 
e  m,  crit  quoque  h  m  minor  quam  Aa:er« 
go  punftum  m  cadit  infra  pun£kam  a^ 
Simili  paAo  oftcndctur  quoalibct  aliucf 
*    pun^tiim  curua^  m  d  cdeintercuruam  pd 
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&  reAam  d  a:  quod  vero  dictum  eft  dc  cur- 
ua  md  oftendetur  pariter  dc  cnrua  dq, 
ipfam  nimirum  iacere  inter  curuam  do 
&  rcAam  dc.  Simili  dcbique  pacto  fi 
prodttct^  e  f  donec  parallelis  z  t ,  y  u^ 
occunrat  inl  punctis  f^  fi,  cx  p^ rallclis  per 
fingula  punctaarcuum  i  e»'f  ii'  anfcranti^ 
sAjuales  ipfi  e  p  lateri  paVallclogt^miiu 
tcctiUnei  ep  z<r ,  vel  iph  fo  lateri paraf<« 
lelogrammi  rectihnci  foyfi,&  extrcma 
illarum  parallelarum  defcribant  lineas  cux>- 
uas  p  t^  ou,  erit  per  vndcciimam  huius 
parail«logrammum  mixtum  tp  e  i  conten-* 
tum  Ycctis  p  t)  t  i  &  curuis  jp  t,  e  i  acqua- 
le  rcctilineo  ipzJ^;  &  mixtum  o u h  f 
rectilineo  oy /Sf :  curuaque  tp  cadetintcir 
rectam  zf  &  curuahi  Ilp^  Itcm  curiia 
ou  ititer  rectam  4  yi&  curuamol^prout 
modo  oftenlum  fttit  d^fc  curuis  dm  ,  dq/ 
Atqiie'  cadem  eft  ratio  de  qcibtcunpuc  aliis 
parallclogrammis  fi  pfurciquam  po,  k.\ 
ordinatim  vtrinque  appliciatx  fuerint  ^ 
diaiiictrum  ^hzCcctiQnt^Kdh  Ef&aur 
tem  intenialla  parallelograiDmoru  d  m'e  h^ 
d  q  f  b  aequal^a  patct  t  tvim  ttctx  p  n,  n  p 
fiut  arquales ,  vt  potc  ordifiatim  vtrinquc 
applicatx  femifles;  Cumquc  tani  pn, 
noinuicemiquamzn,  ny  inuiccm  fint 
zqualcs ,  cru&t  refidua  z  p  ,^  q  y  xqualia. 
(^oniam  crgo.triangulorum  mixtorum 
^zp,  pad,  dc  o,  oyl  pars  funt  mixta 
trianeula  k  t  p,  m  i  d,  d  q  o,  o  u  l    fingu- 
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la  iingulomm:  cum  triangula  k  z  p,  pad^ 
d  c  o,  o  y  I  (int  (imul  ininora  fpatiQ  x^ 
crunt  multo  minora  codem  fpatio  x 
triangula  mixta  i^tp,  pmd^dqojoul 
fifbul  fumpta :  Cdm  ergo  li  ad  figuram 
contentam  parallelis  i  ^,  h  U.  &  curuis 
i^  d  1,  i  b  b*  addatur  fpatiiim  x  confletur 
&atiu  r^  &  cum  ad  eandcm  figuram  addita 
mt  triangula  4  t  p»  p  m  d  ,  d  qo,  o  nl 
qux  fimul  funt  taiinor^  fpatio  3(!,  confla* 
tum  erit  minus  fpatio  r :  illud  autcm  con- 
fiatum  conftat  parallcloerammls  itiixtis 
i'  t  p  e,  e  m  d  b  ,  b  d  q  t^  f  q  u  jS  :  £rgo 
curua  ibh  intot  ponioncs  e  b,  bf,  e  i^ 
fh  diuifa  efts  quac,  fint  bafes  parallelogra-» 
morum  mixtorum  i  t  p  e,  e  m  d  b^  b  d  q  f^ 
f  q  u  /3  fibi  ad  Ytrafque  diamctri  d  b  par^ 
tes  %  pari  numero  ^parique  interuallo'  rcf- 
pondentium »  ixz,  yx  Jpfa  fimul  fumpt^ 
fint  minora  fpatio  qupd  poteft  refta  r : 
ipfbrum  autem  latus  curuum  bafi  oppofi- 
ivm  intenjciatiir  inter  fcdionem^dl, 
prdfnatim  ab  eo  pun£%o  fe£):ionis 
l^dl  applicatam  )  in  quo  ciufmpdi  pa- 
rallelogrammi  mixti  angulus  confbtui- 
tur  \  curua ,  8i\  rc£la  qust  c(l  vel  diame- 
tcr,  vt  in  anguHs  mdb»qdb>Vel  dia- 
hietro  parallela  »  vtinanguHs^t.p  e,y  o  f^ 
quod  poile  ficri  crat  oftendeildu^«  C^od  fi 
b  d  e0et  omniqm  minima  %  rcUqiiac  aut^m 
eo  maiores  quo  longius  ab  ipfa  b  d  difta- 

rent) 
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teht }  demonldratio  crit  eadem  vt  ,atten- 
tius  confidcranti  apertura  fict.  * 

COROXLARIVM. 

Ex  tiis  dpertdm  cft  candcm  cflc  vim 
dcmonftraticmis  qaamuis  linca  ^dl  non 
fic  fcftio  conica,  fcdhncaqualis  in  co- 
roilario  propofitionis  praeccdcntis  ilUa^- 
quiualcre  dicitur,  quantura  ad  id  quod 
poflSt  diuidi  in  tot  portioncs  &c, 

Propositio     XV. 

Sit  fedio  conica  elf  ciiius 
4ianieter  1  q^  ordinatim  ad  illam 
applicata  Cit  e  o ,  quae  produ<^a 
dccurrat  feftioni  io  f :  ad  diatnc- 
trum  fint  quotcunque  ordinatim 
vtrinque  applicatx  b  a ,  e  f  >  Sl 
per  e,  b,  a,  f  edudae  (int  paralle- 
iae ,  ita  vt  quse  ex  b  &  a  educun- 
tur  fint  «quales  &inter  fe,  &  ipd  ■ 
Ir.  Complcta  intelligantur  pa- 
rallelogriima  mixta  b  cr l,  l  r  d  a:  • 
fmtitcm  b  s,  r  a,  c  m,nf  aequales 
inuicem,  intelliganiurque  com- 
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pleta  parallelograniina  mixta 
em$b,atnf.  Rurfns  fuper  bafi- 
bus  e  b,  b  1}  1  a,  a  f  conftru(^a  {Int 
parallelograniima  mixta  e  i  u  b, 
bg«ljl*ha,  xafk,itavcreds 
i  e,  b  u,  1 1 ,  a  X ,  f  k  (Int  parallels 
inuicem ,  nullaque  earum  {ecet 
curuam  e^lf  quamdibtenditma- 
xima  ordinatim  edu^arum,  niti 
in  vno  pundo  s  aut  (i  in  4io,  illud 
Ht  infra  maximam  edudarum.* 
(intautem  redxlinez  i  e,  gb,ha, 
f  K  squales  redis  lineis  e  m,  bc, 
d  a ,  n  f.  Dico  vt  eft  perpcndicu- 
larisex  c  in  redam  b  a  demiffa,^ 
adperpendicularem  ex  u  demiC- 
fatti  in eandem  ba j  ita  efte  duo 
(imul  parallelogramma  mixta 
i>  c  r  1 , 1  r  d  a  ad  du6  (imul  pairat- 
lelogramma  mixta  b  g  « 1 , 1 »  h  a.* 
item  duo  (imul  parallelogramma 
mixta  cmfb ,  atnf  ad  duo 
mixta?eiub,  axkf  fimul  fum- 


Elmentman  tik.  I.  S; 
ptai  &fic  confequencer  fiplures 
ordmatim  applicacx  fuerinc ;  ita 
vt  duo  fimul  quz  numero  pari  i 
diamccro  p  q  ad  vcralque  parces 
numerantur,comparencurad  duo 
illis  refpondentia  in  alia  latcrum 
inclinatione. 

Inttlligamur  compleri  paralkgramm^ 
tnixta  ei  iLf  (  m  s  t  n,  ^  iungantur  rcax 
g  h,  a  X,  i  i^»  c  il>  s  t,  m  o ,  &  producan- 
tur  cbi  rl,  taigbf  »1,  h  a  donec  oc- 
curranlrcAx  cf  inpUDAiih,  o,9,^,  «-,  z. 
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Quoniam   rcdtiiineiifn    paraliclogram- 
mum  b  c  d  a  (  eft  enim  parailelo^rammumi 
.    per  primi  £uclidis  trigcfimam    tertiam^ 
eademque  eft  ratio  de  aliji )  eft  per  vndecir 
mam  huius  xqualc  mixto  b  c  d  a  ^  8t  fe<- 
Ailineum'  bgha  mixto  bgha,  8c  quo« 
niam  pcr  tcrtiam  huius  vt  perpendicuiaris 
ex  c  in  re£lam  ba  demifla  ad  perpcndicu^ 
larem  dcmiflam  ex  g  in  eandem  b  a  ^  ita  tOt 
quadnlaterum  re£tiimeum  bcda  adrefti* 
lineum  bgha  ;  ergo  ita  etiam  crit  paraiie- 
^  grammum  mixtum  bcda,  hoc  t&  duo 
raixta  bc  rl,  Irda  fimul fumpta ^ ad  pa« 
ralleiograromum  mixtum  b  e  h  a  ,  hoc  eft 
adduomixtabgflil ,  l<iha  fimulfumpta. 
Rurfus  quoniam  rcflilinea  k  b  a  9^  y  b  a  z 
»4  pri-  funtparallelogramma/crunt/9,  y  zacqua- 
miEu^.  lcs  fingulac  latcri  b  a  cui  opponuntur,  ergo 
&  intcr  fe  erunt  xqualcs :  ergo  cum  e  ^ ,  ftf 
iint  id  quod  reftat  poftquaili  ex  e  f  ablata 
eft  A.  fl  }  &  cum  e  y  ,  z  f  fmt  id  quod  reftat 
poftquam  ex  e  f  ablata  fuerit  recta  yxTt- 
qualis  ipfi  ^tS^  erunt  dux  fimul  t\y    0  f ^ 
aequales  duabus  fimul  e  y  ^  z  f :  ergo^vt  x  d 
^/cxii  ad  duajfinjui  ex,9f,  itaeft  yz  ad  duas 
"^*      fimul  c  y ,  z  f :  ergo  vt  rec  tilineum  h  fd,^  9 
ad duo fimul rectilinea  emjux^  94nf$  ita 
rectilincum  y  jSJ^z  ad  duo  fimul  e  ijSy  ^ 
ii.hu-  ^^kf*  CumergorcctilincisA./x49>cmfx^, 
lu?.       ^4nf,yiS<rz,eli8  y ,  z  c^  4  f  xqualia  fint 
mixtabft  a,emfb>atnf, buxa,  eiub, 
a  x  j^  f :  vt  mixtum  parallelogtammu  b  f  t  a 
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ad duo  mixta  fimul ,c m  ( b> a-t n f ,  ita  mix^ 
tum  par^Uelogrammum  b  i,t  x  a  a'd  duo 
mixta  fimul  ciiib,axk:f:  trgo altcrnan- 
do  vtmixtum  bfta  ad  buxa,  ixa  funt 
dtio  mixta  e  ni  f  b ,  a  t  h  f  iimul  fumpta  ad 
duo  tnixta  ciub,  axjl^f  fimul  fumpta. 
Scd  b  f  t  a  ad  bux  a  fe  habct  vt  pejpcndi- 
ciilaris  cx  f  ad  pcfpcndicularcm  cx  u  in 
rcctam  ba  dcmiua»  fiue  vt  pcrpcndicula^ 
ri$  cx  c  ad  perpcndicularem  cx  g,  id  vero 
probatur  ficuti  dc  mixtis  b  gt  1>  1 1  ha  fu- 
pcrius  oflenfum  fiiit  :  crgo  vt  pcrpcndicu- 
laris  ex  c  ad  pcrpcndicularcni  cx  g  in  re- 
ctam  b  a  demifla ,  ita  duo  rriixta  c  m  f  K., 
at  i^  fimul  fumpta  5  adduo  ciu  b,  axJ^ f 
fimul  pariter.  fumpta ,  quod  erat  demon- 
ftrandum* 


<« 


COROLLARIVM  •  t. 

Ex  his  manifeftum  cft  dem6nftrationem 
cljfe  eiufdem  robbris  fi  arcus  cl,  f  l  conlH- 
tuant  ahgulum  ad  1 ,  dummodo  caeiera  non 
mutcntur. 

c  o  r'  o  i  t:  A  R 1 V  M.  I L . 


-">  •• 


Manifeftum  quoquc  cft  candcm  cfle  dc- 
mon(lrationis.^vim  fiuc  parallclogramma 
ciub,  bg«l  &c,  Conftituanturad  fcctia- 
nis  conicae  cif  conucxa ,  fiue  ad  concaua. 


8  6         Tetragonifmicorum 

COROLLARIVM.    III. 

Manifcftum  denique  efl:  ex  duobus  pa« 
rallelogratnmis  mixtis  bgo'!,  lA^ha^ 
maius  eiTe  bgvl,  illud  nimirum quod efl: 
adpartes  tt{Xx  t^l  adquas  ipfa  »1  cum 
reAa  ba  angulum  acutum  intrinfecus 
conftituit«  (^oniam  cnim  re£la  b  a  diui-« 
ditur  bifariam  in  p»  erit  b  <p  maior  quam 
^a:  Sed  parallelegramma  mixu  g^lb» 
lfl»h  a  fehabent  vtreftsebf,  ^a  ,  cumfint 
scqualia  parallelogrammis  rc^lilincis  f  g^ 
9  h :  ergo  b  g  #1  eft  maius  parallelogram- 
mo  mixto  1 4»  h  a,  Simili  ratione  bftende^ 
tur parallelogrammum  mixtum  ei  u  b  efie 
.maius  parallelogrammo  mixto  a  x  i^  f^; 
cuni  re£ia  ey  fit  hiaiorrc£la  zf;  funt 
ehim  e  A  y  0  f  a^quales ;  crgo  e  y  maior 
quam  e  x ,  eric  maior  re£ta  7  f  qu^c  pars 
cft  rcaae  fl  f. 

Propositio   XVL 

Sit  fedio  conica  a  c  b,  cuius 
arcum  fubtendac  reil^a  ab  bifa- 
riani  fe<aa  in  ^&per^a(9:afit  ^c 
diameter ,  cui  paraHela  (int  latera 
a  e,  b  f  figurse  mixta;  coprehenfse 
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tcStis  a  e,  b  f ,  &  fedionibus  co- 
nicisacb,  edf,  quarum  diame- 
tri  congruant rcdx  ca,  8c  ordi- 
natim  ad  iftas  applicatae-vel  Cibi 
congruant,  vel^ntparalle}xjpa- 
ralielarum  autem  ad  recf^am  d  c 
pordones  Cedionibus  conicis  in- 
tercepta;  eo  (int   maiores    quo 
minus  diftabunt  ab  earum  maxi- 
m^  c  d.  Sit  pr^eterea  alia  ligura 
quadrilatera  mixta  a  s  o  b  cuius 
latera  as,  ob  (int  reda  &  squa- 
liaiateribus  ae,  bf  fingula  (in- 
giilis  j  alia  autem  duo  {intcurux 
lineae  a  c  b,f  q  o ,  ita  vt  per  quod- 
cunque punduti^ \curu£  acb  du- 
dx  flierint  d^stitdx ,  vng  pa-: 
rallela  lateri  aeiaitefalateri  as, 
ipfsc  (iht  inuicepri  «quales  :  du- 
darfu  vei^o  inteii  a  s,  b  o  lincafum 
m\\3L  fecei  curuam  acb  -nifi  ii 
vncl  puhdp  iuxta  eautionem  ad-    ; 
hibitam  in  decihia  quintl  huius> 
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qu£  autem  parallelae  erunt  ipfl 
c  d,  conformes  flnt  cautiani  tra- 
ditac  ad  dtcimam  quartam  huius. 
Dico  figuram  quadrilateram  mvxt- 
tam  a  ef  b  fe  habere  ad  quadri^ 
lateram  mixtam  a  f  o  b  ^.  vt  fe  ha-* 
bct  perpendicularis  ex  e  ad  per- 
pcndicularem  ex  s  demifiain  rex* 
^am  ab,  '  - 


Vt  fc  habctpcrpcnditrulariscx  s  aclp$r« 
pcndicularcm  cx  c,  ita  fit^  fpatiuin  figurap 
mixtae  afobad  fpatmnfquod  potcftyc^ 
fta  y. 

0 
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Si  fpatium  figuw  mixtac  a  c  f  b  non 
e{l  acquale  quadtato  tc&,x  y^  fit  primo  & 
ficri  potcft  maius.  Potcrunr  crgo  pcr  dc- 
cimam  quartam  huius  defcriji^i  totparaU* 
jelograTna  mixtaintra  figutam  »'cf  b,  vt- 
ipfa  fimuinnt  oi^iora  fpatio'  jj  Sint  iUa 
ackm,  rogic,  c i h  n, a  1  f b^  {^cr  jm>c,n 
agantuf  m  r,  c  q  ^  n  p  xquidlftantes  ip(i 
as^  intclhganturque  compkH  ]^araIkIo-> 
;ramma  mixta  af  u  m,  ihftic,  np  tc, 
>o  X  n;  crgo  per  prxccdcntcm yt  pcrpcn- 
diculanS  cx  s  inrcdam  ab  demiHa  ,  ad 
pcrp^ndicularcm  cx  e  dciDif&m  in  eande* 
a  b ,  ita  crunt  duo  fimiU  pJHraUelogram^. 
ma  mixta  mrtc>  npt:c  'ad'  duo  fimul 
mgic>  cihm  t  &  ita-^iiknl'  itttnv^ 
duo  fimul  af u  m ,  n  X  o  b^ad^dao  fitnul 
a  cgm,nhfb:  crgo  fumptiis  fitnul  an-' 
tcccdcntibus  ad  confeq\kntia  fimul,  vt  perr 
pendicularis  ex  •  s  ad  perpcndicularcm  ex 
€j  ita  parallclogramma  hiixta  a  f  u  m> 
mrtc,ctpn>  n  x  o  b  fimuJ  fumpta  ad 
parallelogramma  ihixta  a  e  K  m,*  m  g  i  c^ 
ci  hn,  nl  f  b  fimul  furopta  :  fcd  vt  per- 
pcndiculahs  ex  s  ad  perpendicularem  ex 
C9  ita  efl  fpatiun^  mixtum  a  f  o  b  ad  qua- 
jiimy:  ergo  vt  roixta  a(um,  mrtc, 
ctpn,  nxob  fimuladmixta  fimul  ae 
^nbmgic,c  ihn,  nlfbjitacftmixtum 
a  f  o  b  ad  quadratum  y  :  crgo  altcrnando 
vt  mixta  fimul  a  f  u  m  »  m  r  t  c,  c  t  p  n> 


/ 
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:ob  ad  mixtttm  afob,  itamixu  (i« 
il  ae  ^m»  mgic,  €1  hn,  n  If  b  ^^d 
adratum  y  :  kd  mixta  (imul  a  f  u  m  ^ 
:tc,  ctpn,  nxob  funt  (imul  mino. 
nixto  a  f  o  b :  crgo  mixta  (imul  a  c  K  m , 
;ic,cihn»nlfb  crunt  minora  qua- 
to  y ,  quod  tft  abfurdum  i  cum  ponan* 
e(Ie  eo  maiora, 

Secundo  fpatium  figurx  mixtar  a  e  f  b  > 
(i  fieri  potcfi  minus  quadrato  ttRx  y 
:erttnt  crgo  per  decimam  quartam  huius 
cribi  tot  parallclogramma  mixta  quo« 
Q  latera  baG  in  cunia  a  c  b  exiftcnti  op« 
ita  fint  9XUra  (iguram  a  e  f  b »  vt  ipfa  (i- 
il  (int  minoi:a  i^atio  y :  (int  illa  a  z  g  m, 
cdcjjcdiQ»  nhib.  Per  m,  c  ,  nagan« 
m  r,  c  q,  .n  p  x  quidiftantf^s  j  pfi  a  S)  in* 
iiganturqi)€  compleri  pai^aUelogranima 
icta  mrta,  cqum,  cqxn>  npdb:  er« 
iicut  in  przcedenti  ca(U  oAenfum  fuit, 
perpendicularis  ex  f  demifla  ad  perpen* . 
ularem  cx  e,  ita  erunr  omnia  (imul  pa* 
elogramalmixta  mrta^cqum^cqxn, 

0  b  :id  omnia  (imul  mixta  a  z  g  in, 
c  d  c,  c  d  1  n,  n  h  i  b,  Scd  ita  etiam  cft 
ctum  a  f  o  b  ad  quadratum  y,  ergo  vt 
niamixtaiimul  mrta,  cqym^cqxn, 
9  b  ad  omnia  fimul  azg  m,  m  k  d  c, 

1  n,  n  h  i  b ,  ita  erit  mixtum  a  s  o  b  ad 
dratum  y :  ergo  ahcrnando  vt  omaia  (i- 
i  m  rta  cqum,  cqxn,  npQb^d 
itum  afob^  ita  omnia  (imulazgin. 


r.   •   "  ' 
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m  4cl  c,  c  d  1  n»  n  b  i  b  ad  quadratum  y: 
fcd  mixtum  afobeftminus  omnibusfi- 
mul  parallelogrammis  mixtis  m  r  t  a, 
c  qum  ,  c  q  xn.  up  9  b 5  ergo  ^uadratu  y 
cft  minus  omnibus  fimul  a  z  g  m,  m  k  d  c, 
cdln,  nhib,  quod Wabfurdum,  cura 
ponatur  cflc  maius*  JMixtum  crgo  a  c  f  b 
cll  aequalcquadratoy\;  acproindevt  pcr- 
pcndicularis  cx  s  ad  ^crpel^idiculareni  cx 
e  demiflam  in  rc£lam  ^b,  ita  eft  mixtum 
a  s  o  bad  mixtum  a  c  f^y  quod  crat  ofl;en- 
dcndum.  ! 

Quod  fi  fe£liiones  touicis  conutnircnt 
in  a  &  b  vt  in  fecunda  figuid  cx  binis  pau- 
lofupcrius  adfcriptis,  totum  fpatium  inclu- 
furii  fcAionibus  cohitis  a  d  b,  a  c  b  fe- 
haberet  ad  totum  fpatiunv  inclufumTe- 
Aione  xronicaa  c  b  &  curua  aq  b,  vt  per- 
pendicularis  cx  d  dcmifla  ad  perpcndicu« 
larem  demidam  cx*  q  in  re£tam  c  z  tan- 
gcntcm  in  verticc  c»- 

Vt  cnim  pcrpcndicularis  cx  q  a^d  per- 
pcndicularcm  ex  d  ^  ita^  fit  fpatium  inclu- 
fum  curuis  a  c  b  ,  a  q  l^  ad  quadratum  y. 
Si  fpatium  inclufum  curuis  acb,  adb 
non  cft  aequale  quadraioyTr  crit  vcl  co 
minus ,  yel  co  maius  5  (it  primo  maius. 
Potcntcrgo  itaduci  ordinatim  applicata 
m  i  quas  produfhi  fecet  curuam  a  c  b  in 
"j.yjp  fi  ?^^  puflftriii/ li  ducantur m g, 
fi  h  parallclae  ipH c  d,figurafubre£lisgm, 
h  n  &  fub  curuis  gdh  >  m  c n  fit  ^qualis 


fpatio  rcftx  y .  Pcr  nx  &  lu  agantur'  m  r, 
np  fJarailclac  reftac  c  q.  Vt  p.crpcndicu- 
latis  CK.  g  in  m  n  ad  pcrpcndicularcm  cx 
r  in  mn,  itacficx  iam  dcmonftratis  fpa* 
tium  fub  rcdis  eoi,  hn,  &  fub  curuis 
g  d  h ,  m  c  n  a'd  {jpatium  fub  rc^is  m  r,n  p^ 
&  fiib  curuis  r  q  p^  m  c  n :  Scd  vtpcrpcn- 
dicularcs  cx  e  &  r  in  re£tam  m  n  dcmifTx 
fchabent  inuiccm,  ita  funt  inuiccm  pcr« 
pendiculares  cx  ^  &  q  in  tangcntcm  cz 
demidae  (  ponimns eniin  vt  gm  »  mr  ita 
eife  d  c,  c  q  :item  re£las  m  r^  c  q  efle  in^ 
uiccm  paralielas  \  item  rc£las  m  g  >  c  d : 
tangentcm  autcm  c  z  cfle  parallclam  or- 
dinatim  applicatae  m  1  conuat  ex  quinta 
fccundi  conicorum  )  crgo  vt  perpcndicu- 
larisex  d  adperpcndicularem  cx  q  dcmii'- 
fam  in  tangcntem  c  z,  ira  eO:  fpatiu  tn  fub 
rcftis  gm,hn  &  fubcuruis  gdh,  m  c  n,, 
adfpatiumfubcuruis  rpq,  mcn,  S^fub 
rcSis  m  r,  n  pj  &  inucrtcndo  vt  perpcndi- 
cularis  ex  q  ad  perpendicularcm  cx  d,  ita 
eric  fpatium  fub  curuis  rqp,  m  cn  &  fub 
reftis  mr,  np  contcntum  ad  fpatiura 
fubreftisgm^hn  &  f^b  curuisg  d  h,m  c  n^ 
hoc  cft  ad  quadratum  y  :  fcd  ita  etiamefl; 
fpatium  fub  curuis.a  q  b,  a  c  b  ad  quadra- 
tum  y :  ergo  fpatium  fub  curuis  a  c  b,  a  q  b 
cft  aequale  fpatio  fub.  curuis  r  q  p^  mc  n 
&  fub  reftis  m  r  ,  np  conrento :  hoc  cft 
fui  parti;  quod  eftabfurdum. 
Secundo  fpatium  inclufum  c^ruis  a  cb, 
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a  d  b  fit  minus*fpauo  y :  atqnc  vt  perpen^ 
clicularis  cx  d  ad  pcrpcndicularem  cx  q  ^ 
ita  fiat  fpatium  fub  curuis  a  c  b  9  a  d  b   ad 
fpatium  quod  pptcft  refta  k.  Quoniam  vt 
fpatium  fub  curuis  acb^adbad  fpatiuin 
i^  j  ita  cft  fpatium  y  ad  contcntum  fub  cur- 
uisacb^aqb:  crgo altemando  vt  fpa- 
tium  fub  curuis,  a  c  b ,  a  d  b  ad  fpatium  y : 
ita  fpatium  i^  ^  ad  contcntum  fub  curuis 
acb,  a q b :  fcd  fpatium  fuh  curuisacbj 
a  d  b  cft  minus  fpatto  y  :  crit  crgo  fpatium 
k  minus  contcntofub  curuis  acbi  a  q  b, 
Poterit  crgo  ita  duci  aliqua  refta  m  n  or- 
dinatim  vtrinquc  ad  diamctrum  d  ^  a  fc«* 
Aionc  a  c  b  applicata »  vt  fi  pcr  puncta  m » 
n  ducantur  m  r  ^C  n  p  parallelas  tecxx  c  q , 
figura  fub  rectis  m  r,  n  p  &  fub  curUis  m  c  n 
rqp  fit  2qualis  fpatioj^.  Hoc  itafafto, 
per  m  &  n  agatur  m  g,n  hparallclac  ad  rccta 
d  c,  Ergo  ex  iam  demonftratis  vt  perpen- 
dicularis  cx  d  ad  pcrpendicularem  demif- 
fam  cx  q  in  tangentem  c  z^  ita  eft  fpatium 
fiihrectis  gm,  hn  &  fub  curuis  gdh^ 
ni  c  n  ad  fpatium  fub  curuis  r  q  p ,  m  c  n  & 
fub  rectis  m  r  ,  n  p :  hoc  cft  ad  quadratum 
k :  fed  ita  etiam  cft  fpatiu  fub  curuis  a  d  b, 
a  c  b  ad  quadratum  k  *  ^rgo  fpatitim  fuh 
curuisgdh»  mcn  &fub  rectis  gm>  hn 
cft  xqualc  fpatio  fub  curuis  a  d;  h^a  c  b,  hoc 
cft  pars  toti»  quod  cft  abfurdum*  £rgo  &c» 
quod  crat  oftwdcncJ»'m; 
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COROLLARIVM  I. 

Quod  {i  Tecta  c  d  cflct  oxnnium  minima 
&  reiiqux  eo  maiorcs  cuadcrcm  ,  <]uo  ion- 
giu^  ab  ipfa  c  d  diftarchtt  idcm  dcmon(lra-« 
lUr  ex  i)fdem  principiis  vt  attcndcnti  ma- 
nifcftum  c{l ,  dummodo  cxtcra<  aon  mu-^ 
tcntur. 

COROLLARIVM   IL 

£xhis  manifcflum  efl  eandcm  c{fc  dc-* 
monftrationis  vim  )  quamuis  arcus   edf 
non  fit  fectio  conica  ,  dummodo  iuxta  no* 
tata  addccimam  tcrtiam  huius  poflit  diuidi 
in  jtot  portioncs  &c« 

COROLLARIVM   IIL 

Manifcllum  quoquc  cft  cundcm  cdcdcw 
monftrationis  tenorcm  (iuc  figura  mixta 
a  f o  b  conftituatur  ad  fcctionis  conicx  a  c  b 
conucxa  (luc  ad  concaua  :  vndc  <:onficitur 
zqualesefle  eas  figuras  quztfupcr  eadem 
portione  fcctionis  conicx  conuituuntur  9 
habentes  latera  modo  dicto  a^quaha» 


i 
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Propositio  XVIL 

f 

I 

■ 

Sit  (cdio  conica  x>  m  c ,  cuius 
diameter  m  f  >  quam  in  vertice  m 
fecet  re(^a  mu>  ad  diametrum 
ordinatim  applicata  (it  reda  x  £ 
ex  pundo  X ,  quae  produdla  oc- 
^  currat  fcdioni  in  c  ,ita  vt  quxuis 
parallela  reclae  m  u  per  quoduis 
pundum  arci^s  x  m  c  inter  x*&  c 
fumptum  eduda  fecetredam  xc 
in  aliquo  pundo  inter  x  &  c  po- 
fito.  Sumpti  Hnt  \  vertice  m  arcus 
vtrinque  aequales  o  m ,  m  k ,  & 
per  quaflibcr  punda  arcus  o  m  t 
Audix  intelligantur  red^  ad  re- 
dam  m  u  parallelae ,  &  ex  illis 
abfcindi  o  p^  m  n ,  k  1  &c.  xqua- 
les  re<^is  o  e,  m  f ,  k  g  &c.  parat- 
lelis  ad  diametrum  m  f,  &  re(^am 
a  c  fecantibus  in  c ,  f ,  g ;  extre- 
ma  autem  abfciifarum  defcribant 

lincafn 
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lincam  continuampnl.Dicopri- 
mo  vtreda  mu  ad  rcftam  mf, 
ita  eiTe  (patium  e  o  m  k  g  f  ad  fpa- 
dum  pomkln. 

Cumenim  triaagulacoa,  fiiiu,hK:z 
&c.  lint  fimilia  ;  vt  c  o ,  o  a  ita  crunt  f  m, 
m  u ;  &  g  K ,  i^  z  &c.  Quoniam  vcro  ttcts 
e  o ,  o  p  funt  zquales  \  item  m  f ,  f  n  ;  item 
itg ,  Jt  I,  &  (ic  cte  ali js^  vt  recta  m  u  ad  ib  n, 
iucrit  ao  adopi&gi^  ad  ^l,  &  ficde 
alijs  :  ergo  per  diuifionem  rationit  vt  m  u, 
on,  ita  eruntoa,ap:  &  J;  z,  zU  &  ica 
iit  alijs  :  ergo  pet  fextam  Kuius  fpatium 
aoml^za  Iclubet  ad  fpaiium  apnlz» 

P  07 
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Yt  refta  m  u  a^  rcttam^n  u :  crgo  per  di^ 
uinoncm  rationis  vt  rcAa  mu  ad  m  d  fiuc 
ad  m  f ,  ita  cft  fpatium  a  o  m  k  z  u  ad  ^a- 
tium  p  o  m_R  1  n :  Scd  fpatiom  c  o m  k  gf 
cft  arqualc  fpatio  a  o  m^z u  (  parallclo- 
gramma  cnim  o  c  gj^,  o  a  z  k  cum  habcabt 
cand^m  batim,  &  in  cifdem  parallclis  con- 
ilituatur  funt  xqualia^crgo  addito  comu* 
ni  o  m  4  b,  coponutur  atqualia  a  o  m  x  z  u, 
\6.ptu  c  o  m  Jl:  gf  )crgo  vt  rcfta  m  u  ad  rcAam  f, 
miEuc.  iia  cft  fpatiu  c  o  m  J^'  g  f  ad  fpatiu  p  o  m  JE:  1  n> 
quod  crat  dcmoBltrandum  prmio  loco. 
Quod  (i  arcus  m  x ,  x  c  vtrinque  fumpti 
forcnt :  dcmonftrationis  tcnor  idcm  foret 
qui  paulo  ante  in  iimili  cafu. 

Dico  fccundo  fi  ex  f  &  n  demittantur 

perpendicularcs  ad  rc6tam  m  q  pcr  m  2e« 

quidiAamer  rcAat  xc  du£bm,   fpatium 

e  om  J^g f  cfTe  ad  fpatium  p  o  m  J^ In ,  vt 

^     .  ell  perpendicularis  ex:  f :  ad  perpendicula- 

^Q^:      X^^  cx  n.  ]£x  n  &  u  denjijlGs  perpendicu- 

laribus  n r ^puq »  qupriiam  m  triangulo 

umq  laten!u^t]'jparaUela eft  nr ;  crgo  fi« 

milia  func  ,t|i:ijf hgula  m  u  q  /m  n  r :  vt  er- 

go  m  u  >  xiy^  f^txx  n )  n  r :  Sc  alterhando 

Krprt^  vt  m  q;y.tf:to!;jira  u q.,-nrjrrvfed  perpcndi- 

miEuc.  ci^ris.^|t4^^^^;^  pcrpendi** 

culiiri  ijii|iSO  W/inli,  viui  ita  pcrpen- 

/\^fcularisi^exi  f^4.perpefidicularem  ex  n  : 

/  ^cervtVeftA  mu^^^g,  ita  oftenfum  eft 

'    iiSt'^ otm K g Ta3"po m»l  n : crgo  vt per- 

pcndicularisex  f  ad  perpcndicularem  ex  Ui 
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itacft  comj^gf  ad  pomJ^ln^quod  erat 
ofteadendom. 

COROLLARIVM* 

£x  his  fnanifefium  efl:  (i  xtfkx  f m,  u  m    ' 
prO€lucantur^&  abfcifla  ex  f  m  quacunqu^ 
rc£U  m  y  3  ipfi  m  y  abfcmdatur  fc  m  xqua« 
lis ,  5c  ex  fi  atque  y  demittantur  perpendi^ 
culares  ad  tangf^ntem  m  q  y  pcrpendicula- 
rcm  ex  y  fe  habcre  ad  pcrpcndicularem  cx 
l/Lj  vt  perpendicularis  ex  f  fchabetad  pcr- 
pcndicularem  ex  n.  Agatur   eniin  pcr  y 
rc£ia  y  ^  parallcla  rc£ta^  f  u ,  occurrens  re- 
ftx  m  fc  in  9* :  ergo  cum  triangula  ^  y  m  ^ 
ufm  fint  iimika  ,  vt  m  ^  ad  y  m  feu  ad 
m^k^  ita  erit  uxil  ad  fm  fcuad nm ^  Cum** 
qae  triangula  ^  mO  ^  u mq  fint  fimilia  i 
eoramque  latera  homologa  t  m ,  m  u  fe-^ 
ila  fint  fimiUter  in  /ia  &  n  ;  perquc  /^  ^  n  , 
^y  uaAae  fiatparallclac  /aA)  nr>  ^9,  uq»  ^^fe^ti 
crant  Vt  m  u  >  m  n ,  hoc  eft^  vt  'r  m,  /i^  m^  Euc 
ita q U)  nt^Scr^ ^i^hi  crgo  vt  perpen-^  in  lco- 
diculares  qu,nr,  itapcrpcndicukrcscr^,  '°'^* 
M  A  •  perpendiculari  autem  ex  'f  xqualis  eft  « 
perpcndicularis  ex  y :  ergo  vt  perpcndicu-» 
laris  ex  f  ad  perpendicularem  cx  n ,  ita 
perpendicttlaris  ex  y  ad  perpcndicularcnl 


Gii 
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PROPOSITIO   XVII I. 

Super  eadem  bafi  cUru^  acb 
Hnttres  £gurae  conftitutx  afb, 
ad  b ,  a  e  b ,  ita vt  latera  f  b  ^  b  e 
figurarunfi  afb^  aeb  fint  redae 
xquales,  &  cum  curuac  portione 
a  c  b  non  conueniant  nifi  in  vno 

» 

pundoylatus  autem  db  figurae 
adb  fit  reaabifariamfecans  an- 
gulum  f  b  e.  Praeterea  tres  figura:; 
af b ,ad b ,  a eb  ita inuicem  fint 
diipofitas ,  vt  exqudcunque  pun- 
d:o  curuas  a  c  b  educantur  tres.li- 
neas  tribus  f  b,db  ^ebparaUelae 
non  conueniant  cum  eadem  cUr- 
ux  portione  a  cb  in  alio  pundo, 
&  earum  portiones  tribus  figuris 
interceptae ,  fint  prppornonales 
trtbus  lineis  f  b,  b  d,  b  e.  Demo- 
ftrandum  efl,  d^mifTi  ex  e  ad  b  d 
perpendicttlari  c  o  >  duas  fimul  fi« 


1 
J 


ElemtntarHm  Liher  L  l  oi 
guras  afb>  aeb  fe  habere  ad 
^uplum  figurz  a  d  b ,  vt  fe  ha- 
becreda  db  ad  bo. 

Pcr  a  &  b  extrema  portionis  a  c  b  dti- 
caatar  rtfkx  ^  g  9  g  b  aequidiftantes  reftis 
c  o  y  o  b ,  caritmque  occurfus  fit  in  pun£lo 
g  ^  coniicnicnt  cnini,  cum  c  o  ^  oh  con« 
ttcntant.  Similiter  quoniam  c  b  &  f  b  con» 
oeniunt  cum  rcAa  b  o  9  conucni^  .ctiam 


\ 


l 
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cum  rcAa  a  g  ipfi  bo  zquidiftantc  \  coa- 
curfus  fit  in  i  &  z.  Qiioniam  rcAa  c  o  cft 
crpcndicularis  cx  confiruftionc  ad  rc Aam 
d,  crit  b  g  pcrpendicularis  ad  rc£tam  a  g. 
Intclligatur  planum  z  i  c  in  quo  funt  trcs 
figurz  af  b,  a  d  b ,  a  c  b,circa  rcftam  i  z 
immotaih  circumuolui  doncc  plano  z  g  h 
cbngruat  ad  tt&x  a  i  partc^  oppoiitas  i  ita 
Vt  punftum  bcongrttatpun£loh}  pun£tum 
c  pun£lo  n  \  pun^him  d  pun£):o  m  ^  rc£ka 
i  c  rcAx  i  n  -,  rcAa  bd  rc^x  hn ;  rcfta  gb 
rcAae  gh>  &  curua  ad  curuse  am>  curua 
a  c  curuac  a  n  ;  &  curua-  a-c  b  curuar-aji, 
Quoniam  angulus  i  g  jb  congruit  apgolo 
i  g  h  ,  crunt  i  g  b ,  i  g  h  ^qualcs^inguli ,  '\ 
ac  proindc  xtd^  h  g ,  ^  b  cadei^t  in  dirc^  J 
ftum.  Hinc  fit  ^  fi  C3(; j^dcunquc  punisiD''  1 
c  edu£la  fuiflct  cr  pcrpcndici^sins  ad/rc-i  ^ 
^am  g  J^,  &  iun£ta  fumet  ^  puri(fto.q  cni 
c  congruit  refta  q  r  ^  ipitarq  r  ^  r  c  mt>  in 
dire^lum»  &  aequalcs :  crgo  curuse  b  a ,  a  jj 
ita  (ibi  refpondent ,  vt  quae  ad  re£tam  9.^. 
ordinatim  appUcantur  aequidiflantes.  iptt 
h  h% bifariam  fecentur  in  occujfU  ipfius  a  g, 
Per  q  &  c  ducantur  reftae  qf  >  c  t  pa« 
rallclx  ad  re£tam  b  z  ,  occurrentes  cufuis 
11  a  ,  a  f  in  punAis  f ,  t.  Quoniam  par^lle« 
Ix  funt  z  g  ,  bd ,  &:  in  illas  incidit  rcAa 
b  Z)  erut  asqualcs  altemi  anguli  g  z  b^  d  b  z» 
feu  d  b  c  ,  qui  ipfi  d  b  z  a^qualis  ponitur. 
Rurfus  cum  in  parallelas  i  z  ,  d  b  incidat 
reAa   ib,    cxternus  &   internu3  anguli 


l 
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Ah  e^  z  i  b  erunt  xqualcs :  ergo  cum  g  z  b«  34 .  prl- 
kib  (int  atquales  vni  tertio  dbcj  erunt  QnEuc. 
gz b,  z  i  b  aequales  :  fcd  h i  g ,  g  i  b  funt 
etiam  xquales  r  ergo  anguli  i  z  b  t  h  1  z 
funt  xquales :  ergo  cum  (int  aUerni ,  erunt 
reftsB  hn  >  bz  paraliels  j  ergo  hn ,  q  f , 
c  t »  b  f  funt  parallela^. 

JKurfus  per  c  agatur  refla  c  u  parallela 
ttOtx  b  e ,  occurratque  curux  a  c  in  u ,  & 
re£be  a  z  in  x ,  iungacurque  rc£ta  q  x  >  crit 
[X  parallela  ipfi  b  z ,  (icuti  oftenfum  fuit 
ere£ta  i  h  \  ergo  xcfXx  f  q  ,  q  x  iacent  in 
dire^um  \  ergo  dum  in  impofitionc  plani 
fuper  plano  re£ka  i  e  congruit  re£tae '  i  n , 
refta  x  ucogruet  re£be  x  f :  crgo  punftum 
u  congruet  punfto  f  ^  reftasque  q  f ,  c  u 
funt  asquales  j  (ed  c  t ,  c  u  ponuntur  etiam 
xqoales;  ergo  rcftx  qf,  ct  (  quas  cfle  ^^-P"- 
parallelas  modo  oftendimus  )  func  ctiam 
zquales »  &  eduAx  pcr  cxtrema  funt  ordi- 
natim  applicata;  ad  rcAam  q  c.  Igitur  fu- 
per  bafi  h  q  a  c  b  ita  conftru^x  funt  figurx 
hnfaq,  bftac  vt  quascunque  ordina* 
tim  applicata  ducatur  ad  rc£lam  a  g ,  pa- 
rallela  re^tae  h  b ,  fi  pcr  cius  cxtrcma  du- 
cantur parallelx  ipfi  hn,  intcrccptac  bafi 
iiab&curuis  n(a  ,  acf^cx  finta^quales. 
Similiter  cum  curuae  a  m ,  a  d  fibi  con« 
graantdum  plano  planum  fiiperimponitur, 
fiaquouis  pun£lo  curux  «d  intcHigatur 
d  p  perpendicularis  denuda  ad  reftam  z  g, 
iungaturque  rcfta  mp  joftcndetur,  vt 


i 
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pauio  ante ,  r€(6las  m  p  ,  p  d ,  lac^re  in  di« 
reAum  >  &  efie  aequales  >  cumque  d  m  h  b 
fit  parailelogramitium)  erunt  mh,  db 
a^quales  terminatx  ad  curuas  a  m  >  a  d  ,  & 
edu^x  per  extrcma  m ,  d ,  erunt  ordmatim 
apphcatx  ad  re£tam  a  g« 

Quoniam  igitur  fupcr  bafi  h  q  a  c  b  con* 
flruttx   (unt  duae  figurae  compofitas  yna 
n  h  q a  r^  bft  a  c. ,  altera  h.m a  q,  b  da  c» 
&  iu  conftruftas  funt ,  vt  ab  externis  ordi- 
natim  apphcatx  cdud^x  linex  xquidiftan- 
tes  xtfkx  nh  fint  inuicem  a^uales  in  vna  ^ 
&  zquididantcs  in  alterare&x  h  m  fint  in« 
liicem  zquales  >  per  pr^ cedentem  propo* 
fitionem  vnius  fpatium  fe  habebit  ad  fpa« 
tium  alterius  vt  re£la  d  b  ad  b  o ,  (  eft  enim 
db    perptndicularis  ^ex   d    demifla    ad 
ordinatim  appiicatam  per  b  eduAam ,  & 
boed  pcrpcndicularis  ex  edemifla}fed 
figura  n  f  a  q  h  eft  xqualis  figurx  e  u  a  c  b 
cui  fuperimpollca  con^ruit  y  ergo  duae  fi« 
mul  figurac  cuacbjbftac,  liniul  fum- 
ptx  fe  habem  ad  duas  h  m  a  q ,  b  d  a  c  (  hoc 
cil  ad  duplam  figurx  bdac  ^  congruunt 
enini  fibi   fupcrimpofita:  figurx  hmaq, 
b  d  5|  c  )  vt  refta  d  b  ad  b  o  rcctam  ,  quod 
crat  dcmonftrandum./ 
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PiOPOSlTlO  XIX. 

Iifcieih'li^anentib}^s  fi  pun^a  d 
&  e  coqtie^att^ur  rej^a  d  ^4^S%- 
que^fb  fit  a^ji^diftiuis  ipn  #^9 
ofij^ndendum  eft  duas^mul  ^u^ 
rasi^  f  b^  a  ebieirej^^uales  figurx 

Quon?!»R»«mni  dux  nmul  figurx  a  f b » 
a eb  fe  habent  ad  duplum  figuras  ad b  vt 
recta  b  o  ad  b  d  cx  pr^ccdenti ,  cum  re« 
cta  hdCit  dupla  rect;  b  o ,  vt  mox  ofienr 
demus  ,  erit  quoque  figura  ad  b  bis  fumr 
pta ,  dupla  duarum  fimul  a  f  b^  a  eb :  ergo 
tigura  adb  femel  fumptaerit  ^qualis  dua« 
bus  fimui ,  quod  erat  demonftrandum. 
,  Reftat  vt  oftendamus  quoties  tres  rc- 
(\x  f  b|  bd,  be  ita  concurrunt  in  vnun 
punflum  b,  vt  angulif  bd,  dbe,  fint  x^ 
quales;  fi  rectaper  d  &  e  duAafitparalle* 
la  rcftx  f  b,  &  per  c  ducatur  e o  perpcn- 
pcfdicularis  ad  d  b  ipfam  d  b  effe  du- 
plam  xc&x  bo.  Per  b  agatur  ba  paral- 
lela  ttikx  eoy  &  re£lae  d  e  produAaeoc^ 
currat  in  a;  per  e  vero  agatur  e  c  parallc- 
la  Tt&x  bd  occurratque  rt(Xx  ba    in  c^ 

Quoniam  re^tas  da ,  fb  funt  parallelx^ 
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^-io6^ 


interntt^  angulus  d  a  b  erit  xqualis  ex« 
terno  f  b  g : fed  f  b  g,  e  ba  funtarquales 
(  nam  fi  ex  xqualibus  d  b  g,  d  b  a  vt  pote 
reftis,  auferantur  zquales  d  bf,  dbe^re* 
fidui  f  b  g,  e  ba  funt  sequales  )  ergo  an- 
guli  e  b  a ,  e  a  b  funt  aequales  :  ergo 
triangulium  beaeft  ifofceles  >  eiufque 
latera  b  e,  e  a  funt  xqualia :  ergo  cum 
ex  edemifia  fit  perpendicularis  ec  ad  ba- 
fim  b  a  ifofcelis  b  e  a^  erunt  fegmenta  b  c, 
c  a  xqaalia :  fed  vt  b  c,  c  a  in  triangulo 
d  b  a,  ita  funt  d  e,  ea,  c6  quod  lateri  d  b 
parallela  fit  e  c :  ergo  fegmenta  d  e  ,  «e  a 
funt  2equaliia:fed  in  eodem  triangulo  d  b  a» 
lateri  ba  paratlela  eft  e  o :  ergo  vt  d  e,  e  a, 
ita  d  o  y  ob :  ergo  fegraenta  d  o  ,  6  b 
funt  xqualia  :ergoreAatlb  eftduplare- 
(kx  oh y  quod  erat  oftcndendum. 
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pROPOSlTld     XX. 

Redangulorum  fub  fegnientis 
inxqualibus  eiufdem  tc6tx^  illud 
eft  maiua  ^  cuius  minus  latusma-- 
gis  accedit  ad  remiiTem  redse. 

Sint  reftangula  a  d  c,  a  f  b  fub  ciuf^cin 
rcAx  ac  bifariam  in  b  fcAae  fcgmcficis 
inarqualibus  comprchcnfa»  Dico  rc£kan« 
galum  adc  cflc  minus  rcftangalo  ^  f  c« 

£x  ccntro  b  pcr  a  &  c  dcfchkitur  cir* 
culus  ^atquccx  punftis  d  &  f  cxciten-* 
tur  ad  re£tam  ac  pcrpcndicularcs  cdi, 
g  f  h ;  crgo  cum  cx  ccntro  b  rcda  b  a  cx- 
tcnfa  fccct  ad  angulos  rcAos  rc£tas  c  i,  g  b^ 
bi&riam  illas  fccabit  in  d&  fySc  cum  ^^^^" 
diftantia  bfa  ccntro  b  fit  minor  diftan-  "i?"^* 
tia  od^crit  g  h  maiorquam  c  i,  ac  prQin- 
dc  &femiffis  gf  iiiaiorquamfcmiffis  cd. 

Rurfus  quoniam  pcr  corollarium  dc- 
cima?  tcrtiae  fcxti  Euclidis  rcAangula 
2dc,afc  funt  arqualia  quadratis  rcAa* 
rum  d  Cj  f g  5  cum  quadratum  d  c  oftcii- 
fum  fit  eflcminus  quadrato  fg,  erit  re* 
^ngulum  a  d  c  minus  re^angulo  d  f  c. 
Maximum  autcm  cflc  rcflangulum  a  b  c 
cx  iifdcm  conftat:  nam  >in  circulo  maxi- 
ma  linca  cft  diamctcr   cx  cadcm  dccima 
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qiiinta  terti}  £ucli<lis  y  idipfum  ctiam 
conHat  tK  ▼igcfima  feptima  fexti  chifdein 
Euclidis. 

ALITER. 

Qaoniam  re£ka  a  c  diaifa  cft  in  b  in 
a^qualia  ^  &  in  d  in  non  xqualia ,  reftan- 
gulom  adc  ynk  cum  quadrato  db  erit 
arquale  quadrato  ab;  nmilique  rationc 
oftendetur  rcAangulum*  af  c  vna  cum 
quadrato  f  b  eile  xqualc  quadrato  a  b :  cr- 
go  rcdangulumadc  vni  cum  quadrato 
d  b  eft aequale rc^UnguIo  afc  vna  cum 
qua^rato  f  b ;  cum  crgo  quadratum  f  b  iit 
tniaas  quadrato d  b,  crit  rc6tangulum  af  c 
maius  rcAanguIo  a  d  c ;  nam  ex  aequalibus 
fi  masquaiia  dcmantur »  rcfiduuni  illud 
cft  maius  quod  fit  cx  fubdu^tione  mino* 
xis* 

COROLLARIVM. 

Hinc  manifcftum  efl:  minoris  re£bingu« 
guli  a  d  c  minus  latus  a  d ,  cflc  mmus 
quocunque  latcre  maioris  rc£languIi:Ofic- 
fum  enim  cfi:  c(Ie  ipinus  mijborc,  crgo  & 
multo  crit  minus  maiorCf  Quod  u  rc-> 
Aangulum  maius  fit  a  b  c  conftans  latcribus 
xqualibus,  adhuc  latus  ad  minus  ,  erit 
minus  latere  a  b :  hoc  cnim  ipfo  quod  a  d 
cft  mif)us  quam  dc,  cfl:  ctiam  minus 
quam  ab  fcmiCGs  rcAae  a  c» 


Elmtntorm  hiber  !•     lo^ 
Propositio   XXL 

Si  fmt  duse  rcdx  fcaaes  ptopor-;. 
tionalitcr ;  vtrcda  adredam,ita' 
crit  fcgmentum  vnius  ad  (cgmcn- 
tum  homologum  aUcdus :  re- 
aangula  vcr^  fub  fcgmentis  ca- 
rum  fchabcbuntvt  quadrata  ip-' 
farum .  Et  fi  rcdangiila  fub  icg-' 
mcntis  fe  habcarit  vt  quadrata  ipr 
farujfc^ae  funt  proportionalitcr. 

Sint  rcAac  a  b  ^  d  e  fcSac  prtportio- 
naliur  in  c  6c  f,  tta  vt  qucmaditiociusil 
•  ac  ad  cb,  ita  fit  df  ad  dc.  Dico  vt  ab 
addc,.ita  cflcrac  ad  df,&cb  ad  fcj 
itcm  vt  quadratum  a  b  ad  :  qnadratum. 
d  c ,  ita  efle  reaangulum  a  c  b  ad  rcftan- 
galum  df «.  £tfivtrcaangulum'ac  b  ad 
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r^ftaBgulum  dfc»  itafitquadratum  ab 
adquadratu  de,  rcAasabyde  fcctasefle 
proporttonalitcf  io  c  &  f» 

Qttoniam  enim  vt  a  c  ad  c*b  ita  po^ 
nitur  eile  df  ad  fe^  ergo  componendo 
vt  a  b  ad  c  b»  ita  erit  de  «d  fe  ^  &  per 
diuifionem  rationis  vt  ab  ad  ac,  itaerit 
deaddf. 

Rurftts  quoniam  rectangula  a  c  b,  d  f  e 
funt  fimilia  y^habent  eaminterferationem 
quam  quadratum  lateris^c  b^  ad  quadra- 
tum  lateris  homologi  f  e  :  fed  quadratum 
c  b,  fe  habet  ad  quadratum  f  e  vt  qua* 
dratum  t  b  ad  quadratom  d  e»prottt  mod6 
oftendcbatur ,  ergo  vt  quadratum  a  b  ad 
quadratum  d  e ,  ita  eft  rettangolum  a  c  b 
ad  df  c. 
Sezti.       ^^^  '^  quadiatum  a  b  ad  quadranmt 
d  C)  iu  fit  rectangulu  a  c  b  ad  rectangvdimi 
d  f  e.    Dico  vt  rccta  a  c  ad  c  b  ^  ita  tXSt 
rectam  df  ad  fc.  Sienim  fieripoteft^vt 
ac  ad  cb)  iu  fit  dg  ad  gercrgoexdc- 
moaftratis  r^ctangulum  abc  fe  habetad 
rcctangulum  a  g  e  ,  vt  quadratum  a  b  ad 
quadratum  d  e  :  fi:d  ita  etiam  fe  habet  ad 
i^ctanguluni  dfe,  crgo  rcctangula  dge^ 
d  f  e  funt  arqualia  >  quod  eft  abfurdum  « 
prxccdend  ^ponimus  cnim  rectam  de 
ita  (ecluiai^ JI2X  Jkgineiitum  d  g  non  fit 
acquale  (egmento  f  e  ^  fi  cmm  fit  illi  a^qoa^ 
le  ;Tecia  d^fteta  eftftAportionalirer  tam 
tn  f  €^^  in  g,  vt  maoifcihim  eft« 
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:      .        ,         ■.  y^..  ,- 

Si  duae  r^ione$ri;oti|^  tan^ 
gentibus  cpnucDientibus  comf 
prehendantur ,  &  diametrorum 
per  punda  concursiis  du^arum 
portiones  incer  concurfum,  (e- 
dionem ,  &  redam  ta^Hus  conr 
nfiAcntem  interceptjc  iint  pro- 
portionales;  3t,{i  vi  tange^ns  vnius 
fedionis  adtangentem  atterius, 
ita  (e  habeaht  re^z  in  eifdem  tan- 
gentibus.iconcurrurumptjej  per- 
^"uccxtrcmtum  eiuTmodl  lincaru 
ci;  poiHnt  pair^lel9  »i  lineas 

ta^s  connc^cii|cV  ^  qui  feftip- 
;  occurrant  $  biilfmodi  paral* 
_^.,^_j^portiMt^ln^Eccpt2B  m- 
tjkjfega^ncni^  i^ngemes  fe  ha- 
&$unt  Vt  reds  cdniungbntes  ta- 
dus ;  iftiufmodi  i^^tem  fegmenta 
appellentur  {tmilia  quantum  ad 
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diametri  diuifionetn^  &  fi  2i^c^ 
les  (uerinc  diametri,  dicantut  x- 
quaiia,  &  flmilia  quantum   a4 
diametri  'diuifionem. 

r 

,  *  -«  » 

SiQt  dtfr  fcftioncs  C0IUC2  b  e  c ,  g  ^  h 
comprehenfae  tangeiitibtts  b  a  c ,  gfh  con- 
curmitibQS  in  a  &  f  ^  diasnetri^  per  a  & 
fdua^efintaed,  fti*  qw*  lineas  bc» 
g  h  taftus  conneftentes  bi&pam  fccabunc 
cuodi  in  ^  &  i »  M  proinde  tt&x  b  c ,  g  h  enint 
Conic.  vtrinqiie  applicats  ordinatim  ad  diame- 
trosad,  f  i :  fecent  autein  feaicMics  ii|  e 
&  ^,  atquevtae  ad  ed,  iwfit  fkadki. 
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Si  in  taijgcntibus  a  c ,  f  h  pro4uais  dcfi- 
gocntui:  Imea?  J*o ,  f  jr  exillcmes  in  rationc 
tangcntium  a  c  ,  fh  ^  &  pcr  o  &  r  ducan*^ 
tur ,  rcax  o  p ,  r  f  parallclac  rcftis  b  c ,  g  h, 
occurrcntcs  prinmm  fc£tionibus  in  l  &  q , 
rcaifque  a  d,  f i  in  ix  «c  z ;  rcftifquc  a  b ,  f  g 
in  p  &  f.  Dico  vt  b  c  ad  g  h  j  ita  cife  ol 
ad  rq,  &  Ip  ad  fq. 

Pcr  €  &  k  ducantur  xtfkx  c  m ,  kt  pa-  - 
rallclx  rcftis  b  c  ,  g  h  quae  tangcnt  fectio- 
ncs  in  e  &:  4.  Quoniam  rectae  cm ,  m c 
tangunt  fcctioncm  bccj  vt  quadratum '^  P^^* 
cm  ad  quadratum  m  c  )  ita  crit  rectangu-  Conic^ 
lum  plo  fiue<roI(  funt  enim  px,  xo 
a^qualcs  ,  fimilitcr  vt  bd ,  d  c  pcr  corolla* 
rium  quartae  fcxti  apud  Claumm  ^.  fed  or- 
dinatim  applicatj  «Tx,  xl  funt  ctiam  ^qua- 
les  ;  ergo  rectangula/o  1 1  p  1  o  funt  equa» 
lia  )  ad  quadratum  o  c.  Eadf  m.  de  causa 
.  vt  quadratum  k  t  ad  quadratum  t  h ,  ita 
rectangulum  f  q  r  ad  quadratum  r.h  :crgo 
altcmando  vt  quadratum  e  m  ad  rectan- 
gttlum  p  1  o  a  ita  quadf atum  m  c  ad  qua« 
dratum  o  c :  &  vt  quadratum  K  t  ad  rcctan^ 
gulum  fqri  ita  quadrafum  th  ad  qua* 
dratum  rh.  ^ 

Rurfus  quoniam  in  triangulis  a  d  c,  fiK 
latenbusdc^  i  h paralle]^  funt  cm,  i^t^ 
vtaeTided,itacft  am  iidmc:&vtfk  ^*^*"' 
«d  j^  i ,  ita  eft  ft  ad  th  :  fcd  vt  a  c  ad  e  d, 
ita  ponitur''  efle  f  4  ad  j^  i ;  ergo  vt  a  m  ad 
IHC ,  ita  cft  f  t  ad  th  :  ergo  componendo 

H 


iiij.        Tetragonifmicorum 

▼t  a  c  ad  m  c^itaa  h  ad  th  ;  &  inuerten- 
do  vt  ili  c  ad  a  c )  ita  t  h  ad  f  h.  Quoniam 
vcro  vt  a  c  ad  f  h ,  ita  eft  a  o  ad  f  r  :  crgo 
altem^ndo  vt  a  c  ad  a  o ,  ita  eft  f  h  ad  f  r : 
ergo  per  conuerfionem  rationis  vt  ac  ad 
o  c ,  ita  cft  f h  ad  r h.  Cum  igitur  vt  m  c 
ad  a c,  ita  oftenfum  fit  eflc  th  ad  f h 5  & 
vt  ac  ad  o  c ,  ita  oftenfum  quoqucTit  eflc 
f  h  ad  r  h :  ergo  cx  ^quo  vt  m  c  ad  o  c , 
ita  crit  t  h  ad  rh  j  &  vt  quadraturo  m  t , 
ad  quadratum  oc  ,  ita  erit  quadratum  th 
ad  quadratum  rh.  Scd  vt /juadratum  mc 
ad  quadratum  oc,  ita  oftcnfum  eft  eflc 
quadratum  e  m  ad  rcctangulum  p  1  o  >  & 
vt  quadratum  t  h  ad  quadratum  r  h  ,  ita 
oflcnfum  eft  efle  quadratum  J^  t  ad  rectan- 
gulum  f  q  r  ^  ergo  vt  quadratum  e  m  ad 
rectangulum  p  1  o  ,  ita  quadratum  k  1 5  ad 
rectangulum  f  qr,  &  alternando  vt  qua- 
dratum  e  m  ad  quadratum  k  1 9  ita  rectaa- 
gulum  pl o  ad  rectangulum  fq r. 

Rurfus  quoniam  vt  c  m  ad  m  a  ^  ita  eft 
ht  ad  tf :  ergo  componcndo  vt  ca  ad 
m  a  ,  ita  hf  ad  f  t ,  cumque  in  trianguUs 
2i  d  c ,  f  i  h  ,  lateribus  d  c ,  i  h  parallel^  du-* 
ctx  fint  rect^  c  m ,  4 1 :  crgo  pcr  corolla- 
rium  quartae  libri  fexti  Euchdis ,  vt  a  c 
ad  m  a  ,  ita  eft  d  c  ad  m  e :  &  vt  h  f  ad 
ft^  ita  ih  ad  kt:  SiimiU  prorfus  modo 
oftendetur  vt  dc  ad  xo,  ira  efle  ih  ad 
zr:  &  vt  bc  ad  po»  ita  gH  ad  rf.  Quo« 
niamergo  vt  dc  ad  cm,  ita  ih  ad  k  t : 
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crgo  altcrnanclo  vt  d  c  ad  i  h ,  ita  c  m  ad 
j^  t :  &  vt  quadratum  d  c  ad  quadratum  i  h, 
iuquadratum  em  ad  quadratum  i^t.  Sed 
vt  quadratum  e  m  ad  k  t,  ita  re£langulum 
p  lo  ad  f  qr ,  vt  ofienfum  fiiit  >  ergo  vt 
quadratum  d  c  ad  i  h^  feu  vt  quadratum  b  c 
ad  g  h  >  feu  vt  quadratum  p  o  ad  f  r,  ita 
eft  reflangulum  plo^ad  fqr.  Cum  igi*^ 
tur  vt  quadratum  p  o  ad  quadratum  f  r^ 
ita  fit  reftangulum  plo   ad    fqr  :ergo 
vt  xcOoL  p  o  ad  f  r  feu  vt  recta  b  c  ad  g  h, 
ita  per  prscedcntem  eft  recta  p  1  ad  fq, 
&  recta  lo  ad  qr   qugd  eirat  ofiendea- 
d  um. 

Quod  (i  tcCix  a  b  ,  a  c   eflent  afym«  i^.  se^ 
ptotiy  demonftrari  idem  po(Ppt.  Namre-  <^Kndi 
ftaogula  p  1  o  ,  f  q  r  forem  xquaha  quar-  Coni- 
XX  parti  figurx^  hoc  efi  quadratis  e  m,  k  t«  ^^*. 
Quoniam  ergo  vt  b  c  ad  gh  ,  ita  qftenfum 
cfteflc  cm  ad  fct  (  quod  &  hic  habet  lo-   "^undi 
cum)  crgo  vt  quadratum  b  c  ^d  quadra»  Cboie. 
tum  g  h  »    ita   erit    reftangulum      p  1  o 
adreftangulum  fqr»  Cxtera  qux  ad  hanc 
demonftrarionem  attinent ,  funt  commu* 
nia  cup  figura  tangentiumt 

COROLLARIVM    I. 

Hinc  manifeftu  eft  ordinatim  appHcataf 
xl ,  zq  cam  inter  fe  rationem  habere,  quam 
re£tx  tadus  coniungentes  b c,  gh^  often- 
su enim eft  vtd cadi h^ ica cCTe x o,  ad  z  r Sc 
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1  o  adi  q  r :  &  altcrnando  vc  xo  ad  1  o»  ita 
z  r  ad  qr.  Quoni|im  crgo  vt  xo  ad  lo^ 
ita  ^  r  ad  r  q  :>  ergo  per  ^conucr(ioncm 
rationis  vt  x  o  ad  z  r  ,  feu  vt  d  c  ad  i  b^fcu 
vt  b  c  ad  g  h  ,  ita  eft  X 1  ad  z  q. 

COROLLARIVM.    II.      ' 

37.  pri-  Hinc  quoquc  apcrtum  cft  fi  fe£t;ioncs 
miCo,  bcc,  g k h  iint  ccmro  pro^ditx  ,  ccn- 
traquc  carum  fint  t,  ^  ^trcs  rc^as  ^ij'»^* 
"s-f  cflc  proportionalcs  :  &  trcs  itcm  ^d, 
f  e ,  9  a •,  crgo  cum  vt  ^d  ad  p  e  ^  ita iit  #  e 
ad^  a^  crit  diuidendovt  f  dad  de;ita^c 
ad  e  a  » &  alternando  vt  ^dad^e,  ita  de 
ad  e  a,  Similitcr  oftcndctur  vt  ^i  ad  if  k, 
ita  efle  i  k  a  d  JEt.  f :  fcd  vt  d  e  ad  e  a  ,  ita 
pohitur  cfle  iKad  Ji^f:ergo  vt^d  ad  ^^c^ 
ita  eft  T  i  ad  -r  K :  fi  crgo  duo  fcgn^ema 
b  e  C)  e  k  h  £cftionum  centro  pr^ditarum 
ita  fe  habcant ,  vt  tt&x  ^e,^  J^  (imilitcr 
feccntur  occurfu  ordinatim  adipfasappli- 
catarum  b  c,  g  h;  ipfa  fcgmcnta  erunt  fi«- 
milia  quantum  ad  diamctri  diuifioncm. 

COROLLARIVM.      III. 

Si  fegmenta  b  e  c,  e  k  h  non  tantum  finc 
fimilia  quantum  ad  diametri  dtuifionemy 
vcrum  ctiam  quantum  dd  ipfius  diamctri 
ad  bafim  proportionem  &  incUnationem^ 
ipfa  fegmenta  crunt  inter  fe » irt  quadrata- 
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dUamctrorum  intcr  fc,  Quohiam  cnim  vt 
b  c  ad  d  c ,  ita  cfl:  g  h  ad  k  i  ^  &  vt  d  c 
ad  pcrpendicularcm  cx:  c  in  ba(im  b  c 
.  dcmiflam^  ita  eflpcrpcndiculariscx  k  in 
bafim  g  h  dcmifla  ^  quando  inclinatio  rc- 
^rum  ed,  k  i  cft  eadcm^crgocxxquo 
vt  baiis  b  c  ad  perpcndicularcm  cx  c,  ita 
bafis  gh  ad  pcrpcndicularcm  ex  Jl;.:  ergo 
re£laiigulum  fub  b  c  &  fub  pcrpendicu- 
lari  ex  e  dcmifsa  cfl:  (imilc  rcAangulo 
(ub  g  h  &  fub  pcrpcndiculari  cx  kdeihif- 
sa  :  ergo  eiufmodi  rcAangula  funt  intcr 
fe  vt  quadrata  balium  b  c,  g  h :  fcd  vt  tc- 
£langula  eiufmodi ,  ita  pcr  prxrcntcm  funt  *o«^cxi 
fegmenta :  ergo  vt  quadrata  bafium  b  c,  ^^^ 
g  h)  aut  fcmidiametrorum  ^c,  ^tk,  aut  rc- 
ctarum  dc  ,  ik,  ita  funt  fcgmcnta  bcc» 
c4h. 

COROLLARIVM  IV. 
Si  fcgmenta  bcc ,  ckh  (int  {imilia 
&quantum  ad  diamctri  diuifioncm^  & 
quantum  ad  ip(ius  diamctri  ad  baGm  in* 
clinationem »  bafcfque  (int  reciprocc  vt 
diamctri,  erunt  xquaha.  Quoniam  enim 
fcgmcnrum  b  e  c  cftad  fcgmcntu  g  k  h  vt 
rcctangulum  fub  bc  fubqitcpcrpcndicu- 
lari  ex  e  ,  ad  rc£\;angulurn  fub  gh  fubquc 
perpediculari  ex  Ji^^cum  ipfaepcrpcdicularcs 
fint  inter  fc  vt  latcra  d  e^  ikanaloga(imi- 
lium  triangolorum  comprchcnforum  fub 
pcrpcndiculiaribus  &  fub  d  e  ^  i  k|  at* 
que  fab  porcionibus    ba(ium    b  c^   gb^ 
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erunt  ipfx  perpendicuUres  vc  diametri^ 

fed  it9  etiam  ponuntur  eilc  bafes  reci  pro<- 

4,  Sex-  ^^ '  ^^S^  parallelogranima  eiufmodi  funt 

tiEucl.  sequalia^  ergo    &  ipfa  fcgmeiiita  bec« 

c  i^h  funt  apqualia. 

COROLLARIVM.     V. 

Denique  teliquis  vt  in  pr^xime 
psecedenti  coroUario  pofitis,  it  refla^  dci 
ki  (Int  xquales  ,  fcgmentum  bec  ad 
g  K  h  ,  erit  vt  baCs  b  c  ad  g  h  >  quia  re« 
ftan^ulum  fub  b'c  &  fub  pcrpendicula^i^ 
ri  ex  e ,  fe  habet  ad  rcAapgulum  fub 
h  &  fub  perpendiculari  ex  K,.  vt  rcfia 
c  ad  g  h  >  cum  eadcm  (it  v^riufque  al- 
titudo  in  ifto  cafii.  j^adcm  de  causa  fi 
bafes  bc,  gh  forent  xquales  fcgmcnta 
fe  habcrent  vtreAx  ed,  ki, 

Propositio  XXIIL 

Si  duae  fedioncs  conicae  tarigen- 
tibus  concurrentibus  coprchen- 
dantiir,  &  dianfetrorum  per 
per  punda  concursus  dudarum 
portioncs  inter  concurfiim,  fe-' 
(ilionem  &  redam  tadius  con- 
nedentem  interceptae  fint  pro- 
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portionales  :  Et  (1  vt  tangens 
vnius  Tectionis  ad  tangentem  al- 
terius ,  ita  fe  habeant  rcdx  in 
eifdem  tangentibus  a  concufu 
fiimptac,  perque  extremum  eiuf- 
modi  linearum  duci  poffint  pa- 
rallelae  ad  reliquas  tangentes, 
quae  fedionibus  occurrant  j  eiuf- 
fflodi*parallelarum  portionesin^ 
terceptse  interredionemScinter 
tangentes,  atque  coniuogentes 
tadiis  eandem  inter  fe  rationem 
habebunt  ^  quaiii  tangentes  ipfis 
squidiftantes* 

Sint  dua?  feftioncs  conicac  bzc>g  y  h 
comprchcnfsc  tangcntibiis  b  a  c  ,  g  f  h 
concurrcntibns  in  a  &f,cliamctriquc  pcr 
a  &  f  duftac  fint  a  d  ,  a  i ,  quac  fcccnt  li- 
ncas  b  c  ,  g  h  coniungcntcs  taftus  in  d 
&  i)  fe£lioncs  vcro  in  z  &  y:  atquc  vt  az, 
zd,  ita  fiiit  f  y  ,  yi.  Si  in  tarigcntibus 
ac,  f  h  produ£^is  dcfigncnturlinca:  ao, 
frcxiftentcs  in  ratione  ipfarum  tangcn- 
tiunjacjfh-,  &  pcr  o  &  r  ducantur  rc« 
fkx  op^  t  s  parallclac   tangcntibus    a  b 


/ 
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f  g  occurrcntcs  primum  feaionibus  in 
1  &  qi  rcaifquc  b  c  ,  g  h  in  p  &  f*  Dico 
vt  ab  ad  fg>  ira  cffe  ol  ad  rq^  &  Ip 
ad  q  s,  Pcr  1  &  cj  ducantur  rca»  1  m, 
q  c  parallelac  rcftis  b-c  ,  g  h,  occurren- 
lcs  rcftis  a  c  ,  f  h  in  m  &.c,  Habebunt 
fc  am,  f  c,  vt  acfh  ;  fi  cnim  aUtcr 
ficri  ipotcft ,  fit  vt  a  c  ad  f  h,  ita  a  m  ad 
f  X,  &  pcr  X  agatur  x  t  parallcla  rcctae 
g  h ,  occurrcns  fcctioiii  in  t.  Ergo  pcr 
pracccdcntcm  vt  b  c  ad  g  h ,  ita  crit  1  m 
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ad  K  t  ,  &  altcrriando  vt  b  c  ad  1  m  ^  ita 
gh  ad;xt,  Ducatur  pcr  t  rccta  t  i^  pa- 
rallcla  rcctae  fg,  Quoniam  tnangula 
lom,  bac  habcnt  latcta  parallcla 
cnint  atquiangulai  cadcmque  dc  causa 
arquiangula  funt  g  f  h,  t  fc  x :  crgo  vt  b  c 
ad  c  a ,  ita  l  m  ad  m  o  9  &  aitcrnando 
vtbcad  Im,  ita  ca  ad  m  o.  Similitcr 
vt  g  h  ad  hf ,  ita  t X  ad  X  4 ,  &  altcrna- 
do  vt  gb  ad  tx^  ita  hf  ad  xJt :  fed 
candcm  cflc  rationcm  bc  ad  Im,  qux 
g  h  ad  X  t  oftenfuip  cft,  crgo  vc  c  a  ad 
m  o ,  ita-  h  F  ad  k  'k ,  &  altctnando  vt 
c  a  ad  h  f ,  ita  m  o  -ad  x4 :  Scd  vt  c  a 
ad  h  f  3  ita  pohitiir  cflc  am  ad  f  x  :  crgo 
vt  am  adfxjita  om  ad  kx,  &  altcr^ 
nando  yt  a  m  ad  o  m ,  ita  f x  ad  k  xj  & 
pcr  diuiiioncm  rationis  vt  a  m  ad  a  o, 
itafx  ad  fxj  &altcrnando  vt  am  ad 
f  X,  ife  ao  ad  f  it  j  fcd  ita  ctia  sut  ao,  f  r  : 
crgof  K ,  f  r  {unt  xqualcs,  pars  &  totumj 
vt  igitur  ac  ad  fh  ita  cft  am  ad  fe. 
Rurfus  quoniam  a  c ,  fh  fcctac  funt 
proportioHahtcr  in  m  &  c^  vt  b  c  ad 
gh,  ita  perprjccdcntcmcrit  1  m  ad  qcj 
&  altcrnando  vt  b  c  ad  1  m  ,  ita  cnt  g  h 
adqc.  Cum  igitur  vt  bc  ad  Im,  lcu 
vt  g  h  ad  q  c  5  ita  fit  b  a  ad  1  o  (  funr 
cnim  triangula  b  c  a ,  1  m  o  aequiangula 
&  fimilia  )  cadcmquc  dc  causa  vt  g  h  ad 
qe.itafitgfad  qr,critgf  adqr,  vtbaad 
lo^&altcrnando  vt  g  f  adba>ita  q  r  adl  qv 
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cumque  in  trianguiis  c  ba ,  h  gf  lateribus 
ba,  g(  parallclaefinc  op)  rs:  ergo  (  vc 
in  prxcedcnci  propofitionc  in  Gmili  ca- 
fu  oftenfum  c(l  )  vt  ab  ad  f  g  ,  ita  o  p 
ad  r  s:  Sed  vc  a  b  ad  fg  ,  ita  etiam  efle 
ol  ad  rq  oftenfutneft:  crgo  n  p  0  ad 
rs>  ita  e(t  lo  ad  r  q')  &  alceriiando  vt  p o 
ad  lo,  ita  rs  ad  rq»  &  per  diuinonem 
rationis  vt  po  ad  1  py  ica  rfad  q  f  ^  & 
alternando  yt  '^^  o  ,  r  1  ^it#i'  p  1,  q.f>  quod 
crat  oftcndendiim.       ',  ,  . 

COltOLLARrVM  I. 


•  • 


£x  prima  iiuiusapertum,  cfi  fectioncs 
bzc  ,gyh  cflc  homogcncas^  id  cft^am- 
bas  vel  parabolas^vcl  hyperbplas»  vel  oxy« 
gonias.  Si  cnim  a  z  Ht  ip(i  z  d  ^qualis,  erit 
quoque  f  y  ipd  y  i  ^qualis ,  acproinde  am« 
b(  crunt  parabol.ig  ;  (i  a  z  IJt  minor  erit  f  y 
minor ,  amb^que  crunt  hypcrbol^^  fi  dc« 
nique  az  (it  maior,  eric  &  fy  parjter  ma« 
ior  >  amb^que  crunt  pxygoni;  ,  vt  cx  illa 
prima  propolitionc  planum  clh  Iftud  au- 
tcm  locum  ctiam  habet  in  pr^ccdcnti  pro* 
pofitione  j  vt  apertum  cft. 

COROLLARIVM   JL 

Hinc  facilc  odcnditur  (i  pcr  1  &  q  agan« 
tur  rcct;  l/i )  q  u  parallelx  diamctris  n  d, 
yi,  occurrantqup  rectisbc  ^  gh  in^&u^ 
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rectam  1  h  fe  habere  ad  rectam  q  u »  vt  eft 
rccta  zd  ad  rectam  yi«  Product;  enim 
rectz  Im ,  q e|  occurrant  diametris   z d , 
yiinpunctis  n&^^  quoniam  vt  ac  ad 
f  h,  ita  oftenfum  eft  eue  a  m  ad  f  e,  erit 
ahernando  a  c  ad  am  ,  vt  f  h  ad  fc>  & 
per  diuifipne  rai;ioni$  erit  ac  ad.iiic,vc 
fhadeh;  fed  yt  ac  ad  nic,.ita.cft  ad  ' 
ad  li  d(e6  quod iq  triagulo  ad  c  latcri  d  c 
parallelafit  mn)  &  vt  fh  ad  «h,ita*6l>  ^.  Sex- 
cahdcm  caufam  cft  fi  adTi:  ergoyt   ad  ti  Euc. 
ad  n  d  9  ita  fi  ad  9-  i :  ecgo  alternando  vt  a;  d 
ad  f  i ,  tta  nd  ad  t  i :  fed  vt  ad  ad  f i  9  ita 
zdadyi.^  ergovt  zd  ad  yit  itaiiid  ad 
«•i :  fed  rectis  nd  Ti  xquales  funt  recta^  a.  1 
qu  (  eo  quod  figura?  nd  \  1  ^  'ti  u  q  iinc  34.pri« 
parallelogrimm^  ,  &  latera  eorum  oppofi-  miE^^^ 
tafint  nd^l^iTi,  qu)  cr^o  vt  zd  ad 
y  i }  ita  eft  1  ^  ad  q  u ,  quod  erat  ofiendenfi 
du  m. 

Propositio    XXIV. 

lifiem  pofitis  oftcndcndum 
eft  fegmentum  b  z  c  comprchen- 
fum  fedione  conica  bzc  &  re- 
da  b  c ,  eflc  ad  fcgnjcntum  g  y  h 
comprehenfum  {e(3:ionc  conica 
g  y  h  &  f «d4  g  h  j  vt  cft  redan- 
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144         Tetrdgonifmicorum 
gulum  Tub  bc.&  fub  perpendi- 
culari  cx  z  in  b  c  demirsa ,  ad  re- 
dangulum  fub  g  h  &  fub  perpen- 
diculari  ex  f  in  g  h  demi&a.  Item 
fi  tc&x,  b  c  9  g  h  in  quotcurique 
regmentaproportion^licer  fecen^ 
tur ,  perque  incerfediones  du- 
cancur  parallelx   diametris  a  d  > 
f  i  i;  figurfts  comprehenTas  iub 
portionibus  fedionum  conicaru 
interceptas  eiufmodi  parallelis, 
&  fub  leda  prxdidlas  portiones 
fubtedente  e^e  in  ratione  eldem, 
fi  portioncs  confcrantur  pofitae 
intcr  parallelas  quae  partes  re- 
darum  b  c ,  g  h  analog^s  con- 
tinent. 

Sint  vt  in  prfccdcnti  fcctioncs  conice 
bzc,  gyh  ita  tangcntibus  bac  ,  gfh 
contcm^  Vtduclisdiamctris  ad  ,  fioccur- 
rcmibus  rcctis  b  c  ,  gh  pcr  tactus  dactis, 
in  d  &  i  y  &  feaiouibus  in  z  &  y ;  ficut 
azadzd,itafit  fy  ad  y  i.  Ex  a  &  f 
dcmiflac  fint  pcrpcndicularc^  a  f>  f  r  in  rc- 
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fim  proportionalitcr  in  quotcuucjue  puii- 
fUi  fe  ,  e  ,  o ,  ita  vt  ftgnicinis  b  k  ,  /^  c^  e  c 
proportionalia  fint  fegvncnta  g  n,  n  o,  o  h; 
&  per  extrema  duorutn  k.<,no  analogo- 
nimduaacfintitl.cni,  nq  ,  o  pparallc- 
Ix  tangemifaus  a  c ,  f h ,  iunfljquc  fint  re- 
fts  1  ni ,  q  p.  Dico  totum  fcgmcntum 
b  z  c  contcnmm  curua  b  z  c  &  refla  b  c , 
cfle  ad  totum -fegmenmm  gyh  contcn- 
tumcurua  gyh&rcaagh,  vtrcaangu- 
Itlm  fub  b  c ,  a  f  ad  reftangulijm  fub  g  h, 
frj  &  itactiam  cfle  fcgmentum  Im  com- 
prehcnfum  curua  Itu  &  refta  Im,  ad 
fegmentum  qp  comprehcnfum  curua 
J^u  p  &.  rcAa  q  p  i  &  totum  fegmentum 
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J^lttneadnqupo» 

Produfiae  rcAx  li^,mC)qn,  po  bc« 
currant  tangcntibus  a  b » f  g  in  punftis  x^ 
\nry^y  atquc  cx  punAis  1 ,  q  dcmitantur 
,ad    bc,    gh  pcrpcadicularcs  If^,  q^. 
Quoniam  in  triangulo  a  b  c  latcri  a  c  pa« 
rallcla  cft^c^  vtba,  ^a»  itacruntbc,  cc« 
Eandcm  ob  caufam  vt  gf>f  f  ita  crunt 
g^i  I  o  h ,   fcd  vt  b c  )  c  c  ita  ponimuscile 
gh  ,  o  h:  crgo  vtab^  a\  ,  ita  gf ,  f  f , 
&  ahernando  vt  a  b  ^  g  f ,  ita  a  ^ ,  f  ^«  Hoc 
ctiam  pa£lo  ollcndetur  vt  ab,  fg,  ita  cfle 
ax ,  f^ ,  &  ita  de  alijs  fcgmcntis  rcflarum 
ab)fg^intcrccptis  intcr  concurfum  tan- 
gcntium  &  parallclas  ipHs  a  c,  f  h  pcr  qu2e-> 
cunquc  punfla  rc£larum  bc  ^  gh  du£las  ^ 
in  quibus  pun6lis  ipfae  b  c  ,   g  h  propor- 
tionalitcr  feccniur :  crgo  pct  przccdcntem 
vt  a  c ,  f  h ,  ita  1 K: ,  q  n  >  &  m  c  ,  p  o  ^  ca- 
demquc  cft  demonftratio  dc  alijs  paralle- 
hs  ex   tradita  methodo  du^iis  :  «rgo  per 
fchohum  olkmx  propofitionis  huius  hbri 
proportio  figurx    bmzcd  ad    figuram 
gpyho,  &  figurx   Mtme  ad  figuram 
nqupo   componitur  cx  rationc  bafium 
b  c ,  g»h  (  qux  eft  cadem  quae  baiium  J^  e, 
n  o  )  &  perpendicularium  /bi  1  ^  q  §  (  quae 
eft  eadem  quse  pcrpcndicularium  a  f ,  f  r 
coquod  triangula  caf,  k1/u  (int  fimilia 
cum  habeant  latera  parallela  ,  &  triangula 
ctiam  h  f  r  >  n  q  |  fint  eadem  de  caufa  fi« 
milia  )  fcd  rc£iajiguli  fub  b  c^  a  f  ad  re£lan- 
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gulum  fub  g  h,f  i  proportio  componitur  cx 
rationibus  laierum  bc,  ght  af,  fr: 
ergo  vtredangulum  fubbc,  af  ad  re- 
A^tngulum  fub  g  h ,  f  r » ita  eft  fegmentum 
b  z  c  ad  fegmcntiim  g  y  h  >  &'  ita  etiam  eft 
legmentum  Kltme  ad  nqupo. 
Rurfus quoniam trapezia  J!:lme,nqpo 
habet  latera  parallela  proportionalia  (  nam 
vt  k  1  ad  n  c{,  ita  me  ad  po )  proportip 
illorum  componetur  per  tertiam  huius  li- 
bri  ex  rationibus  perpendicularium  l/U, 
q^,  &  baiiium  l^e,  no  :  ergo  trapezia 
xlme,  nqpo  fe  habent  vt  rectangula 
fub  b  c ,  a  f ,  &  fub  g  h )  f  r  :  fed  ita  etiam 
fe  habent  fegmenta  kltme,  nqupo: 
ergo  refidua  itm,  qup  habent  fe  vt 
tota  I  hoc  efl: »  vt  {e  habent  rectangula  fub 
b  c  ,  a  f ,  &  fiib  g  h  ,  f  r  /  quod  crat  de^ 
moniirandum. 

COROLLA  RIVM. 

Quod  fi  fegmenta  bl ,  b  q  fumpta 
fuificnt  ^  ductis  rectis  bl,  gq  idem 
fequeretur ,  quia  triangula  b  1  k ,  g  qn  ha- 
bent  rationem  compofitam  ex  i)fdem  ra« 
tionibus  cx  quibus  trapc  zia  i!:  1  m  e  , 
n  q  p  o  vt  demonftratum  extat  apudCla« 
uium  in  fcholio  propofitionis  vigefimae 
tertias  fexti  Euchdis,  prout  diximus  in 
tcrtia  propofitione  huius  libri. 
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PltOPOSlTlO    XXV, 

•  Si'  figurx  menoideos  arcus  ita 
fubtendantur  lineis  redis ,  vt  feg- 
mentum  vel  fegmenta  arcus  in- 
teriils  caui  (int  asqualia  fimul  (eg- 
mento  vel  fegmentis  arciis  exte- 
rius  caui ,  &  nullam  Q)atij  partem 
habeant  communem,  ipfa  figu- 
ra  efl:  acqualis  re(3:iIineo  eiUijDO'* 
di  (egmentorum  bafibusj&alijs 
figura?  lateribus ,  {\  qua;  habet  y 
non  curuis  contento.  Si  autem 
vt  numerus  fegmentprum  vnius 
arcus  inier  /e  xqualium ,  ad  nu- 
merum  fegmentorum  alterius 
arcO:s  inter  (e  xqualium^  ita  (it 
reciproce  fegmentum  vnum  hu- 
ius  arcus ,  ad  vnum  illius ;  feg- 
menta  vnius  arcus  (imul  fumpta 
erunt  sequalia  (cgmentis  alterius 
fimul  collcdis. 

Sit 
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Sit  prinuappolitarumfiguraKienoides, 
fiue  conuexo-caua  afcgbd  contenta 
cauo  interius  aicu  acig,  Sc  conucxo  in- 
tctiib  adb,  rcctifquc  af,  gb.  In  arcu 
feg  fubteorz  iint  rectz  fh,  he,  ei,  ig, 
ic  io  arcu  a4b  tcctz  ad,  db^  fintque, 
fcgmenta  f  h  >  h  e  »  c  i »  i  g  {imul  zqualia. 
fegmentis  ad  ,  d  b.  Dico  figuram  con- 
Texocauam  afegbd  cfle  xqualcm  rccti- 
linco  afhcigbd»  (i  nimjrum  fegmcnta 
fupiriora  (int  tota  excra  infqriora,  rcctxque 
£a»  gb  arcui  adb  nonoccurratit  niti  in 
paoctts  a ,  b. 

Quoniam  enim  fpatia  f  h  >  h  e  >  e  i ,  i  g 
fimul  xquant  fpatia  a  d  ,  d  b  ftmul  fumpta. 
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trgo  addito  comnjuni  a  f  h  e  i  g  b  d  con- 
tcnto  fub  rcaii  a  f ,  f  h  ,  h  e,  e i  J  g,  & 
fub  curua  d  b  a,  erit  feaihncii  a  f  h  e  i  g  b  d 
xquale  flgurx  mcnoidi  afcgbd. 

Burfus  vt  nutnerus  fegmentorii  atqualiii 
inuicem  f  h  ,  h« ,  e  i,  i  g ,  ad  numerum 
fcgrocntorum  ad  ,  d  b   aequahum  mui- 
.  ccm  ,  ita  fit  fegmentum  a  d  ad  fegmen- 
tura  f  h.  Dico  fegmenta  inferiota  fimul 
cfTc  xqualia  fegmentis  fuperioribus  fimul 
suptis.Sint  f  h,  he  totidc  numero  fegmcn- 
ta  quotfunt  a  d  ,  d  b,:  ergo  vtnumerus 
fe»mentorum   fuperiotum  ad  numerum 
-  fcffmentorum  inferiprum  ,  ita  erunt  fcg- 
mlnta  fh,he,  ei,  ig  adfegmenta  fh, 
he.(Suntenim  fingula  fcgmenta  mtet 
fe  scquaUa,  ac  ptoinde  rationem  habent 
inter  fe  quani  numeri  quibus  numcrantur) 
fed ,  vt  liumerus  fegmentotum  fuperia- 
ris  arcils  ad  numerum  fegroentorum  in- 
ftrioris  arcfts ,  ita  eft  fegtnentuiti  ad  ad 
.    fegihentum  f  h,  &  ita  fegmentii  d,  b  ad  fc- 
gmentu  h  etac-  proirtde  ita  funt  fimul.  ff- 
Imenta  a  d,  d  b ,  ad  totidem  fegmenta  f h, 
h  e  :  ergo  vt  fegmenta  fh ,  ^h  e ,  f  i ,  i  g 
'.•%"'"■  fimul ,  adfegmenta  fh,  h  e  fimul-,itafiinr 
"  ^"''  fegmenta  aldb  fitttul,ad  fegmenta  ea- 
dc  f  h,  h  c  fimul ;  crgo  fegmenta  f  h  ,he, 
e  i,  i  ?  fimul ,  funt   «qualia    fegmcnns 
a  d  ,  dt  fimul,  qaod  «rat  oftcndcndum. 
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Si  fcgxnentum  f  h  fit  (imik  fegmento 
^d  quaptam  ad  diametri  diyifionem  li'- 
mui  &  inclinationem  ^  &  (i  vt  quadrata 
liiametroniin  >  ita  fint  reciproce  numeri 
fegmentorum>  fegmenta  vnius  arcus  fi« 
mul  fumpta  ctunt  xqualia  fegmentisaU 
terius  iimul  fumptis^  Quomam  enim 
quaiido  funt  fimilia  quantumad^diametii 
fe£tioncm  &  inclinatioiiem  9  fe  habent  vt 
quadrata  diamctrorum  per  tertium .  corol- 
larium  Vigefima^  fecundx  huius  3  &  quo* 
niam  fi  vt  quadrata  diam.etrorum  ita  reci- ' 
proci  funt  numeri  a^quahum  fegmento* 
rum  j  fegmcnta  vnius  arcus  funt  a^qualia  . 
fimul  (umpta  fc^mentis  alterius  firaul  etiS 
fuQsptisper  prxfentcm  propofitioncm:er- 
go  h  vt  quadrata  diametrbrum ,  vel  femi- 
diameirorum  ita  fint  rcciproci  numeri 
pracdi£ii,fegmentavniusarcus  fimulerunt 
ia  ifto  cafu  sequaUa  fegmentis  aherius 
fimulxtiam  fumptis* 

COROLLA  RIVM    IJ. 

.  Kinc  patet  quo  pa£to  Hippocratis  Chij 
cclebrcs  illaEi  lunulz  fiue  menifci  de- 
taonftrcntilr  cfie  xquales  reAilineo  (patio. 
Sitenimvt  in  adieAorum  fchcitiatum  fe-i 
cttndo,  femicirculus  bfc,  cuius  ccntrum 
d,  diamcter  bc.  Excjentro  d  excitata  fit 
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pcrpendicalatis  dt  ad  diametruin,bc;fc* 
inidiametroquc  df  abfciflk  fh  aequalis  d  a: 
lungamuf  re£tz  ba,  ca,  b  f »  f  c;  8c  cen- 
tro  a  interuallo  re^ae  a  b   defcribatur  ar- 
cus  b  c,  tranfiens  per  c^  funt  enrm  b  i^ 
a  c  a^quales  ^  c6  quod   anguli  ad  d   fiot 
reAi ,  idcoquc  a^quaks^  Olttndcnduth  cft 
luntilam  b  gf  h  c  c  cflc  xquakm  rc£liline6 
bfc  cotitenco  reftis  bf  ,fc, cb.    Quo-- 
niam  xt(X2C  f d  ^  d  a    funt    sequalcs  3  crit 
ir  tf^r-  fda  diameter  circuli  cuius  ccntrum  d, 
^^''  *  *^'  fcmidiamercr  d  cj  ergoanguh  a  b  f»  a cf 
funt  re£li ,  vt  potc  in  fcmicirculb  cxificrcs ; 
ergo  xt&LX  b  f ,  f  c  tangunt  circulum  b  c  c 
in  b  &  c;  ergo  fegmeta  b  g  f,  f  h  c  nuliam 
]6s ,       fpati)  partem  habcnt  communcm  cum  feg« 
ciufdc.-  mentis  b  c,  c  c.  Rurfus  quoniam  anguli 
b  d  f  y  b  a  c  ad  centra    d  &  a    circulorum 
b  f  c  ,  b  e  d  funt  xquak^  \  arcui  b  g  f  fi- 
milis  crit  arcus  b  c  c  t  ergo  cum  fegmca* 
ta  b  g  f ,  b  e  c  fint  omnino  fimilia,  crurrt . 
per  coroUarium  tcrtiiim  propofitjoni^  vi. 
gcfimat  fccqndac  huius  ipfa  fcgmcnta  intcr 
fc  vt  quadrata  femidiametrorum  a  e,  d  f 
exfcho  fcd  eiufmodiquadrata  funt  iilrationc  du« 
lio  %Q.  pla:crgo  fegmcntum   bcc    eft  duplum^ 
wrti/.    fcgtnenti  b g  f :  fcd  feghiento  b  gf  cft sc- 
qtialc  fcgmcntum  f  h  c,  cum  fupcr  reftts 
bfjfc  xqualibus   fint  conftituta  ^  ergo 
duo  fimul  fegmenta  b  g  f»  f  h  c  funt  at^qua^ 
24  ter-  lia  fcgmento  bcc  ^  crgo  pef  prxfcntcm^ 
ti)ELf.  lunula  bf  cc  contentaircubus  b.fc,  bcc 


fJJ 


.ELEMENTORVM 

.  TETR.A(!}ONISMICdRVM. 

irBER    U.. 

;^>  efide  lHrriMifidsaimaterie, 
yiuutnusfer  emindi^atiir ffo- 
fortie  gramnm  vtrinque  cerlo 
ijmd)im  modd  affenforum. 

\l   ■',;0EEINItION£S.      ';,. 

I.  <d  Ibram   fiue    iu- 

p  gum  voco  cum 

J  Archimedc      li- 

I  neam    horizonti 

^  Kquidiftacem  ex 

vno  pundo  fu^enfam',  ex  qua 

graoia  vtrinquependent.  i.  Puii- 

Aum  illud  i.  quo  fufpend  itur, 


ij  €  T  etragonijmicojum 
vocatur  iibrae  centr^m.  5.  Brar 
cfiium  ^htx  > 
nemintclligo,quae  acentro  j)ro- 
duda  tuftinet  ab  extremo  (ui 
pundo  eraue  aliquod  a] 
4.  Lineadiredionisjfiueperpen' 
dicutum  dicatur  reda  quacuis  ad 
iibram  perpendicularis.  5.  Graue 
aliquod  de  libra  penderc  cenfctur 
cui  velperfe  cdhjeVet,  vel  conne- 
diitur  perlinearti  ■  dirediorits. 

Caetcra  qugc  ab  Ajrthiiifcclc  vcl^xpli* 
cantur  j  vcl  portulantur  iirilibris  dc  «iqtii- 
ponderantibus  hic  fuminms  tanquam  con- 
cefla  ;  &  fatis  nota,  Quid  fit  centrum  jgra- 
uitatis^  cius  libri  prout  hodic  cxtant  vul- 
gati  rioii  .ixpiic?nth.t  "^H^ociiis  taraln 
ccntru;^,^rAuitati^  planie  figura^  di«it  ab 
illo  dcfiniri  in 'primo  de  aequipondcrantir^ 
bus  hht^^itlkd  fi^h<lum  ftr  quod^ymcum  fi 

'  fuJHntsf^r^^  fojl^^uamcollocata  fHerii  in  fttu 
horlzontl  f4raiUl§ ^  nidnet  in  eodcnp^fi^tr-^ne^ 

.  ih  "fllkdHH^it  p)irilm  grauita- 

initfo    tisT  foiiiJi  cs:  ^  Piippo*5lfcfiGit\fioiiiiiar)t<ii- 

Lbfid?  ^yj-  hf^ftMm  ^Hoddim.lntrA^  corfus  p^JixHntj 
e-.>iMt.  "^  fuojt  ^r4H€  appenfum  meftejnfjctptaiffr^ 
(oUd.  *;  Jum  fe^tur  juUfcit-y  gp--feruat  ittm^y'}fi*i» 


r 
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i»  f««if/(.t<4,i«,;..;i<;.»,»( :.,,,,;,  M, 

l^mni  iirinmmrlmr.  Hxc  latis 'prrfeiiVi 
-inflituto  erant  i  nec  putamus  n^ce^ariiim 
-iransfene  huc  <J)x  *  iniufmoili<lefinitio. 

nibus  centri  gcauitatis  fctipriiiui.  i,,  Ijbcl. 

•OuC  librxprincipijs,       ■    ■    '^ -'■-     ■-  - 


,;,■  Sit  tr^eiiuni  mix.ium'i'cf'd. 


:^c 


fini:  curus  vel  'redtx-i  ,'^a^ 

rum  curua,' aitera  re  _  tfig 
adiunai  fint  <juotcunque  alie 
im,  hn  ita  inuicem  St  aJ  ac 
conftitUtjf j yt-quQtcunque  gq, 
b  e  ad  rfeiSamiad;'  pa^»Uela:  fe- 
cuerint  linias  i  c,  h  n  ,i  m  /d  f  i  fi- 
cut  reSa  a  h  ad  reSas  a  i,  ^d  ita  fit 
go  ad  gp,  gq  ,  &  fic  de  ahjsi; 
vcautem  reaa  ah  ad  ai,ad  ;  ita 
fit  trapezium  a  o  ad  trapezia  ap, 
a  q  s  &  ita  etiam  fit  trapezium  g  k 
ad  trapezia  gl,  gc,  &   fic  de 


ij8  '■^'Tttragompnicofiim 
alijs,  deqile  ipfo  toto  trapeiio 
acnh  adtrapczia  acmi,acf<l. 
Dico  vtre(^a  ahad  hi,  ica  cfle 
trapczium  acnh  ad  crapeziugi 
hnmij  &trapezium  gh  adtn- 
pezium  61 1  &  trapezitim  gl 
ad  trapezium  o  I ,  &  fic  de  alijs; 
Itcfn  yf  eft  reaahtad  id;  ita 
eSetrapeziu  h  h'm  i ad  trapezium 
im f  dj  tripczidrn  p i  ad  jp  d  j ol 

"ad  .pc;',  dc  iicde'  »lijs;'.  " 

'';■'  il-'.  \^:   ■  ■  ]-''^  f*^'         ■■  ■■-' 
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(^oniam  cnimrvc  teQok  d  h  ad/  9 1 ,  ixi 
t&  trapeziam' a.c nh  ^d,mjK^fi^m^BrC  m  ij 
&  crapeziam  ao.  ad  ap;  ^  >trapez^um 
%k  ad  gl  t  &'fi€  dis  aliji  >  etit^&Ui^ndb 
vc  fe)£la  ah.  »d^  h  i  ^  '  ica  craij^f^zisQ}  ^  c  n  b 
ad  trapezium  h  u m  i>  5:  t|«^^^zii>.m  g h 
ad  trapeziuffi  hp-,  iS:  fic  'conlequencer. 
Karfus qilomam  vt  relka  ai>'4d  ^H»  ica 
eft  crapezium  ^  a  c  m  i  a^  a  c  (d'M  &  crape^ 
zium  a  p  ad  aq  |  &  g  1  ad  g  e  &c.  erit 
dimdendo  vt  retfta  a  i  ad  rci^»  ^ca  trape^ 
^ium  a  m  a4  iC>  &  ap  ad ^^^jSnJgl  ad 
I  q  &c.  £c  q^iioniam  vt:  jTpaci^m  iq^ad  i  g« 

iu  rcfla  i  d  ad  i  f  ,  &  Vt  tpiimm  i  g  ad 
i  o  y  ita  te&SL^i  kad  h  i »  ent^  ex;  f|i|ik>'  vt 
fpatlum  i  q  ad  i  o  >.  ica  ipefta  i  d  a4>  ifh^ ;  Si- 
militer  oftendetiur  e(Ie  vc  fpati^m  i  f  ad 
in,  ita  refl^m  i (1  ad  iln    '      "    ^ 

Hoc  ipfum  paqeciii  lineac  auid»oh^  s  i  itn^ 
df  concarrant  in.vnum  pun^m^  r ,..  & 
conftituant  trianguliim  nnxtum  a  a  r  >  vt 
in  adfcriptariitfi^^uraniiii  akmi  > 


Pjtoi:oi$iT  iQ  IL 


w    »*' 


Sic  tr^etliltiQ  itiktum  apca 
cuiuslinex  ac,  bdnhtredae  Sc 
pavallela^  j  .%c?s  verp  c  d ,  a  b 
(int  velamb^  curuz>vcl  amba; 


red2$  vel  ?na  earttm  reda ,  altera 
cuntafSftiiameter  a'd  curuavel 
reaa.iJi^qi^iminaium.  Sit  item 
tinea  »c  (diui(a  in  qtiotcuncfue 
partei'^W|cemasqu4W's  ah,  hi, 
ik ,  kc  ^perque  extremapartium 
duStx:/  ifint  curuae  h  q  V'  i  p ,  k  6 
later;  js^ /:^;p]f bportiqnaliter  fccan- 
Jces  redanli  b  d,  ipHque  jparalielas^ 
nec rieii  foatium  a; b dc* m trapc- 
zia  4q,  h  p.,  1  p^  ;k>a): }Curu2e  au- 
tcm  i\4i  ip»  fc <?  octvrrraht  dia-. 
metro  in  vno ,  tan^uni^  ungu^ 
pundx9[,<&&per.illa-pund:a  ducan' 
turip^^Wtrpirklletx-e U  f m ,  gn; 
Dico  tra^jjji^,a,l:,Jim».mn,nd 
circa  diametrum  a  d  con{iftentia 
fe  habc^e  fimiH^d^cSifum  trape- 
itium  ad,  yt  fc  habct  r.e(3;a  jah 
ad  totam  a-c.        ^^  ,..   :; .  .;„^ 


A        •     A.A. 


t   »         •  •        •   V 

Quoniam   ietniii  {psrnh*  *a  <\  ;;  h^jj  ,*^  ti:y^ 

kd  fc  haBcntvt  trtto  dtdihi  ,4«,  J^c^ 

&  ipfx  xc{Xx  funt  aequalcs,  crunt  fpatia 


a 
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>      > 


t-f-    \)     c/ 


<  ,  ' '  .  j 


ctiam  xqualia.  ]ft  quonl^riii  eW  atiteriore 
propofitione  vc  re£la  a  h  ad  h  i  >  ita  ell 
fpatium  erad  Im  /&  vt  ah  ad  ii^,  ita 
eft  fpatium  f  f  ad  nm,  &  vt  ah  ad  k  c  , 
ita  eft  fpatium  gq  ad  ndv  cum  ah  reAa 
(it  zquahs  rcAis  h  i ,  i  i^  >  k  c  fingulis  fc'- 
orfnm,  erit  ti:ape2iiim  eratqHale  trape- 
zio  Im ,  &trapezium  f  f  trapezio m  n/ 
&  trapezium  g  q  trapezio  n  d :  ergo  addi* 
to  communi  a  1 ,  trapezia  al^  1  m  ^  m  n  ^ 
nd  crunt  fimul  aequalia  trapezi)S  al ,  er, 
f  f ,  g  q :  fed  ifta  funt  atqualia  toti  a  q,  to- 
tumque  a  q  fe  habet  ad  trapezium  a  d , 
vt  rc£la  a  h  ad  ac  :  ergo  vt  reAa  ah  ad  a c> 
ita  fc  habcnt  trapezia  circa  diametrum  ad 
coufiftcntia  ad  totum  trapezium  a  d*    * 


14»^        Tttragonifmicorum 

Quod  fi  >  vf  in  fecunda  figura ,  fit  triah* 
gulum  a  d  c  mixtom ,  cuius  latus  a  c  fit 
Unca  rcfta  &  omncs  lincac  it(kx  diuidcntcs 
Yt  rc£lam  a  c  &  parallclas  ^  ita  triangulum 
adc,  concuitantm  pun£tum  d,  omBciL 

3uc  quotquot  hanc  propriet9tcm  haBcntes  ' 
ttci  poffimt  Cccciutiemel  curuam  a  otf  i  ^ 
(  quod  fieri  pofle  cuan^fi  c  d  fitcuiiidia  ^  ! 
tcbit  cx  quarta  htiius  )  idcm  ofi^cndctttr^  '■. 
nimirum  traDCziala  1  ^j  1  m  iMj^  \n\  ^ufn  ' 
triangulo  o  d  n  efle^ikiul  atquatia  tnpCf^ 
z\]%  a  1 ,  f  J  ,f  q  &  ttiarngulo  oqdyac  pro* 
inde  figuras  circa;  hnum  aod  confifiein*  ! 
tcs  fehabcre  ad  H^patium  adciVtrc^am  ; 
a  h  ad  rcAam  a  c«  i 

! 

COROLLARIVM. 

Hinc  manii^ftum  eft  dato  quo  fibet  ipa^ 
tio  metiente  vel  trapczium  a  d  vt  in  prir 
ma  figura ,  vcl  vt  in  fccunda  figura^  uian- 
gulum  a  d  c ,  fi  vt  trapczium  vel  trian- 
gulum  ad  /patium  t ,  ita  fiat  rc^Eta  a  c  ad 
a  h  y  qux  metitur  rcAam  a  c  ^  abfciflffque 
hi 3  i  4  >  K  c  ij^  a  c  xqualibus,intclhgan- 
tur  duci  per  h  ,  i  &k  hncx  hq,  im  &c« 
occurrctes  hnex  a  m  d  in  vno  tantum  pun- 
€to  y  figuras  circa  lineam  a  m  d  cbnfiftcn- 
tcs  efie  fimul  arqualcs  fpatio  t» 


J 
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PROPOSITIO    III. 


Sitreda  a  c  bifariam  in  b  fe- 
da  a  redl  d  b )  cui  per  c  du<3;aiit 
parallela  cf.  Sihtitem  tteslines 
g  i ,  o  I ,  r  f  ita  diCpoCits^vt  ic0s 
b  u ,  c  f  occurrant  j  &  fi  q  p  pa- 
rallela  reda^  b  d  d\x&z  ytcunque 
fuerit  >  ficut  erit  reda  ab  ad  b<| 
ponionera  redae  ac,  intercc- 
'  ptam  reda  bu&qp,  ita  firnp 
portio  eiuidem  qp  intercepta 
lineis  g  i ,  f r  ad  portionem  n  o 
interceptam lineis  g i ,0 1. Often- 
dendum  eft  primo  lineas  oljrf 
conuenire  in  aliquod  pun<^um 
rcftx  cf. 


/ 


r 


h  Linca  gi  occurrai  re£tis,  bd.>    ^fm 

i  punftis  mSchy  lin?a  vcro  rf  in  p«nfti$ 

I  d  &  £  Si  igittrr  linca  ol  non  occurrit  rc* 

\  fkx  cfin  f,  occurrarfi  fic^ripotcfl:  in  c. 

\  Qupniam  vtab  ad  bc,  ita  ponitur  cflc 

\  hf  ad  hc:cum.  ab,  bc  fint  aequalcs  ; 


y 
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90    ^c-^  /^ 


erunt  hf>  hc  xquales ,  par^  &  totanu 
Non  ergo  linea  ol  occurrit  re£txcf,  in 
alio  pun£to  quam  in  f ,  quod  erat  primo 
loco  oftendendum. 

lifdem  pofitis  oftendenJum  efi:  fecundo 
lineam  o  I  occurrere  lineae  gi  in  puu£to 
m  ,  in  quo  coire  ponuntnr  linex  g  1  j  b  d« 
Quoniam  vt  refta  ab  (iue  bc  ipfi  ab  x« 
qualis  ad  bq^  ita,  dufta  YtcunquereSEta 
q  p  xquidiftante  ipfi  b  d ,  ponitut  ciTe 
reda  n  p  ad  n  o »  ergo  pet  diuifioncAi  'ta« 
ipnis  vt re£la  b c  ad  qc,  itaerit  np  ad 
op.  Ex  bc  abfcindajur  cx  ipfi  bc  fea 
ba  a^qualis  i  quoniam  ergo  cc^a  xbfe£ta 

cft 
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tft  bifariam  in  c  ;  &  •  per  c,  b,  duQg  fuat 
asquidiftantes  cf,  bd  occui^reAtes  >iucis 
mh^  d  f  in  pun£lis  h>  f,  nij  d,  Uqc?  tc- 
to^if  ol,  r  f  ita  funt  difpo(itae>  vi  qua- 
cuoqac  q  p  xquidiflate  spii  b  d  dufla,  fi- 
cutrefla  x  c  ad  c,q  >.ita  fit  n  p  imcrciCf 
ptainter  lineas, rf  i>mh)  ad  portionem  po 
intcrceptam  mter  lineas  r  s,  to^  ifix  lo» 

i  occurrent .  (ijbi . in  eodem  pun^o  tc^x 

d,  per  ea  qux  primo  loco.  ofiendimusi 
cum  ergo  gi.linca  occurrere  ponatur  re- 
&xhd  in  m;  linea  lo  occufret  eidem 
rlifiae  bd  in  eodem  pun£i;o  ni|  qjioderat 
fccundo  locQ  demonftrandum:*:  /  ' 

lifdcm  pofitil^  oftefidendum  eft  tertio  & 
linea^  gi>  r  s.  conueniant  in  aliquod  alitid' 
p^nAum  extra  rci^am  c  f ,  vt  in  ^,iineam 
\  o  conuenire  quoque  in  idem  :p<»f)fttim 
k  \  Pcr  J"  agatur  J^  |  'pj^rallela  ,  rcftae  c  f, 
Qccarrens  reAae  b  c  in  ^.  Si  g  i  linea  noti 
eccurrit  lineae  |  J"  in  punftp  i"^  occurratv 
(i  fieri  poteftv  in  punfto   ^.  QuQniamvt 
b  |.re£la  ad  b  a^  itapottitur^iIc<^i<rimer'- 
cepta  inter  lineas  1 0|  gi ,  ad  intsrcepcam 
intcr  lineas  gi,  r  f^  conficitjutioteriineas 
g  i »  r  s  aliquam  portionem  :xc&x\  |  S"  in- 
tcrpotnl  9  qtiod  '■  ^  abfurdum  j  cum  jionan* 
tur  g  i>  lo  coniienire  inpun^lu  cT^^nonergo 
liiicai  p  occiMrrit  r^^laq  |i^  oiti  in  pun£to 
J^;  qiiod  crat  teirtio  loco*  dcmtonfirandum, 

lifdcm  poiitis  oftei>dendu  efl:  quart^  qux- 
ciiquc  linca  kjju  iu(Xtk  fuerit  feicanspropor- 

K 


i 
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tionaliter  paralklas  ad  reftani    b  d  omnes 

inter  g  i  &  rs  intcrcept^s  ,   iilam  incur* 

rcre  m  lineam  lo  m  vna  tantum  paralle- 

,    la  ad  re£tam  b  d.  V t   refla  m  d  ad   m  k, 

ita  fiat  a  b  re^jta  ad  bz,  &perz  agatur 

re^la  z  i  I  s  parallela  xt&x  b  d  ,  occurrens 

in  z  ^i»  1,  s  )  lineis  n  b,  of,A/A,    df  >  quo-^ 

niam  vt  m d  ad  m\, ita  etl  s  1  ad inter» 

ceptam  lineis  g  h,  m  f,  &  ita  etiam  eft  s  i 

ad  i  1  (.  co  qujDd  linea  Xfc  pfoportionaliter 

fccct  parallelas  m  d,  is  )  crgo  intercepta 

quin-  ^^"^^^  gh  >  mf  cft  xquaiis  Imc^  il  :crg6 

tiEuc.    lineac  mf,  k/*  occurrum  fibi  in  punAof. 

lam   ofte»dendum  fupereft  lineam   ^fc 

non  occuriiere  lineae  \o  in  alio  punAo 

extra  ^aralielarri  zi  fumpto.  Occurrat,(i 

iieri  poteft^  m  pun£lo  o-,  &  per  o  a^  iit 

qriop  parallela  re£laebd,fecartsinq,\n,p/ 

hneas  ab,  wi,  ds.  Quoniam  dm^  n^ 

parallel^' ,  ^  funt  interceptae  lineis  d  s,  x/e^ 

mi,proporii!ionaliterfccantibus  omnes  pa-< 

rallelas>  elfque  occurtfunt  in  pun£lisn,o» 

p;  vt  d>m  ad  m X ) hoc eft  vt  ab  ad  bz» 

ita  crit  .pin  adr  n  o :  &  qa5niam  refta  n  p 

interdptmr  etiam  linets  d^,  ,m  1,  mi^  Vc 

a  b  ad  b.q\  ita  erit  pn  ad  no  :  ergo  vt 

pn  ad  nos^ita  eft  a  b  ad^  bz;  &  ica^etiam 

•eO:  a  b  ad  b  q:  ergo  b  q  ^  b  z  funt  aeqas* 

lcs  pars  &  totum  ,  quodeft  abfurduili'i 

ergo  linca  kia  non  ^onuetii^t  ^um.  1 6  ta 

alio  punfko  fumpto  esetra  pafraltelam  2;  ii 

quod  ^at  demonftrandum  yltimo  loco. 


s 
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CORPLLARIVM  L 

£  X  his  manifeftum  eft  nihil  rcferre  vki« 
tm\}K  fit  teAa  a  b,  loco  cnim  illius  eo* 
dem  demonftrationis  tepore  poteft  ftimi 
qQarcuhque  tc  intcrcepu  paraUelis  at, 
bd)  c£  Xmo  nihil  etiam  refcrt  ad  vim 
demonftrationisfilincx  gi^  ol,  rs  fiicrint 
ttStat  velomncs>  velcarum  vaaaut  altcra; 
&  tanc  ofiicium.  xc&x  a  b  praeftari  pote« 
tii  y  quantum  ad  dcmonftrationis  huius 
cnergiam  ,  pcr  quamUbct  illarum  rcAa'- 
ruiD. 

COROLLARIVM  IL 

£x  bts  apcrtum  eft  lincam  ol  vhra 
piinAum.f  produftam,  non   cadere  am» 
plius  intca  lincas  m  i,  d  s  >  i  ikad  intcr  h« 
scas  m  i ,  o  1  cadcrc  ip(am  d.^;'  Sumatur 
Ciiim  vltra  c  quodhbct  pun£him  f  in  Hnea 
a  c,  &?pcr  t  agatur  rtAa.f  «^rallcte  re;^ 
&9  b  d>  occurrens  hncis^  g  n  v!  d  i  *,  p  s  iit 
pun^si^,^,  Ajquoniavt  abl  ad  b^mato^ 
rc,  ita  eft  /d  ad  iC».  crit  cT»  rnaior  qua  /5: 
crgo  cum  punAum  o^dt  in  Uncat  t  o,  pun-* 
ihxm     0  in  hnc^  r  s ,  erit  linca  r  s    inter- 
hncas  gi  j  o  1  vt  propofitum  fuit. 


?;•' 


COROLLARIVM  IIL 

;  £x  his  quoqttemaiu&flum  eft  (i  rcAa 
snd  fic  afj^mptotus  xcfpc£hL  xurux  t  « 
dcmooftrationciai  (jua  efichdsmus  linca» 
g i.,  o\  <biicurrcrc  ad  punftum  m  non 
halwe  locum  in  aiftacafu^inquolinea 
r  s  non  occarrir  hncae  m:dv  vt  cx  prima 
fccundi  coniconun  con^bairv'  &  cx  ipfi) 
fe-  *f)  '^^p^oti  nomiae  y  quod  iMtomcidinam 
'  cuQdi      reddit  IutCKprc&  Eutocij.^  .  f;    . 

raficcyj.  COROLLARIVM.     I  V/ 

£x  demoiiifitatis  facile  etiam  in&rtur^ 
quxcunque  linea  xfc  du£tafucrit  non  tran^ 
fiens  per  m.  commtmcm  concqrfum  linea-^ 
nim  gt/ol)  &  iecans  propoctionaiitcr  pa4 
rallelas  ad^rdftam  bd  omnes  intcrlincaiq 
g  i'&  rs'  mtS»:cept;iS,  Sc  in(ii»rens  ilinea^ 
m  o  in  pun^o  o  concurfu  parallds  ^p^ 
ipfanl  ^>'xipnoc€urrere  pndiAas^^^rallc- 
la^p  q  i^caUoinfupcrpuaiElo^  nili  ripdi  ig  ^ 
.  incurrerA  in  liiieam  gi^^  im^BnAoqV -'^ 
in  alio^  infuper  punAo^tnqiie  Imcaiti  irs 
in  pun^  Sy  Si  in  alia  futtcte^  pundo« 
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P  R.O  P  O  S  l  T  I  O   I  y,  . 

li(dem)^oCitisfiKA3£  md  pa- 
'rallela   quaccuij^ i-^ n o p   ad 
partes  $  faftiatur; ,  o^QCjUFrcns  li- 
ncis  g  i ,  m  l^  rinTpuiiais  n ,  o, 
pj  &vt  ab  rcda  acl  bq  intcr- 
ceptam  intcr  b  d ,  q  p  j  ita  fiat 
m  d  ad  m  k,  &  in  linca  m  d  In- 
tcr  in  &  k  defignetur  quoduis 
pundum  ^^ ,  perque  illud  duda 
intclligatur  linca  '''*  fccans  pro- 
portionaliter  oihncs  ad  rcdam 
m  d   parallcl;^  ipsi  intcrccjitas 
♦  &  lincis  g  i ,  r  f.  Dico  primo  li- 
neam  ^f*  occurrerc  portioni  Ur 
neas  drp  illi  qux  intcr  paralle- 
las  b  d ,  q  p  iacct :  k  y  autcm  dur 
dam  per  k  ,  occurrere  linclse  m  1 
m  pun^o  o. 


\ 


^ 
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i) 


.■-') 


Qaonia  eniii^^arallclse  funt  m  k,  n  o^  & 
vc  p  n  ad  n  o  ^  ita  eft  ab  ad  t>  q  ek  hy* 
^oth«{i  j  atqae  Vt  ab  ad  bq,  ita  etiam 
e(l  itid  ad  mk;  ergo  vt  p  n  ad  no,  ita 
efl:  md  ad  m  i^ ;  fed  linca  J^  y  ita  occuf* 
.tit  parallelis  m  dj  n  p,  vt  fecct.eas  pro- 
portionaliteri  ergo  vt  md  ad  mi^  ,  itaeft 
n  p  ad  ipfius  'n  p  portioncm  intcrceptam 
lineis  m  g  >  i^  y  >  fed  ita  etiam  cft  eadem 
n  p  ad  portioncm  n  o  interccpram  lincis 
mg,  ky*>ergo  linca  k  y  tranfibit per  .0 
communcm  fir^ioncm  re£lx  q  p  &  lincx 
ml,qnod.erat  oftcndcndum  fcciindolo* 
co. 

Rurfas  vt  md  rccta  ad     mK,   ita 
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fiatrecta  a  b  ad  b  z.Quonia  Yt  b  z  ad  a  b, 
ira  mxadmd;&  vtab  ad  bq,  ita  md 
ad  m  k  ^  crgo  ex  sequo  vt  b  z  ad  b  q,  ita 
mx  ad  m  k,^  Sed  mx  cft  minor  quam 
m  4,  cum  punftum  x  fum  ptum  fit  int^r  m 
8ck,i  crgo  b  z  crifmiiior  quam  b  q  •,  cadiC 
ergo  punctuni  z  imer  b  &  q. 

Quoniam  crgo  punctuni  z  cadit  in- 
ter  b  &  q;  fiagatu|rperz  rcctii  z  s  occut. 
rcns  lineis  gi,  lo  ,  d  p  in  punctis  i,  ],  s 
vt  a  b  ad  b  z»  ita  erit  i  s  ad  i  1 :  fed  vt  a  b 
ab  b  z ,  ita  cfl:  m  d  ad  m  x  :  cts;o  vt  m  d 
ad  mX|ira  eft  is  ad  il  :  ergo  cum  linea 
X  f<  fecet  parallelas  m  d  ,  i  s  proportiona- 
litcr  modo  fupra  explicatO)  fecabir  re- 
ctam  i%  in«l:fcd  1  eftpunctumin  linca  . 
m  o  iacens inter paraUclas  m  d  ,qo:  crgo 
linea  Xf^  occurrit  liricx  m  o,  iri  puncto 
quod  iacetinter  m  &  O)  quod  cratodcn- 
decdum  primo  loco. 

£x  his  manifefiiim  efi  fi  parallcla  q  p 
Cranfeat  per  f  vel  <r,  vel  per  quodcunquc 
aliud  punctum  in  linea d r  s  defignatum, 
vbicunque  tandemHt ,  eandem  cfTe  de«  . 
monffrationis  vim.  Mani&ftum  quoque 
efl:  lineam  Xfc  non  occurrere  lincf  1  o  ni* 
fi  in  vnatantam  parallclaadrectam  md,  . 
iuxta  demonfirata  in  prfcedenti  propofi- 
cione :  manifeftum  pari|:cr  eft  ,  fi  linea  z  ^ 
tranfeat  per  f,  punctai  k  &  d  fibi  congruc- 
re  ;  curii  vt  a  b  ad  b  e  ita  ponatar  cflc 
md  ad  mfc,  &  ab,  bc  fint  equalcs.  Si 
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crgo  puncu  r&  c  fibicoBgniant ,  &  rccta 
'z,  s  trjinfcat  pcr  f  ^  cxiftet  tnangulum  illii4 
niixtttm  quo(l  polfibilc  cflfc  diximus  fub  fi« 
nem  propofitionis  fccundae  huius  libri  ^ 
quodque  ibidcm  defcnptam  dedimus. 

lifdtm  pcrmancntibus  fi  mter  n  &  o  fu- 

matur  quoduis  piinftum  fif  &  per  iliud 

ducaturlinea  iik  ,  proportionalitcrfccans 

paraUelas  modo  fupra  declarator  Dico  fc- 

cundo  lineam  y.h,  occurrcrc  liaez  m  o  in 

aliquo  punAo  inter  parallclas  ml:>  no 

pofite.  Quoniam  enim  vtab,  bq>  ita 

np>no)(ivtnQ  ad  nfc,    itafiatbq 

aa  b  z )  erit  ex  xquo  vt  a  b  ad  b  z^  ixz 

np  a:d  n/A)  fedvt  np  ad  nfi»  ita  efi  if 

ad  i  1  >  eo  quod  a  fA  proportionalitcr  (ecct 

paralielas  np,  if:  ergo  pan£him  l'  cft 

communi^  fe^io  lincfiirum  m  o ,  A:ft :  iacct 

aurem  inter  parallelas  bd  >  q  o  ^  qma  vt 

vt  n  o  ad  n  fx  minorem  ,  ita  fafta  cftrcAa 

b  q  ad  b  j?:ergQ  b  z  efl  minor  quam  b  ^scrgo 

linea  z  f  ciufqqc  pun^uhi  1  cadit  inter  pa- 

rallelas^  b  d  >  q  p ,  quod  verum  eft  ctiamii 

pun^ad  &4nin  vnumconueniant* 

Iifdem  pcrmancntibus  fi  inter  b  &  q 
fumatur  quoduis  punAum  f» ,  Sc  pcr  illud 
parallela  o^i  trducatur  ^  occurrens  in 
^jfljt  j  r,  Hneis  mg,mo,  Ko  >df  jper- 
que  9  communem  fe^lionem  parallclx 
«^&  linea^  m  o  ducatur  linca  6  ^  propor* 
tionaliter  fccans.,  &  occurrens  xcQix  n  p 
in  '3' :  &  inter  punfta  «r ,  o ,  vel  t  ^  ^  fu« 
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matur  quodlibet  pun^lum  /bc  vel  K  i  perque 
iliud  ducatur  prpportionaliter  fecans  fcx. 
Dico  tertio  lineam  /^x   occurrere  hnex    , 
9  o  inter  parallelas  «i  r ,    q  p^ 

Qaoniam  enim  vt  a  b  ad  b  i» ,  ita  eft 
r^ad  ^fl;  &  vt  ri3ad/39,itaeft  pnadn-jr, 
eo  quod  parallelx  j3r>iip  proportionali-'  ^^     . 
tcr  fecenturperlineam  «-Sjcrgovt  abad  ^i  jgc^ 
bo»,  itaeft  pn  ad  ncr.  Rurfus  quoniam 
vc  bq,  aby  itano  ,  pn^&  vt  ab,  b«, 

ita  p n ,  n  ^ ;  ergo  ex  aequo  vt  b  q ,  b#,  ita 
no*  n^T.  lam  vt  no  ,  nfi  ita  nant  bq, 
b  z  ^  &  per  z  agacur  parallela  z  f  ocCur- 
rcns  lincisf  mg,  Ot,  xft,  to,  df,  in 

Eun^is  i,  u 5 1 ,  y ,  f.  Quoniam  vt  b» ,  • 

q^  ita  oftcnrum  cft  cflc  n^^aoj&bq, 
bz  iu({imus  ficri  vc  no,  n^ccrgocxa:-» 
quo  vtbev,  bzyitafunt  n^i  n/x:fcd  nft 
cft  maior  qusln  n  t  (  cum  ^  fumptum  fic 
intcr  rrSco)  crgo  b  z  cft  niaior  quam  b  «; 
crgo  intcr  b  &  z  cadit  punftum  «.  Rurfus 
quoniam  vC  no  ad  n/^  ,  ita  Tacta  eft  b  q     . 
ad  bz  ;cum  no   fit  maior  quam  n  ^  crit 
b  g  raaior  quam  b  z  :  ergo  punftum  z  cadit   . 
inicr  tf  &  q  5  ergo  &  parallcla  z  f  iacet  intcr 
parallelas  fl»r,  qp :  ergo  pun<flum  1  cadic 
intcr  parallclas  /3r,np. 

Rurfus  quonia  vc  a  b  ,  b  q ,  ita  n  p ,  n  o  •, 
&b  q,  b  zficriiuifimiis  vt  no^  n/E*:crgo     . 
cx  acquo  vc  a  b ,  b  z  ita  n  p ,  n  f* :  fcd  yt 
n  p,  n  fc  ica  sut  f  i ,  i  1  (  c6  quod  lincac  g  n, 
5t  /x  3  r  p  prpporcionalitcr  fcccnt  parallclas  ^ 
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n  p,  i  f  )  crgo  vc  a  b ,  bir,  iu  i  f ,  i  1 :  fcd 
vt  a  b,b  z,  ita  cft  i  f  intcrccpta  Iincis  ^  g n, 
r  f  p  ad  intcrccptam  lincis  l8  g  n  j  iii  fl  o,: 
crgo  rcaa  i  1  cltxquahs  portioni  rea^c  i  f 
tcrminatz  lincis Vn  i ,  m  9  o :  crgo  punftum 
1  cft  in  hnca  m  fl  o  :  ergo  linca  (jl  x  f ccac 
hncam  *o  intra  parallclas  Oc,  to,  cjuoJ 
crat  tcrtio  loco  dcraonftrandum.  Dcmon-r 
ftratio  fimili  modo  procedcrct  fi  poncrc^^ 
mus  mtcr  4  &  t  fumptura  cflc  quoduis 
punftum  x^ 

ConfcAana  fub^fincm  aflertionis  primsc 
adiundba ,  qux  fcciindx  &  tcrtiar  aflcrtio» 
ni  conucniunt ,  hic  non  rcpctimus  j  quo- 
niam  rcs  eft  fatis  ciara  pcrcipicnti  haftc- 
nus  di^a. 

P  R  O  P  O  S  I  T  I  O       V. 

Sit  libra  ac  fufpenfacx  b,  & 
cx  quibufcunque  rediae  b  c  puti-  > 
dis  g,  c  demiflfac  fint  adbc  Ai- 
redionis  linese  ge,  cd  ,  cx  qui- 
bus  pendcat  quaeuis  figura  d  f  e  , 
ita  collocaia  intra  perpendicula , 
vtipfara  vel  tangant  vel  alicui  eius 
latcri  congruant :  (patium  autcm 
h  fufpendatur  ex  a ,  &  sequipon- 
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dcrct  fieurx  dfe  ita coUocacac s 
atquer  quatn  racioncm  habct  bra^ 
chium  a  b  ad  b  g ,  eam  habcat  6." 
gura  ad  (p^tium  k  j  quam  vero 
habet  ab  ad  bc,  eam  habeac 
ligura  eadem  ad  fpaciutn  i.  Dico 
{pacium  h  elTe  maius  fpatio  k , 
ii.  minusL  {pacio  i. 

Sic  enitn  1  centruni  gcauitatis  figurx 
d  f  e  (  qux  inulti^  Ihddis  defcribi  poteft  , 
ex  quibtisaliquot  fubiccimus )  &  per  1  aga« 
tur  Im  perpeadicu)uni>  Quoniam  1  cen» 
trum  grauitatis  iacet  intra  parallelas  g  e  > 
cd)  yt  fyj^;i  finem  huius^  propofiitionis 
oftendemiis,  perpendiculum  Im  iacebic 
inter  perj^endicuta  g  e ,  c  d  ^  ac  proinde 
punAum  m  caderiQtcr  g>  c  :  efi  ergp 
g  m  minor  quam  g  c. 

Rurfus,quoniam  fi  ex  m  fufpcndaitic 
figura ,  &  foluanrur  fufpehfiones  ex  g  8c 
c ,  manebit  iigura  vt  nunc  faabet  ex  Ar* 
chimede  in  propo{itionem  fc;ctam  de  qua. 
dratursi  parabolx  ^  vt  a  b  ad  b  m ,  ita  erjt 
figura  dfe  ad  h^  cx  (cxta  aut  fcptima 
primi  de  sequibonderantibus  :  fcd  vt  a  b 
a4  bg  ,  itaeftfigufa  dfe  ad  fpatiuiti  k  ; 
cft  autem  ^  g  minor  quam  b  m :  crgo  k 
cft  minus  qu^m  h«  Item  vt  a  b  ad  bc  > its^ 


V.    5  __':_^ 
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Bmtz  dfe  ad  ii  cft  attttm  bc  maiac' 
quam  D  m :  ergo  &  fpatium  i  cic  tnams 
Ijiatio  h ,  quod  crat  oficocichdttm; 

Quod  fi  libra  fufpcnfii  iatelli^tftr  *cx 
g  tmc  mahentibus ,  atqac  vt  a  g  ad  g  c»  ica 
fiat-figura  dfc  adijji^tium  h:manifcfl:um 
cft  fpiitiam  h  cfG:  mihus  fpatib:  n  s  nam 
vt  a g  ad gm>  ita  eflc  figuram  d fc  ad  h 
oftcnfum.  cQ :  £(d^cadcm  fi^fit^,  ]>onitur 
cdc  ad  n  9  vt  efl  rc^a  a  g  ad  g  c:  crgo  cum 
g  <:  iit  mai^r  quain  g  m>crit  n  maius  qoa  h« 
;  Rcftn  vt  6ftcndamu$  1  ccnttuiii  gr^ui- 
taiis  lacctc.inter  pcrnendicula  gf  >  ^cij 
fittC  (Itaatrafigurainc  t  d^  (iuecxtraipfam. 
Sl  (^0419  non  cft  intra. parallclais  gc^  c  d 
erit  vcl  in  altera  canunf,  vci  cii^cra  vtnim-' 
quc*  Sit  itaque ,  (i  ficri  poteH ,  « in  altera 
earum  ceiitrum  grauitatis  figur^  f  d  c. 
Qttontatn  centnim  gb^itatis  'figttra^  planx 
cx  Archimede  (  vt  ait  Eutocius  in  pri« 
mw  P>^op9fitiof|cm  li|)ri  primi  jdc  ^qtii-^ 
^onderahtiWs  )  eti  id  ex  f^o  fufpiHfd  mdifU 


•I 


Iibei:  Axta  ^  figyram.dmidat^  m  duas  partes 
bin^  &liiid4e  fibiim^teiii^^irqUipoh^^^ 
atqui  linca  c  d  gcf .«» •  centram  :p^uitatis 
dtt£tacx  vna  parte  habet  intcgrani  Hgaram» 
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cx  alia  .flihil,.  quod  ipli  xquipondcrait 
poffit :  crgo  fieura  f  d  e  inclinabitur  ad 
partcs  c  ^  ncc  mancbit  parallcla  horizonti» 
Mttlro  minus  maacrct  cidcm  horizonti 
parallcla  fi  punAum  4»  cflct  cxtra  parallc» 
lasgCjcd,  vt  apcrtum  cft:  cadct  crgo 
ccatrum  grauitatis  intcr  parallclas  g  c,  c  (d« 

€ORO  LL  ARIVM. 

Ifta  propofitio  ,  vtpatct »  habctlocum 
in  fohdis  fpatijs,  fi  nimiruni  fpatium 
c  d  m  f  inlcUigatur  cflc  folidum  intcir  pla- 
na  pcr  gf  j  c  m  dufta  &  paralkla  confti- 
tutummodo  pr^dicto  :  &  fpatia  h,  k»  i> 
ponaritUF  cflc  folida» 

.       PROPOS  I  TIO   VL, 

..   *  *  ... 

Sh  Kbra  AB  furpcnfa  ex  C, 
ad  quaiu  cx  A,  QB  incidant  pcr- 
pendicula  a  A ,  b  C,  B  c ,  quorfi 
b  C ,  B  c  fuftinearit  qiianicunque 
figuram-  b  d  G  c«oaptatam  intra 
ipfas iuxtapraffcriptuni  propbft- 
tionis  prsBccdcntis i  latera  b  C, 
d  G  (int  lineae  rc^ae  vcl  curuae  i 
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linea  b  o  itaiit  eduda  ex  pundo 
b^  ve  quf cunque  ad  bd  x^dtZTA 
parallelaih  ipfam  incidat,  iicut 
erit  /eda  A  C  ad  intefceptam  in- 
ter  C  &  paraliclam  ,ita  ntportio 
eiufdcm  parallelx  intercepta  in* 
tcr  Hncas  bc  &,  d  G,  adciufdcm 
portionem  inter  b  c  &  b  g  clau- 
fam:  poifit  autem  fpatium  b  d  G  c 
ita  diuidr  per  alias  lineas ,  vt  Hcut 
ipf«  parallelj,  ita  fint  trapexia 
mixta  cOmprehenfa  parallelis, 
linca  b  c  &  lineis  proportionali- 
tcr  fecantibus.  His  pofitis,  fecetur 
b  c  in  partes  quotcunque  b  e ,  e  f, 

^g>gi)  i<^>  &  pcr  exirema  par- 
tium  ducantur  ad  re<flam  b  d  sequi' 
diftantes  c  f  ,:£t ,  g  y  ,^  i  x ,  a  pun- 
^is  autcm  Jn  quibus  ift?  fecant  li- 
ncam  bo  dudf  inteltigantur  li- 
nej  uk,hl,|>m,on proportio- 
naliter  fecantes  vt  di^um  eft.  Si 
cx^puntao  A  pcr  perpcndiculum 
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z  A  fu^endatur  t  isequiponderans 
trapezio  jd.e ;  6f  q,  trapezio  f  s  j 
&  z ,  trapezio  t  g  j  $c «-  >  trapezio 
iy  5  &  X.  figurx  x  c»  Dico  figu- 

ras  e  K,  f  1,  g  ni>  i  li  &  x c  fpatiis 
r,  q,  z  ir, >  eife  roaiorcs  >  & 
figurasfu,  gh,  ip,  ioc  efTe 
minojps  fpati j  s  q,  z ,  ^,  ^,  mul- 
t6que  minores  fpatijs  r,  q ,  z,  cr.  x 
toti  b.d  Gc  xquipdnderanti* 
bus. 

Rcftje  e f,  f t ,  gy i  \yL  proctu^at  oc- 
curraDt  librae  A  'B  in  punAis  D ,  E,  F,  ^- 
C^^uoniaVn  Vtrccta  A  c  .ad  ,C  D ,   ita  eft. 
rtcra  es  ad  cu,  &  vt  cs  ad  eu  itaeft 
fpatium  c  4*  ;id  cKjergo  vt  A  C  ad  C  Di 
ka  cft  fpatium  edad  ek  ^  et^o  perpro« 
jpoQtionis  'prxcedci^tu.  £pf;updani   partcio 
fpatiuinek  cft  tiiaiiis  ipatio  r  xquipon- 
derante  ipfi  d-e»  'SiiHifiwt-quoniam  vt 
recta  A  C  ad  C  D  i '  ita  cft  <-recta  e  s  ad 
e  u  3  &  yc  es  ad  -e  u  ^itacft  rpatium  f  s 
4d  f  u  i  crgo  Vt  A  0    ad  ;'C  D  ^  Ita  cft 
fpatium  f  s  ad   f  al:  orgo-  Jjcr ,  prarccdcn- 
tcm  fpatiuni  :^u  minus^dl-fpatio  q>  acqui- 
ponderante  ipfi  f  s.        '   , 

Rurfus  quoniam  vt  'A  C   ad  C  E>  ita 

cft 


^- 
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ell  recta  f  t  ad  t  n  >  ^e  vt  f  t  ad  fh^  itz 
e(l  fpatium  feu  trapezium  f  s  ad  f  l:ergo 
vt  A  C  ad  C  E>  ita  c&  trapeziu  f  s  ad  f  i» 
crgo  per  prxcedentem  fpatium  f  1  eft  ma- 
ius  fpatio  q  a^quipondcrante  ipfi  ^  f  s.  Si*^ 
militer  quoniam  vt  recta  A  0  ad  C  £  , 
ita  eti];ecta  f  t  ad  fh  )&  vt  f  t  ad  fh,ita 
cft  fpatium  g  t  ad  g  h  *,  crgo  vt  A  C  ad 
C  t  ita  eit  fpatiiim  g  t  ad  g  h  ^  crgo  per 
prsecedcntem  fpatium  gh  minus  eii  fpatio 
z  aequipoRderante  ipli   gt. 

Eadem  prorfus  ratione  oftendctur  fpa- 
tium  g  m  efte  maius  fpatio  z  aequiponde- 
rahte  ipli  gV>  &ifpatium  i  p  eire  minus 
fpatio  cr,  ijubd  aequiponderat  trapczio  i  yj 
&  fpatiurti  i  o  c  cflc  minus  f patio  h  quod 
xquipondcrat  figurx  k  c. 

Itaquc  qucmiafn  fpatium  ek  fpatio 
maius  eft>  &  f  1  fpatium  fpatio  q  ;  &g  m 
fpatium  fpatio  z  *,  &  i  n  Cp^iium  fpatlo 
^5  &  X  c  fpatium  ipfo  a  :  erunt  omnes  fi- 
mulfigura?  6  k  >  f  1, ,  g  m ,  i  n>  &  x  c  fpa- 
ti)sr,  qfZ)  ^^^  quae  toti  bdcG  arqui« 
ponderant )  maipres»  Rurfus  quoniam  fpa« 
tium  f  u  fpatio  q  minus  eft  >  &  g  h  fpa« 
lium ,  fpatio  z  ^  &  i  p  fpatium  ,  fpatio  t^ 
&  i  o  c  fpatium  ,  ip^  V)  erunt  omnes  fi. 
.mul  figurae  fut,gh>irp)  ioc  fpati)f 
q,z,  ^ar,  X  mmorCs»  multoque  minores 
ipatijs  r,  q^  z,  cr,  \  toti  b  d  c  G  aequipon- 
dcraatibus ,  qood  crat  oftcndcndum. 
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COROLLA  RIVM    I. 

£x  propofitione  focta  prioris  libri ,  & 
fecuncia  huius  mamtcQu^  elUi  linca  dy  G 
fit  fcAio  conica  s  fpatium  b  d  G  c  poile 
ita  diuidi  per  aUas  lineas  ,  vt  iicui  i^fae 
parallclac  ita  fint  traptzia  comprehcnfa 
parallcUsy  refta  bc,  &  hneisproportiona- 
liter  fecantibus.  Imo  ii  vt  refta  AC  ad 
C  D ,  ita  (it  e  a  ad  e  u  &c  :  quamuis  hnea 
h  c  effet  etiam  fe£lio  conica  ,  fpatium 
bd  G  c  poQet  pcrinde  diuidi,  atque  quan- 
do  b  c  ell  re£U  3  vt  ex  ijs  qux  ad  fextam 
prioris  hbii  adieda  funt  nianifeftum  eit« 

COROLLARIVM   IL 

Manifeftum  quoque  eft  hanc  ipfam  pro« 
pofitionem  pofle  cum  propprtione  trans- 
fcrri  ad  fohda,  ficuti  in  praeccdenti  mo- 
Buimus  y  &r  hic  monemusde  fubfequenti, 
aliifque  eiufmodi  >  in  quibus  id  inculcare 
practermittem'uSv-brcuitatis^^c;n;sa  ^  quac 
ctiam  facit  vt' f uperfiuum  pytemus  ifiud 
longius  explanarc,  praecl]^uc^fiS«i'fohda- 
Tum  figuram  defcripto  iirplana  charta, 
qiiando  cac  vario  multiphcique  fe^ionum 
du£lu  difiiguendx  funt,  vix  vnquani  fiac 
fine  Lef^oris  magno  &  fxpe  mytih  labore. 
Monere  prxterea  hic  occafipi^^.  data  de« 
beo   pro[iofiotionem  fcxtan^i  libnprioris 
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piunmafquc  ahas  cum  ca  conncxas  po(!c 
non  mukum  ablimib  mctfaodo  applicari 
iplls  folidis  ,  idquc  ita  cflc  in  nonnullis 
manifcftum  homini   non  pcnitus  ignaro 
iftarum  difciplinarum  ,  vt  alia  pobationc 
non  cgeat^  cam  tamcn^  (i  quis  fla^itct ,  cx« 
hibcrc  parati  fumus.   Adcatur  propofitio  •  J 
vigcfima  quarta  libri  quarti  horum  £Ic-  I 
mcntorum.  Cattcrum  qux  in  planis   dc«  i 
monftrantar  ad  foiida  poflc  nonnunquam 
rcfcrri  habcs  cxcmplum  intcr  alia  infigne 
in  Eiemcntis  Euclidis  libri  vndccimi  pro- 
poiitione  vigeiima  nona  qux  pcrlimilis  cft 
trigciimx  quintz  libri  pximi* 

Proposi tio  VIL 

lifdem  ponds,  oftendenduni 
tdyCi  libra  A  B  cx  C  fufpencla- 
tur,  &  Q)atium' aequale  figurac 
b  G c  ex  A  pendeat, ipfum  zqui- 
ponderare  figurx  bdGc  per- 
manend  vc  iacet. 


V  t  a  b ,  b  c ,  ita  iaxu  pracrcriptum 
quartx  huius  Jibri  fiant  bd,  b  \  ,  vt 
habeatur  refta  b|  per  cjdus  ^uoduis  pan<- 
£tutn  du&i  hnea  propoitionalitcr  fecaas 
parallelas.rcaae.bd  interceptas  lincu»  b  c. 


.  A 


c   4/  tf 
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d  G,incidit  ia  hncae  bGportione  intcr  pa- 
ralleias  b  cl,c  G  pofita  (iacpanfku  ?  cadat 
in  d  (^  vt  in  4iac    figara)uuc  extra  ipju  d. 
lam,  ii  iieri  potcit  vt   noa  acqaiponde- 
TCt ,  fit  rpatium  r  xquipondcrans   figurac 
bd.G  c  pofitac  vt  iacct  :  figura  crgo  b  c  Q 
erit  vel  maior  fpaiio  r  ,  vcl  minor  ^  primo 
quidem  llt  maior.  Qaoniam  potcft  fumi 
aiicjuod  fpatmmmin as  cxcefla  quo  figura 
b  c  G  cit   maior ,    quod   fit  pars    figurae 
b  d  G  c  ,    fiuc  quod    mctiatur     figuram 
bd  G  c  2  iftad  cuim  fieri  poflc  feqUiturc- 
uiQcnierex  illo  lcmiiiace  omniism   Geo- 
metraraui  coJnfcufu  probato  vt  diximus 
in   liaitis    opcns^    no^tri    prologomenis , 
ind^naliun^fpdtiorujn  ixcejfus  jho  maius  fu^ 
ferdt  minus ,  Jieripo.tefiyiftlfi  iff$  codceruatus 
quoilihet   profofttum  dtfinitum^ue    fpdtium 
exctint.  Qiiotics  illud  {patium  mctttur  fi- 
guram  bd  G  c  ,  totics  rcfta  Ix  mctiatur 
redam  b  § ,  quae  diuidatur  in  fiias  partcs 
b  x,  X  y ,  y  t ,  tf ,  f  S  *,  atquc  pcr  cxtrcma 
partiui^|^u£lac    intclligantur  lineae  xl, 
ym>tn,{J^,|G,  quac  occurrant  lincae 
o  in  punftis  u  ,  h  ,  p  ,  o ,  &  pcr  ciufmo^ 
di  pun<fta  cduftx  fint  c  q  ,  f^>  g  z  ,   i  f 
p^rallelar  ad  reftam  b  d.  Cum   crgo  iftae 
l^arallelas'  proportionalitcr  fccari  ponatur 
occurfu  lincarum  bc,xl,  y  m,  tn,  fk, 
I  G,  qux  occurrant  linea?  bo  in  pundlis 
u,  h,  Pj  o,  &  pereiufmodi  punftacduftae 
fint  e  q  ,  f\,  g  z^  i  ^,  parallclac  ad  rcftara 
bd.  Ciim  ergoiftac  parallclac  proportio- 
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naliter   fccari    ponantur    occurfu    linca- 
rum    bc,    xl^ym,    tn,fK,*gG, 
&  trapezia  ab  ipfis  tStiXz  c(Ie   propor- 
tionalia  ipGs  parallelis ,  erunt  pcr  primam 
huius  libri  fpatia  b  1 ,  x  m  >  y  n ,  t  k ,  f  G 
xquaiia  ,  &  vnumquodque  fe  habebit  ad 
totam  fpatium  b  d G  c,  vt  re£ta  b  x  ad  b  ^: 
fed  ita  etiam  fe  habet  pars  figurx  b  ^  G  c 
miaor  cxceflu  ad  figuram  b^Gc^  crgo 
vnumquodque  eft  minus  cxcefliji  di£to: 
ergo  cum  per  huius  hbri  fecundam  figurx 
b«ux,uDhq,hEp^»pOQZ,okG^ 
circalinea  b  G  cofiftentcs  fint  fimul  aequa- 
lcs figurx  h\\  erunt  fimul minorcs  exccfTu 
quo  figura  bc  G  ponitur  fuperare  fpatium 
r  zquipohdcrans  figura?  b  d  G  c.    Porro 
apertum  cft  iUas  figuras  confiftentcs  circa. 
lineam   b,  G    fecundum  ahquam  fui  fpa- 
ti j  portioncm  cflc  intra  figuram  b  c  G  iii- 
mirum  fccundum  figura^  triangulares  b  e  u, 
uDh,  h£p,p9o,oJ^G3  &fccundum 
aliam .  fui  portioncm  cflc  extra  figuram 
b  c  G ,  nimirum  fecundum  figuras  trian- 
gularcs  bxu«  uq  h,  h  A.p  ,  pzo»  o^G* 
Cutn  ergofigura  bc  G  ponatur  cflc ma- 
iorfpatior,  &ex  ea  ablarae  fint  beu, 
uDh>  hEp,pfloi  otG,  qua^omncs 
funt  fimul  minores  cxccfru  quo  ipfa  fupc- 
rat  fpatium  r  :  quac  rchnquuntur  figurac 
crunt  pmnes  adhuc  maiorcs  fpatio  r ,  quod 
cft  abfurdum  *,  cum  quae  relinquuntur  fint 
f^>  gb^ipioc,  quac  omnes  funt  per 
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prxccdcntcm  ininorcs  fpatio  h 

Sed  ncqae  ctum  figura  b^c  G  cft  minor 
fpatio  r :  li  eium^fpatium  r  c(l  maius »  po. 
c:rit  dari  fpatium  quod  mctiatur  £guram 
b  d  G  c »  &  quod  fit  mijitts  exccfTu  quo  c 
fdpcrat  figuram  b  c  G.  Vt  pars  illa  mc« 
ticosfiguram  bdGf  ad  figuram  ipfam, 
ita  intclligaturcflc  re£ta  bx  ad  b|  inuen^ 
tam  iuxta^rzfcriptum  quartx  huius^  vt 
paulo  ante  diximus  3  iitque  diuifa  b§  in 
fuas  p^irtcs :  ergo  vti  modo  oftendcbatuf 
circa  Imcam  b  G  coniiftcnt  figurs  quac 
omne^  erunt  minorcs  cxceflii :  ergo  cum 
illarum  aliqua  portio  flt  intra  figuram 
b c  G,  alia porcio  addita  ad figuram  bc  G 
crit  minor  exccflu  (  cum  omnes  fint  mino« 
res  exccflu  )  crgo  fpatium  compofitum  t% 
figura  b  €  G,  &  ex  illa  portione  figurarum 
prasdi^larum  qux  cxtrafiguran  b  c  G  iacet) 
crit  minus  fpatio  r,  quod  cft  abfurdum^ 
Cumfpatium  iliud  compoiitum  conflatum 
fit  exfpatjjs  ey,  fq,  ex,iz,  c^quaeper 
prxcedcntcm  funt  maioFa  fpatio  n  Non 
crg;ocft  minor  ipatior,  neque  maior  vt 
oftcnfum  cft  ^  quarc  relinquitur  eidem  cfle 
sequalcm:  crgo  fpatinmiili  ;iequaleex  A 
pcndcns  ^qujpondcrat  fir^urc  b  d  G  c  vt 
iacct  mancati  libra  A  B  cx  centro  C 
fufpenia  f  quod  eratoftendendum. 
COROLLARIVM  I. 

£x  his  manifcftum  cft  figuram  triangU'* 
larcm     buc    aequipondcrare      trapezio 
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b  e  «  d  :  qupniam  enim  trapezium  b  e  u  x 

^niaius  cft  pcrpr^cedentcmfpatio  ^quipon- 

dcrante  ipQ  b  crd,  poterit  dari^lpatium 

minus  eo,  quo6gura  b  uc    &    ^quipon- 

derans  trapezio  b  e  "v  d  diffcrre  poaentur  Sc 

figuram  b  e  u  sc  metiens  ^  ac   proindc  ,  vc 

e?c  huius  quarta  confici  poteft,  &  paulo 

a»|te  confe£lum  fuit  in  fiimili  cafu ,  circa 

lineam  b  u  confiftent  figura?  qu2t  omnes 

xquales  crunt  praediflx  di(fcrcntix  $  da- 

biturque  locusdemonftrationi  quainhac 

propolitione  vft  fumus. 

COROLLARIVM.  I[. 
Manifcilum  quoque  eft  trapezitmi  c  f 
hu  ^ipquipondcrarc  trapezio  efi^-r,  Nam 
iigura  quadrilatera  u  D  h  qs  qu;r  t{\  por** 
tio  crapczij  f  q>  vcl  minor  ycl  maior, 
dicciur  co  fpnio  ,  quo  figura*  efhw  & 
rpacLuin  sequiponderans  trapczio  efJ^^* 
diifcrre  ponentur:  Si  minor  dicatur  de« 
nioiiilrationi  priori  datur  locus«  Sin  ma* 
ior  cJle  afleratur,  poterit  dari  (patium  prae- 
^i^a  difltrentia  minus ,  &  trapessmm 
uD  kq  metjens,  atqueita  procedet  dc* 
monftratio  cadem.  Simih  prorfus  ratione 
oftendetur  trapeaio  iTgFJ^  acquiponderarc 
trapezium  f  g  p  h :  nam  figura  qua^drilatera 
h  E.p  A  vel  minor  vel '  mai  or  dicetur  &c, 
Atquc  hoc  ipfo  demonftrationis  tenore 
idcm  euincitur  dc  aUis^  nimirum  gif  ^F 
tnpezto  xquiponderare  trape^ium  g  to  p> 
&  i  c  G  ^  tttpezio^  trapezt^m  i  c  G  o. 
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COROLLaRIVM  IIL 

£x  demonftratis  in  ifta  propofitione  & 
ex  coroUano  prarcedentis  mamfcftum  pa- 
riter  elt  fi  linea  d  G  fit  fe£lio  conica ,  fi* 
guram  bcG  ex  A. fufpenfam sequiponde- 
rare  tigurx  b  d  G  c  permanenti  vt  iacet ; 
&  figuram  bd^e  ex  eadem  A  fufpen- 
fam  tigurac  bue  permane.nti  vtiaceti& 
figuram  e^J^f  indidcm  fufpenfam  fi- 
gurae  euhf  &c.  Atquc  hic  etiam  illud 
animaduerfione  dignum  eft  demonftratio* 
nem  eandem  permanere  fi  b  c  fit  etiam  fe- 
£tio  conica ,  dummodo  (  (^cuti  in  praece- 
dentis  propofitionis  coroUario  adnotatum 
eft )  vt  A  C  ad  C4  >  ita  fit  e -t ad  c u ^  & 
vtAC  adC«,ita  fit  fcfad  fh,&  fic 
de  quacunque  aha  parallela  intericAa  li« 
neis  b  c  ,  d  G )  ad  eiufdcm  portioncra  in- 

ter  hneas  bc,  bG  pofitam. 

•  .  ■ 

Propositio  VIIL 

Sit  ab  libra  fufpenra  ex  b,  ex 
cuius  pundis  q,  p  pendeatfigu- 
ra  rud*^!  c  contcnta  perpendi-' 
culis  r  u ,  l'', lineifque  r  1,  U  '^  qux 
vel  fint  redae ,  vel  fediones  co- 
nicas  ripfi  autem  figurae  vt  iacet 
permanentiexapcndulum  aequi- 
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ponderct  rcdilineum  nj  &  ex  f 
pendcns^  redilineum  m. ,  Sint  & 
aliae  quaeuis  duae  lineae  x  h  t,  y  p  z 
ita  po{it«,vt  fi  intcr  q  &  p  quod- 
libet  pundum  i  dcngnctur,  &  per 
illudducatur  re(5ta  id  parallela 
ipfi  ru,  occurrcns  yero  lincis 
r  1,  X  h ,  y  c ,  u  d  in  ptidis  C)h,c,d, 
ficut  ab  ad  bi,ita  fit  cq  ad  cc: 
&  ficut  b  f  ad  b  i ,  ita  fit  c  d  ad 
ch.  Oftendcndumcftvtrcda  ba 
ad  b  f ,  ica  cfTe  rcdam  ch  ad e  c, 
ipfumque  fpatium  rxhtlc  ad 
ryczlc. 

Ouoniam  enim  vt  re£la  f  b  ad  b  i>  ita 
poiiitur  cflc  cdrcfla  ad  chj  &vt  bi 
^rccli  ad  b  a  ita  ponitur  cfle  c  c  ad  c  d  ; 
tri :iin  linearu  f  o ,  b  i ,  b  a  &  trium  c  c, 
c  d  ,  c  h  proportio  crit  pcrturbata  :  crgo 
cx  xquo  vt  fb  adba,  ita  crit  c  c  ad 
c  h  qiod  crat  primo  loco  oHcndcn*- 
dum, 

Rurfus  quoniam  rcl,  vd^  funt  vcl 
fcdioncs  conicx  vcl  rcftilincae;&  quonia 
fumpto  quouis  punfto  i  intcr  q  &  p,  & 
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per  illttd  duaa  id  parallela  itOat  qt% 
ficttt  ab,  h%  9  ita  cd,  ec-,  &  ficHt  Fd, 
b  1 9  ita  c  dy  c  h  y  erit  per  (eptimain  httitts 
redilinettm  n  zquale  figurae  r  y  e  z  1  c ; 
&  reftilincum  m  figurx  r  x  h  1 1  c« 

Prstcerea  refta  fi  0  parallela  ipfi  q  r  tran^ 
ftat  per  grauitatis  centrum  figurae  r  n  x  1 
ergo  per  ea  qux  Archtmedcs  demonftrat 
ad  fextam  quadraturx  paraboles  vt  a  b, 
b-i,  ita  reciproce  eft  figurx  fpatium  r  u  k  1 
ad  fpacium  n;  &  vt  f  b  ,  b  i  ita  eft  figurae 
eiufdem  r  u  ^  1  fpatium  ad  fpatium  in  : 
trium  ergo  re£Urum  fb^bi,  ab^&triu 
fpatiorum  n,  r  u  a  1 ,  m  proportio  eft  per^» 
turbata  :  ergo  €X{qao  vt  jreOa  f  b  ad  a  b^ 
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ita  reciprcce  cft  fpatiam  na<lfli:fcd  {pa« 
tio  n  oftcnfum eft figuraxn  ryczlccilc 
acqualcm }  &  fpatio  m  figaratn  r  x  h  1 1  c : 
irgo  v€  rcAa  f  b  ad  a  o  ica  cft  figura 
ryczlc.ad  rxhtlc^  quod erat  ftcun- 
do  loco  oftcndcndum. 

COROLLARIVM, 

Hinc  manifcftum  cft  fi  figurae  cuiptam 
CK  dttobus  hbrae  pun£lis  fufpcniac  a:qui- 
pondcrct  fpatium  aliquod  cx  vbo  tantum 
cia(Hcm  Hbrx  punAo  pcndens  5&  ahquod 
ahudcx  ahopta  eflcreciproccreAasqux 
intcr  pun^um^  quo  hbra  fufpcnditur& 
intcrpunda  a  quibusdifta  fpatia  pendenr, 
vt  fiint  ipfa  fpacia  pendentia  :  0(lenfum 
cnim  cft  vt  cft  re Aa  b  f  ad  b  a  ;  ita  eflc 
fpatium  n  quod  isx  a  pendet,  ad  fpatium 
m  qurdex  f  pcndet,  Iftudautem  vcrtJtn 
quoquc  efle  apertuin  cft ,  etiamft  figura 
cx  folo  pun£to  fependerct. 

PnaposiTio  IX. 


Sit  rpacium  k  &Iibra  np  fui- 
penfa  priiniiim  ex  o,  cuius  por- 
tio  o  p  fit  ipfi  n  o  xqualis.  Per 
duo  pun^a  inlinea  op  fumpta 
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ad^  {itit  duae  parallelo:  intra  quas 
coaptata  Cix  iuxta  prxrcriptum 
propo(uuonisquintx  huios  libri 
figura  redis,vel  fedionibus  coni- 
cis  vcl  vtrifque  mixtim  compre- 
henfa)  ifti  vero  figurae  ita  pofitz 
&  ex  parallelis  pendenti  {patium 
i  ex  n  per  lineam  dire(^ionis  na 
pendens  ita  aequiponderct ,  vt  ip- 
fum  i  vna  cum  k  Hnt  (imul  sequa- 
lia  fpatio  figurae  intra  parallelas 
collocata; ,  &  ab  eis  pendenti. 
AbfcifTa  p  r  ipH  o  p  aequali ,  & 
acSa  per  r  ipfi  pc  parallda  rl, 
perquampedeatfpatiumm  aequi- 
ponderans  (  libraex  p  fccundo 
fufpenfa,  poftquam  folutafuerit 
prior Tufpenfio  ex  o)figuraein 
eodem  fitu  permanenti.  His  ita 
podtis  ofteniettdum  efl  fpatium 
k  cfTe  xqualcfpatiom.  : 

Duo  in  linea  o  p .  punfta  ruinpta  hnt 
f  &  y  ((luecongruahc  ipfis  o  &  p  Cngu- 
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la  fingulis  ,  fiuc  vnum  vni  congruat  ahc- 
rum  non  congruat ,  fiuc  deniquc  neutrutn 
congruat  )  &  pcr  illa  aiftae  fint  rcftx  f  t, 
y  z  perpcndiculares  ad  libram  n  p,  intcr 
quascoaptata  pcndcat  figtira  truhor  x 
cuius  linca  u  h^  fitfcftio  cbnica  ,  t  z  fit 
rcfta  vcl  fcftiocoriica.Sumaturquodlibct 
pun£lum  q  in  linca  sy,atquc'Vt  no  ad 
fq  ,  ita  pci*  qduOi2L  qb  linca  direftionis^ 
fiat  g  h  intcirccpta  lincis  u  h  t  ,  t  z,  ad 
gf ,  notcturque  punftum  f  >  atquc  idcm 
intelligatur  ra^ium  dc  omni  alio  punflo 
in  linca  f  y  cxiftcntc :  notata'  vcro  pun£ta 
defcribant  continuam  lincam  x  f  1  qux 
^HddrntrixyQCcimi 


I" 
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Quoniam  crgo  libra  cx  o  fufpcnfa  fpar 
tium  i  zquip6iMlcratfigur{  tuh^zpcf* 
mancnti  vt  iacct;  &  vt  n  o  ad  o  s,  ita  cft 
t  u  ad  t  X  •,  &  vt  n  o  ad  o  q  iu  fimilitcr  cft 
gh  ad  gf|  &  fic  inalijs  quibufttis  pa^* 
rallclis  proportionc  cucnttt  cum  iisca  u  h  9 
fit  fcAio  con^ca,  linca  vcro  tz  vcl  fe« 
OixQ  conica  vcl  rcAa;  crit  pcr  przcciicn* 
tcm  fpatium  figurar  txf^z  xqualc  (ba« 
tio  i:crgo  Q>atium  txfxz  vna  cum 
Q)atio  K  cft  zqualc.fpatio  figurz  t  u  h  ^  z, 
fcd  fpatiura  txf^z  vna  cum  fpatio 
xuh^x  cft  xqualc fpatio figura;  tun^z 
crgo  (pauum  k  cft  acqualc  fpatio  x  u  h  9-  a. 

Quoniam  vcro  n  o ,  o  p  funt  xqualcs 
cx  conftru^lionc :  crgo  vt  o,  p,  o  q,  ita 
g  h,  gf>  &pcr  coucrfiontm  rationis  vtop» 
icu  r  p  ipu  cx  conftru^tionjc  xquaUs ,  ad 

SiP>  i^^  gh  ^^  fh-.  cadcm  rationc  idip« 
fum  oftcndctur  dc  aliis  omnibus  parallc- 
lis  intcr  parallclas  f  r,  7^6  du^Us. .  Si  igi« 
tur  hbra  fufpcndatur  cx  p  ccflctquc  fuf- 
pcndi  cx  o  ;  quoniam  vt  r  p>  p  y » ita  func 
z  ^%*9K  >  &  idcm  in  aliis  paraltcHs  intcr 
ft,  yz  du£tis  ciicmt;cum  fpa^ium  m 
ponatur  arquipondcrarc  figurx  tuhvz 
vt  1.4 cct  pcrmancnti  ,  crit  pcr^irfccdcn- 
tcqi  fpatium  m  asqualc  fpatio  x  u  h  v-a, 
hoc  cft  fpatio  k,  quod  ipfi  xuh  ^^)  a^« 
qualc  cftc  oftenfum  modo  fuit«  £rgo  &c« 
qqod  crat  oftcndcndum. 

Ailiimpfimus  fpatium  t  x  f  A  z  vna  cum 

fpatio 
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fpatio  X  u  h  TA.  cflc  arqualc  fpatio  figurap 

tuh^z,  quodita  oflcnditur,  Cunii»fuin- 

pio  in  linca  f  y  quoiiis  punfto  f i  vi  n  o  ad 

0  f ,ita  fit  tu  ad  tx:  fitquc  n o  ipfi o  p  ae- 

qualis  ex  conftrti£]kionc  ,  pun^un\qqc  f 

ponatur  cflc  in  linca  ops  ficuti  Unca  no 

tioQcIljminorlinca  of,  ita  Unea  tJU  non 

(^ft  minor  linca  tx:  creo  linca  xfl  tota 

crit  intra  figuram  t  u  ^  z  :  crgo  fpatiurix 

ti|*z  adaequaturduobus  txf^z^xuh^^A. 

£x  qao  manifcftum  :cft  adiun^a  demon** 

llcatiQnequArtae  propofiiionis  ^  fi  pun£tum 

'  f  congruat  pu^Ao^^o  ^  punttum  quoquc  x 

congrucre  pundld  b  V  iSt  fi  punftuipa  y  con- 

jjgrnt  pun£lo  5r,  p^nAmn  quo^iie  k  cori^ 

.gri^CL.punfto  Cjtfijfi  ft^io  uh^  con- 

.  dir&t  in  b  &  d  ciihi  Ijiica  b  c  5  punftum- 

^^4^fc  cdrigmat  trmiaod^  puftfta  ctiam 

-^i^epngirucjc^^idctt^  pun^o  cT., 

-ii.i  (}   ::   ;    Hf  -   v^  .    .'.  ; 

per,duas  Jlibratioi\es  z^utpbndctant  figui. 

*ab>t-uii*  2  cfle  {iHjUr^qual^a  ipfi "figur*; 

^  F«W<Je  iXpq^<um,M^qd  j^qi$Jpondcr5»t 

lAltam  fpatio* »    quddi  afquipbhdctot  fof- 
-ptiSkmi  «xirj  &ci*itifl}(if^fpati6lif4Uo4 

«pfam  fieuram  iiiiminutam   fpatib  qabi 

M 
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P  ROPOS  I  TIO^  X. 


I  ( 


Sitlibraop  fufpeDra  ex  p>  & 
ab  ea  pendcat  figura  cuh^z  ia^ 
tcr  parallclas  fu ,  y  *  conftituta, 
ita  vt  intcc  pufida  f  &  p  iac cac 
pun^um  y  ^  8c  linca  ubp  ilt  {c- 
dio  conica,  tz  reda.  Vltra  p  in 

rcda  py  rumaturquodiibct  pi^V" 
(flum?  (  (iue  iprum  p  con^mac 
pundo  y  ,  fiuc  lac^at  intcr;}^'j& 

p  )&vt  pr  brachium  quoacir^- 
que  Itbrat  ad  pf^  ita  fit  .figuni 
tuh^zad  ic  fpatium*  ^patium 
ni  pcndcns  cx  r  libra  ex  p  iiif- 
pensl  xquipphdcrct  figurx)$ii&t- 

que  ^n,.pr  jqualcs.  OflciMjciie 

dum  cft  ^acium  quod  tibrai  €x\ 
^  {li(pen{a,  priorc   fu{|^6tindii^ 
ceflante ,  pendens  ex  n  ,  squi- 
pondcrat  figurae  ""permancnti . 
%ccc,ciVe  xqua|i?-,^aao  mx^oa 


.  UUmntormLibfr  II,  vj9 
libti  ex  p  fufpenii,  ceC^nte 
fo^nnone  ex.?)  xquiponderac 
ez  r  pendens  eidtm  fiQwx  i  Tpa- 
tio  inquam ,  m  non  integro » red 
Imminuto  e^  figur4  qus  ad  totam 
t uh^  z  (e  habeat  vt  fe  habet  re^ 
&z  9f  ad  p  r  $  eiufmodi  aucem 

eft  ^atium  k*        j 

OfteacleDdani  igitut  eft  tx  fpatio  tt 
pofle  demi  fpatium  k  ,  &  refiduuih  ex  n 
pendenS)  libra  cx  p  fnfpenfa»  xquiponde«    « 
rarc  %iiir^  vt  iarct  permancnti»  Sit  fpa- 


HJi 
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tmm  i  quod  pcndcDs cx n » Iibra ch^ fu& 
ptnfa  ,  xquipondcrci  figutae  tuh'»^2rs& 
intcili  gatur  dcfcn{>ta  linca  a  b  c  iia  Vt 
qubcunqiie  pun€l6  g  {utnptd  iii  htitx  ^ii 
&  pcr  iUttdduAa  gh  acquidiftautc^  ipfi 
y  z  1>  occuirrcntc  curuae  «-h'u  m  b',&  lincac 
abe  ,inb;  &  rt£t^  fy  )  in  q '•  ficqtTp 
ad  pq^ita  (itgh  ad  gl!):  fpatium  crgo 
t  c  b  a  2.  cric  atqualc  fpatio  m  pcr'  feptimdin 
huius. 

Rurfus  intclligatur  dcfcripta  linca  d  f c^ 
ita  Vt  fumpto  in  rc£la  z*t  quouis  pun£to 
g,  &  diiAa  pcrillud  gf  xquidiftaotc  ipfi 
yz»  occurtente  rc£tab  y f  in  q ,  &  lincat 
d  fc  in  fj  vt  rp  ad  p^,  ita  fit  gh  adgfl 
Quoniam  vtpq  adpj:, »««  gl^ad  gh^JiSc 
vc  pr  ad  p^>ita  g  h  adgf  ^crgocx  xquo 
vt  p  q  ad  p^5'  ita  gb  ad  gfj  crgo  pcr 
conucrfioncm  rationis  vt  p  q  ad  ^q^  ita 
gbadfb.  Quoniam  ctgo  vt  p  r  ad  pq, 
ita  eh  ad  g b  -,  (&  vt  p  q  ad  q ^ ,  ita  g b 
ad  f  b :  cr^o CK aequo  vt  p r,,  feu  ^n^  ad 
9  q  y  ita  eft  g^h  ad  f  b:  ergo  per  ofbuam 
huius  figuira'd  f  c cb.a  contcnta  lineis d  €c> 
a  bc  curds.,  &  rcftis  c  c  9  d  a  pendens  cx 
n  9  libra  pi  9  fufpenfa ,  aequipondcrat  fi- 
gurx  tuli^z  vt  iacet  permanenti ;  ergb 
cft  2cquali$  fpatio  u 

Rurfus  quoniam  linea  d  f  c  in   figura 
tu4i7z    onmes  a?quidiftamcs  latep  d 
diuidit  proportionaliter ,  ita  vt  quemad 
modum  fe  habctrefta  rp  ad  pf,  itafi 
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quxlibet  xguidiftans  intcrcepta  curuis 
dfc  ^hu  ad  fui  par(ioncm  interceptam 
cunia  d  fc  &  red^a  t  z ;  ergo  ^t.  rcfta  r  p 
9d  p  9 1  ita  efl:  figura  t  u  h  «  z  ad  figuram 
t  j: fd  z ,  ied  Yt  rcfta  rpad  pf  » itaexcon- 
ftru^tioncponuurcflic  cade  figura  tuh^;^ 
ad  ipatium  j^ :  crgo  figura  t  c  f d  z  cfl:  ap« 
qoalis  fpatio  k. 

Rurfus  quoniam  ,  vt  fupra  oficndimus, 
ficut  pq  ad  p  ^,  ita  cfl;  g  b  ad  g  f  ^  cum 
p  q  noQ  (it  minor  quam  p  ^  (  ponimus 
cnim  ^.  tacere  inter  y  &p ,  vel  congrucre 
pun£lo  y  >  &  punftum  q  vel  cflc  intcr  pun^ 
£hf&y,  vclaltcri  illorum  congrucre) 
frit  gbvclmaiorjvcl  non  minor  quam 
gf>  crgo  linca  d  f  c  tota  cajdit inter  reftam 
tz  &  curuam  ahe  ;  &  fummum  pun£lii  d 
&  a  fibi  congruunt ,  fi  nimirum  pun£la  (p" 
&  y  fibi  congruam  j  ergo  tota  figura  t  c  b  a  z 
diuiditur  in  duo  fpatia  t  c  f  d  z  ,  c  c  b  a  d  f , 
quorum  illud  probamm  cft  cfle  xquale 
fpatip  k  9  iftud  fpatio  i  i  totam  autcm  fi« 
goram  oftcndimus  cflc  aequalcm  fpatio  m: 
crgo  fpatium  m  cft  arqiifilc  duobus;  fimul 
fpatijs  k  &  i :  ergo  cx  fpatio  m  demi  po« 
tcft  fpatium  k  ,  &  eo  dcmpto  rQlinquitur 
fpatium  i ,  quod  ex  n  p^ndcns^,  libra  cx 
9  tantum  fiifpcnfa ,  arquipondcrat  figuras 
tuhxz  vt  iacct  permancnti  %  quod  ^rat 
dcmonftrandum. 
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COROLLARlVM. 

Quod  fi  rcliquis  lifd^rn  mancntibas  libra 
intdligatur  fufpcndi  ex  ^»  &  cx  n  cxtrcnio 
brachi}  tius  cuiufcunquc  ^  n  pcndere  fpa- 
tium  i  aquipondcrans  figura?  tah^zj 
&  vltra  ^  vcrfus  n ,  fuirti  quoduis  ptiiVi 
ftum  p  :  ipfiquc  ^n  ficri  xqualcni  p  r  } 
Ex  dcmonftrationc  buius  propofitionis 
apcrtuffl  cft,  hbra  cx  p  tantutn  fufpcnfa  ^ 
fpatium  m  pcfldcns  tict  &.  xquipondc- 
rans  figtirac  ttih-jrz  eflc  acqualc  fpatioi» 
&  mfupcr  ^atio  \  quod  fe  habeat  ad  fpa- 
tium  t  u  h  T  z  yt  rclla"^  p  ad  rcAapi  f  n« 

PROPOSITIO    XL 

Sitlibra  ax  furpenra  ex  a  i^ 
ftincnsl  iigufam  fgih  pcnden- 
tcni  cx  {jundis  f ,  k  per  lincas  di- 
rc^ionis  ,fg,ki5  figurac  vcro 
pendens  e%  e  (patiuna  3  aequipon- 
dcrct.  IncodcttifiguraBplanofit 
aUa  libra  at  iiiutata  poficione 
rurpenfa  cx  codem  pun^o  a »  ^ 
fuftincns  candem  figuram  fgih 
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pendente  ex  pundis  u ,  1  per  per- 
pendicula  ug,  Ifj  figurse  vero 
pendens  ex  b  sBquiponderet  fpa- 
tium  c ,  librarumque  brachia  ae, 
a  b  {int  aequali^.  Vt  a  1  latus  trian- 
guli  alf  ad  latus  af,  ita  flt  fpa- 
tium  c  adfpatimnn'  ex  redlaau- 
tem  a  x  abfciffa  (it qua^uis  a  n  >  & 
vt  ^tium  r  ad  (patium  d  9  ita  Ht 
reda  a  n  ad  a  o.  Per  n  &  o  dudx 
fmt  reds  m  n ,  o  x  perpendicula- 
res  ad  libras  a  1 ,  a  k ,  concurren- 
tcs  ip  x ,  &  per  concurfum  x  pun- 
dunique  fuipennonis  a  duda  (it 
redaax.  Oftendendum  eftcen- 
trum  grauitatis  figurz  fgih  e0e 
mredaax. 

Sitcnim,  (i  Eeri  potei},  in  pun^to  3 
cxtra  liiicam  ax  pofito ,  Sc  pcr  z  agantur 
zf,  z  y  pcrpcodicularcs  a*d  libras  a  K  ,  a  1; 
quarum  y  z  occurrat  librae  a  1  in  y  5  librac 
a  k  in  ^  &  lincae  a  x  in  jp^ ,  linca  vcro  f  z 
occurrat  lihrac  a  t  ipf ,  &  liqtx  a^  in  ^. 
Quoniam  libra  a  1  f^fpcn^a  cx  a^  rcSa 
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.^-i'.' 


iC 


y  z  trahfit  pcr  ccntmm  grauitatis  z,  &fpa- 
tium  c  pcodcns  tx  b  aerquipondci-at  figtfra^ 
f g i h  vt iac«t pcrmanctiti  •> vtfigurafgih 
ad  fpatitim  c  ,  ita  cric  rcfta  b  a  ad  a  y ,  vc 
in  oftaua  huius  diximus,  SimUitcr  quo^ 
tiiamhbraak  fufptnfacka,  fpatiumd 
xquipondcrat  figursc  f  gih.vt  iacct  pcr* 
mancnti ,  &  rcfta  f  z  tranftt  pcr  ccntrum 
grauitatisz>  vt  figura   fgih  ad  fpatium 
d,  ita  crit  rc^a  ca  fcu  bi  ipfi  xqualis  ad 
rcftara  a  f ,  &  cooucrtcndo  vt  rcfta  a  f  ad 
b  a  5  ita  fpatiuni  d  ad  figuram  f g  i  h#  Quo- 
niam  igitur  oftcnfum  cft  vt  fpatium  d  ad 
fpatium  f  g  i  h  ,  ita  cflc  reflam  a  f  ad  ba^ 
&  vt  fp^tium  fg  i  h  ad  fpatiam  c  ,  ita  cffc 
rcftam  b  a  ad  a  y :  &  vt  fpatium  c  ad  fpa- 
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tium  r  )  ita  efle  reAam  a  y  ad  a  'T  (  fatit 
cnini  triangula  a  l  f ,  ya-ar  (imiiia)  &  vit \ 
a  1  ad  a  f ,  (iue  vc  fpatium  c  ad  r ,  ita  a  y 
reda  ad  a  7  )  erga  ex  atqno  yt  fpatium  d 
ad  fpatium  c  ^  ita  cft  re6ka  a  f  ad ay :  Item 
ex  aequo  vt  fpatiii  d  ad  fpatiu  r^ita  erit  re^la 
a  f ad  a ^ ;  fed  ita  etiaeft  xtdoi  ao  ad  a  n,  erv 
go  vt  re^a  <i  f  ad  a  ^9 >  ita  re(la  a  o  ad  a ni  , 
&  alternando  y t  refta  a  f  ad  a  o  ,  ita  ttO^^ 
a  T  ad  a  n  ,  &  diuidendo  Yt  re£^a  a  o   ad 
of,  ita  an  ad  n^# 

Quoniam  igitur  in  triangulo  a  «r  /x  lateri 
cr/x  parallelaeft  11  x>  vt  an^  n^  >  ita  crut  ^^  f^^^i 
aX)  x/x>  &  quoniam in triangulo  af  x  la-  £uc. 
teri  fx  parallela eft o X ,  vt  ao  ad  af,  ita 
<rit  rcAa ax  ad  kk  i  ergo  cum  ratio  re« 
ftarum  a  o » o  f ,  fit  eadem  quae  reSarum 
a  n ,  n  «r ,  eadem  quoque  erit  ratio  reAa^      ; 
nx  ad  KK  ,  &eiufdem red^  nx  ad  Xf<  > er^' 
go  X  A. ,  X  fc  funt  (quales  ,  pars  &  totum 
quod  eft  abfurdum.  Non  ergo  centrum 
grauitatis  figur;  fgih  eft  cxtra  lineam 
a  X  y  quod  erat  oilendendtim*  .^  ' 

COROLLARIVM    L 

■m 

'  Sit  libra  a  j^  fufpenfa  ex  a  funinens  fi^ 
guram  fgih  pendentem  cx  punflis  f,  J^ 
pcr pcrpendicttla f g ,  J^i,  cui  pendensex 
c  fpatium  d  (quiponderet  ^  centrum  vero 
grauitatis  ciufdem  figur^  fit  in  refta  a  x 
perpunftumfufpcnfiopis  duCka.  Sit  mu« 
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tata  pofkione  alia  hbra  ^l  fafpenfa  ^x 
epdcm  punfto  a  ^  fuftinenfqt^e  candem  fi« 
garamrgih  pcndcntem  ex  punftis  u»  1 
pcr  perpcndicalares  ug,  If,  cui  pcndcns 
cx  bfpatium  c  ^quipondcrct  i  tint  autcm 
brachia  ae,  ab  fquaUa.  Oftendi  potcft 
cx  di£lis  fpatium  d  ad  fpacium  c  cfTc  vc 
finum  complcmcnti  anguh  x  a  x»  ad  iinum 
complcmcnti  anguU  1  aXp  Ponatur  cnim 
pun£lum  f*  in  rcfta  ax  cflc  ccntrum  gra- 
uitatis  ,  &  cx  fc  dcmiflx  (int  ad  hbras  a  k» 
a  1  pcrpcndicularcs  fc,| ,  fi  y.  Quoniam 
oQcnfum  cft  cx  c6  quoi  cx  ccntro  z  dc^ 
miflx  fliic  ad  libras  recl^  zs^  ^y  pcr- 
pcndiculares  3  vt  fpatium  d  ad  c  ,  ita  efle 
rcA^m  a  f  ad  a  y  ,  dcmifl^  vcro  ponuntur 
cx  ccntro  iCA  pcrpcndicularcs  f^|,A*y^vt 
igitur  (patiunl  d  ad  c  ^  ita  trit  rcAa  a  |  ad 
ay,  Scdpofito  linu  toto  a^c,  flnus  coni- 
pkmeti  anguli  |  a  m  cft  rcfta  a  ^  j  &  finus 
complcmcnti  anguh  y  a  /x  cft  a  y  j  crgo  vt  d 
fpattum  nd  c  ,  ita  cft  fuius  complcmcnti 
angulii^ax  (cu  |a/x,  ad  flnum  complc-i 
nicnti  anguli  lax  vfcu  yaf<,  quod  crat 
cftencrcndufai. 

COROLLARIVM  IL 

Ex  priori  corollario  fequitur  portioncs  * 
Ixbif  vtriufque  intcrccptas  intcr  punftum 
fufpcniionis  &  intcr  perpcndicularcs   cx 
ccntro^auitatis  dcnliflas  cflc  in^qualcs  , 
habcnt  ^nim  intcr  fc  rationem j  quam  ftnus 
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complementi  anguLorum  k^^  Isiac  in;« 
^ualium,;ac  proinde  habentiuin  (inas  cpm« 
plcmenti  in^cjuales  ,  punfla  ergo  n  &  o 
in  priori  figura  noq  pofluntfiBi  congruere; 
Yn4e  re£t(^  ppiriitmusjreAas  n  m ,  o  x  con- 
uenire  c^tra  Uneap;  n  o  ^cl  parces  figur^ 

pROPOSlTlb   XII. 

Sint  libr«  nq  partes  aEquales 
Qo>op,p(|$  dej^riptf  inruper 
fmt  linex  bty  I  ^,  ^ x , /« u  quaru 
jitncreda,  &  SA,mu  finit  redae 
vcl  (e^ones  conicae ,  it;i  vero.Hnt 
diipontae  vt  ^  9  iaceat  inter  b  t,  t*  u, 
^  {iimpto  in  reda  b  t  produAa 
quocunque  pun(%o  e  >  &  per  e 
dud4  eyperpendiculariad  librS^ 
n  o ,  occurrente  pr^  didis  lineis  in 
ni,h,g,{icut  no  ad  oy,  (luc 
(duftispero,  p  perpendiculari- 
bus  o  b  ^  p  c  )  (icut  a.b  ad  b  e  ita 
(it g  m ad m  h , (intque g  01 ,  mh 
ad  eafdcm  partes  line*  ^  K  Often- 
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dendunli  eft  rpatiam  quod  ez  q 
pendcns  tibra  ex  p  fulpenf^  £qui'« 
poderatfiguraE  exduobus  pun^s, 
re^  p  o  fuCpenfas ,  interque  duiis 
perpendiculares  ex  illis  puadis 
excitacas  contenta?>  &  inter  por-« 
tiones  linearum  b  t ,  C  ^>  effe  xqua- 
le  (patio  quo  figura  qux  ex  i  jCdem 
putidis  fufpenfa  &  comprehenfa 
ijfdcm  paiiaUelis ,  &  portionibus 
liiieahiAii  b  t,  ^  x  fuperat  Ipatium 
quod,libr^  ex  o  tantum  ru^hs^» 
pendens^ex  nxquiponderatfiguo 
rae  comprehefae  ijrdemparallelis, 
6c  pbrtionibus  linearum  b  t ,  ^  u« 
Ouetidendum  pr^terea  eft  fpa- 
tium  quod  ex  o  pendens ,  libra  ex 
p'(ii(pc'nsa ,  aequipondcrat  figurae 
^k  duobus  pimtais  red»  p  q  pro- 
dudtse,  interque  duas  perpendicu^ 
lares  ex  illis  pun^is  excitacas  con- 
tentae ,  &  inter  portiones  linearu 
b  t,  ^  8,  effe  aequale  {patio  quo  fi" 
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guramintercafdem  paialklas  fiE 
lineas  ht^-rt  comptehei^aro ru<- 
perat  ipadam;  quod  librl  ex  o 
fantiiim  fufpenra  pendeiti$ikx  n  X" 
quipondcm  %U5«  co,^ew,  if 

dem  paralldis  ;&  line^|>t^  ^  u. 

Punfla  in  reAa  b  p  fuinpta  ;(iBt:^  >  i6 ,  & 
per  illa  du£l(^(intperpeiidtcu}ares  IPM^  ^  k^ 
occurrentes  hneis  bt^^S^Wfii^fiuin  pun* 
fti»  4,l>  «^* fj  ^>  1d«>  k.punftalauteni  fum« 
pta  in  p  q  produAa  fint  d,  p,  &  perpendi- 
culares  per  illa  aAae  occurrant  ijrdeni  lineis 
in  ^^  z,  I ,  f ,  t ,  I  ,  X  j  «.  Dico  ipatium 
quod  ex  q  pendenS  ,  liDra  ex  p  fufpenra  > 
acquiponderat  figursc^  i  iSeffe  a^quale  fpa- 
tio  quo  figura  4^  »^  fuperat  fnatiumquod 
cx  n  pendens,  libra  ex  o  tamum  fufpcnfa, 
aequiponderat  figurx  4ix(k:s  vt  iacct  pcc- 
m^nenti ,  &  fpatium  qupd  ck^  o  pcndens , 
Jibta  cx  ^  itimv^ ^fyiuXz^i^ip6ndtm 
fipxrit  K'zi t Hrf %cc¥yit^tinen«\'  ifii^- 
^quale  fpatibi^e  fi^J<%  ^i  xt^fiipcratiir  i 
«fpatfo  quod *i  tt p^hlens , librk  eio  t^ 

tum  fufperifi>,^*qiiiponderat  figiirirrtrt 
^Vt  ik^t^ptfrtiiiAenti.  .  .;. 

InteJri^^atufdiiaalinca  AB»^t:ita^  vt 
fumptoiquocunque  piinab  4  itf  Imca  4S, 
vcl  cinliheiict,  &dufti4  ad  liiram  peW 
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4  9*  #•£  dctrahatur  fpatiuin  quod  pcndeh^ 
cx  n  libra<x  o  tantumfufpcnlaarquipon- 
idcrat  figura^  4^  fckS  vt  iacct  niancnti» 
reftabit  fpatiui^  <]uod  libra  ex  p  tantunl 
fulpcofa^  pendcnsex  qarquipondcrat  & 
gurx  4$l^^t  iacet  )>crnratienti ,  quod 
'Crat  primo  loco  dcmonjSranduni. 

:  Rurfils  fieitti  prius  oftenrutDf  fuit  totam 

figuram    'Acr;^B     l^quipondcrare     toti 

4/E^  k  S  i  libra  cx  o  fufpcnia)  &  ipfa  £gura 

A  «r  #  B  cx  n  pendeme  ^  ttadcmonftrabi* 

.  tur  to^am  figuram  J^ ix  q  pendcntcm  ck 

-n,  libra  ex  o  tantumfttfpcnfa^^quipod-i 

^dcrare  figur;  x!fttt  n  iacet  permanentl : 

ergo  fi  ex  figura  J^  i  x  q )  hoc  eft  ex  fpatib 

i^uod  ptfdifto  modo  fquipohdcrat  figu-^ 

tx  A  Cut ,  fubducatur  i]^rax.ix  t  refta- 

bit  figura  ^  ^  q  t ;  nam  lincam  /'q  efltfa- 

pra  lincam  ct,  ex    eadcm^propofitioi^ 

iionat  dciiionftratione  apci^m  cft«^ 

-  Q^oniieim  ergo  vt  nt>  lei»'  o  p  ad^  ^, 
ita  cft  jCh  ad  z  «T;  crit  diuidendo  vt  o  p 
fcu'  ti-o  ad  p'd',  ita  z^ad  X./>  &  idcm 
quociimqiie  alio  pu£to  inter  d  &  q  fumpto 
aiElaque  pcr^  filud  pcrpendiculari  dcmost- 
firatur ;  fieura  ^  «l^q  t  erit  per  fcptimaih 
httius  sequalis  fpatio  quod  pcndcns  ex  c^, 
libra  ex  p  fafpenfa ,  arquipondcrat  figurxi 
'^  z9t  vt  iacct  pcrmanenti.  Brgo  fi  ck 
fpatio  quod  ex  n  pendcns  libra  cx  b  ta- 
tum  (tt(pen(a ;  aequiponderat figurx  ^fut 
dematiir  fpatium  ^ixt  tcftabit    fpatiiifn 

'    quod 


•T 
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quod  pendeiu  cx  o  libra  ex  p  tantuoi 
lurpenra  abquljponderat  figurx  ^  z  9  t^quod 
crat  fecuudo  leco  probandum. 

COROLtA  RIVM    J. 

Quod  (i  linea  §  S  non  i<kceat  inter  lineas 
b  t)  f(  u  ,  fed  ipfa  b  t  iaceat  inter  lineas 
^u.,  ^Oy  8t  linex  g  m  ^  m  h  fint  ad  pp« 
pofitas  partes  linex  1 0>  oftendi  poteft  fi  ex 


D 


r\ 


! 


• 
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fpatio  X  i  xt  deducatur  ipatijum  ^jGod  tx 
II  pcndeiis  ftrquipondcratfigutx  Aiu  t  vt 
lacct  nsaneBti^ltbfa  cx  b  (uipcnfa;  rcfiduu, 
fadis  od  y  qD  :equalibu5,pcndcnscx  D, 
libra  €x  ti  tamum  fufpcnia  acquipondc* 
dcrarc figurx  KzOt  vt iacct mancnti quo- 
m^doM!|yqfic  punfta  d  &  q  fu^mpta  tiic- 
nnt  in  ic^taoq  m  infinitum  ptodufla  ad 
partes  q. 

Q^oniam  tnkn  figurae  zixfl  (pitiumA 
2equaic,pcndens  cx  n  ^  libra  cx  o  fufpcn- 
fa  I  arquiponderat  figurae  f z  S  u  vt  lacct 
mat)cnti  pcr  fepumam  huius  (  vt  cnim  n  o 
ad  oy  ,  fumpto  quouis  pun^o  y  in  rc£la 
n  o  )  ita  g  m  ad  mh)  &  figurx  fz  9  u 
spqualcs  ibnt  dua^  fxtu,  z  KtO ;  idcm 
fpatium  xqualc  figurac  z  i  x  fl  zquipon- 
derabit  pcndcns  ex  n ,  hbraquc  cx  o 
iufpenfa  duabus  figuris  fA.  t  u^  z  ^c  S  :  er* 
go  cum  figura  x  i  x  t  conilct  duabus  a  z  0 1, 
z  i  X  t ;  conftabit  ipfa  figura  ^.  z  &t,  &  fpa* 
tio  aequipondcramc  figuris  fAtu,  zxtil^ 
modb  praediAo :  crgo  fi  cx  fpatio  figurat 
MXt  dcducatur  asquipondcrans  figurx 
f  A.  t  u  ,  rcfhbit  fpatium  quod  crit  acquale 
duobus  fimul  nimirum  figurx  xzj9 1,  & 
fpatio  aequiponderanti  di£io  moda  ,  eidcm 
figurx  xzflt^ 

Cum  isitur  iftud  refiduum  xquale  fit 
duobus  fpatiis  quorum  vnum  aequac  fi^u- 
ram  xz  9t,  altcram  pendens  ex  o  libra 
ex  o  fiifpen(a  y  arquiponderat  ipfi  figurx 
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xz8t  yt  iacct permancnujerit  pcrcorol- 
larium  propofitionisdecini^e  huius  ipfum 
refidttum  xquale  fpatio  quod  libra  ex  n 
tantum  rufpenni^pidtns  ex  P  arquipondc- 
rat  figura?  a  z  6 1  vt  iacqt  manenti;,  quod 
crat  oficndendum. 

COROLLARIVM    IL 

£x,his  apert^  conftat  hbra  rufpennt  cx 
p    in   figura  prima  j^^qusejpfipropofitio- 

•  ni  rcfpondet»  affignari  pofle  fpatium  quod 
figur?  4  512  vel  >v  z  6  t  zquipondcrct 
fufpenfum  cx  extrcmo  brachiji  ipfi  figu- 
ne^oppofiti,  &  acqualis  rcAx  n  o^fi  datum 
faerit  re£lilineam  atqqale  figura?  4*^»^$ 
Vel  Xi  X  t ;  &  rcftiHneum  quod,  libra  cx 
o  fufp€n(a ,  pendens  ex  n  ae:quipondcrat 
figuri  4f^k^  vcl  Xfat  vt  iacent  pcr- 
manentibus.Oftenfu  eft  cnim  excefsu  quo 
difFcrunt  d^ta  re£iilinea«  e0c  aequalem  eiuf* 
modi  (patio  a^quipGderanti:  Codat  quoque 
in  figara  fcctmda  qoat  ad  corollariu  pri- 
mumeft  appofita  auignari  poflcshbra  ex 
n  fufpcnfa  j  fpatium  quod  figura^  Xz9t 
^quiponderet  fufpcQfum  c^  extrcmo  bra- 
chi)  ipfi  figurae  oppofiti ,  &  aequalis  rcftx 
noj  h  datuin  fq^rit  rcftiUncum  arqualc 

;  figurac  ^  i  X  t,  &  rcftilincumquod ,    libra 
*ex  o  fufpenfa ,  pcadcps  ex  n  aequippn-j  ^ 
dciat  figuras  ^f  u  C  vtiacct  maocntl  Oi^^^f* 
fum  cjft  cnini  cxccflum  quo  diflcrsnt  da- 


fr' 
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ta  fcdilihea  cllc  ^yualcm  ciufmodi  fpatio 
ccjuipondcranii. 

P  ROPOSIT  I  O    XIII. 

Segmentum  hyperl>olae  habet 
centrum  'grauitaiis  in  diametro 
•  bifariam  fccante  redam  quac  ar- 
cum  fegmenti  {ubtenditj  fegmcn- 
tum  quoque  circuli  vel  cllipfis 
quod  maius  non  fit  fcmicirculo 
vel  femiellipfi  centrum  grauitatis 
habct  in  eadem  dtamctro. 

lllud  dc  parabola  ofleiidxt  Archimcdcs 
propeiJtioi;jc  quarta  libri  fecundidc  sequir 
poiiiieraxiiibusj  pariquc  prorfus  modo  cxr 
icj?di  poteft  ad  alias  fcftioncs  conicas,  vt 
benc  aducrtit  Commandinus  libro  dcccn- 
tro  <!;rauitatis  folidorura.Vt  tamcndeeiuf^ 
modi  cxtcnfionc  nuUus  dubitarc  valeat^ 
oilendcndum  cft  aHis  fcftionibus  commu« 
ncm  cffcillam  proprictatem,  qustm  dc  pa- 
rabola  Archimcdcs  dcmonftraait^  &  cx 
qua  dcmonftratio  centri  grauitatis  ineiuf-* 
modi  fcgmcnto  pcndct ,  5  ea  autcm  pro- 
pricta^  hacc  cft» 


■';<?.  jitrf. 


Elementorum  Liherll.,  ipy 
Sit  quoduis  fcgmentum  a  d  c 
fedionis  ccntrics  iuxta  conditio-4  . 
nes  in  propdntlone  appofitas,cu- 
ios  bafis  b  c  reda,  bifariara  feif^a 
in  zi  diameter  ad  quam  ba  cfl 
ordinatim  applicata  fic  ad.  lun- 
'disredis  b  d,  cd,  &  bifariam  fc- 
Qas  in  n,  03  per  n  &o  dudae  in- 
telligantur  diametri  nf,  o  i,  oc- 
currentes  fcdioni  in  f,  i.  Rurfirs 
iunftaerc^laebf,  fd^dijic  bifa- 
ri^m  (cdx  intelligantur  in  p ,  I, 
m,q,&  per  eiufraodi  puda  duftse 
diametri  p  g,  I  c,ni  h  >  q k,  occur- 
rentes  {edioni  in  g ,  c,  h ,  k;  & 
idem  obferuetur  procedendo  ad 
alias  quotcunquediuifioneSjiim- 
dis  redlis  g  b,  g  f,  f  e,  e  d,  d  h,h  i, 
ik,kc.  Pundaquae  pari  nume- 
ro  ad  partes  oppofitas  pun(fli  d 
diftant  iungatur  redis  eh,  f  i,  g  k, 
occurretibusdiametroin  r,  f,  r. 
Oftendendu  cft  redas  e  h,  f  i,  g  k  y 


ip8  Tttrdgoniftnicorum 
efle  par^UcUsf  tc&x  bc  £/«f 
.  inoeti  figurnm  d^^dUf  Archimedes 
infcriptam  j'/»^'/*»*,  qmd  yerto^ndtd 
0*  condid^  ratione.  Vcl  quod  in 
i4etn  redit ,  quantum  ad  prseTens 
inftitutUtti  attinet  ^  oftenaendum 
eft  ii  iundis  rcdis  b  d ,  c  d,  re- 
(5ta  d  c  bifariam  fecetur  in  o>^  6c 
per  o  ducatur  diameter  a  o,  oc-^ 
ciirres  fedioniin  i,  &:peri  aga- 
tur  iCf  ordinatim  addiametrum 
da  appllcata)  hoc  eft  paraU&Ia 
redse  b  c,  occurens  diametro  in 
in  f|  &  fedioni  inf/&per  f 
agatur  diamcter  fa  j  occurrens 
rcGtx  h  d  in  n,  ipfam  b  d  bifa- 
riam  fecari  in  n. 

lungatur  perpunfta  n,  o  rcCia  no;  crit 
n  o  parallela  redac  b  c  ,  ac  proiadein  tria- 
gulo  b.dc,  latcra  bd,  cJ  proportionali- 
tcr  rccabuntur  in  n  &  o,  &  ficut  d  c  ffc- 
catur  bifariam  in  o,  ita  &  bd  fecabitur 
bifariam  in,n.  Nonfit  cnim  sfificri  po- 
,v  tcft ,  rcfta  no  paralicla ,  &  pcr  ti  agatur 
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n  :c  u  parallela  occurens  xtCkx  a  i  in  u  & 
tc{kxdc  ink.(^onia  in  triagulo  a  fi  latc- 
ri  f  i  pirallela  ponitur  nu  occurrexis  dia- 
metro  iiA^  vc  f  s  ad  f  i  itacrit  n^ad  xu; 
funtergo  n  ^,  ^  u  acquales,  cum  ordinatim 
applicat?  fs,  ifi  fint  stquales.  Siiniliter 
cum  ia  tiangulo  b  d  p  lateri  b  c  parallela 
ponatur  ax  ,  vt  ba  ad  a  c ,  it^  erit  n  \ 
ad  AX  3  crgo  cum  b  a,  ac  fint  a^quales, 
enmt  n  K ,  x  x  a^giialcs :  ergo  cum  ^  x,  7i  u 
fintarqualts  cidcm.  n  a  erunt  inter  fc  ae- 
cpialef  pais  &  totum.  Non  ergo  redia  n  o 
conuenit  cum  rc£U  bc,  fedcfiilli  paral»^ 


4 
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^imilitcr.  fi  ^idtac  di,    fd  iuDgantur,\ 
fr  di  bifa^iam  fecetur  in  mjpcr  ni  vqrp  { 
&  centrtim  (fttcatuf  diameter  m  h  occtii  \ 
f cns  feftiOni  in  h,  &  per  h  agatur  ordina-  f 
tim  ad  diametrum^  d  a  applicata  h  r  e  re*' 
Aaoccurrens  diamctro  in  r,  Sc-   if:Q\<>m  . 
in  c  ^  oftcndctur  li  per  c  dur atur  dijmc' 
tcrc  1  occurrcns  rcfl^e  fd  ihl  ,  ipfaxi  fd 
fccari  bifariam  in  I,  iun^a  fcilicct    rcfta 
1  m,  ficuti  prius  iunfta  fiiit  rc^a  n  o» 
Denique  fi  rc^:^  i'*c,  fb  iunggtur,  ea-» 
v-jruraqu^  ic,bifariam  fecetur  in  q;  pcr  q 
)     .ycro  &  ccntrutn    ducatuf  diameter  q4 
^      occurrens  fcftioni  in  J^^  &  pcr  k  agatur 
ordinatim   applicata    ad   diametrun   da 
rcAa  4tg  occurrcns  ipfi  diamctro  in  t, 
&  fcftioni  in  g,  pcrquc  g    agatur  dame- 
ler  gp  Occurrcrts  rcctae  bf  ii)  p,  oflcn- 
IS   *dctur  ipfem  bf  bifariam    fccari   ir  pj  fi 
'^'     nimiram  ,  Vti  fupcrius,  rcfta  pq  iunga- 
tut.  Cum  cnirn  iii  trapezio    b  f  i  c  latcra 

f)arallcla  fi,  bc  biwiamfcccnttroccurr 
u  diametri  a  f  ad  qisaoi  ordinatim  funt 
^pphcata  i  omnes  rcctsc  qua?  intf r  latera 
f.b  ,  rc  iacebunt  parallcl^  latcribisbc,  f  i, 
bifannm fecabuntur  occurfu  rcctt  af,  vt 
planumeftcx  iis  quac  ad  quaram  fexti 
dcmonftrantur  ^  ergo  ficuri  oftetfiim  cft  iq 
primo  cafu  rectam  nx,  fi  paralela  ppnar 
tur  rcctar  b  c  cfe  ^orr  congruercrccta?  n  o, 
•  bifariam  fccari  occurfu  rcrtae  ad.,  ita  hic 
'    oftcndctur  qu?imms   aham   reuam  nori 
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cDngaremctn  rcct«e  pq  ptr  p  ductam» 
fi  pajrallch  ponatui:  rcci^  b  c^  bifatiam  fe- 
cari  occurfu  rcct^  a  d  ^  ac  proinde  in 
idcm  abrurdum  primi  ca(us  Jict  rcductio; 
c^cera  enim  epdcm  prorfu^  mpdo  in  i(la> 
&  in  iUo  cafu  fc  ha.bcnt»  $c  dc^iponftr^ntur, 
Si  ergo  paraUcIae  dicta  ratione  ducan** 
tur  quotcunquc ,  &  per  cxtrema  oppodta 
ducantur  diametri,  ipfa^  bifariam  fccabunc 
rectas  (ubtendentes  arci^s  oppo(itos  inter 
cafdem  parallelas  poHtos ,  acproinde  dcf* 
cripta  crit  figura  j.y«p(fcfl»r ,  &  reftac  prae- 
di^ar  he>fij  g  ketunt  parallelaE:,  eFitquc 
Ipcus  dcmonltratibni  Archimedis  ,  hoc 
tantuni  exigcnti  ad  hoc  vt  pofHt:  plane 
transferri  in  fe^mcntum  fcdionis  ccptrQ 
piaeditac. 

Propositio  XIV. 

Si  duo  ((;gi^e.nta  Cc^ionum  co- 
nicarum  riiiper  eaij^m  baA 
ad  partes  oppofitas  itai  fint-con- 
ftitutai  vt  dtametri  ftr  mediam 
ba£m  incedentes  iacea^t  in  dirc- 

»     ■         »  ' 

6tum  i  &  ipfainnt  nmilia,  &  ac- 
qualia  qu^tiim  ad  diametri  di- 
uifiohcm,  portio  linese  in  qu^ 


'  V 


*»o»  Tctragonifmieorim 
(unc  diametri  connedens  centnt 
grauicatisbifariamfecatur  occur-> 
fu  communis  bafis,  ifte  vero  oc^ 
curfiis  e(l  cencrum  grauitatis  fi» 
gurae  eompofitar  ex  vtroque  k" 
gmento. 


*«•. 
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'  Scdiohis  conicx  (cgnicnta  &it  I>fc> 
b  e  c  fuper  bafi  commum  b  d  c  ita  con- 
ftituta ,  vt  diametri  eorum  fd^^de  fc- 
ccDt  baiim  b  c  biiariam  in  d  iaceant<que 
in  dire£him ;  ipfa  autem  fegmenta  fit^t  z- 
qualia  &  fimilia  quantum  ad  diamctridi- 
ttjfionem^  eorum  vero  centra  grauitatis 
fint  punAa  4  &  n  ^  fuiit  en  im  per  przce- 


-> 


r . :. 
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dcntem  in  dumecris  d  c ,  d  f.  Dico  rc£tam 
k  H  icQixi  bifariam  in  d^  totiaf<^ue  bcc  f 
^encrum  grauitatis  eiTe  pun£tumd.  . 

Pcr  e  &  f  du£be  fint  rcflar    c  u  »     f z 
parallelap  bali  b  c  s    qux  cum  fint  t  pa« 
ralielae  ad  ordinatim  aplicatam  I>  c,  Si  pcr 
c ,  f  vcrticcjs  fc£kionum  du£):x  >  tangcnt  fc-        ^  ^ 
Aioncs.  Pcr  bducatur  b  q  perpcndicularis  cmiX 
adbafim  bc  ,  occurrcns  tangentibus  ina,  Cootc, 
g.  IntcUigantur  ita  du£lx  lincap  b  f  f ,  f  o  c, 
cnCjCtb^vt fumpto  quocanquc pun£to   , 
h  io  rc£la  a  b»  >  (icut  a  b  ad  ah  » ita  fit  (du-^ 
(Xdi  pcr  h  rc£ta  h  n  occurrcntc  lin^is  b  i  c , 
bte^  Cfd)Cnc,clc  in  pun£tis  i>  t »  k^ 
\,  l)ik  ad  Jl^t,  &i!;l  adk^  ^  ac  proinde 
tota  i  1  ad  tocam  t  h  ^  fimiliter  fumpto  quo*r 
cunque  punfto  x  in  re£lae  b  g,  &  perillud 
dudlaxm  atquidiftante  rc%  b  c  ,  occur- 
rentc  Imeis  b  rf,  bff,  df)  foc,  fmcin 
r,  f ,  n  »  0|  m,  ficut  bg  adgXjita  lit  rn 
ad  nf)  &  n m ad n o ,  ac proindc  tota  rnl 
ad  totam  f  o.  Redae  b  g  fiat  g  y.  aequalis  & 
rc£l2r  b  a  rc£hi  a  z. 

Siigiturlibra  by  intelUgatur  fufpendi 
cx  e  ,  &  fuftinere  folum  feemcntum  b  c  f . 
pcndens  cx  pun£tis  b  ,  g  9  cui  ex  pun£to  y 
fpatium  ?  pendcns  aequiponderet,  erit  fpa« 
tium  ^  arquale  figura^  bffocd,  Cuni  e-» 
nim  fumpto  quouis  pun£lo  x  in  rc£la  g  b; 
vt  g  y  ad  g  X » ita  (it  r  m  ad  f  o  ,  figura 
bf  fo  c  d  cric  arqualis  fpatio  f  per  fcpti* 
mam  huius.  Sjmilitcr  fi  libra    a  b  intcllifi' 
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gatur  ex  a  fufpcnfa  ,  &  fuftmcrc  tantum 
(egtnentuin  b  cc  ex  punfti*  a ,  b  pcndens 
vc  iacct ,  &  cx  z  appendi  fpatium  ^  ipfi 
(egmento  ^cjuipondcrans ,  figura  b. t  e  a  c  d 
eirit  acqualis  fpatio  t. 

Rqrfa«  quomam  fegmcma  bcc,   bfc 
funt  nmilia  &  acqualia  quantum  ad  dia- 
mctri  diuifioncm,  cmnt   reftx.  dc,     df 
a^quales ,  &  quxcuhquc  ipii  c  f  dufta  fucrit 
arallela  fecabitur  bifariam  occurfu  rzdd^ 
c  j  &  fi  in  rcftis  d  e  ^  d  f  fumaniur  a  pun- 
Ao d  portioncs quaccunquc  d j^  ^d  n  scqua- 
le$ ,  &  per  k,  >  n  applicentur  1  i ,  m  r  rcci» 
parallelsc  bafi  b  c,cruc  ipfx  1  i,  m  r  xquqles 
pcr  vigcfimam    fccundam  &  vigefimam 
tcrtiam  propdfitioncs  libri  prxccdcnns^  & 
pcr  vigcfimam  quartam  ,    ipfa    fcgmcnta 
crunt  a^qualin^cum  fc  hab^aat  vt  pcrpendi- 
culares  ex  punctis  e  &  f  ad  bafim   b  c  de^ 
miflae,  qua?  funt  arqualcs,  ciht)  rectr  ed  » 
d  f  fint  aequalcs  >  &  anguli  ad  verticcm  d 
fint  ctiam  acqualcs,      -    .  . 
.  Rurfus  quonnm  d  c  ,.  df  funt.asqualcs  > 
Sc  cujfz  funt  parailclaD,  crunt  ba  ,  bg 
acqualcs  ,  ac  ^proinde  quatuor  rect;c  ^a, 
a  b  ,  b  g ,  gy  crunt  arqualcs.  Piaeterea  quo- 
njam  pofitis  dx  ,  d  n  a?qunljbus  ac  proin- 
de  b  h ,  b  X  ,  rcfidua  a  h  ,  x  g  funt  xqualia-, 
&  vt  zaad  ah  ,  hoc  eft  gy  ad    gx  ,  ita 
cft  h  1  ad  ^  t ,  &  X  m  ad  r  oj  ergo  vt  h  )  ad 
^  t,  ita  xm  ad  ro5  &alternando  vt  hl  ^d 
X  m ,  ita  h  i  ad  r  o  V  crgo  cum  h  1 ,  x  m  fint 
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^quaies ;  etunc  quoque  ^t,  ro  xquaics^ 
crgo  pericxtam.{M:2;cedcDtisfiguraJb  t  excd 
clt  arqualis  jBgurx  b  Tt  o  c  di  lecl  prxdictis 
figuris  a^qualia  funt  fpatia  9r  ^p  crgo  fpatja 
T^  f  funtxquaUa, 

Cu(n  igitur  ccptr<i  grat&itati$  ponantur 
cilc  in  k.&  n  ^  vt  brachium.  z  a  ad  ah,  iu 
crit  fegmeutum  b  e  c  ad  Ypatium  ^ :  &  vc 
brachiuiii  y  g  adgx  ^  ita  crit  fegmcntum 
b  f  c  ad 'fpatium  f ,  pcr  ca  qux  ad  (cxtam 
quadraturx  paraboles  ab  Archimcde  de- 
moHllrantur  :  ergo  cum  fcgmcntum  bfc 
fit  atqualc  fcgmcnto  b  e  c,  vt  o(tcnfum  fuit, 
&  fpatium  T  fpatio  p :  vtfegmcntum  bfc 
ad  fpatiuiii  9  ,  ita  cnt  z  a  ad  a  h ,  &  y  g  ad 
gx  :  ergo  vc  z  a  ad  a  h  ]  ita  y  g  ad  g  x :  & 
alternando  vt  za  ad  yg^  ita  ah  ad  g  x: 
fedza,  yg  fgnt  ^quale^ ,  crgo  ab,  gx 
funt  apqualcs  :  ergo  rcfidu*  hb  ,  bx  funt 
xqualcs^.quoderat  primo  loco  oftcndcn- 
dum.  Ahunde  cum  fcgmcnta  bcc,  bfc 
lint  xquaha,  &  rccra  k  n  conncctens  eorum 
centra  bifariam  fccetur  in  d  vt  iam  oftcn- 
fum  cft  ,  crit  d  centrum  grauiratis  magni- 
tudmis  compoGtae  bc  c  f per  quartani  hbri  , 
primi  arquipotKlcrantium. 


V. 
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PlLbpOSlTlO  XV. 

I 

Si  cUiuis  figurs  contentas  {bb 
redis  vel  ie^ohibus  conicis.ica 
adiungatur  iilia  figura  vt  redae 
omne$,quae  vni  affignatae  acqui- 
diftantes  In  figuris  dnci  po(!unc  > 
(int  in  eadem  ratione  }  cen- ' 
tra  grauitatis  vtriufque  figurat 
funt  in  eadem  illi  ailignatae  acqui- 
diftante*  . 

Sit  figura  I>gi f  cui  adiuncta  (it  alia  fi- 
gura  e  m  k  i  >  daihque  fit  rccta  r  f :  ita  vero 
(e  habeat  vna  figura.acl  alianii  vt  quaccuti* 
que  recta  e  1  ducatur  xquidiftans  datsfcrf, 
&  fecans  figuras  in  e  ,  h  »  1 :  vt  b  g  ad 
gm  t  ita  fit  e  h  ad  hl.  Dico  centra  graui- 
tatis  vtriufque ligurac  I> g ^ f *  %^k^  ^ile 
in  eadem  recta  ipfi  r(  xquidiftante* 

Ad  reAam  rf  incidat  perpendicularis 
nr  ,  qua^  pohatur  cfle  libra  fuflinens 
figuras  o  gi  f  jfgm  k  i  coniunftas  per  per- 
peodicula  al>gm  »  dfik*  Intelligatur 
du^  lines  h  u  i,  gx  il:  ita  vt  deHgoato 
quocunque  n  a  brachio  libr;e,quouis  per- 
pendiculo  c  1  fecantc  iiguras  &  occurrcn- 
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a     c  J^ 
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L..      1»" 


«-XO7 


tcliaeis,  nr^bf^  bui^  ghi)  gx  i^,  mli." 
in  pan^is  c,  e^  t,  h|  x>  I>  vt  n  a  ad  ac, 
italit  eh  ad  ct  ^  &  hl  «ul  h  X  hbracx  a 
fuipcnsa,  fpatium  o  tx  n  pendc^s  xqui- 
pondcrct  figurar  b  gi  f  vt  iacfct  manentis 
&  fpatium  p  indidem  pendens  figurx 
g  m  k  i  vt  iacct  manenti.  Qupniam  vc 
n  a  ad  ac,  ita  (  fumpto  quQcunque  pun- 
fto  c  &,pcr  illud  duAo  perpcndiculo 
cl)  ch  ad  ct,  &  hl  ad  bx»  erit  per 
fcptimam huiusfigura  b  cf i  u  arqualis/pa- 
tioo:  &  figura  igxi^  xquaHs  fpatio  p. 
Rurfas  quoaiam  y  t  n  a  ad  a  c  ^  ita  efi  e  h 
adc  t)&hl  ad  h^  :  crgo  vc  ch  ad  ct. 


^ 
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ita  c(l  h  i  ad  h  X  5  &  altcrnando  vt  e  h  ad 
h  1 ,  ita  cfl:  e  t  ad  h  x :  crgo  cum  figuras 
f  b  z  i  ^  i  g  X  k  ita  fc  habcant  vt  qnocunquc 
pcrpendiculo  fcctaei  vtbg  ad  gm,  ita  (it  ^ 
e  t  ad  hx  ^  crit  figur«l  ^^^^ ,  ad  i  gxk  vt 
rccta  b  g  ad  gm  ,  pct  fcxtam  primi  libri  -j 
&  candcm  ob  caufam  9  ita  ctiam  crit  figura 
b  g  i  f  ad  figuram  g  m  Jl^  i.  Cum  igitor  vc 
iccta  b  g  ad  g m  ,  ita (it  figura  f bz  i ,  ad 
I  gx K ,  &  ipfis  arqualia  fmt  fpatia  o ,  p » 
crit  fpatium  oad  fpatium  p ,  vt  rccta  b  g 
ad  g  m  :  fcd  ita  c A  ^tiam  figura  b  g  i  f  ad 
gm  Ki-,  crgo vt  fpatium  o  ad  fpatium  p^ 
ita  cfl:  figura  bgifadgmJ^i>&  ahcrnan- 
do  vt  o  fpatium  ad  b  g  i f«  ita  cfl  p  fpatium 

adgmti 

Pcrpcndicularis  y  z  tranfeat  pcr  graui- 
tatis  ccntrum  figuras  bgif^  &  occiirrat 
Yibtx  in  y :  crgo  pcr  fcxtam  quadraturae pa« 
raboles  n  n  a  rcct^  ad  a  v ,  ita  eft  figura 
bgif  ad  fpatium  o.  Si  neri  potcfl,  cen- 
trumfigurac  gmKi  non  fit  in  perpcndi- 
culo  y  Z)  fed  in  pcrpcndiculo  e  c  occur- 
rentc  librac  in  c  :  crgo  vt  n  a  rcAa  ad  a  c  , 
ita  cfl  fp;ltium  gmki  ad  fpatium  p: 
fcdvt  fpatium  gmxi  ad  fpatium  p  ita 
oflcnfum  cft  cflc  fpatium  bgi  f  ad  fpa- 
tium  o  ^  &  vt  fpaiium  b  g  i  f  ad  fpa- 
tium  o  ,  ita  efle  rcflam  n  a  ad  a  y  ; 
ergo  vt  na  ad  a  c  ^  ita  eft  n  a  ad  a  y ; 
crgo  tci^x  ay,  a  c  pars  &  totum  funt 
xqualcs.  Non  igitur  ccntrum    grauitatis 

/figurse 
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JSgttrx  g  m  k  i  ell  excra  perpendiculum 
y  z  s  in  quo  pofitum  eft  iaccre  centrum  gra- 
uitatisfigur^  I>S^^>  quoderat  oflexiden- 

C  O  R  O  t  L  A  R I  V  M. 

Hiac  apcrtum  cft  centrum  coitipofitf 
magaitudinis  b  m  k  f  cfle  ijD  eadcm  paraU 
lel£)  in  qua  funt  ccntra  partium  duarum 
compoiicntium  ;  nam  ccntrum  compo(it<g 
magnitudinis>eft  in  rcM  coniungcntc  ccn« 
tra  partium  duarum  ipfam  componentium 
pcr  quartam  primi  ^quipondcrantiittn. 

Propositiq  XVL 

In  <]uatus  red4  b  i  Cint  hnCcs 

fegmentorum  f  c  g  ^  h  di,  &  ad 

oppodtas  tedae  h  i  partes  fint  (e- 

dionum  cpnicarum  cent^a  e ,  a 

ica  Vt  ad  diametrum  e  c  Qrdioatim 

vtrinque  ajpplicata  (tt  fg  rei^a,  §£ 

addiametru  ad  prdinatim  vtrin- 

que  applicata  Htli  i  ^  atque  vt  qua- 

dratum  redse  bd  ad  quadratum 

redae  bc,ita  reciprpc^  ilt  hs^s 

f g  ad  baHm  h  i ,  ipfasque  fcmi- 

o 
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diametrl^  a  d ,  e  c  (Int  {imilitec 
diuifx  in  bj  ac  proinde  vt  bd, 
bcjitafint  ad,  ec.  Oftcndcn- 
dum  eft  centrum  grauitatis  figuras 
fcgidh  compoliitx  ex  vtrpque 
fcgmcnto  f  c  g ,  h  d  i  efle  in  pun- 
ao  b. 


»■> 


r 


Quoniain  cnim  vt  quadracum  te£kx  b  d» 
ad  quadratum  re£t^  cb,  ita  ponitnr  efle 
bafis  f g  ad  bilfim  hi  >  li  vt  re£la  b  d  ad 
eb,  itafiatfbre^a  ad  bk,  feu  hl  ,  ac 
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proinde  tota  f  g  ad  i^  I  j  crit  ipfa  K 1  ad  b  i , 
vt  b  d  ad  c  b:  nam  ratio  quadrati  bd^d 
c  b  cft  duplicata  rationis  rcA^  b  d  ad  c  b. 
Intclligatur  fegmentum  kdl  cuius  cen- 
truma;  quonia^a  fegmenta  fcg>  kdl 
funt  fimilta  quantum  ad  fe^^ionem  diamc- 
tri ,  &  ad  iaclinacionem  >  &  quoniam  vt 
b  d  re^  ad  c  b  ^  ita  reciproce  eft  f g  redla 
ad  K 1  ^  feementum  f  c  g  «rit  ^quale  feg«« 
mento  i^bl,  per  coroUarium  quartum 
propofitionis  vigcfim^  {ecund^  libri  primi» 
Quoniam  vero  (cementa  k  d  i ,  la  d  i  non 
difcrepant  ni(i  m  bafibus ,  habcbunt  fe  vt 
bafes  kl,  hi ,  pcr  quintum  coroUarium 
ciufdcm  propofitionis. 

Rurfus  vtcb  ad  fbg  bifariam  fc£^am 
in  b  ,  iu  fieri  intclligatur  b  d  ad  n  b  m  bi- 
£iriam  feftam  in  b ,  &  pcr  n  ^  d ,  m  in-* 
tcUigatur  dcfcriptum  fcgmentum  n  d  m 
cxccnrroa*  crunt  fegmcnta  ndni)  fcg  atf.pri* 
omnino  &  abfolute  fimilia  9  ac  prolnde  J"^  '^"^ 
re^  c  b  j  b  d  9  m  quibus  funt  centra  gra« 
Qitacis  fegmentorum  fc  g^  ndm  pcr  hu- 
itts  decimam  tcrtiam  proportionahtcr  fe- 
cabuntur.Sint  ea  centra  o  &  p :  crgo  vt 
c  b  ad  bd ,  ita  crit  o  b  ad  b p  :  fcd  fegmen* 
ti  h  d  i ,  n  d  m  cum  (int  fixifilia  quantum 
ad  diametri  fcAionem ,  &  habcant  bafcs 
iQ  rcAa'  k  i  fecantur  fccundutn  rationetn 
ttftarum  h  i ,  ii  m  pcr  primum  €<>rolla«  ^ 
rium  propofitionis  vigcfimae  fccundac  ci^ 
tatx:ergopcr  pratccdcntciii  habcdt  ccn-^ 

O  i) 
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trum  grauitatis  in  cackm  ad  balim  fe  l  p-» 
rallcla  :  crgo  cum  illud  ctiam  habeant  ia 
rcda  c  a  pcf  dccimatn  tcrtiam  huius*  ccn- 
trum  grauitatis  cnt  in  p  occUrfu  parallclx 
pcr  p  duftx  &  rc£te  c  a» 

QuOniam  crgo  vt  rcfta  o  1>  ad  b  p  (  hdc 

cft  vtrcfta  cb  ad  bd)  ita  oftcnfum  cft 

16.  pri-  «flc  fcgmcntum  h  d  i  ad  fcgmcntuih  fc  g, 

mi  hu-  rcfta  o  p  ccntra  o  &  p  conncftcns  fcfla 

»"«•        crit  in  b  fccundum  rationcm  rcciprocam 

grauium  indc  pcndcntium ;  crgo  punftum 

b  cft  ccntrum  magnitudinis  compofita&.cjc 

vtroquc  fcgmcnto  hdi^  fcg,  quodcrat 

dcmonftrandum. 

Propositio  XVII. 

Si  duo  fegmenta  pcndcant 
fingula  a  libra:  duobus  pundis, 
jpfa  vcro  libra  fufpendatur  a  pun- 
€to  in  quod  cadit  pcrpcndiculum 
tranfiens  per  ccntrum  grauitatis 
compontae  cx  vtraquc  figw» 
magnitudinis  j  ipatium  qiiod  «- 
qaipondcrabit  vni  (corfum  libra- 
ts ,  aequiponderabit  ^  altcnfc 
orfum  etiam  appenfx  y  pofitl  v- 


/ 
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trobique  aequalicate  brachij;  & 
£  zquipoiKlerent  iirdem  po^tis, 
perpendiculum  de  centro  graui" 
tatis  demifliim  cadet  in  pundum 
vnde  I^ra  {u{pen(a  fuerit. 

i 

« 

Sit  libra  i  i^  itiftincns  figuras  a  c  d  b  , 
cghf  €x  punftis;ra  ,  n  ,  o^  p  pcndcntcs 
pcr  pcrpendicula  -sna,  n  h^  o-tr^  pf^  pcr- 
pcndicula  vcro  pcj:  ccntra  grauiratis  figu- 
rarum  di&arum ,  ^  comporuf  cx  illis  dua- 
bus  magnitudinis  :  <lu£la  incidant  in  pun^ 

'  fta  i,  k ,  1.  Abfciffis  vtrinquc  fcjuahbus  1  r, 
I^  quocimquc  inttruallo  ,  dico  hbra  fuf- 

I  pcnsa  cx  1  fpatiiim  quod  pcndcns  cx  r  ^qui- 

;  pondcrat  figurj  cghf  vt  iacct  niancnti , 
efle  ^qyak  fpatio  qnod  pciideas  cxq  aequi- 

!  ponderatJfigoracacdb  vt  iaocrmancnti* 
&^4?fit  xquale  dico  perpcjpdicularcm  pcr 
VjiiXkStAm  trat>(ire  pcr  centrym  tmagnitudi^ 

!  j£s  compofits  cx  duabus  a  c  d  b »  e  g  h  f.  * 

Quoniam  pcr  putiAa  i  ^  4  pcrpcndicula 

dufta  tran(cuiit  pcr  c^ntra  graiutatis ,  fi  fi- 

gurar  fufpendantifr  C9C  i&  i^  tantum,  non 

mntabunt  pofitiontm  vt  di£lum  cft  in  o* 

I  daua  huius*  £t  quoniam  pcrpeadicularis 

i  per  1  du£la  tranfitper  centrum  magnitudi^ 
^  cSJmpofitae  ^x  a  ^  d  b  t  e  gh  f  $  libra  ex  1 
fcifpcnfii «  arquipoodcrabit  figora  cx  i^  tan- 
twu  ptndt^s  fi3;ura&'cK  i  tit^m  pepdcnti. 


T  efragom/iffieorim 
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Si  ergo  vt  xcetx  1<{M  1  k ,  ita  fiat  fpatium 
e  g  h  f  ad  fpatium  f ,  quQd  jBXi]  .pcndcat , 
ipfum  f  xquipoderabiteidiem  figurxa  cid.b 
vt  iacet  manenti ,  cui  figuni  eg  h  f  anjai- 
ponderat  tx  jl^pendem,  ficut  probatumeft- 
m  odaua  httius«  SimiUter  (i  vt  eft  Ir  reifta^ 
(eu  1  q  ipfi  xqlialis ,  ad  1  i  ita  fiat  fpatium 
a  c  d  b  ad  fpatium  t  quod  ex  r  pend^t , 
ipfum  t  acquiponderabit  eidem  figurae* 
e  g  h  f  vt  iacet  manenti  >  cui  figura  a  c  jb  d 
^quiponderat  cac  i  pendcqs*  ,  ^  ;  ..  . 

Vtrc£la  Iqad  li  itafiatipati^e  gjjif  aui 
fpatium  tt«  <^t)iiiam  vt  H  red^  ^4  iq^^ 
ita  eft  fpatin  f  ad  •eg.b&;>  Sc  yt  1  ^  re4ta  tA 


y 
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ti»  ita  cft  c  g  h  f  fpatiu  ad  u;  crgo  cx  x- 
quo  Tt  1  J^  rcda  ad  1  i  ,ita  cft  fpatium  f  ad 
ipatium  u^  &  inucrtcndp  vt  rcAa  1  i  ad  Ik^ 
ka  eft  u  ad  f.  Rurfus  quoniam  vt  rcAa  1  <] 
ad  1  i,  ita  cft  fpauum  c  g  h  f  ad  fpatiu  u,  & 
ita  ctia  cft  fpatiu  a  c  d  b  ad  t,  crgo  yt  fpa- 
tiumcghfad  u,  itf  cft  fpatiumacd(> 
ad  t  ^  &  altcrnando  vt  fpatium  ^  gh  f  ad 
acd  b)  ita  cft  fpatium  u  ad  t :  fcd  vt  fpa- 
tlum  cghfadacdb»  ita  cft  rc£ta  il  ad 
IJ^  pcr  lcxtam  aut  fcptimam  atquipondc- 
rantium  ,  cum  Hbra  cx  1  fufpcnfa  fibi  inui' 
ccm  seqiiipondcrct .  ^x  i  &  J^  pendcntia  ^ 
crgo  ytrc£$ailadik^ita'cft  u  ad  t  :  ftd 
vt  rc£la  i  1  ad  1  k ,  ita  oflcnfum  cft  cflc  ip-  fi'^^^^' 
fiim  fjpatium  u  ;id  f :  crgo  fpariisi  t  &  f  funt 
«ijualia.      ,      :  ;^, 

lam  (patia  t  &  f  fint  jaequalia,  Dico  pcr- 
pcndkaluihpcr  1  duftumtranfircpetccn-* 
trum  grftmt^tis  magnituditiis.  conipo^tac 
exacdb,  eeh  f.  Si  cnim  ficri  pqtcft  vt  / 

partcs  a^do>  t  ghf  magnitudinis  com- 
poGtz  €x  'a jc  d t  j  c;  g  h  f  libifa.  cx  1  fufpcn* 
fanon  inuice  Qerquipondcrcnt  j  |ictinchna<^ 
tio  librae  ad  ahquan)  partium  ,  fiat  ad  par- 
tcs  i ,  &  ad  partetn  e  g  h  f  addatur  fpatium 
gzjrh  quo^}r)fpe({ariMm  f(\iad  hoc  vf 
iicquihbrium  fiat^  Qupniam  ergo ,  libra  ex 
1  fufpenfa  V  pcrpctidicularis  per  1  tranflit 
pet  centfuin^coilipofieaef  ck  inagtiitudidii- 

^u%  a  c  dh^e  ac.jr. f^  ieiadcm;^il^  ^)  ^  ^"^* 
penfa  ,  &i  luftincnte  tantum  paVtem  c«  y  f, 
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cuicx  rpfnctensae^aipondcrabit  ipatium, 
idcrit  2e<,juale  fpatio*  i\  quodcx  q  pcndens 
hbra  fuipenfa  itidem  cx  1  arquiponderat  fi* 
gLita^  acdb^  quod  cft  ablardum ^  cum 
ipatium  cx  r  pci^idctis  fit  maius.  Addito 
cntni  gzyh  fpatio^q^uipondcrct  fpatium 
X ',  cum  fpatmm  t  zquipondcret  figura^ 
cghf ,  totum  t  X  xquipondcrabit  toti 
e  2  y  f:  crgo  tx  eil  maimfpktio  ti  atoui 
t  ponitur  a^qtiTaleipfi  f:  tt^ii'  fp^tium  tj^ 
cft  maius  fpaiio  f.  Non  crgo  &c, 

pROPOSltlQ    XVIIL 

■  .        ■    '  / 

Sic  figura  quascanque  df  le, 
diuifa  in  dua$  dfgi,  igle,  & 
earum  alceriftrius  1  e  g  i  centiuni 
grauitacis  ric  b.  Sit  libra  pf  fufti* 
nens  figuram  eandcjij  d  H  c  fuf- 
penfam  ex  pun<^isp ,  r.  £x  centro 
b  perpcndiculum  ad  libram  inci- 
dens  fit  b  q  ,.quod  non  fccctfigu- 
ram  d  ig  f.  Oftendcndam  eft  fuf- 
pcnfionc  ii|)ra?  w(^4expun^6  q 
ilkm  .iadiinatum  Jirio:>ad.  parcem 
df g  i'f  Ef 'frad  paf tfe^  J,op{)6fitais 
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exquolibecpundo  f  pendeatgra- 
ue  c  cohibens  inclinattofiem  li- 
Jbrx  9  retmenfiqiie  cai^  it^  acrquili- 
briojgrauec  giqUippn^ciiare  parti 
dfgi  vtiacctman^ntlyllibr^  cx 
q  manente  rufpensS:  item  zquH 
ponderare  toq  d !f  1  c  ex  fuo  gra- 
uitatis  centrqlpelndenti  pcr  pcr- 
pendiculum.         ^ 

Partis  dfg  i  centrum  grauitatis  fit  a  , 
iun£iaque  re£ta  a  b  ita  diuifa  fit  in  o ,  vt  (i- 
ciit  fpatium  dfgi  ad  fpatium  iglc,  ita 
fic  rcfta  boadoa,  erit  igitur  o  ccntrnm 
grauitatis  totius  figurae  d  f  1  c  per  fextam 
aut  fcptimam  propofitioncm  libri  primi 
i£c}uiponderantium  :  ergo  libra  Aifpenlk  . 
ex  q  inclinacio  eius  fiet  ad  partcs  p  5  do«; 
ncc  puhflum  o  cbngruat  potpendiculari 
ad  hotizontem  cx  q  punfto  dcmilfe. 

Riirfus  quoniim- in  fccunda  propofitio- 
nis  pattc  ponitur  grauc  c  fufpcnfunfi  cx  f 
cohiberc  hbram  ,  &  rctincrc  cam  in  fuo 
fitu  cx  q  fufpcnfam  \  fi  rcfl:a  qb  intclli- 
gatur  produci  yltra  totam  fi^^uram  •,  cam- 
que  diuidcre  in  duas  partcs  d  f  h  ,  t  h  1  c^ 
eafque  pendere  dk'pun'£):is  p ,  q  ,  r  duae  fi- ^ 
mul  niagnitudirics  t  b  1  e  &  c  nianentcs  vt ' 
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iacent!  aequiponderabunt  magnitudini 
dflii  m^hcnti  vt  lacct.  Quoniam  vcro 
rcfta  qb  tranfit  pcr  b  centrum  grauit^tis 
figurx  i  gi  p  ^pars  ight  rurpcnfa  cx  pun* 

.  dis  k,  /)  asquipQnderabit-Mrti  thlc  fuC- 
penfa?  fX^punftis  q,r.  Cum  crgp  libra 
{tifpeoia  Fxq,  magnitudo  d  fht  zquipon- 
dcrct  magnitudmi  compofit^  cx  t  h  1  e  & 
C3C  c  :  &  ablata  i  gh  c  ^quipoudcret  abla« 
t?c  t  h  I e :  refidua  d f gi  2(]uiponderat rc- 
fidiiae  c.        ' 

Demum  ex  o  cemro  graiuitatis  magnitu* 
dinis  dflc  demifla  fit   linea  dire^ionis  ^ 
om>  (bluti(que  fufpcnlionibus  ex  p  '^r» 
remaneat  fufpenfa  talpjpuni^  ex   m»  mane^ 

bit  ex  demonftratis  abl  Archimede  in  co- 


\-  ,^ 


.'( 
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dcm  fitu.  Similitcr  fi  cx  a  centro  figurac  ^*  ^^ 
d  fgi    cmittatuf    linca  dircftionis  &  fi-  ^^^\ 
gar{    d  f  g  1  fiifpenfio  tanttim  fiat  tx  n, 
ipfa  quoque  mancbit  in    fuo  fitu  i  cirgo 
quomam  ligata  cx  pundis  p^  i^  (quipon^     " 
d^rc  oficnfa  cfigraui  c;  fufpcafacx  n, 
aeqttipofldcrabtt  cidcm  fpatiq  c ,  cum  itia* 
ntat  in  codcm  fitu»  Rurfus  quoniam   pa- 
rallclxfunt  na»  m  o>  qb;  vt,    rcda  bo  , 
ai  ,o  a,   ita  crit  qm  ad  mn;  fcd ytrcfU 
bo  ad  oa^itaeileponimusreciprocefpa* 
ttum  d  f gi  ad  i  g  le :  crgo  rt  q  m  rcAa . 
ad  mn^  ita  cftfpatiun)  df^iA^  ^S^^n 
crgo  inucitendo  Tt  m  n  ad.  q  m>  ita  i  g  1  e  . 
ad  dfgi  :  erg9  comppncndo  yt  nq  ad« 
mqykadfl&acidfgi  ;  Q^oaiamj^^ 
tur  libra  ex  4  fufpenf^^   %ui^a    d  f  g  i  . 
pepdcilscx  n    aBquipondcr;i|:   fp^tio  c.il 
&  '^^quoniam.   figura    4  f  g  i   ad   figu*  . 
ram  dfle  pendcntem   ex  m  fe   habct 
vt  qin  rcftaad  qn  exiamdcmpnftratis:.^ 
crgo  pcr  o^uam  huius  fpatium  d  £le. 
pcndcns  ex  m  f quipondcrat  cidcm  fpatio 
ci  cui  fpatiimi  d  fg  i  pcn|ieii$  ex  n    x« 
^uiponderare  dcmonftratum  fuit. 
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COROLLARIVM  I. 

'  Ex  his  confcquitur  fi  libra  fuftintit  fi^ 
guram  d  f  1  e  ^  cx  pun£lis  p,  r,  fufpcnda* 
turquc  cx^tftquod  rcfpondct  ccntro  b;  ^ 
vc  q  f  rcAa    ad  qm^  ita  •  fiat   fpatinm' 
dfl«  ad  ipatidm  cj  ipfum   c  acqufpon-* 
dcrate  figur2C*'df  gi  vt  licct  mancmi>& 
pcndcnti  *c!^'priU3£tis  p,  Hi  Ciira  cmm  fi- 
gura  d  fl  c  cx^punftis  d,e  pendcns  arqtii- 
pondcret  cid^m  fpatio ,  cui  aequipondcrat 
cx  {^uhiAo  iri  ^lo  pendesj  8c  cum  ex  pun- 
Ao  m  pcndeiis  ±quipondcr^  eidiem  fpa-" 
tfo  cui  figiirii  -d  f g  i ,,  cx  pu^fto  n    p^n- 
dens  )fto  quod  idcm  cft  cx*pun£^is  p»  K  >• 
pendcns^i  .&  tnuim  vt  q  f  loiigitudo  libra^ 
vna  ad^qiib  longitudinciii  oppofiram,ita 
fit  (patium  dfle^d  fpaiiu  c$  ipfumc 
acquipondei^abit  tam  figurac  d  f  1  e  vt  iacct 
madentr^qu^mfoli  iigi^rx  d  fg  t  vtiacce 
aiiancnti;^'''-*- •" 

CO^ROLLARIVM    II.    . 

Si  quasuis  figura  dfle  cohasreat  librx 
p  r  fufpenfx  ita  cx  q  ,  vt  perpcndicularis 
q  h  diuidens  figuram  non  tranfeat  pcr  cen« 
trum  grauitatis  ipfius,  (cd  illud  relinquat 
ad  partes  p  f  diuidat  autcm  in  duas  par« 
tes  dfht,  thle  -,  &  fumptis  vtrinque 
brachiis  acquaUbus  q  f>   n  q  i  fufpcnfione 
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vna.  figur?  d  f  h  t^  libra  €%  q  fufpenfa,  vt 
iacet  manenti  sequipondcrct  fpatiutn  c  z 
ex  {  penden&^  altera  autem  libratione  fi« 
gurae  h  t  c  1  vt  iacet  manenti  ^qqiponde* 
rctfpatium  y^.hbra^ex  q  fufptnfa;often« 
di  potcft  fi  fpatijuiQ  z  ^at.zqualc  fpati^ 
y,  refidpum  fpatium  c  a&quiponderarcto* 
ti  figurscdflc  vt  iacct manenti«  Qponii 
enim  fpatia  y  Sc  z  funt  asqualia,  fi  figuca 
i  g  h  c  iibfcindatur  arqniponderans  vt  iacct 
fpatio  Zy  libra  ex  q  fuppenfa » rcAa  q  h 
tranfibit  pcr,centTum  grauitatis  tnagnitu- 
dmis  i g  l c.  compofitae ex  duajbus  ight, 
cthl,  vt  ex  .pracccdcnti  propofitione 
apcrtum  ''cft»  Quoniam  crgo  fpatium  c  z 
jquiponderat  toti  dfht;  &  fpatium  z 
parti  g  h  t  i ,  rcliquum  c  cquipondcrabit 
parti  dfgic  Ergo  cum  figura  dfle  diui- 
uifa  fit  in  duas ,d  f  gi  s  i  g  1  c  ,  &  Hbra  cx 
q  fufpcnfa  pcrpcndiculum  gh  tranfcac 
pcr  centrum  grauitatis  figur?  i  g  l  c  ,  fpa- 
tium  c  acquipondcrabit  ,  vt  in  pracfcnti 
oftendimuSjtoti  fignrae  dflc  vtiacet  ma- 
nenti  libra  ex  qfufpcnfa. 

•  — 

SCHOLIVM. 

Primo  afpeft'1  vjdebimur  alicui  con- 
cluderc    pugoanua    ciim   iilo    axiomatc 
Archim^eo,  fi ^rdmhas  fecHffJnm  (jHdndap$ 
difisntUm  ^jjuipohderdntihus ,    dhtri   iOft$f» 
ddifcidtur  dli^ued  grdke  ,  tunc  ednon  4fUd^ 


v 
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liter  f^nderdnty  frd  illud  deorfrm  fertmrjCm 
grdue  fueri$  ddiunSunt :  libra  etcnim  ex  q 
iurpenfa  iDagnituclini  d  f  g  i  xquiponderat 
inagnituclo  Cy  8c  cadcm  magnitudo  d  f  g  i 
acccfdone  nouz  magnitudinis  non  alleuat 
pondus  €}  fed  manct  pondus  c  adhuc 
a^quc  pondcraif s  vti  dcmonfiratio  prxfens 
contcndit,  Dubi)  huiusfolutio  apcrta  cftj 
quia  cnim  acccdit  pondus.  iglx  ,  cu« 
iu$  ccntriim  grauitatis  incidit  in  prarpcndi^ 
culum  cx  Iibrx  centro  demiflilm,  fit  vt 
magnitudo  accedat  a^quc  vtrinquc  pondc- 
rans.  Noii  crgo  mirum  cft ,  quod  Jibra 
bsercat  in  atquilibrio^  cum  ad  partcs  vtraf- 
quc  lincx  q  h  grauia  ight,  thlc  a?qui« 
pondcrantia  acccderiar. 
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j^»  efi ,  libri  tx  ct»m  circuli, 
ellifftoi ,  aut  hyferliaUfiifpensd, 
de  initentione  rtSilinei  eorum 
ftgmeuto  Miiiponilermtii :  yn- 
Jeexifiit  Quadratura  (;irculi& 
aliorum,  dato  eiufmodifegmeu- 
tor»m  ctntro  grtuititii. 

Propositio    I.     ' 

JIT  parabolaifegmentutn 
hcomemu  re^a  linea  a  c, 
/&  curui  a  b  c:  ipfa  aucem 
bd  ^  inedio  lincie  ac  cducatur 


»»4  T etragonifmicorum 
ctiametro  xquidiftansL)  aut  ipfa 
diamcter:  &  b<:  iun^  produ- 
catur.  Si  aliaquxiii$|inea  fh  du^ 
catur  «qiiidiftas  ipfi  b  d  >  &  iTe* 
cans  vtraique  a  c  >  c  b  in  f  &  h, 
iptjlam  rero  parabolam  in  g  i  ha- 
bebit  f  h  ad  h  g  eandem  pro^ 
portioaenr  quam  d  a  a<l  d  £ 


«WV^^B^B^W-r*? 
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Bltmntorum  hibtir  III.  '4>$ 

Ha^c  prbpofittb  c{l  ^Uarta  quadraturz 
^araboks^^  qai^l'  tameii  lo  vulgatis  llbris, 
diagramma  non  ^xibct  cafum  qui  npbis 
in  prarfenti  laecefrarius  eft  :  appbnimus 
^am  hic  cum  illo.  Caius  pr^certnifltis  eft 
qualldo  p^flum  g  eft  itofrareftam  ac; 
punftuini<}i  £  non  cadit  intci:  a  &  c ,  (icat  ^ 
iiec  pun£la  h»  i  ihter  b/c,  &  imer  k,  g; 

Dacatur  igitur  per  g  linea  k  g  a?(|uidi* 
fians  ipfi  ac-y  quk  occiirrat  diamctro  in 
k,y  &  reftac b c  inl  i  eft  ijgitut  vt  fed  ad hk  %,  fcxu 
longi^udine ;,  ita  dc  ad  fcg  jpoteftate  pcr  Eac 
libri  primi  coiiicbram  vigeumam.^  Quo- 
toiam  vero  in  ttiangtito  b  k  i  latfck-iti  pa- 
rallela cft d c »  vt  b d ^^  Ak  ita  crunt  b c  ^ 
b  i  i  &  componctido  Vt  b  d ,  b  4  ita  b  c , 
b  i :  cjuoniam'  igitui:  vt  b  d »  b  k  longitudi^. 
ne ,  ita  bftcnfum  eft  ^flc  potcftare  d  c ,  ji^  g^, 
trgo  vt  b  c,  b  i  longitudinc ,  iia  pptcftate 
dx; ,  K  g  :  fcd  ipfi  k  g  acquialei  cft  <l  f  oppo>  33 .  prj. 
fitttm  latus  paraUclogrammi  Kdf  g :  crgo  mi€uc. 
Vt  b  c  ,  jb  i  longitudine »  itlpoteftate  Ainc 
dc,df. 

RErfu^ quoiijam  thaitgala  b * d i  hcf 
fant  fimilia  .  (  habcnt  eniih  ahgulbs  ad 
vecticem  c  aequ^lirS}  &alternos  ad  d  &;  f 
item  asquales  )  vt  h  c ,  c  f,  ita  crut  b c  ,  c  d, 
&  altcrnaiido  vj^  JK  c  >  b  c  ^  W>  c  f  i  f  d :  &r 
&  componendoiq  prima  figura,  diuidcodo 
anicm  in  fecunda ,  vt  b  c ,  b  h ,  i^a  d  c  , 
a  r :  cjudpitm  creo  yt  b  <: ,  l>  i  longitudine, 
itaofttnfumiititpauloaa^e  cfTe  'foY^ftate 
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Aqj  df  :&vtdc9df  itaiammoiifiranim 
cftcfle  bc^bh:crgo  vtbc,bi  long;itu« 
xo  Jcx.  dinc ,  ita  bc,  bh  potcfiatc:  crgo  trcs  rc- 
ti  Euc.  fjjp  ^j  c ,  b  h^  b  i  fuat  proportionalcs. 

Rurfus  qiiopiam  vt  b  i  ad  b  h  ^  ita  cft 
bh  ad  bc  ,  crgo  ^diuidcndo  in  prima 
figura ,  &  componcndo  ia  fccunda,  vt  b  h^ 
h  1  ^  ita bc  ,h  c:  & altcraando  vt  bh,  b c, 
ita  hi ,  hc>  &  inucrtcndo  vt  b  c  ,  bh^  ita 
h  c ,  h  i :  fcd  ficut  d  c  ad  d  f ,  ita  oftcnfuin 
cft  c£^  bc  ad  bh :  crgo  vt  dc  ad  df  ita 
cft  hcadhi:fedvthcadhi,  ita  cfi  f h 
ad  h  g  (  (unt  cnim  thangda  f  h  c,  ghi 
limilia  ob  candcm  rationcm  qua  b  c  d,  h  c  f 
oftcnfum  fuit  cflc  finiilia  )  crgo  vt  c  d , 
df,  ita  hf,  hg*>  ipfi  autemdc  zqualis 
cft  d  a ,  conftat  crgq  d  a  ad  d  f  candem 
'         habere  proportioncm  quam  ih  ad  hg« 

CORQLLARIVM. 

» 

Ex  his  inferrt  Ucet  vt  d  a  ad  a  f ,  ita  e(te 
fh  ad  f g :  quoniam  enim  vt  d  f ,  d  a  ,  ita 
h  g ,  f  h :  *f go  componedo  in  prima  fignra  , 

&  diuidendo  in  fecunda  Tt  a  f ,  d  a ,  ita  f  g, 
f  h ,  &  inuerteodo  vt  d  a ,  a  f ,  ita  f  h ,  f  g. 


"^  ■ 


PrOpositjo   II, 


Sic  parabolse  fegmentumcon- 
centuna  re(ft;i  linei  ac,  6c  cunia 
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BUattthrHm  Ubn  tlh  %ii , 
abcj  duda  ver6  (it  a  pmiiftd  a 
iinca  af  xquidiftansi  diatnctro 
^  b ,  ^  ^  c  pun&o  4u^a  (It  tan' 
gens  parababun  in  c,,  eique  {it 
«f.  Si  extra  ciiangulum  fac  dnH 
catui  qngrdaiii  iinea  i  \  cquidi- 
ftans ip{}  af  jbe^ucreofs  vero  p^ 
rabols  in  h  >  re^i$  f  q ,  a  c  in  1  y 
K  jYt  a*  adi~^i  i«  jcrit  if  h^  " 

DuAa  fit  liaca  k  h  .ac(j[it<|ij[lati«  .4|amc-. 
tro  b  d  if  occurratquc  pairabdlxr  itlf^ly  ^^  tan-  3f;  p  ri- 
gcnti  inl,  &  rc^aat  pctr  U,|c  duftiac  in  i.  J))|.^"' 
Quoni^m  rc(la  c  e  taogit;  frakabolaiii  ii\  c  , 
&  occurrifdiamctro  \iy  c  j  4runt:  d  b  ,  b  e 
acquales :  cuinque  iriatlgaU  c  d  e  ^  c  i^  1  fint 
fimilia  ,  &  fimiliter  fe^a  pier  reOam  b  c  i^ 
erunt  4  i)  i  l|  vt  d  b,  b  c  ^  ac  proindc  erunt 
^i  ^  i  1  atqualcs*  Quoniam  ieitur  k i>,  \\ 
funt  zquales^  abauales  v^ro  etiam  funt 
ad,  dc^yt  ac  ad  da,ita  C(it  ]^\  adkf: 
fed  Vt  d  a  ad  ^  k  ^  ita  e^  corqllariQ  praece- 
dentis  cft  I;.  i  ad  k  h  ;  ergo  ex  xquo  vt  a  c 
ada^iita  eft  J^l  ad  \^\i\  6(  mumcn^o 
vt  afe^  ac,  ita  4h,  k J :  ergo  pcr  conucr- 
fionem  rationis  iq  prima  figura ,  &  com- 
ponendo  in  fccunda  vt  a  jl; ,  iitc  ,  ita  1:.  h  ^. 


nic. 
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1  h  9  qilbd  crat.  demonftratidQni. 
COROLLARIVM, 

Ex'  dcmonftrationis  progfciGi  maDi&- 
ftum  <&  vt  a  c,  a  ^,  ita  cffc  k  1,  k  h,quod  ^ 
pcrinde  vcFum  eft  in  cafu  quo  pun^um 
k  cadtt  imcr  a  fe  c. 


r 
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SCHOLIVM. 

Capttrum  ifta  quoque  propo(kia  cft 
quinta  quadraturx  paraboks  ,  fcd  cafus. 
defcrilMtur  omiflus  ia  cditionibus  illius 
libtUi ;  iD  vtraque  autem'  DQHnulia  rcfti* 
tuimus  ff u  vitio  .  tcmporis  infcrce* 
pta,  feu  a!>  ipfo  Authorc  bmifla,  vt 
oenc  achicrtk  Comm^ndimus»  Quod  fi  ab 
ipfo  Archimcde  haec  9c  ali^i  plurima  quas 
^  in  eius  operibus  fubftituunt  Entocius, 
Coomiandinus ,  aliique, ,  prxtermHa  fuc- 
nint  ^  confitendum  eft  cum  eodcm  Euto- 
cio  theoremata  Archimedis  circ  J[V«r9«4- 
f«7/eB,  atque  vt  intclligantur  neccflariam  c0e 
MrdiTif  dxfiffiM^  fVETi^oAoi'  ^vleuridLih.  Qua> 
rc  quod  IHutarchuf  in  MarcelU  vlta  affer*- 
uit  viam  qna,  ille  ad  rem  demonllrandam 
pergit  eflc  Drcucmt  in  confcffo  cft  apud 
onines{at  quodaddit,  eandem  quoque 
eileplanam  &  expcditam  neCcio  vrrqm 
vllus  mathematicarumdifciphnansm  pcri* 
tus  conceflcrit. 

-  ■ 

PbToposi  Tio  IIL 

Sit  pdirabo!a&  (egmentam  toB- 

teiitum  ceda  ac ,  &  curul  a b  c, 

I  cuius  diameter  b  d,  tangens  vera 


'? 


lio  THfdgonifMicotim 
itic  lit  c  1 ,  occurrens  diametrQ 
in  i.  Sit  pr^terea  fedipnuiti  op- 
pontarutn  alteoitrs  e ,  eanimique 
diameter  trifiierfa  ac,  ad  quam 
quac  ordinatim-  apj|>Ucaotur ,  (int 
ipn  b  d  paraneiae.  Per  c  ada  ^% 
red^  t  n  aequidiftans  ipfi  b4 ,  ab- 
rciifaque  ifit  t^  ti  lateri  redo  Zf 
qualis  i  n  vt  4  i  reda  ad  c  d ,  ita 
fiat  reda  c  ii  ad  qiuatcam  o ;  & 
orditiatinl  appliteturtjiuecunqup 
re(^a  k  e ,  occurrens  tangenti  inl, 

&  parabolae  in  h  i  redangulum 
fub  o  ^  fub  kh  comprcbenfum 
xqualeerit  quadrato  ordinatim 
Euc""  applicatae  *k  e  5  acproindetresre- 
dac  o,  kc,  kh  propQrtionales 

ctunt. 

■  • 

,  QuQniam  eniiu  re^a  c  n  eft  zqualis  la- 
teri  rcfto  fe^ionum  oppofitanim ,  &  eft 
parallela  ordinatit^  applicatxkcerit  re> 
Aangulftm  ftfb  ^c^ ,  4  g  aeqoale  quadrato 
ordinatim applicata:  4e:  fi  enim  cn  fit 
perpcndiculafis  ad  a  ic ,  rcftar  a  n  ,  c  f  de* 
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tcrmiAabitnt  figurani  vt  AppoUonius  lo* 
qiiitar  iti  vigefim^  prima  primi  conico« 
rum^  lioc  clt  re£):angulum  fub  ck,  l^^^ 
crit  aequale  quadrato  k  e :  fed  quamuis  c  n 
non  fit  perpendicuUris  ad  diainetrum  a  c^ 
dmnmodocn^Kg  fint parallelat ^  vt  ci^ 
ad  ac,  itaefi  j^g  adcn;  ergofiuccn  fit 
peq>e&d]cularis  ad  di^metrum  a  c  fiuenon 
fit  y  femper  t^&z  k  g  eft  eiufdem  magnitu- 
dinis  ;  crgp  cum  refi^gulum  fub  ck  & 
(ub  k.  g  fit  tunc  xqualc  quadrato  re£tx  k  e^ 
quanclo  (:n  cft  pcrpendicularis^ad  diame* 
tram  j  crit  quoquc  idetn  rc£tangulum  fub 
cjk  &  kg  cidcn;!  quadrato    i^c  s^qualc 


Ehc, 


N 


*5*    .i  TetrMgBmfmkomw 

ctiam  tunc  ,  camcn  non  fccabit  ad  reAQS 
angulos  diametrum  ac» 

Rarfuj    quoniam   rcftangula  fub  aJ^, 
kl^Sc  fub  K'g 5  k  1  habent  camJcm altitur 
1.  fcxti  jipem  kl,  ita  fe  h.-bcUt  Intcr  fcft  bafcs 
4"rcxti  ak,  kg  :  fcdvjt  ak,  Kg^ita  fumVc  ;,cn 
Euc.      (  eo  quod  triangtila  a  k  g  >  a<:  n  iint  (imi- 
lia  )  crgo  vt  a  c  tcfia  aic  n  ita  cft  rc^ah- 
,.  crolutn  fub   aky  k.t  ad  rcftangulum  fub   \ 
k  2;  k  !•  Rurius  vt  rcaaneulam  fub  k  2*    i 
Jcla^  teftanguluraTirb.kg,  kx\  ita  cft  \ 
rcftc\  k  1  ad  fc  c  {  c6  quod  cadcm  fll;  altitu-   ■ 
do  K  t )  ^cd  vt  rc£^a  k  1  ad  k  t,  ita  cff i  d 
ad  d  c  (  c6  quod  triangula i d  c,  1  k c  ifint 
fimiha)  &  vt-  id  ad  dc  ,  ita  cft  tx  con- 
ftruftionc  rcda  cnad  o:  crgavt  rcftan- 
gulum  (ub  kg,.kl  ad  rc£tangalum  fub 
k  g  ^  i^  c  ,  ifd  cft  rc^  c  n  ad  o.  Quoniam   | 
igitur  vt  rc^langalum  fub  a  k ,  k  J  ad  r^-  \ 
ftangulum  fiib  ii:  g,  k  l»  it^.oftenfum  ci^  ! 
cflc  re(^zxr)  a  c  ad  c  n  ,   &  Vt  red:angulum 
fub  k  2; ,  k  t.  ita  oftcnfum  eft  cflc  rcdtam^  i 
c  n  ad  o :  crgo  cx  afquo  yt  rcftangiilum 
_  fub  n  k  r  k  l ,  ad  rcftaHgulum  fub  l^  g ,  k  c, 
ita  eft  1  cdta  a  c  ad  rcftam  o.  . 

<^oniam  at;t<m  vt  rcfta  a  c  ad  a  ^  ;  ita  ' 
i^  r<rx-  pcr  corollarium  pr^ccdentis  cft  rcfta  k  l 
(i  Euc.  ad  K  h  ^  crit rcftanguluni  fub  a  c,~k  h  aequa-  I 
lc  reclah^ulo  fiib  a  k  y  k  1 :  fcd  rcftangu-  \ 
lum ,  fub  p  K  j  jc  l  fc  habet  ad  reftanguluni  ' 
fub  ke  5  k  c  vt  rcfta  a  c  ad  rcctam  o ;  cr- 
go  rcctangulum  fub  a  c,  k^  h  fc  liabct  ad  i«- 


f 


> 


^iangulum  fiib  k  g  ;  K  c  y  lioccftad  qua* 

dra^uin  k  e   (  quod  reAangulo  fub  Ib:  g^ 

K  c  ^qualc  cAc  oftcnfum  fiiit  )  vt  rc^ta  a  c 

ad  o,  Cum  igitur  vt  rcda  ac  ad  o  )\  ita  (ic 

re^^an^ulum  fubac,  k^  h  ad  rcfiangulum 

fub  o  ^  k  b  (  c6  quoil  candem  aUitudi- 

ncm  )f  h  habeant)  &  vt  ac  ad  o  » ita  (it 

rc£ibangulum  fuo  a  c  ^  l^  h  ad  quidratum 

^ci  erjt  Yt  rc£^angulum  fab  ac  ,  kh  ad 

redangulum  fub  o  &  k  h  ^  ita  idcm  rcdaa- 

gulum  fub  a  c  ^  K  h  ad  quadratum   K  c  : , 

crgo  rc£):angalum  fub  o  it  Kh  clt^quale     v 

quadrato  k  ^  ^^^  nonap  quinti  EucUdis  j       -    ,        >" 

&  tres  rc^ae  o  ,  KCy  th  funt  propoiftio-  [f 'J!!!^ 

nales  ,   quod  crat  ^cmojiflrandum* 


V, 


GOilOLLARIVMI. 


k , 


Quod  fi  punAum  lc  cadat  intcr  a  &  c  j» 
&  circadiamctrum  ac.  data  lateris  rcAi 
naagnitudinc  c  n  ,  dcfcripta  fit  ellipfis  ad 
^uiu^  diamictrum  ac  ordinatim  in  dato 
angulo  i  d  c  apphcatde  conueniant  \  eadem 
crit  demonftrationii»  vis ,  oftcndieturquc 
tres  rc£las  o  ,  k  e ,  k  h  cilc  proportionales  j 
erit  autcm  pundum  c  iqt  pcrimctro  clli« 
pfcos. 

COROLLARIVH  ^Xr  - 

C^uonia.m  trfs  vt(Xx  o  ,  4rC,  4  K  &  rc« 
Oa^gulum  fub  o  & h^h efl  xqu ilc  quadrato 


i 
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tcOiXi  k  e  ordinanm  applicatx  ad  diaine* 
trum  a  c )  quadrata  ordinatim  applicata** 
rum  erunt  inter  fe  y  vt  ipfarum  portioncs 
inter  diametrum  k  c  &  parabolam  idtcr* 
ceptst  y  cum  iiat  zqualta  re£tangalisc  on- 
tentis  fub  eadem  altitudine  o  ,  &  fub  ipfis 
i.  fcxc.  intcrceptis  iater  diametrum  &  parabolam, 
•      qux  hoc  ipfo  fc  babcnt  vt  ipf»  intcrceptar  t 

corollarivm  m. 

Quod  fi  rectx  a  c  >  d  i  >  c  n  iint  f  quales, 
ft  oi  fit  ad  ac  perpendiculanS)  recta  o 
'  erit  {qualis  {emidiametro  c  d »  &  figura 
circa  diamctrumac  defcripta  crit  circulas, 
vt  ex  dcmonfiratis  apermpi  eft^  Quoniam 
cnim  vt  di  ad  c  d,  ita  eft  cn  ipli d i^qua* 
lis  ad  o ,  erit  re£la  o  a^qualis  rectx  d  c  ^  & 
quoniam  ordinatim  applicataer  ad  diamc* 
trum  a  c  funt  perpendiculares  ad  ipfam,  & 
recta  c  n  eftipfi  a  c  arqualis ,  figura  circa 
diametmm  ac  defcripta  crit  circulus  ^  vt 
cx  vigefima  prima  primi  conicorum  aper« 
tum  eft« 

PROPOSITIO   IV* 

Sint  fediones  oppofitx  a  & 
Cy  qaanim  diametet  tranruerfa 
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^Cy  ceiitrum  d,  tangeits  cn» 
{ttque    ipf^  c  n  squdis  tateri 
redo  (tdL\on\m   oppofitarum , 
&   per  4  a^a  iit  d  g  parallela 
tai^enti  cn.  Piamecro   a  c  x^ 
cpiiidiftet  pq ,  quae  ocburret  ttri- 
quc  hypcrbol?   a  &  c  in  vno  'J.^ll 
tahtit|npundlQexconicorum  do- "■'^* 
drihl  >  iilud  (itp  2e  q.  Re^^ 
dg  fit  d  f  aequali)s ,  ip(aque  d  g 
bi£irjlam   in  o  fecetur  9  a^tquc 
per  •  ducta  Ht  |om  ipfi  adc 
aequidiftas, fiacque^  1  o ,  a  d,  o  m ,  . 
dc  aequales.  His  pofuis  vt  fg.- 
redta  ad  c  n ,  ita  fiat  6  m  ad  o  i,  . 
diuifaque  bifariam  d  i  in  b ,  Vt 
b  o  reda  ad  ol,  ita  fiat  ipfa  ol 
ad  ^ ,  datoque  iatere  rc^fto  ^, 
vertice  b,diametro  b  o,  ad  quam 
ordinatim  appiicaca:  azquidinienc 
ipfi     bl ,  defcribatur  parabola  mico' 
bl  m>  oftendcndueft  primo  para-  "'^' 
bolam  trandre  perpuni^a  l  &  m, 
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1^^^  . ' :  Tetrggompttkorum 
atqac  ^iccuitere  hypcrbols  vtri^ 
que  in  ^undis  p  &  q  -,  St  {i  per 
quodlibct  pundum  e  vltra  p  & 
q  fumptum  ducatuii  reda  k  eh 
ip{]  d  g  a:qyjclif^aa$y6c  occurrena 
redx  p  q  in  x,  treisredas  f  g ,  x  e,^ 
Kc  cfife  proportionales* 


f^3<r 


n1 


/ 
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'jElmentorum  UiherliL    ^i^ 

Pcr  p  &q  dwamur  pfj  qfipfi  dg 
parallclx^ocmrcQtcs  rcA^  o  1  in  t  &  «^ 
X^oniam  reAangukm  fub  rtftis  ^A:  ob 
xlX  srquale  <]uadrato  ordyinatiiii  apptkat^ 
per  o  du^ ,  em  illa  aequaJUs  ipfi  t>  1 5 
«um  quadratum  veAx  olfic  atquale  ex 
conftruAione  re£ttogulo  fub  rcdis  f  &  b  o 
cooteoto,  Rmfus  quoniam  Ibmi  eft  pa- 
rabote  fegmedtiun  comentuai  reOa  1  m 
>&  curua  1  b  m^  ciufque  diameter  eft  o  b^ 
ipsique  o  b  abfciffa  ell  acqualis  b  i  ^  ii  per 
t  &  m  ducatur  rcjfta  i  m  ^  langet  pa^a* 
bolam  in  puoAo  m  >  «x  Coiuci^*  jPrae*  ^^.  P^^ 
terea  quonum  a  &  c  funt  fc£lioncs  op^ 
pofitx  quarum  diameter  tranfucrfa  a  c>  ad 
quam  qua?  ordinatim  applicantur  funtjpfi 
o  b  parallclX)  pcr  c  verp  a^a  eft  rt^ta 
c  n  squidiftans  ipfi  bd>  &  htevi  rcAo  fe- 
j£iionum  oppofitarum  arqua}is ;  &  vt  o  i 
reAa  imer  balim  1  m  &  tangentem  m  i  in« 
tercepta  ad  c  dy  vel  ad  om  (  eO  enim 
do  mc  parallelogrammum  )  ita  penitur 
zffc  re^a  c  n  ad  f  g  quartam;  tres  rcAx 
^gs  ^^1 2sii  eruntpcr  pra^cedentem  pro* 
portioaales^  &rc£tangulum  fub  fg ,  2sh 
erit  aequak  quadrato  rtlkm  z  e:  tres  item  re« 
&x  fg,rp,  &portio  rcftae  rt  mtcrcc. 
pta  parabola  1  b  m  &  reftam  1  erunt  prp- 
portionales  per  eandem  propofitioncm  : 
idemque  dicendum  cft  dc  tribus  rcftis  f  5, 
fq,  &  portione  rcftxfu  intcrcepta  intcr 
parabolam  1  bm  &  reAam  m  1.  (^o- 
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num  igitur  Kc^Va  fg  ponitur  dupla  rc£lar 
<ig  fcurp^  ipfa  autcm  d g  pomtttr  du- 
pla  rc£tx  o  g  fca  t  p :  vrrc£la  f  g  ad  re-^ 
cram  rp^  ita  crit  rcfta  r  p  ad'  t  p^  &  rc- 
£ta  f  q  ad  u  <]  :  fcd  vt  rc£U  f  g  ad  rcctam^ 
r  p  fcu  fqiitacft  ctiam  rccta  rp  ad  por-^ 
tiencm  rcctx  rc^vci  fu  Wetccptam  in« 
tcr  rcctam  1  m  &  parabolam  1  b  m :  crg^ 
vt  rccta  r;p  fcu  f  q  ad  t  p  fcu  u  q  >  ita 
cft  ipfa  r  p  fcu  f  q  ad  portioncm  rcctx 
5>.cjiiiii-  rt  vcl  f  li  imcrccptam  intcr  rcctam  \m 
li.tuc.  ^par^bolam  1  bm:crgorcctx  tp  fcuuq 
xquatis  cft  portio  rcctx  t  p  fcu  u  q  intcr^ 
ccpta  intcr  rcctam  t  u  &  parabolam  j  cr- 
go  rccta:  rt,  fu  occurrunt  parabolx  iti 
punciis  p&q>  quz  cft  ptima  pars  ciu$ 
quod  crat  dcmonfirandum  primo  loco; 

Rurfus  quoniam  quadratum  k  c  cft  ae* 

qualc  quadratis  l^  x,  x  c^    &  bis  rcctan» 

^    gulo  k  X  c  ^  rcctangulum  fub  f  g,  z  h  cuffl 

dratis  k^^  X c  y  &  bis  rcctangulo  k xc: 
Quoniam  vcro  rcctangulum  fubfg»  zh 
cit^qualc  tribus  rcctangulis  fub  f  g,.  z  Xj 
fub  f  g  X  c  i  fub  fg ,  c  h;  rectangulum 
^     autcm  fub  f  g  ,  zx  cft  ^quak  quadrato 

cunJi/  ^^  (  ^^^  ^"^^  zsCjjKX,  fg  proportiona- 

fiuc.     Jcs  9  cum   vt  f  ^    ponitur     dupla   itctx 

g  d  ,  ita  X  k  dupla  rc^tx  z  x  pomitur  tfSt), 

rcctangulum  autciii  fub  f  g^  x  c  cft  xqua* 

Ic  bis  rcctangulo  fub  k  x,  x  e  (  rcctangu- 

17  rcx.  la  cnim  fub  K  x  >  X  c  ,  &    fub  fg  ,  x  c 


w 

cum  «andem  altitudinem  x  c  habeaut^unt 
inuiccm vt bafes  Kx>fgieft  autem  %}  , 
dupja  rectx  kx)  crgo  cuii|i  rcctangulum 
fuo  f  g^  z  h  fit  afquale  quadrato  KX,bis  !•  '«^^» 
rcctaBgulo  k xx,  & <]padrato x c  ^ &  cuih  ^"^^ 
.  £cctangulum  fub  f  g  &  fub  z  c  fit  xqualc 
vt  oftcndimus  ^  quadrato  k  X  ,  &  bis  re-* 
cungulo^xc  ;  rectangulum  fub  fg& 
fub  ?c  crit  minus  rectangulo  fub  fgfic 
fub  z  h :  eft  ergo  z  h  recta  maior  quam 
s&  c^:  ergo  cum  ex  rectangulo  fub  f  g>  zh 
fit  ablatum  rectangulum  fubfg,  zc; 
hoc  cft  quadratum  kx  &  his  rectapgu- 
lum  kxci  ^cli&quetur  rcct^ngulum  fub 
f  g,  ch  quqd  crif^fpiale  quiadrato  xc  j 
qux  cft  altcra  pars  cius  quodcrat  primo 
loco  demonfir4pdum«       . 

Dico  fecundo  ii  tt(kgt  gb  fiat 
'b  X  aqualis,  &  iungatur  rcdlac  k  p, 
x<I ;  ipfas  X  p>  ^  q  tangcrf:  parabo- 
lam  &  hypbrbola  in  punftis  p,  cj. 

Quoniam  g  b,  b  x  funt  acquales  crunt 
rectac  a p  ^  ^q,  lagentcs  parabolam  in  p,  q. 
Rarfus  quoniam  ad  parabblac  1  b  m  cJia-  ^h  P'** 
metru  b^  ordinatim  applicatae  ftipt  o  m,  q  |^f  ^' 
;q,  crunt  vt  om,  gq,  poteflatc,  ita 
o>  b  glongitudint.  Pr:rtcrea  quoniam 
rcctx  o  b^  bi  funt  arqualcs  cx  bypothe- 
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%i.  pti-  (i ^  iicm  gb  ;  bx-,  crgOi  ablatis zqualibii^» 


miGo- 


refidaa  gg,  iA.€ruil»  xqoalia  :  fed  o  g, 
od  fiint  etiam  ex  Hypothefi  ^quales :  ergo 
rectac  o  d  ^  i  x  funt  atquaics  >  crgo  addita 
commuhi  i  d  compofitae  rectx  d  X  y  i  o  iimt 
aequales  >  ergo  fi  exrecta  d  k  dematur  xqua- 
'  lis  rectse  o  b ,  refiduum  crit  ^quide  rectx 
b  i^cumqae  b  i,  b  o  fint  arquales,  itc!n  b  g, 
bx,  vt  b  o  ad  bg^itaeritbi  adi^A;: 
^   .    crgo  vt  b  o  ad  b  g  ita  erir  oi  compofita 

U^uc.  ^^  ahtccedentibus  ad  gX  coknpofitam  ck , 
confcqucdtibus :  Sed  dA.,  oifunt  zqua«> 
lci  y  ergo^Vt  bo ,  b  g ,  ita  d  X,  g x :  fcd  vt 
dA  ad  gXf  ita  cft  df  ad  gq,  coquod  iii 
triangulo  X  g  q  lateri  g  q  paralleli  fit  d  pi 

4.  fexti  crgo  Vt  bb  ,  b  g ,  ita  d  (F,  gq. 

^*'  -  Quoniam  crgo  vt  b  o  /ad  bg  Idngi^ 
tudine,  ita  oftcnTumcft  cflc  o  m  ad  g  q  po  • 
tefiatc,  &  vtrccta  bo  ad  bg,  ita  oftcn- 
fum  cft  t&  reaam  d  f  j^d  g  q :  crgo  vt 
d^  ad  g  j^  Ibngitutinc  /  ita  om  ad  gq 
poteflate  :  ergo  tres  rcctj^^gqi  oin,  :4i^ 
funt  ptopojtionales^fed  on^y  4c  fam: 
arqiialia  latera  parallclogrammi  4  o  in  c  : 
itcm  g  q )  d  r  funt  ^qualia  latcra  paralle* 
logrammi  d  g  q  f  :crgo  tresrcctx  49>d  c, 
d  f  funtprppoTtionaks^ciimergoex  pun- 
.    cto  q^ordinatim  applicatafit  qf  ad  dia- 

roico-  i^ctrum  ck  hypcrbolac  c^rccta^^qA.  tah- 

Ric.       gct  hyperbolam  c  in  puiicta  q  cx<;onicis, 
Simih  prorfus  thf thodo  ofteudetur  rcctaih 
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X  p  tangere   in  p  hyperbolam  a ,    quod 
crat  ofiendendum  fccundo  loco« 

P&OPQ$lTl9     V* 

I 

Reliquis  mancnttbus  ,  (!(  a^ 
diamecer  ellipfeos  ^  redaque  €,  n 
cangens  in  c  (it  aequalis  lateri  re- 
'6lo,  Dico  parabolam  occurrere 
eliipd  in  pundis  p  8e  q :  dc  fi  per 
ellipreos  pundum  c  quoduis  in- 
tra  p&qruroptumducatur  rc(5ta 
K  eh  ip(i  d  g  aequidiilans ,  fic  oc- 
currens  teftac  p  q  in  x  ^  tres  rc^as 
fg>xC}he  cuc  proportionides : 
&{irc^«  gb  nat  b^  aequalis, 
iungaturquc  ^  q  occurrcns  diame  • 
tro  a  c  in  9  rc^am  ^  q  tang^rc  in 

q  parabolam  Ibm* 

H«c  omnia  iifdcm  prorfus  v^rb^s  oftcn  * 
duacur )  quibus  vfi  fumus  paulo  ante  idip- 
fim  de  fcftiombus  oppofitis  dcmQn(lran« 
do :'  candcm  ycro  rcftam  h  q  tangete  cHip- 
fim  in  codcm  pun,£to  q »  ita  odcndcrur 
paucis  immutatis.     / 
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Qiioniam  sid  parabolae  1  b  m  diaiiictrum 
bg  ordinatim  applicatx  funt  gq,  onr, 
crunt  pcr  vigcfimam  primam  primi  Coni- 
corum  vt  om  »^g  q  potcftatcr,  ita  b  o ,  b  g 
longitudinc.  Pra^tcrca  quoniam  rcft^  o  b , 
b  1  (unt  ^quaks  cx  hy  pothcfi  ^  jtcm  g  b , 
b  K :  crgo  ablatis  aequalibus  rcfidua  o  g 3  i* 
crunt  xqualia  :  fcd  b  d ,  o  g.funt  ctiamcx 
hypothcfi  xqualcs :  crgo  rcftx  o  d  »  i  a  fuBt 
arqualcs  :  crgo  addita  communi  o  x^com- 
pofitae  d^ ,  i  oiunt xqualcs  :  crgo fi  cxre- 
dla  d  ^  dcmatur  rc£la  xqtialis  rcftar  o  b, 
rcfiduum  crit  acqualc  rc^ac  ib-,  cumque 
bi  3  b  o  fint  cqualcs  ,  itcm  Jb  g,  b  a  >  vt 
b  o  ad  b  g  ita  erit  \>\  ad  b  ^  :^crgo  vt  b  o 


ElmentQrum  Lihet^  lll»     a  ^i 

lici  b^,itacrit  oi  comppfica  cx  anircc- 

dcntiDUS  bo\  bi,  ad  g^  conij^ofitam  cx 

confcqucotibus  b  g,  bAzfcddx,  oi  funt 

acqualcsjcrgo  vt  b o,b  g ,  ita  d  ^,g'^»  Cate»-^  '\ 

fd  nihll  diftfunf  db  tjs  jud  in  priori ,    fi44re       .    .^  .\ 

nec  hic  funt  repetendd  yfyne  dd  illnd  cum  ,ni  Co-  1 

crgo  c^  pun£lo  q  ordinatim   apphcata  lit  nic 

qf  ^d  diamctrutn  ac  cUipfcos,   rc^a  q^ 

tangct  cllipfim  in  pun£lo  q«  Simili  prorfus 

thcthodo  oftcndctur  rc£lam    X  p    tangcrc 

in  p  eandcm  cUipdai» 

COROLLA  RIVM    I. 

Cum  parabola  Ib  m  &  cllipfis  tangant  ^7quar 
(c  in  duobus  punAis  p  &  q  manifcftum  M  ^^' 
exconicis  cli  inaliopunftofibiipfis  non  "*^*  '  . 

occurrcre  ^  cadcmquc  dc  causa  apcrtum 
\  cft  parabolam  Ibm   &  fcftioiics  oppofi* 
tasnon  occurrcrefibiinalio  pun£^oquam 
in  p  &  q^ 

COROLLARIVM.    H. 

i 

£x  his  qUoque  iftud  manifcftum  e(l« 

iData  (ic  eUipils  cuius  ccntrum  d  diamc- 

jinctcr  ac,  &  in  ellipfi  ita  aptata  p  q  vt 

|flt  ipfi  diametro  paralleJa  \  atque  per  pun-» 

|da  p  &  q  cdu^lx  fint  tangcntcs  p  X,  q  ^ 

conucnientesin  x  (  conucnient  cnim  per 

vigcfimam  fcptimam  fccundi  conicorum) 

iungaturque  k  d  occurrens  rcQ^  p  4  i^  S* 
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6c  cam  bifariam  Ucans  per  trigcfimam 
fccundi  Conicorum  ;  ipiaquc  gA.  bifa- 
riam  Iccctur  in  b  ,  atquc  pcr  p  >  b  ,  q 
dcfcribatur  parabola  cmus  axis  bgf&  or- 
dinatim  vtnnquc  applicata  p  g  ;  cllipfis 
&  parabola  contingcnt  fc  in  punAis  p ,  q 
Bcc  in  alijs  fibi  ocjcurrcnr.  Item  fi  aquo- 
uis  punAo  c  pcriphcriac  intra  triangulum 
A.  p  q  dcfcriptx  ducatur  rcfta  h  c  x  paraN 
kla  rcftae  A.d,  occurrcns  parabolac  in  h, 
tcftx  p  q  in  X  ,  fiantquc  d  g ,  d  f  xqualcs, 
crunt  trcsrcctac  fg,  xc,  ch  proportio. 
nalcs, 

CQROLLARIVM   IIK 

Ex  his  iftud  infupcr  manifcftum  cft. 
Datae  fint  fcctioncs  oppofitac  a,  c>  quarum 
ccntrum  d,  diamctcr  tranfucrfa  a  c,  &  il- 
li  parallcla  p  q  occurrcns  fcctionibus  in 
p  &  q ,  atquc  pcr  puncta  p  &  q  cductx 
^fint  tangcntcs  p^^  q^  conucnicntcs  in 
^^  /^"  A  (  coucnicntcnimpcrtriffcfimam  priraam 
Conic.  wundi  Conicom  )  mngaturquc  \  d  oc- 
currcns  ttcxx  p  q  in  g ,  &  cam  bifariam 
fccans  \  ipfaquc  g  h  bifariam  fccctur  in 
b  \  atquc  pcr  p ,  b,  q  dcfcribatur  para- 
bola ,  fcctiones  oppofitx  &  parabpla  con- 
tingcnt  fe  in  pundis  p  &  q ,  nec  in  alio 
fibi  occurrent.  Itcm  fia  quouis  puucto  e 
fcctionum  oppofitarum  vltra  puhcti  p  Vc 
q  fumpto  ducatur  rccta  h  c  x  parallcla 


j 
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ctz  h  d ,  occurrens  parabolx  iii  h)  &  rc- 
ctas  p  q  in  X  ,  fianrquc  d  g,  d  f  arquales^ 
crunt  trcs  rcctx  f  g ,  x  c ,  c  h  proportio* 
nales. 

P  R  O  P  O  S  I  T  I  O    V  I. 

Sint  fediones  oppofitx  a ,  b,  & 
per  a  &  b  dudx  tagentes  a  d, 
b  d  conueniant  in  d :  per  b  duda 
{it  b  e  xquidiftans  tangenti  a  d 
&  occutrens  redioni  in  e.  lunda 
rc^  ae ,  per  quoduis  pun- 
dum  g  portionis  hyperbolx  b 
extra  re^m  a  b  exiftemis  adpar- 
tes  eas  ad  quas  tangentes  a  d,  d  b 
non  coneurrunt  ducatur  recta 
f  g  h  k  l  xquidiftans  tangenti  a  d, 
&  occurres  tangenti  d  b  iri  f  j  re- 
(^^  ab  in  hj  re^sc  aci  in  k$ 
fciftioni.verc)  in  1  j^dicQ  tres  rcdas 
f  g ,  g  h,  h  K  eflc  prpportionales. 
Etfiperquoduispun^um  n  por- 
uonis  hyperboljc  a  exiftentis  ad 


\ 


}^6  TetragonifmicoTum 
eafdem  partes  ^  duca^ur  re<9;a 
n4p^f*  occurrens rcdat  c a  in  4; 
rcdlas  a  b  i  h  p  ^  &  tangcnti  b  d 
ins  trcs  rcdas  n^',  pn,  p^cflfe 
proportionales. 

Quoniam  cnim  tangcntcs  ad,  bd  con- 
uemunt  m  b^&tangcnti  ad  seqmdillat 
n;  Co-  f  1  >  ^^^^  ^^  quadratum  ad  ad  qaadratum 
4ic.  db>  ita  rc^langulum  Ifg  ad  quadratum 
fb  lincz mtcr arquididamcm  fl&  ta£lum 
b  intcricAae ;  fcd  vt  quadratum  a  d  ad 
quadratum  db^jta  cfl;  quadratam  fbad 
f  b  (  eo  quod  triangula  a  d  b  v  h  f  b  iint 
(imiiia  *,  habcnt  cnim  angulos  ad  vcrticem 
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b  zqualcs^  &.  altcrnos  ad  a,  d^h,  f  xqua*  p  quin 
les);crgo  Vt  quadratuiii  fh  ad  quadra*^  tiEuc, 

'    tam  fbvita  rcdangulum   If  g  ad    idcm 
quadratura  fb;    crga   rcftangulum  Ifg*'^'-''^* 
dl^qualc^uadrato  fh  :  crgo  trcs  rcd± 
fg,  fh^  f  1  futit  proportionalcs. 
^  Diuidatur  b  c  bifaria  in  m^  &  pcr  m  &  a 

;    dacatutceAa  am  occurres  rcAx  fl  in  i^. 
ctit  am  diamctet  ^  ac  proindc  ordiaatim  34*  fe- 
apphcatae.fi  ^  il  xqualcs  crunt:.fcd  hi,  ^q^^.^ 
i  K  fimt  etiam  xqualcs   (  nam  in  trlangulo 

'\   ahk  latcri  hfc  parallclacft  bc^crgo  vt  ^.Scxii 
bm  ,  mc,   ita  hi,  ij^)  crgohg,    kl  ^^^- 
{xint  xqualcs;  . 

:  Rurfus  quoniam  vt  fg,fh,    ita  funt 
fh,  {l\  crgo  diuid^ndo  vt  f  g^  ad    gh, 
fiue  ad  1 4  >  it^  :trit   f h  ad  h  1  ^  &  altcrnan^- 
do  vt  f  g  f  h,   ita  1  j^  ,  1  h  :  crgo   diuidcn-  , 
do  vt  fg,  gh,  ita  Ik  (luc  gh    ad  hk>. 

'   cigo  trcs  rcftx  ^  g  »  g  1  >  h  k  funt  comi- 
nuc  proportlonales; 

Rurfus  quoniam  a  d  ,  b  d  tronucniiint 
in  d,  &  tagcntiadaequidiftat  f^n  ,  crit  vt 
quadratum  a  d  ad  quadratum  d  b,  ita  re  • 
^angulom  m  fi  ^  ad  quadratum  ^  b  h** 
ncac  imcr  xquidiftantcm  nyt.Sc  taftum  f 'A^J* 
4i  interiedx:  (cd  vt  quadratum  ad  ad  j,ic. 
quadratum  d  b ,)  ita  cft  quadratum 
p  /1«  ad  quadr^tum  fc  b  (  co  quod 
triangula  abd  ,  pb^  (int  fimiha  cx 
coroUario  quartx  fcxti  Euchdis )  crg^ 
vt  quadratum  p  /^    ad    quadratum  fi  b , 
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ita  efl;  fc£laogulam  mfcT  adidcmqua* 

dratiun  ^  b :  ergo  quadratam  p  ^  eft   se- 

fiTuc"  9^^^^  reftangulo  nfb9:ac    promdc  tre$ 

17.  fex-  reAapB/t<(^  p/^j>^^  funt    proportionales« 

ti  Euc,      Producatar  diatnetet  a  m  ,  doncc  oc-p 

curratrectx  nfi  ^  pun£kum  vero  occursus 

fit  q;<[^ohiam  n 't  cft  tangenti  ad  xqui* 

,    diflians  /lc  a  q  e(l  diatneter ,  erit  n  t  ordi- 

LVr-'i'  natim  addiamCtrum  vtrinquc   applicata: 

nic>        *^go  n  q  ,  q  T  funt  aequales  ;  lcd  p^>  q^^ 

funtetiam^quales   (  eo    quod  triangula 

a4p9  aeb  iintiimiiia  &  limiliter  feda 

pcr  re^am  qam)  ergo  4n,  p^  funt  «- 

quales  ;  crgo  tres  reftg.  /iat  ,  t  p ,  fcu  4 n 

&  p4  Tunt  proportionales,  vt    in  fiiiiili 

paulo  fuperius  ofiendimus* 

C^uoniam  igitur  tres  rcitx  p4>4n  fcu 
7p  ,  &  fi  T  funt  proportionales'&  vt  p4 
ad  4  n  feu  ad  ^  p  ,  ita  eft  p  ?r  ad  t  pt :  cr- 
go  componendb  vt  p4  ad  pn  ^  ita  'p-r 
ad  p  ft :  crgo  vt  p4  ad  p  n>  ita  4  ^  conW 
pofitaex  antccedentibus  ^  ad  nft  compo- 
litarn  ex  confequcntibus  :  quoniam  autem 
4  n  ,  p  T  funt  aequales ,  vt  oftcnfum  eft, 
erunt  addita  communi  4  p  ?  xtfk^  p  n>  4^ 
^quale  s  :  cum  crgo  vt  p  4  ad  p  n  ,  ita  lit, 
vt  oftendijn^us  ,4  "^  ipfi  p  n  jqualis  ad  n  ;*, 
crunt  tres  ieAae  p  4,  p  n  ,  n  f*  proportio- 
nales,  quod  erar  oftcndcndum. 
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P  R  O  P  O  S  I  T  I  d  •>  V  i  I . 
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Sitfpdiq  conica  bf  c?  quam 
tangant  b^,  c  a  cQnueniemes  in 
a  5  re^a  b  c  coimedat  pui^a  ta- 
^{1$,  &  p^r/£^educta  ntdiame- 
tcr,  cl  j  pef\b  ver6  ^Kcta  rccta 
b  k  aeqUidifti^s  tangefid  .a  c  bc-  - 
currat  di^ctf^  in/1,  &  fectioni 
}n  kj  occUrfet.  enim  diametio 
ipHque  fectioni  ,  fecabiturque 
bifariam  inl ,  cum  Htparallela  re- 
CX.2S  a  c  tangenti  in  c.  Si  per  f 
quodlibet  punctum  fectionis  b  f  c 
ducatur  recta  dh  parallela  tan- 
genti  a  c ,  fecans  rectas  b  c,  c  I, 
ck,  ine,g,h$  dico tres rectas. 
df^fe^  eh  eife  pioportionalcs.> 

(^omam  cnim  tangens  a  c  cft  paralle-' 
la  ordinatim  applicatas  addiamctrum  c  l^  ^     ^ 
cikm  f  g  fit  ugcnti  parallcla  crit  ad  diamc*  ^i  q^ 
tramordinatimapplicata;a€proi^C  pr^*  nic^ 


onifmkeritm 
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dufta  occurrct.icAioni,  &'bi&ria  fetabi* 
tur  in  g :  qccurrat  ergo  fectioni  in  pun^lo 
i.  Qu^nia^  b;  1a  c  xcyntmgunt  fcftionc  & 
continge)[}ti«|i:;C  paralhela  dii£^a  cft  di^re- 
£langulufn|i  d  f  fe  habcbii;  per  d.ecimam 
fextamteraj  Vonicoruniad  Aua3ratum  d  b 
vt  quadraiu  af £ .ad  qiiadratana  a  b  •  fcd  vt 
cjuadratufiji  a  c  ad  ^uadi^tufn  a  b  , '  ita  fc 
habct  quadratum  e  d  ad.  ^uadratutn^  d  b 
('feo  qiiodl^n^U CmtXrkii^U  C  afifrj  e  d  b) 
ergo  vt  redanguiam  i  d  f  ad  quadratum 
4b>  ita  efl:  q^^iadcatam  d  e  :a^  quadratum 
idcm  d  b.:  crgp  tectangukin;!,  i  d  f  cft  x- 
quale  quadrato  d  e^crgo^c^^c^'?  d  f,  d  c» 
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Kurius  quoniaiii  gfj  gi  funt  acquaks^ 
crgo  ablatis^qualibuscg,  gh  (  ciimcnim 
in  ttiangulo  c  b  i!;,  lateri  b  x  parallcla  fit 
c  h ,  vt  b  1,  1  k ,  ita  crm  c  g,  g  h)  rclkluae 
f  c  ,  h  1  funt  2Bqualcs:quonia  igitur  vt  d  f , 
d  c  ,  ita  funt  de  ,  d  i :  crgo  diuidendo  vc 
d  f  a  d  f c  fiuc  ad  h  i  *,  ita  cric  de  ad  c  i : 
&aUcrnando  vt  df ,  de  ,  ita  hi,c  i :  cr« 
go  diuidendo  vt  d  f  f  c  ,  ita  h  i  ipH  f  e 
arqualis  a4  hc«  Trcscrgo  rcct^  d  f ,  fc, 
c  h  (unt  continuc  proportionalcs  quod  crat 
demonilrandum. 

•  ■ 

PrOP  OSITI  o    VII  I. 

J 

Sic  circuli,  eUipfeos ,  vel  feif^io- 
num  oppofitarum  centrum  g; 
rcdaE  in  b  &  c  tangcntcs  conue- 
niant  inpundum  as  iundafit  c  g, 
U  ad  eamex  b  ordinatim  applica- 
ta  bc  occurrens  ex  altera  partc 
fedioni  in  d  >  iundlis  c  d ,  a^  >  b  c, 
fit  h  interfe^io  re<^arum  b  c,  ag, 
&portio  ah  bifariam  fccetur  in 
ij  atque  vt  ih  reda  ad  hc>  ita 
fiathcredaad  ik  perpendicula-, 
rem  ad  reftam  i  h.  Dato  latere 


KA 
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redo  i  K ,  diametro  i  h ,  vertice  i 
delcribatur  parabola  cuius  ordi- 
natim  ad  diametrum  ih  applica- 
tx  xquidident  tz&x  c  b ;  tranH- 
bit  per  b  &  c  vt  in  quarti  huius 
oftenfum  eft.  Rurfus  vt  quadratu 
a  h  ad  quadratum  a  c  >  ita  fiat  h  r 
dupla  redat  h  g  ad  ti  f ,  &  vt  rc- 
da  bd  ad  b  c,  ita  fiat  re^  hf 
ad  ct,  Si  per  o  quodlibetpundu 
redts  b  c  ducatur  ad  redam  a  c 
parallela  l  n  o  p  occurrens  fcdio- 
ni  in  n ,  &  redis  ab ,  d c  in  l 
&  p :  &  pcr  n  ad  diametrum  i  h 
parallelaagatur  m  n  q ,  (ccans  pa- 
rabolamin  m ,  &  reifiam  b  c  in 
q :  Dico  yt  cft  rccta  c  t  ad  c  o , 
ita  efle  redam  1  n  ad  n  m. 


i 


Quoniani  cjiim* rcftangulum  fub  po, 
n  1  cft  2cqualc  quadrato  no  per  fcxtam  & 
rcptimam  hurus.s  &  rcaangulum  fub  fer 
dupla  rcjftf^hg*  fubquLc  4jm  cft  aequale 
qiiadrato  jc^  q  n ,  per  quartam  &  quin* 
tam  huius  >  &  qubniam  quadratuin  q  n  fe 
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I;  rex(i  habct  ad  quadratum  n  o  vt  quadratum  a  h 
^^*  ad  quadratum  a  c  (  c6  quod  triangula  a  h  Cj 
nq  o  (int  fimiUa )  &  vt  quadratum  ah  ad 
quadratum  ac,  ita  cft  cx  conftruAione  * 
re£tahrad  hf;&vtrcAa  hrad  hf,  ita 
cft  rcAangulum  fub  h  r ,  n  m  '  ad  ttQaiVk^ 
gulum  fub  h  f>  n  m^  (c6  qu6d  corum  ca- 
dcm  (it  ahitudo  m  n )  crgo  vt  quadratucn 
n  q  ad  quadratum  n  o^ ita  cftrcdangulutn 
fubhr  ,  n m  ad  rcftangulum  fub  hf,  n  mj 
&  altcrnando  vt  quadratum  n  q  ad  rc£);an- 
gulum  fub  1)  r ,  n  m  ^  ita  quadratum  n  o  ad 
rc£)angulum  fub  h  f>  n  m :  fcd  rcftangu« 
lum  fub  h  r » n  m  cft  sequalc  quadrato  n  q  ** 
ifScX'  crgo rcftangulum  fubhf^nmcR  xquale 
ti  Euc  qua^rato  i>o ,  fcu  rcftangulp  fub  1  n>  o  p : 
crgo  vt  In  ,  hf,  ita  nm>  op:  fcdhf,  ct* 
funt  C5C  conftructionc  vt  o  p ,  o  c ,  fiuc  vt  , 
b  d  ,  b  c  :  crgo  cx  acquo  vt  1  n  ,  c  t ,  ita 
nm,  oc»  & altctnando  vt  ln,nm,  ita 
c  t ,  o  p ;  quQdi^  crat  oficndcndum» 

PROPOSITIO      IX. 

lirdeni  man^ntibus ,  (i  per  ceti« 
trum  gducauir  g?"  parallela  tah- 
gcnti  a  c ,  occurrcns  redae  b  c 
in  A ,  oftcndendum  cft  redam 
ct  {ehabere  ad  c^>  vt  reda  ac 
fe  habet  ad  a  h« 
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Vt  rccta  ac  adahy  ita  fiat  ct  ad  c  fi  3 
&  vt  h  a  ad  a  c  ita  fiat  a  c  ad  a  f .  (^oniam 
rectx  gt^ ,  ac  fuDt  parallcl; ^ & io  illasm- 
cidit  tccta  a  g  9  anguU  aUcrni  c  a  h  ,  h  g a 
fuiit  acqualcs  v  triangula  crgo  c  a  h  ^  ii  g  ^ 
funt  fimiUa  ^  vtque  c  a  ^  a  h ,  ita  a  g  9  g  H. 
SimiUtcr  quoniam  paraUcl;  funt  b  c >  gA> 
triangula  c  A  g ,  c  b  e  funt  fimilia  >  ac  pro- 
indcvt  cbjbc^itag^j  ^c. 

Rurfus  quoDiam  tres  rcctae  h  a  /a  c ,  a  ^ 
funt  proportionajcs  vt  rccta  h  a  ad  rcctam 
a  9  ,  ita  crit  quadtatum  rcctae  h  a  ad  qua« 
dratumac:  Cum^igitur  proportio  quam  *ofcv 
habet  rccu  hrad  c  t   componatur  cx  ra.  j*    "^J 
tionibus  rect^bd  adbc^  &  quadrati  ah  tol. 
ad  quadratum  a  c  >  componctur  quoque  cx 
rationibus  rcctarum  b  d  9d  b  c  %  &  h  a  ad 
f  a  3  &  cum  proportio  xt(Xx  h  a  ad  a  f  com- 
poniitur  ex  rationibus  rcftamm  h  a  ad  a  c,    '' 
&  a  c  ad  ap ,  prpportio  tt&x  ht  ad   c  t 
componctur  cx  r^tionibus  re£larum  bd  ad 
bc)  &  h  aad  ac,  &  ac  ad  a^«    . 

Kurfus  quoniam  proportio  quam  habet 
h'g  rcfta  ad  ^  c  componitur  cx  rationibu^ 
rcftarum  h  g  ad  g  x ,  8r  g  ^  ad  ^  q  ^  com- 
ponctur  quoquc  ex  rationibus  reflarum 
eb ad bc  ^  &  ha  ad  a  c  5  8c  ratio  quam 
h  r  dupla  rcftac  h  g  Uabct  ad  ;^  c  Compone- 
tur  ex  rationibus  rcftarum  d  b  qua^  %Ql  rc- 
Aae  bc  dupla  ^  "^ad b  c  ^  &  h  a  ad  a c;  / 

i^oniam  igitur  proportio  rc£lap  hr  ad 
€  t  comppnitur  tx  rationibus  redlarum  b  d 
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ad  b  c  I  &  h  a  ad  a  c  ,  &  a  c  ad  a  f  3  ipfa 
autcm  proj^ortio  c  t  ad  c  /ti  cft  cx  confl:ru« 
Aionccadcm  quz  rc£lap  af  ad  ac:  pro^ 
portio  xtdx  h  r  ad  c  fx  componctur  cx  ra« 
fionibus  rcflarum  bdad  bc»&  ha  ad 
*  a  c :  Scd  pi;oportio  xcOlx  h  r  ad  kc  com« 
ponitur  ,  ytjOftenfum  cft,  cx  rationibus 
carundcm  rcctarum  b  d  ad  b  c  »  &  h  a  ad 
a  c  :  crgo  rcctx  c  fA ,  c  ^  funt  srquales :  frd 
g  rcctactfc  habct  ad  c/e«  cx  cohftructione 
vt  c  a  rccta  ad  a  h  :  crgo  c  t  (e  habct  ad 
c  ^ ,  vt  c  a  recta  ad  a  h  >  quod  crat  dcmon« 
ilrandum. 

DEFINITIONES* 

it  Syflema  nota^nethodo  dcf- 
criptum ,  vcl  abfolute  (ydemaap- 
pello  figuram  in  fuperiori  propo- 
fitione  exhibitam,  in  qua  para- 
boladrculum,  vel  ellipfim,  vel 
fedioncs  oppofitas  tangit  in  duo- 
bus  pundis  iuxta  modum  ibidcm 
&  in  przcedentibus  traditum  & 
dcmonflrratum. 

1 1.  Lunulam  parabolicam  (yftc- 
matis ,  vcl  abfolute  lunulam  pa- 

rabolicam 
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raboUcsini  appello  figuratn  para- 

boU  &  circulo ,  rel  ellipii  Gom' 

prehenTam  2  aue  etiam  Hguram 

parabola;  &  circuli  vel  ellipfeos 

pottionibus ,  &  re^^  infuper  vel 

re^is   diametro   reda:  acquidi- 

ftantibus  contentam  i  curuas  verd 

quibus  continetur  appello  arcus 

(uperiorem  $c  inferiorcm :  fupe- 

rioris  autem   nomine  inteDigo 

parabolam* 

1 II.  Cu(pides  xyftroides  appel- 

lo  figuras  conuexis  parabolx  & 

(edionum  oppont4rUm,redaque 

diametro    direi^a^    xquidiftantc 

contecas ;  curuas  vcro  quibuscon- 

tin€tur  appello  falces  Cupefiorem 

&  inferioreni[  ;  ruperioris  autem^ 

nomine  intelligo  parabolam. 

I  v.    Ta<ius  ^ftematfs  appcllo 

puhifta  c^  &bi  rcdam  cb  voco 

connedentem  ta<^u$  $   pundum 

^,certtrum  fy fte ra atis  j  lineam 

R 


158  Tetfsgonifmicorum 
ah  5  diamctruttt^reiftani  fyft^- 
matis  'i  ;eam  qusB  p^r  g.dudtjirpa- 
rallcla  U(^us  cbnne^nti ,  Botni- 
no  diametrum  tranrucrram  fyfte-, 
matis  i  redas  ac j  a  b  >  tangent;e^ 
fyftematis;  &lineam  ca  cuipa^ 
rallelae  ducuntur  reliquae  appcUo 
tangcntem- notam, 
V.  Redam  c^  interctptam  tan- 
gent6ca  &  ei  parallela  g\  ap- 
pello  brachium  librae  fyftema-! 
ticum»  _ 

.  V I,  In  iy ftemate  {i  rei^arum  dia-f 
iiietro  redx  aequidiftantiuni 
portiones  contentae  lunula  vel 
cu^ide  intelligantur  \  pun^oia 
quo  occurrunt  arcyi  vel  falci  in^ 
feriori  eo  vfque  inclinari  dum  fiat 
diametro  tranfuerfae  sequidiftan- 
tes,-  curua  per  earum  extremain- 
cedens  appelietur  exparabola»^ 
iigura  autem  contenta'  arcu  vel 
falce  inferiori,  ipfa  exparabol^» 
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dc  sedi  yel  redis  acquidii^anubus 
diametro  tranfuerfar,  appelletur 
cu(pis  vel  lunula  cxpari(bQlica« 
V I  !•  Si  in  (yftemate  a  quouis 
pundo  inferioris  arcus  vel  falcis' 
ducanturreds  cuida  alteri  quam 
fyftematis  diametris  aequidiftan- 
tes,  5c  ekeisa  pucto  arcus  vel  fal- 
cis  inferioris  verfus  niperiQrem 
abrcindantur  portiones  >  qua;  fe 
kabeant  ad  a^quidiftantem  dia^ 
metro  recta;  per  idem  arcus  vel 
lalcis  punctum  ductam  ti  lunuU 
yelcurpide  intctceptam,  vt  por- 
tiones  earundem  ab  eodem  pun- 
cto  ad  lineam  tactus  connecten- 
tem  extenlae  >  curna  pcr  earum 

extrema  iocedensappelleturqua- 
dratrix  genita  ex  pofitione  Ulius 
rectx,  ^giira  autem  contenta  arcu 
vel  falce  kiferiori )  ipfa  quadratri- 
ce ,  &  recta  vel  rectis  sEquidiftan- 
tibus  linez  illi  ex  cuius  pontione 

R    ij    . 


\" 
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quadratrix  genita  fueTlt>  dicatur 
liinula  vel  cuipis  media. 

Propositio    X. 

Si  in  recta  tactus  {yftematis  c6* 
nectente  deHgnentur  duo  puncta 
ab  eius  cum  diametro  rectl  oc- 
curfu  xqualiter  remota  >  6c  perea 
ductae!  sequidiftantes  rectac  diamo- 
tro ,  interfecent  lunulam  vel  cuG- 
pidcsj  ipfarum  aequidiftantium 
portiones  interccptae  linea  tactus 
coniungente  &  arcubus  lunula- 
rum  vel  cufpidum  falcibus  erunt 
asquales. 

Sit  fyftcma  cuius  ccntrumg  \  tangintcs 
b  a ,  a  c ;  tactus  c  ,  b  ^  recu  tactus  conne- 
ctensbc,  diameter  recta  ga^  parabola 
b  i  c;  fitque  circulus  vel  clhpfis  vel  fectio- 
ncs  oppofitae  per  b  &  c  ex  centro  g  not^ 
mcthodo  defcriptae  [  intcrfectio  diametri 
rcctap  &  tactus  conncctcntis  fit  h  >  atquc 
vtrinquc  ita  fumptxfint  a^qualcs  hq  ,  h  d|^ 
Vt  rcct.T  pcr  q  &  d  a^quidiftautes  diametro 
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g  a  ductx  fecent  arcus  iunut^  y  vcl  falcc^ 
.  cufpidum  in  punctis  ttymy  e,  f.  Dicq 
rcccam  qni  ede  aequalem  rectap  df,  & 
reccam  q  n  rect^  d  e  ^ac  promdc  & rcctam 
n  m  rectae  f  e., 

Per  n^  m,  e  ,  f  ducantur  xquidiftantes 
p  p  j  m  6 ,  e  j(: ,  f  1  3  erunt  q  o  ,  d  1  paraile» 
^^.  ^"'  k>2;ramma  ac  proindc  latera  oppofita  qbt 
m  o  erunt  a^qualta  >  item  ii  d  >  1 1 :  led  q  b, 
hd  iunt^ex  condructioijie  recta^  (quales^ 
ergo  m  o  ,  1  f,  m  p  >  i^  e  {tmt  acqoalcs, 
Cum  igitur  recta  a  h  fit  diameter  commu- 
nis  parabolap  y  &  circulo  vel  cllipii  vel 
fectionibuk  oppofitis '  f^rilematis  ^  &  cui^ 
b  c  (it  ad  illam  diametruin  ordinatim  apli- 
cata  ,  eruat  pariter  ordinatim  ad  iilamap'!. 
plicatae  rcctse  mo^lf»  np,  "c  il^.  Quo- 
niam  crgo  m  o  ,  I  f  funt  xqualcs  &  ordi- 
natirfi  apphcat;  ad  diametrum  ha^  iacc- 
buntin  diifectum^  <^rgo  figuraqmfd  c0: 
parallelogramma  )  ac  proinde  latera  oppo- 
iita  q  m  ,  d  f  funt  xqualia;  fimilitcr  oftcn- 
dctiir  rectas  n  p  i^e  k  iaccre  in  djrcctum, 
&  jfiguram  q  n  t  d  cfle  parallclogrammain, 
.ac  proindclatera  oppoflta  qn,  cd  cfft 
aequalia  :  fi  ergo  <x  xqualibus  q  m,  d  f  au- 
fcrantur  arqtlalcs  q  n  ,  d  e  rcfiduae  n  m,  e  f 
crunt  aequaics  >  quod  ^rat  dcmonftrandum» 
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Proposit  io  Xli 

•« 

Vt  iV*chium  librac  iy ft^mati- 
cum  ad  lincz  tadus  coniungen^ 
tis  pojrtioncm  intcrccptam'  tan  - 
gcntc  nota  &  illi  parallcla'  fccan- 
tclimulani  vel  cufpidum  altcram  i 
ita  fiurdcm  parallclae  portio  in- 
tccccpu  iunnli  vel  cuipide  ^  ad 
pbrtioncm  intcrccptam  arcu  vel 
falce  infcripre)  &  quadratrice  ge- 
nita  ex  pofitione  tangentis  notse* 

Sit  fyflcmatis  ccntrum  g  -jtangcntcs  c  a» 
h^  ,  carumqucnota  tangcns  fit  c  a  ^  con- 
ncctcns  tactus  c  b  >  concutfus  diamctri  ga 
&  rcctse  c  b  fit  f  *)  p^rabela  c  c  bq  i  circu-* 
lus )  vcl  cllipfis  »  vcl  fcctioncs  oppofitx 
bJ^  p  c  >.  brachium.  librae  fyftcmaticum 
c^)  qqadratrix  genita  cx  pofitionc-tangcn- 
tis  not^  c a  fit  m  bc f.  In  rccta  c  b  fum- 
ptugd  itafit  quoduis  pujictum  o,  yt  rccta 
pcro  chtcta  xquidiftanS  tangcnti  notac  c  a 
fccct  lunulam  b  q  c  c  p  H:.  ,  vci  aliquam 
cufpidum  ad  puncta  b  &  c  per  falccs  q b^ 
Jl^b  &  ^  c ,  p  c  confiitutarum  i  ftcct  adlcm 
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in  punctp  n  infcriorem  arctim  vel  ralcem » 

tangentem  a  b  in  1 ,  quadratriccm  in  d. 

Dico  vt  eft  c  A  recta  ad  c  o  «  ita  efle  lo 

icctam  ad  dn«  ) 

Per  n  agatur  hni  parallela  diamerra 

g  a  ,  occurrens  tactus  connectcnti  in  h)  & 

parabol;  in  i.  Vt  fa  recta  ad  a  c ,  ita 

6at  ^  c  ad  r  c.  £rgo  per  octauam  huius  vt 

.rc  recta  ad  co,  ita  eft  recta  nl  ^d  ai: 

fed  e;x  geneiatione  quadratricis  vt  nh  re-» 

ftaad  oO)hoc  eft  vt  fa  reflaad  ac,  ita 

eft  n  i  reAa  ad  n  d :  ergo  tres  iK&x  t{\ ,  it  i, 

n  d  ita  fe  habent  ad  tres  a  c ,  r  c ,  c  o  » .vc 

ficut  n  1  ad  n  i)  ita  (ic  r  c  ad  c  o  '  &  ficuc 

ni  ad  n  d ,  ita  ilt  A.  c  ad r c  :  ergo  cum  ea- 

rum  ratio  fic  perturbata  » erit  cx  srquo  vc 

nl  ic^a  ad   nd»   ita  ac  re^a  ad  cp, 

quod  erat  demonOrandum. 

COROLLARIVM  I. 

Ex  his  manifeftum  e(l  in  fyftcmate  fie- 
^ionum  bppodtarum  reAam  dn  termina* 
tam.  ad  hyperbolan^  b  ede  maiorem  re^a 
0 1 1  terminatam  rero  ad  fc&ionem  c  fa- 
^s  c  X,  c  c  xquahbus  t(k  minorem  it^z 
n  1  fibi  rc(pondente  ^  H  punAum  o,  iaceat 
inter  c  &  t;  maiorem  ti  cadat  vhra  t  ^  ae- 
qualem  fi  congruat  ipfi  t*  Similiter  m 
circuli  vel  eUipfis  fyficmate ,  fi  pun£tuoi 
0  cadatinter  ^&c  efle'minorem>  fi  yltra^ 
cfle  maiorem  ^  fi  ipfi  \  congruat  elle  ar<]ual& 
QuQmam  enim  rcltae  c  a ,  S  ^  fimt  ex  con* 


(IruAionc  fyftematis  parallcla^  ,  crit  in 
fyfttmatc  fcAionum  oppoGtatum  recta 
c  A  minoF  rc^a  c  f  ^  cum  fc  habcat  ad  c  f, 
vt  ag  pars  ad  a  f  tdtum  :  crit  ci!^o,  quan- 
do  o  cft  intra  hypcrbolam  b ,  rcfta  c  o 
copo(\ta'  cx  c  f  &  f  o  multo  maipr  quam 
CM  fcd  vt  CP^  ad  co  ,  ita  cft  Inadnd: 
crgo  1  n  cft  minor  qaam  n  d^  Quando 
autcm  rccta^dn  tcrniihatur  ad  bypcrbo- 
lahi  c ;  fi  pUACtum  o  cadatintcr  t  t&  c, 
crit  c  X  maior^  quam  c  o  >  fcd  vt  /C  a  ad 
co  t  ita  cft  nl  ad  nd  •  crgo  nl  cft  ma- 
sor  quam  n  d.  Eadem  rationc  oftcndcttif 
fflfe  xqualis  fi  punctum  o  congtuat  pun* 
cto  t-,  &fffi:'^aior,  fi  vltra  punctuni  t 
iaccat;^uod  ipfum  paritcr  ad  fyftcmaclH* 
pfcos  transftrri  pofic  apc^tum  cft. 

CORQXLAllIVM    II. 

\ 
\ 

,  Praeterca  facilc    oftcndi  potcft  lunulx 

•fy ftcmatis^ cflc" ^sequalcm  lunularii  contcn- 

tam  arcu  Tiifcriorc  &  qiiadratricc:  cufpi- 

dibus   autem   duabus  finyil  bin»   cni 

tcrminatis  rcirta  tii^  quando  rcctx  b  b, 

c  h  funt  vtrinquc  ^qualcs  >  eflc  cquales 

diias  alias  cufpidcs  tontentas  &\ci  Infc- 

riorc  5  quadratricc,  & 'Itrica  n^d,  (3^oni;tm 

criim  tccta  d  n  ad  n  i  fc  hibct  vt  rccta 

^.  jTi  o  ad  nh,  crit  pcr pftcn&  in  primo  libro 

nii  hu- ^^«^^^l^e  bqic  cp  t    ^qualis    alia  lunula 

sus*       b  o  dc  c  p  kt  £t  qtipniam  pcr  dccimam 
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huius  quando  rectse  b  h  ^  c  h  funt  2equa« 
leS)  rcdsjrctiam  di  vtnQquefuntinuiccm 
a^cjuales  9  ac  proincle  &  *xt£kx  d  n  funt 
etiam  vtrinquc  ^quales  ,  erunt  per  allega- 
taip  propolitioncm  cmfdcm  lihri  pnqii 
duz  iimul  cufpidcs  i  n  i^  b  q^  i  e  c  p  h  x- 
,  qualcs  duabus  fimul  dni!:.b4n,  dTcpn> 

quod  erat  demonftrandum; 

-  - —    '     .'     I 

PROPOSITlb     XII. 

In  primi  lchetnads  tnangulo 
a  b  c,  tateri  b  a  intelligattir  recta 
d  f  parallela  &  vt  recca  quspiam 
g  ad  rectz  bc  regmeiatum  bd 
quodefl:  incerparalielam  ductam 
&  latus  b  a )  ita  inteliigatur  fleri 
recta  f <1  add  e :  &  quodinrectl 
fd  factumcft ,  intclligaturiimili- 
•tcr  lieri  in  pjursllclis  cxteris  per 
qdodlibetpyrtctu  rectae  bcintcr 
h  &  c  ductis. .;  Oftcndtendum  eft 
quartam  citifmodi  proportipna* 
lcm  temitiriari  para*bola  pcrb,e,c 
deCcripta  cuius  diameterjlit  rect^ 
b  a  parallela. 
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Vt  rc£U  S  ad  b  c,  itafiatrcfta  ba  ad 
h  h^  iunftaquc  rcfta  H  c  ,  diuidatur  bifii- 
•feriam  bc  in  k  ,  &  per  k  agatur  acl  rc- 
Oam  b  h  par^llcla  k  1 :  critquc  h  c  fcfta 
bifariam  in  1  y  cum  1 4  fit  parallcla  la* 
••  fcx-  tcri  bh  trtanguli  bhc.  Piuisa  k1  bi» 
tiEuc.  fariam  in  m,  &cKoitata  a4  Ik  perpcn* 
diculari  mn,  vt  rcfta  mK  ad  kc»  ita 
fiat  k  c  ad  m  n-^datoquclarcrc  icfto  m  tt» 
&  diamctro  mk  dcfcribatuf  parabobi 
b  m  c  qttx  pcr  b  c  &  m  tranfibit  cumrc- 
a»  m  n ,  m  4 ,  t  c  fint  proportionatci  j 
H&z  autcm  c  1  tangct  in  t  parabotam^ 
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iplaquc  bl  in  b  per  trigtiimain  tertiatn 
primi  conicdram ,  cum  k  1  fc^ta  ilt  bifa» 

^am  in  nr« 

Sf  crgo parabola non fecat rcAam  Aiin 
panfto  <y  fccet>fificri  potcll  in  pun^ 
<]{quoBiam  ficut  rc£ta  g  aci  bc>  itaefl 
b  a  ad  bh  :  &  Vt  b  a  ad  b  h  ,  ita  efi  d  f 

'  ad  d  i )  vt  oftenditur  ad  quartam  ftx,ti  £u'- 
clidis  :  crgo  vt  g  ab  b c,  ita  cft  d f  ad  dii 

,  (cd  vt  b  c  ad  b  d ,  ita  cft  i  d  ad  d  q  (  nam 
rt  b  d|,  c  b :  ita  d  ^ ,  q  i  per  huius  fccunda : 
ergo  inucrtcdo  &  cQmppncndo  vt  b  c,  b  d^ 
ita  d  i,  d  q  )  er^o  ex  acquo  vt  g  x%Etz  ad 
b  d )  ita  f  d  rcAa  ad  d  q  :  fcd  ita  ctiam  po- 
nitttr  cflc  ipfa  fd  ad  dc^  ergo  dc,d<] 
fanc  2equalcs  ^  pars  &  totum  quod  eft  ab- 
(urdmiu  Non  ergo  &c. 

Oftendendum  praecere»  eft  in 
codem  trlangulo  a  b  c  fecundi 
fchemans  (i  yt  g  ad  aliud  reds 
b  c  (eginentum  d  c ,  ita  intclli- 
gaturneri  rcdafd  ad  de,&idc 
in  alijs  parallelis  fiat ,  ^uartam 
proporicioQaleni  termiriari  para- 
bol^quam  linea  b  c  inpundo  c 
«ingat.  ^ 
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4  Vt  reAa  g  ad  b  c  ^  ita  permancat  re£la    | 

ba  ad  bh^  diuisa  bifafiam  bc  in  K',,& 
iun Aa  re^a  h  c$  per  K  agatur  1  li:  paraile-* 
la  lateri  h  b  -,  crit  ergo  (icuti  prius  ofteo* 
fum  etl;  rcda  h  c  fe£ta  bifariam  in  K  Re«' 
fta  li^  bifariam  (eceturin  m*)  vt(]uere£^a 
ji.prt*  jnl  ad  1  h  ^  ita  fiat  Ih  ad  mn.perpendi- 
"!*^°"  cularem   ad  redam   1  k.  Data   diametro    ; 
'ml,  &  iatere   tt{io  mn   defcribatur  vt 
pnus,  parabola  traniien^  per  h.,  m,  c, 
cuius  vcrtex£t  m*  Vtreftahbad  ha  , 
ita  fiat  re^a;  h  c  ad'  o  :  crit  crgo  cduerten* 
do  vt  o  re£bi  ad  h  c,  ita  ha  ad  hb.  Cum   v 
igiturhc  fe^b.fit  bifariani  tn  1,   per  1 
duAa  fit  1  k  ipH  h  b  parallela  ,  p«r  bife* 
Aionem  m  perqucpun£la  h^cdcfcripta 
(it  parabola  h  m  c ,  &cura  vt  vc&%  o  ad 
h  c  ,  ita  iit  re^la  ha  ad  h b ,  (i  du£ta  d  i 
quacuirque'  adredam  h  b-  paraliela  fccan-    ! 
tc  re^ani  h  c  in  i,  vt  o  re£la  ad  hi,  ita 
f i-  intcrcepta  latcribus  ht ,   a  c  trianguli 
hca   fiat  ad  i  Cs  pun£him  e  erit  inpara- 
bola  h  m  c^  &  re£la  c  b ,   tanget  eandem 
parabolam  in  c ,  cx  priori  huius  propo-  ; 
fitionis ,  parte*  »  v 

4,  fcx-  l^tirfus  quoniam  ih  triangulo  h  b  c  la* 
ti  Euc.  tcri  h  b  parallcla  efti  d,  crgo  (prout*  de- 
monftratur  apud  Claum  )  vt  h  b  ad  h  a»ita 
crit  I  d  <id  i  f  ,•  &  quia  h  c  ad  o  cft  cx 
confttuctionc  vt  h  b  ad  ha*>  crgo  vt  hc 
ad  o,  ita  cft  id  ad  if.  Quoniara  igitur  ^ 
vt  h  c  ad  o,  iia  oftcnfum  cft  cffc   i  d  ad  : 
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i  f  i  &  vt  p  ad  h  i ,  ita  if  ad  i  e  :  crgo 
cx  acquo  vt  hc  a^  hi ,  ita  ^crit  id  ad 
i  c  :  fcd  v«  h  c  ad  h  i ,  ita  \>t  ad  b  d  (  co 
quod  m  triangulo  h  bc  latcra  h  c  ,  b  c 
pxoportionalitcr  fcccntur  pcr  xc£lam  d  i  la- 
tcri  b  h  paTallclam  )  crgo  vt  \>  c#  b  d,  ita 
i  d,  i  c  ;  ergo  pcr  tonucrfioncm  taiioms  vt 
bc,  dc  ,  it^  i  d„d.c;  Rurft|S  qiiQoiaiD  vt 
g  a^  bc,  ita.cft  ba  ad  bhcxconftru- 
aionc  5  &  vt  *b  a:ad  h  h ,  ita  cft  f  d  ad 
i  d  (  iiam.  ia  triangulo^  h  b  c  liitcri  b  h  pa« 
rallcla  c^  cli;;  ftgocx  dcoponftratisapu^ 
'Clauium  vt  b  a ,  b  h  ita  f  d ,  i  d  )  crgo 
vt  g  ad  b  c  ,  iti  cft  f  d  ad  i  d  5  fcd  vt 
bc  ad  4c,  fta  oftenfum  cft  dTe  id  ad 
dc  :  crgo  cx  xquo  vt  g  ad  d  c  ,  ita  cft 
f d  ad  dc,  quoJcrat  dcmonftrandum. 

COROLLARIVM. 

Ex:  his  patct  cunr  cx   dcmbnftratis  ab 
Archiincdc  figura  hm  c#   quse  comprc-  jy.&i<^ 
henditur  curua  h  c  c  &  &  rcfta  h  c  fit  tcr-  qu«Jr. 
tia  pars  trianguli  rcctilinci  hbc:figuram  ^*"^' 
c  b  h  c,  quae  curua  h  e  c,r&  rcctis  h  b ,  b  d 
cpntinctur,  xquilcin  cflc  duabus  tcrtij^ 
partibus  rcctilinci  tnanguli  b  b  c. 


27*         Tetragon^micorum 
FROPOSITIO  XIIL 

Sit  {yftema  cuius  centrum  gj 
recta  remecilameter  g  b,  tangen- 
tes  rectae  le,  Ifi  &  reccam  c£ 
tactus  coniungentem  recta  hg 
fecet  ia  c  5  parabola  (Ic,  e  d  £ 
continens  cum  alil  (e^ione  lu- 
nulamedfb.  Per  l(>  ducator  bh 
parallela  rectac  e  f  ipHque 
b  ^  xqualis,  iunctique  ch  def- 
cribatur,  vt  in  prxcedenti,  para- 
bdla  c  m  h  ,  quam .  in  triangulo 
cbh  tangat  recta  b  c  in  c,  dia- 
meter  autem  (it  parallela  lateri 
b  h.  Rurfus  ex  recta  b  h  abfcin- 
datur  nb  ipfi  bd  d:qualis,  (imi- 
liter  per  k  quodlibet  punctum 
inferioris  arc^s  vel  cu(pidis  b  k  e 
duci  intelligatur  duac  rectas  k  o,k  t 
parallelae  rectis  c  1,  e  f ,  &  ex  re- 
ctatK  abfcindi  recta  kr  a^qua^ 

lis 


Elmihtnfum  Liber  111  -,  17^ 
lis  ipd  ko  incerccptse  drculo  & 
paribola ,  ica  vcro  (x  intelligacur 
fadum  in  fioguiis  pun^is  arctis 
b  k  e,  exttema  pundaabfci^arum 
dpHgnabunc  curuam  e  i  r  n  quam 
expaubolam,  efTc  conflat  ex  eius 
definitionc  cradjita  in  nbni  huius 
propontioner  Oftendc^dum  eft 
(patium  bkern  inter  clrculi  ar« 
cum  bkejre^ambii)  U  expa«- 
rabolam  e  (  n  claurum,  e{fe  xqua- 
le  ^acio  c  b  h  m  eontenco  re(^is 
cb,bh,  &parab6la  cmb.  Ecii 
per  qu^libct  duo  pund^a  p  ,  k  ar- 
cus  b  ke  ducancur  redx  k  x ,  p  u 
parallelae  ipfi  e  f,  occurrentes  cur- 
.U£  n  r  e ,  rcdae  b  c  >  &  parabolai 
cm  a  in  pundis  r>i,  c>  q,  2:,  u,  {pa- 
tium  t  i  p  k  concencum  reiJlisT  k , 
ipj&curuis  ri,  pk  eflc  «qualc 
%acio  cqux  contento  redis  cq, 
qu,tx,&curua  uz. 
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ReAx  ;  b  c  xquajis  b  a  abfcindatur  (t 
refla  b  h  ,  &  iungatur  rcfta  c  a :  itcm  *it- 
Ax  c  g  abfcindatur  g(  ^qualis.X^ohidm 
pcr  qiiartam  &  quintani  huius.  vt  rcAa 
c  f  ad  c  b,  ita  cft  c  b  icuba  ipU  ^qua- 
Jis  ad  bd  fcu^bh  ipti  apquakm  ^&intct 
b  &  c  quodlibct  punftmn  i  t  rfuiBptum 
fuit,  pcrquc  illud  dufta  cft.  tx  parallc- 
Ja  latcfi  bh,  occurrcni  rcftac  ca  m  x, 
&  parnbolse  in  z  ^  cric  rc^la     tx  ad  tz; 


BiemntormdAher  1 1  !• "-  ^7  J 

vt  tc&z  f  c  ad  c  t  ^  ficuti  ip  pr<ceflwti 
oftcnfum  cft  t  (cd  ^  produAarc^a  o  k  dd'^ 
ncc  ttQix  c  f  occurrat  In  ^  9  v^  c  fad  c  t 
ftu  ad  XA  ipfi  tc.  afquaWm  (  e{l  caip 
t  K  K  c  •  parallclogramihutn  cuiiis  b:  a  ,  t  c 
fitnt  latdra  bppofita- )   ita  pet  ^u^rtjam  & 


qualis  re£lae  1 1 -( 
gula  c.ba,  ctSci  ergo  curn  cV,  ba  fint 
cx  odnftruftione  aequales;  cruint  ct^  tx 
arquales  )  erit  vt  c  f  ad  c  t ,  ita  c  t  feu  t  x 
ad  k^K^  iti^^ti^tn  oactiftmi^^ft  elfe  ip. 
fiiAi  tx  ad  tz-:  et|Wirc£tt  tV^  X^'  ^^9* 
atquale^«    Similf  }>h>t!us  nxyiftit  5il^nil.e- 
tur  redias 'p!  i  V  d  ti'  ifle  Wcruales*'^  &  qiiar- 
cunqae  ^ntei^' parallelds  "rrb>^  'e  f  ducatur 
ip(k  paraliela ,    cius  fegnrent^i^^,;^  ihteu 
cepnmi  iaircu  b  l^  c  &"  citrua  ti  rV^irfc  ±qua- 
le  fe^ato  mUlt&  iritcfr  ic^nf  "b  c  k 
paiabolam  pofiW?  - '^   ''      '^  -•>  ^*     '* 
"■  Qte) 
rallclx 

Ms*  ^tftnicas  c  VA  b  i  'H  k  e ,  A!' '  i%  t tirUaii^ 
tLtt  ipfarum ihcid^h^ftirti  pV>ttfd^in%<!rc!<?^ 
Iita>aa  c  b'  &  WrSKblf  c  rti'W,1^  l^'*quar 
llSf  «ar1ihdc&  portiofcf  iiiteir^e^  Vtctflb 
&  «uHs4  ntfcV.^firper  duodetWarnpHi 
mi  libri  fpattiuitf  a  b  c  m  arquale^  (p^tioi  _ 
bnrek,  &.fpatium  txuq  fpatio  knpi 
qupd  erat  oftendcndum» 


•  r 


.  r 


•*7^  .1 : ;  V^^^ffi^ff^f^f^ 


J 
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fpana^  rf  ifliljnca  ffiualia  i^ttcniantur.prouc 
AicKimcdcs  dcxnon&fattit  in  iibicllo  de 
pajrabolc^  <]uad|:atuKa  5  illa  ipfa  ipatta  rc- 

!iH^'K^v?FV^^^        ^^^  ^ualia  fpatijs 

b  li  r  c- Jt  j^.vi^ r,  ip »  :??  pwnoc   pi^oblcma 

" quo  Ipatia  bnrekj^Jc^ipv preipj:>iicrefi« 

tur  Quadranda ,  ex  cii^i<r<?ontc^l»;  eua- 

.dcrc.^     .     .:    .  ,  fj..  ; ;.  ,.  r  ^;  .•     '^y.',.'^'  ?• 

'  '  y^t^  m^fff'^^^  xn?wM«>r  .  app^riat  fit 

^fi^ura -c  k  ri  \quadr4^ji;:;yt  rc^T  cX  ad 

x:i;^ifa  l(iat  Ak  feu'4l  J(rt;;t;H  &  iungatur 

"c  X  rijfta.  .Picp  di^s^  tc^ija^  partL^S^ 

*  ^uli .  f  t  f  ;^c{fc^aE;qualcs  figu»^  f :  ti  sk  h^Quo- 

niamcniixi;rC(Ct^t  c  tangit  p^r^tt^lamic.ttx 

^m  c ,  *c»  Jfct  X  acta  eft  ^t^^p^i^Ucl^-dia* 

"»ittrpV,4ut  pcr  cprp3|^9i  pr94^c^t|5, 

&per  citati  libri  Archi^D&4fS;  4c5^iii)ai|i 

fcxtapji;  ft|inentttn^.^x^  c  jr  .ar<|uale^  ter- 

tixparij  triangult  ctxVfrgft  figura  <;7k« 

^uac'cum  fegmento  componit triangulttia 

ct  X  9  eft  xqualis  duabujs  ttrtijs  trianguli 

ciufdem  ^txrSi  ergo  yt  cf  ad  ^k»  it^ 

fis^t  ^i  r«i  c  t  ad  tx ,  $c  iungatttr  rccu 

ex ,  duf  tertix  triangiili  rectanguli  c  tx 

eruM; <;qualc5  6gurx  Kri«p« 


< 


Cv- 


EUfitentorim  Liht  III.     %^^j 

COROLLARIVM. 

Ex  i^s  quac  in  fchplio  propofitionisifcx- 
tx  primi  libri  oftcndimu* ,  manif^ilum 
cft  cxparabolicamr  lintam  cuius,  geocra- 
tioncm  Kie  tlcdimus ,  a^quiualcrc  fcctio- 
ni  conic; » quantum  attinct  ad  cf&ctum 
propofitionis  /ecundat  li bri  primi. 

Propositio  XIV. 

In  fyftcmatefi  qiuadratrix  gctic- 
retur  ex  pbfitione  k6Lx  bifaiiara 
diuidentis  angulum  quem  diame  - 
ter  ic&st  cum  tr;mruerra  conftn 

r 

tuit ;  3c  u  «rcus  vcl  cu^idis  in- 
ferioris  porrio  dcngnetUT)  ad  caf' 
dem  diamctri  dire^a;  partes  ad 
quas  angulus  fecatur ;  lynula  vel 
cu(pis  mcdia)  cuius  mum  la< 
tus  fit  eiufmodi  pordo  dcilgna* 
ta  ,  eft  xqualis  lunulae  vcl  culpi- 
di  parabolicae ,  &  (Imul  expard^ 
bolica^,  quarum  commiine  la- 
tus  (it  Hla  ip{a  pordo  de(igaaca. 


'  2-7  8' 


•     * 


9 

l 


.Ui^"^^^^  -Av^^- 


In  fyftcmate  Q%  centntm  o,  dum^cter 
^ecta^oc  ;  recca  connectens  tactiis  hh 
a^quidillans  diametro  tranfuerfac ;  ^para-^ 
tfola  c  n  b  ^  exparabola  f  i  b«, quadratriK  Gt 
d  c  bgenitacxpolitionerectf  al  bifarian^ 
fccanus  angutum  c  a  b  quem  duaediame- 
tri  rccta  &  tranfucrfa  ,  vcl  cis  parallclac; 
condituunt  ad  b  partes  diamctri  6  c  dire* 
ctae.  Ad  eafdem  parcesfumptalic  falcis 
vel  arCusinfcrioris  portio  gmb^  &  pcr 
fius  dyfo  extrcn^a,  vclpcr  ynicum  g(fi 
^imirum  ad  aliud  cxtremum  conueuiaaC 
paraboh)  exp^^rabola  ^atquc  qiladratrix  ) 
qucatur  paralleia  rectae  a  l,  eaque  (it  g  d  pec 
extrcmam  §  tranficns ,  &  occurrctts  c|ua-? 


*^' 
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jlffatrici  in  d ;  ducatur  item  parallela  rectx  ^ 

ba}  eaque  Qt  gf  bccurrens  cxparaBol^e 
itt  f ;  ducatur  denique  g  c  ^arallela  rectf  . 
ag  (  nifi  fit  eitis  portio  vt  in  ifto  cafu  ) 
otcurreixs  parabolap  in'c.  Dico  cufpidcm 
vel  lunulam  mcrdiam  g  d  e  b  m  cffc  xqua-  ^ 
lem    cuifpidi  vet.    Ignulx      parabolicx 
gc  nbmljj&cxparabolicac  gfibm. 
'  Cooiie£latur  rccta  d  c  ^  Sr  producta  rc* 
cta  d  goccurrat  rectx  b  li  in  J;.  Quoniam 
cx  dcfinitione  quadratricis   Vt  g  a  ad  a  /:> 
staeftgc  ad  gd,tnangula  gat,  tgd, 
4iabentia  anguLos  ad  vcrti^ccm  g  acqualcs,  ^  ^^^^^ 
&circa  illds  latera  proportionaha  ,  cruiit 
acquiangula  ;  ergo  anguli  c  d  H;,  alc  d  al*     . 
temi  funt  xquales;  ergo  rcctac  d  c>    aK 
fuBt  xqualcs ,  &  parallclx. 

Rurfus  quoniam  fupcr  cadcmbafi  cur- 
ua  bm  g  funt  trcs  figurarconftitutxficut  ^ 
propofitiQ  dccimaoctaua  &  dccima  nona 
libri  primi  rcquirunt ,  figura  gdcbmeritt 
pcrcaridcra  dccimam  nonam  nrqualis  dua?» 
J>ns  fimul  gc  n  bm  ,  gf  i  b  m  i  quod  crat 
deniQnRrandum. 

COROLLARIVW 

HinC' apcriuni  cft  fegTKrntum  qiindrci^ 
tricis  contcmvm  rcctis  b  g,  gd  &•  qua- 
draticc  bcd.  clfc  xaunlc  fontio  bercn 
contcnto  rcctis  b  g ,  g  c  ^  pitrabola  <  n  b„ 
*j(«od  c^  dcmowftratis  ab  Archimcdc  qua^ 


^ 


z8d         Tetragonifmicorum 

drsfri  potcft  >  &  fimul    figurac    g  f  i  b  m, 
quod  ex  {^rapced^nti  quadrari  etiam  poteft« 
Cum  enim  oftenfum  fit  figuram  gd  c  b  m 
eilc  2equa}em  duabus  gcnbm^gfibm; 
addito  vtrinqne  communi  b  m  g:  dux  fimul . 
gd  e  b  m  j b  mg » hoceft  tata  b gd  c  co- 
tenta  rectis  bg,  gd  &  quadratricc  b  e 4 
eft    ^qualis   tribus     fimul     gi:  n  b  m  ; 
f i  b  m  ,  b  m  g  ,  hoc  eft  prxdictis  duab«s 
g  c  n  ,  b  g  f  i :  nota  eft  ergo  ratio  quadran« 
di  fegtpentum  quadratricis  prardidum^ 

*  ■ 

PROPOS  ITI  O   XV. 

1 

lifdcm  pcrmancntibus  ii  intcl- 
Jigatur  ^ngulus  g  a  b  felrari  pcr 
r  (aam  a  p  in  partcs  inacquiks ,  & 
defcribatur  cjuadf  atrix  q  r  b  cx  por 
fitione  xtOiT^  a  p  *2enita  ,•  ducatur 
autc  pef  grc^a^T  f  parallelaadrc- 
d|  a  p,  occurrcns  xtOiX.  b  h  in  f,  & 
quadratrici  qrb  in  q.Oftendcn- 
dum  cft  lunulam  vcl  cufpidem 
mediam  cuiu$  quadrattix  fit  q  r  b, 
&  latus  uimg  poftio  arc{isvcl 
falcis  infcribristerminatatadtu  b, 


Elmentwum  ^tiher  III.  aSi 
eife  aequalem^iluhulx  vel  'cufpidi 
paraboiicz  g<[:Abm  &  infuper 
rpario  iquoci  (It  ad  lunula  vel  cuir 
pidetn  eypara&olicamvteftreda 
af  ad  aK. 


lungatut  q  c  rcfta ,  quatcjftcnclctu^  cflfe' 
parallcla  ipu  ah,  (icuti  inpriori  propoit- 
tiooe  vcOlsl  dc  oftcofa  cft  cflc  fquidi* 
ftans  cidcm  ah:rc£l3e  crgo  cd,  cq  fibi 
mutiio  congruunt,&  vt  afada  k^  itacll 


aSi         T  etrdgmifmUorum 

t q  ad  'iA^ cum  triatigillo  g  a  k  fimilc  C\% 
tnangulum  g  c4 » A  tr^ngulo  g  a  s  uian-» 
gulum  gc  q,  Rurftt^  cx,  quocun<](ue  pun« 
^o  X  parabol;  cnb  agatur u x  parallcla 
ip&  c  g )  occurrcns  iircui  vel  falci  infcria-# 
ri  in  u  ;  &  per  yk  rc£lx,u  e  aiU  r  paralle- 
\x  redis  I  a,  p  a|  occurrentcs  quadratrici* 
busin  c  &:  r*)  iunganturquc  re^^ap  x  r,  xe. 
Oilenidcttir  Vt  prius  reftas  c^c,  rx  cflc 
parallclas  r^ift^  bh%  &  congruerc  Hbi  jn- 
uiccmi  &  praptcrea  vt  eft  rc^  a  f  ad  a  k^ 
ita  eflc  reaapi  xx  ad  ^e^  oftexidctur dc- 
nique  ex  fcxta  primi  vt  cft  re^la  a  f  ad 
a  4)  ite  eftc  6guram  c  qrbn  ad  figuram 
cdc  bn. 

Sit  o  (patium  acqualc  cxparaboHcac  lu'* 
nulac  vcl  cufpidi  fupcr  latcrc  b  m  g  confi- 
ftcnti  vt  in  prcccdcntis  propQfirionis  figu-» 
i:a  rcprxfentatut.  Quoniamficuti  in  pracce^ 
denti  propofitione  pftcndirous,  lunulx  vcl 
cufpidi  cxparaboli<:ac  p ,  &  finiul  lunulat 
vel  cufpidi  parabdiUillcnbm  acqualis 
eft  lunula  vcl  cufpijs  mcdia  g  d  c  b  m  •,  cuf- 
pis  vcro  vcl  lunulaf mcdia  gd  c  b  m  con  - 
ftat  duabusfiguris  ,^c  b  n  z  ;  &  g  m  b  n  zv 
crgo  dux  d  c  b  h  '^,  g  m  b  n  x  funt  a?^ 
qualcs  cxparaboJx  fjjkl^rio  o;  &  \\\m\\ 
vcl  cufpidi  parabolic»  g  c  n  b  m.  Qiioni,am 
ergo  dux  figurx  d  c  b  n  z,  g  in  b-n  z  funt 
xqualcs  fimul  fpatio  o,  &  figurar  g  c  n  b  mj 
crgo  abl^ta  communi  gm  bn  z  ;'refitJoa 
figura  d  eb  n  z  eri^  arqualisfpatio  o  &  li- 


Elmmtorum  Uier  III.   aS^- 

mul  figara?  z  g  c  y  :  ergo  addita  comuoi 
figura  c  d  z  y  )  tigura  c  d  e  b  n  ehc  airqualis 
fpatio  o  &ifi(nul  redili9e^xriangiikL.cj  " 


Kurfus  vt  re£la  c  d^d 


■feu  a 


\ 


aC  ita  fiac  fpaciuiiyo  ad  t  :  qtunuaiA  igi-^ 
tur  triangulum  d^^c  fe  h^ii^  ad  triMgukim 


qgc  vt  bafis  4q  ad   cq»^4^^^   au*,^*  f^^'^"' 
tem  o  febabct  ad  fpatiui^ltt  vt^  eaden^     ^^* 
rcAadc  adcq^  vc  re^a  dc  ad  cq,  ka 


fv)t  conflatum  eK  fpacio  o  &  ek  trtan<«  ( 

^i^lo  refblineo  cdg    anticedeatibtts  ,  ad^ 

i:onflatum  ex  fpatio  t  &'ck  reailineo  crian-  »*•  fl"^* 

gulo  c  q  g  'confequcncibus  :  cum  igitur  ^*'*"^* 

conflatum  cc  fpatio   o  &  cx  reftilinco 

f riaogulo  <;  d  g  fit ,  vt  oftenfnm  efl: ,  xqua- 

}e  figurarc  d  e b  n y  ipfa  figura  c d  c  bn  fe 

{labebit  ad  conflatnm  ex  fpatio  t  8c  .tx 

friangulo  c  q  g ,  vc  fe  habec  d  c  re£):a  ad    * 

C  q  >  fed  vc  le  habet   rcAa  d  c  ad  c  q , 

ica  oftenfum  eft  efle  figuram  eandc  c  d  c  b  n 

ad  figuraiiii  c  q  j:  b  n  :  ergo  figura  c  d  e  b  n 

habeceandem  rationem  ad  figuram  c  q  r  b  n, 

quam  ad  conflatum  ex  fpatio  t  &  cx 
■  tri2)nguIo  c  q  g  :  ergo  figura  c  q  r  n  b  ctV 

zqualis  connato  ex  fpatio  t  &  cx  triangu^ 
;  jo  c  q  g  :  ergo  figura  c  q  r  b  m  g  j  cuih 
;  conflet  figuris  c  q  r  b  n  ,  "c  n  b  m  g  ,  crit 

^qualis  fpatio  t ,  triangulo  c  q  g  &  (imul 

figurx  cnbmg  :  ergo.  ablato  communt 

triangulp  c  q  g  figura  rcfidua  g  q  r  b  m 

cft  acqualis  fpatio  t,  &  figuta^   c  n  b  m  g :  ■      -  ^^ 
'  ^'^od  crat  dcmonftrahdum. 


I 


10^4     '  ~  TttfMgomfmitorm» 


COROLLARIVM. 

Sicuti  in  pr^rcedentis  corolbrio  ofteiw 
fuBt  eft  <juo  pa£ko  quadretur  fegmentum 
quadiathcis  contentum  reftis  i>g,  gd  & 
quadratrice  bed  j  ita  pari  ratioiie  bic  tradi 
poteft  metbo^us  quadrandi  (egmentum 
quadratricis  contentum  reftis  b  g  »  g  q  >  & 
quadratrice  qrb  :  nimirum  fi  ad  re^ili« 
neum  aequale  figurarg  c  nb\  (  quod  cogni- 
tum  eft  )  addatur  fpatium  t  >  quod  etiam 
notum  eft. .    • 

PROPOSITIO       XVI. 

I 

Inuenire  reditineMm  zquale 
fegniento  cuicunque  dato  qua- 
dratricis  genitae  ex  pontione  vnius 
ex  tangentibus  {yHieniatis ,  vel  ali- 
cuius  alterius  redx  diuidentis  an- 
gulum  quem  tangcntes  compre- 
hendunt  incbncurfu ,  6c  quem  re- 
da  vidm  conne(^ens  fubtendit> 

Sit  ryftematis  centrutn  o ;  tangentes  Ixt, 
|t  t ;  pun^a  taAus  b .,  h  connexa  rtfkz  b  h ; 
diamcter  o  t ;  parabola  b  n  c  r  h  }  arcus  vcl 
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/»-a-8/ 


t\ 


VI     »u* 


..■^' 


■^  >     'J. 
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\-\ 
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) 


falk  iuferioriit  i>ili  g  ^  qtiadratris^  ald  po* 
fitidaeiu  taitgctriis  ht  dcfcriptafit  bcdzih, 
(idtm  fcqucrctur  fi  ad  pofitibAicin^  ciiiufuis 
sc£hc  diuidcbiii  aaguKi  b  t  b  vt'ditcfnus«  ) 
Primo  quidcm  (i  quadratricis  icgmcn* 
tum  fumatur  cbatcntum  ordinatim  ad 
diamctrum  t  o  apphcata  tota  ^  vt  iii  clUpfi 
vcl  circulo  \  vel  cius  partibui  ihtra  fcAio* 
acs  oppofitas  k^lt  intcruallo  cxcnncnti« 
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bos  >  <JQ^fita  methodus  conftat  ex  vn<leci« 
nac  hukis  coroUario  fecundo^&coroll.  pri- 
too  £t%xx  primi  libri  propofitionis* 

Sit  enim  fcgmentom  quadraticis  m  e  d  z  q 
contentum  in  circu^ari  vel  tlliptico  fyftc- 
matc  (  ead/m  cft  xixio  in  hyperbolico  vt 
apertum  cft  )  brdipatim  applicata  m  q  i 
reftis  m  e  I  q  2  ad  tlingentem  h  t  parallelis; 
&  curua  e  d^  t  cumjoftcnfum  fit  in  iUo  vn* 
decim^  propofitio^ii  cotollario  fecundo 
6guras^m  gq  z  d,  n  m  gqrceflc  arqualesi 
addita  communi  nt  g  q  ^  yel  aequatiDUS  in 
hyp«rbohc6  fyftemate  )  erit  figura  m  e  d  z 
q y  xqualis  figutx  mti c r ^ y >  fec^  m n( c 
r  q  y  nota  tnethodo  qu4dratur  :  ergo  & 
medzqy/    ' 

Secundo  q^adra^cU  (frgmenttitn  fuma« 
tut  contentum  refl^  h^m  dcairtente  arcui 
vel  (alci  inferiori  in  punftis  b,  &  m  (  quae 
pun£la  b  &  m  fitit  ad  eafiie^  partes  dia« 
metri  t  a )  rcAa  e>m  4pfi-ht|>ardUela  ^  & 
quadratricis  arcu  e.b*  £x  coroUario  pr^- 
cedentis  conftat  fegmentum  eiufmodi  e{& 
(qualt  par^bolf  regmeQto  b  1  m  n  )  &  fpa« 
tio  quu>4  ad  cipfpiuem  vel  lu^^ulam  rerpon<« 
dentem  arcui  vel  falci  infi:riori  b  u  m  fa 
habeat ,  yi.tp(it  g  ili  ferhabet^ad  g  a  reAam. 
Tcrrid  quadratricis  fcgm^ntum  fumacur 
cpntentum.re£ta  m  g  occurrente  arcui  vel 
.  falci  infenpii  in p unAiS  b  &m  ( quat  ipm^ 
Aa  nbn  fint.td  diuerfas  parfe$  diametri  it^ 
fed  yel  ambp  itnt  ad  parte»  b ,  vel  coruis^ 
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yaum  ^^quando  altcrumcft  in  ipfadiame^ 
tio  ^  neutrum  ycro  illorum  (it  ()iin£kum 
ta^s  fyftcittaticuip  )  re^lis  ^d'i^  m<  ipfi 
h  ^  parallclis  9  &,<juKdratrici^  arcu  c  d.  Ex 
prior^  caru^ufidr^^bitur  figuraSgdc  con* 
icnta  rcftis  h^^gA^^  tjuadracricisportio* 
xnc  d  c  b  -^  quadr^ibitur  ctiam  Hgura  b  m  c 
contcnjca  rc^^is  b  m ,  mc,  &/ qu^dratricis 
po^tioac  cb^ ;&Ti'tx  p^rioris  figiirac  fpatio 
dcmatur  fpatium  poftcrioris  vna  cum  trian* 
gulo  rcdUiincp  b  01  ^\  rclinquctur.rpatium 
iigurz  ito.g  d>..cj4aefitumi  vtapcrtccon0ar. 
Qtiarto  cuiadratficis  rc^^^mcntijm  fumatur 
confcr^^um  reqa  bq  occurrcmc  arcui  vcl 
fiijci  iqfcriori  iV<pun^i5  B,  q  (  quijin^ 
ad  partcs  Qppo(itas  diainctri  t  a  ^  &  afcus 
b  mg>gq  Gnt  inarqualcs ;  na  ii  (i.ntsequalcs 
rcdit  cafus  huius  propo(itionis  primuf  ^  iit 
autcm  arcus  b  ni  g  ,  maior  arcu  jgq)  rcAa 
C[Z  ipfi  h  t  pa.rallcla  ,  &  qpadratricis  por*^ 
tipnc  z  d  c  b*  Pcr  m  agatur  iii  c  Ipfi^h  t 
ixar^licla  ^Jk  ;iungatur  nih.  Pcr  prittium 
huius  proppfitionis  cafum  quadrabitur  & 
jufa  m  y  q  z  d  c ;  &  pct  (ecuridum  aut  tcr- 
tiijLquadrabiti|i:  ^gtira  b  1  m<>  S^  (iduobus 
iiniis  fpatijs  addatur  triangulum  re^ilineunt 
b  m  q  habcbi(ut ,  vt  patct^  ^fpatiiim  figu«^ 
rqzdc  qu{litum,v  '^ 

.  Quinto  datiim  fit  quadratrias  Tegmen« 

tum  cuius  bafis  portip  arcus  vel  falcis  in« 

ferioris  fit  tota  ad  partes  k  diametri  a  t ,  & 

^  iaccat  mter  prdinatim  ad  diamctrum  ap^ 
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plicatas  duas  «juafcuncjue  h  b ,  q  in.  Inut« 
niatur  p^rprimum  ca/uih  ipadum  zquale 
^  iigura;  m  y  q  z  d  c ;  mucniatui^cr  eundcm 
Galum  prim6m  fpatium  a^qualc  figursc 
htAzh^cyL hoc dcmatiir  (patium  primo 
inucntum' Vt^  tr^pciEium  b  m  q  h  ^  rcfiduum 
vt  liquctjCrit  zqualc  duabus  figuris  b  1  m  c> 
hpqr:  Ttd  fpatium figurx 'b  1  m e  faabc- 
tiir  ex  fccundo  vcl  tertio  cafii^  crgo  fi'ht)C 
dcducatur  die  rcfiduo  proximo>  rclinqu^i^ 
vicimo  fpatium  xqualc  figur^  h  p  q  r»    ' 

Scxto  dcnique  vt  inquartd  (cafii  omnia 
ponantiir  /'^umhec  diftrittline  qu6d'  fcg- 
menti  qtiadrancU  portio  quab  efiad  partes  b 
Ht  miner.  Sit Tgitur' figiiKhttl  hi'medzh 
q^adrandum,  &  ciui  portio  m*^  fit  iminof 
port^ioiic  g^h  (  minorcm  voco  quac  conti* 
netur  intcryrdinatim  applicatas  mintusdiF^ 
fitas)  j>er'm>gatur  m  q  oidinatim  applica* 
ta^  &  pcr  iqrc£laqz  xquidiftans  tangcnti 
ht.  Quadrctur  primo  fcgmexltum  hpqt 
ex  cafu  prxccdcnti ,  tum  cxprinfb  quadrc- 
tur  fegrhcntum  m y  qzd  c>'vtrique  (patib 
addatur  triangulum  m  qh>  fpatium  com- 
pufitum  cri|,  vtpcrfpicue  pateti  illud  quod 
quxritur*  s  '  •    '  \ 

Pxc  omnia  locum  habcnt  in  fyftematc 
fcAionum  conicarum  >  ijfdcnlque  vcrbis 
concipi  panfunt »  paucis  admodum  mutatis 
vt  ex  infpcAione  ipfius  fchematis  quod 
fttbijcimus  jiiquctt 

SCHO.' 
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Ratio  cur  rcquiliuertmus  vt  te&A  ad  cu- 
ios  poGtionem  defcnbitur  qQadratriji:  vel 
fit vna tangentium  Telanguluni  bth  di- 
uidat,  efl;  ()uia  par^llclx  taogcnti  vcl  ilti 
quz  anguliud  bth  diuidit,  noo  occur» 
runt  inKriari  arcuiyaut  falcibus  nifi  in 
VQopun^yquodcxigit  fcxia  propofitio 
T 
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libn  primi ,  qua  nititur  primus  huius  pro^ 
pojltionis  cafas  :  banc  autcm  eile  naturam 
talium  reftarum  cx  Conicis  fath  intclligi-i» 
tur ,  &  facile  admittet  quifquis  perceperic 
qu»  fub  lineiti  libri  primi  demonftrauimu^ 
ance   duas  poflrcmas  propofitiones; 

"^PROPOSITIO    XVII* 

Sic  bpcregtncntumellipfeosj 
vcl  hypcrbolat,  cuiasccntrum  a,- 
iit;  ^  K  libra  tranficns  per  centum 
a  &  cx  co  fufpenfa  j  ex^ius  ver^ 
-duobus  pumJ^is  r  j  d  pcndeat  fe* 
gmcntum  b  p  c  per  perpcndicula 
r  b ,  d  c ,  ita  vt  totum  intcr rcdaS 
r  b  j  d  c;  contincatur.  Pi^opofituto 
fit  inucnire  f e<^ilincum  jcquipon- 
dferans  fegracntOArt  iacet  perma- 
ncnti. 

Reftas  r  b,  d  c  nori  poflc  t&zmhzi  rah-^ 
gentcs  apei-tum  cft ;  quac  enim  fdnt  parWfe- 
laetangcntes  tx  funtin  eiufdcm  diam«tri 
cxtrcmisj  &  ccntriihi  habcntinmcdiS  dla- 
metro  t^aus  coneachtc  vrcoftatek  cbriicis, 
punfta  vcr^  r  &  d  fuilt  ad  cafde  clintri  a  piar- 
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i7.    &  t«5.Prxtcrcain.cUipfi  icfta  rb  qvse  poni<- 

^*'  .^'  tur  cllc  vicinior  ccnird  a,  non  potcit  tflc 

Couic.    ^^"gcns,  quia  m  ellipli  omnium  ordinatim 

'    applicatarum  occurrcmium  fc^ionitonicas 

illa  cft  a  caiitro  rcmoti(lima  aux  tangitfc« 

ftioncm  :  crgofi  rb  tangc+eti  cum  d  c  fit 

jpli  r  b  parallcla,  &  occurrat  fcftioni  in  "c, 

daretur  para]lcla  tangenti^  occurrcns  cjicu- 

lo  magis  a  ceiitio  rcmoia*qu^m  ipfa  tan- 

gens»    In  hypcrtola  vcro  quia  ccutrum  a 

cU  CKtcnus  ik  contrario  modo  pofitum» 

;    qmniuai  otdrnaiim  applicatarum    occur- 

.„  rfenim/ii  fcflioni  illa  cll  ccntro  proxlma 

!    liui  fcclioncm  langit ;  vndc  nt  vi  rc£la  b  t 

i.  (\ux  ponituf  cffe  a  ccnirorcmotior  quam 

j    4  c  ,.j  nbn  poffit  tangerc  fcftioiiem, 

^      Praqtcrca  cilm  tota  (cftio  b  px  ponatur  cflc 

!    intra.|p5rallclas  rbjdcjrcda  rb  produ- 

\ .  Sa  ad  partes  o  non  jaccbirimcr  tangen- 

j    ticm  in  pun£to  b  &  rc£lam  b  c  j  quia  pcr 

I    t.rigefimam  fecundam  primi  conicorum  oc- 

1  ycurt^t  t  fcftioni  inalio  punfto,  ac  proinde 

/  fllc.  arcus  quem  ciufmodi  rcfta  fubicndc- 

/    tctjforct  cxtra  parallclas:!*  b^  de,  quod 

[    jpon  ponimus.    Eodcm  prorfus  modofire-- 

fta  <1  c    non  tangat ,  fcd    fccct  conicam 

feflioncm,  oftcndctur  tangcntcm  in  c  ca^ 

dcre  intcr  rcAam  bc  &  reflapn  hc   por-> 

;tionem  reAx  d  c  ftodu&x  ad  partes  h* 

lam  re£la  d  c  veltangit  fe£honciii  c6ni« 
cam,.vel  cam  fccat  ;  tangat  ppmo.  In 
clliplTs  fchcmatc  pcr  b  duAa  intclligatuc 
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tangens  bip,  qiix  concurrat  cum  tangcn- 
tc  dc  in  n;i ,  conturret  cnim  adcafdcm 
fcAionis  partcs  per  vigcfimansi  fcptimam 
lecnndi  Conicojrum.  lungatur  a  m ,  quse 
occurrat  conne£lenti  tadus"  h  c  in  1.  In 
hyperbola  vcfo  fupra  c  ad  partcs  d  fama- 
tur  quoduis  punAum  c,  ic  per  ccatrum 
ducatur  rcfi^a  c  a  ^  cui  pcr  c  duCatur  p.tral- 
lc!a  c  l  occurrcns  oppofitapf.ftioni  in  g; 
&pcr  g  ducatur  tange»s'quac  pCr  trigcli^ 
mam  primam  fccundi  cpnicorum  concur- 
Tct  ad  partcs  a  cum  tangcntc  c  d  •,  pun- 
Aum  concurfus  fit  m^  &  >un£ta  rc^a  ma 
orcurrat  rcftac  c  g  in  1. 

Ponatur  itaijuc  a  ccntrum  fyftcmatis-, 
tangentes  b  m ,  c  m  in  ellipfi  ^  c  rn  ,  ni  g 
in  fc^ionibus  oppofitis;  tailus  in  cllipfi 
b,  c  5  in fcftionibxis  oppofitis  c  ,  g  con- 
ncxi  re^lis  bc-j.cg;  nota  tangcns  c  tQj 
brachium  ergo  librae^  fyftcmancura  ,  diiiti 
a  f  ipfi  nota?  tangcntjparallela,  crit  c  f, 

Rurfus  in  cllipfi  inicllhgamr  dcfcribi 
quadratrix  cib  gerlKa/cx  pofttione  tan- 
gcntis"nota5  c  m  •,  m  hyberbola  \txo  qna- 
dratrix  cio  gcnita  ex  eiuf^lcna  tangcniis 
notae  c  m  pohtionc*  Qiioniam  furipto  in 
Tcfta  d  r  quoxrunque  panftc>  <| ,  &  pcr,il- 
hid  dufta  qt  qua;  ad  li-hram  pendlcu- 
laris  (It ,  & occurrat  fc£lioni  bpc  in  p, 
quadratrici  in  u  &  tangenti  b  m  vel  gm 
in  f ,  vt  f  c  brachium  fyftcraaticum  ad 
cx^  iioc  eft  vc  ad  ad  dq,  ita.p€rvnde- 
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cimam  huius  f  p  ad  p  u  ^  fpatium  autem 
quod  quadrathce  &  re^a  c  b  contincturV 
habctur  per  propofition^m  praecedentem: 
&  pcr  iibrum  Archimedis  de  ^uadratura 
paraboles  habetur  fp^tium  quod  figura^ 
redihneas  b  m  c  ^  vci  m  c  b  n  arquipon-i 
dcrat  hbra  ex  d  fufpenfa ,  eiufmodi  fpatioy 
rum  difFcrentia  cognita  erit ,  qu&m  2cqui- 
pondcrare  fegmento  c  b  p  ,  libra  e  x  a 
fufpenfa,  pcndentcmex  brachio  quod  ipfi 
a  d  {it  ^quale ,  ^  oppbiitum  fegmentp 
bpc  odendimus  m  corollario  fccundo 
popoiitionis  duodecimx  libri  ftcundi. 

Sccundoreda  dc  fecet  fcAionem  coni-r 
cam )  &  fcda  btfariam  rej£ta  b  c  in  1 »  re^ 
fta  a  1  iunfla  occurrat  fc£Uoni  in  «sr  5  vt 
autcm  a  I  ^d  a  t  ,  ita  fiat  a  ?  ad  a  9 ;  jun* 
gantur  bf?,  c^  qux  tangcntfeftioncmper 
trigcfiinam  oftauam  primi  Conicorum. 

In  Schcmaic  igitur  ellipGs,  rcftae.  p  c  pcr 
a  ducatur  parallcla  a  u  >cruntaUerni  anguli 
ua>,  c  9  a  a^qualcs*,  ac  proinde  non  cadet 
rcfta  aju  intra  fceimcntum  b  t  c  •  fed  crit 
tptum  ipfum  fcgmcntum  ad  cafdcra  partcs 
Tc£ix  au  )  cuni  rcfla  au  cadatad  u  par- 
tcs  ixftx  r  b  oppofitas  eiufdem  rcftx  r  b 
partibus  1  ad  quas  totum  continetur 
fcgmcntum,  Ad  reftam  5  o  cx  a  excrtc* 
tur  pcrpendicularis  a  f  ^  occurrat  autem  ifi 
u  rcif^a  au  rcftac  c  b  produflac. 

Sicrgo  i?  intclligaturccntrum  fyftcmatis^ 
ta^us  b  ,  c  5  tan^entes  b^  9  c  ^   qi^arum 


/ 
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c  ^  fit  uneens  nou  >  libra  per  ccntruHi  a 
ducta  iit  a  i  occurrens^  caBgcnti  ?  c  m  t  ^ 
&  parallelx  b  x  pcr  h  duAse  in  x :  brachium 
cius  fyftcmaticum  cric  c  u..  Hi^  ita  confti-i 
tutis  )  inuenieturper  cafum  prxcedentem 
fpatium  quod  libra  fnfp^nfa  ex  a  xqui* 
ponderc^  ugmcnto  b  "J^  c  pcndenjti  per  pa^ 
rallclas  x  b  ,  ^  t ,  quarum  ^  t  tangit  brachio 
cius  pqiito  a  t>  fix  ciufmodi  fpatium  o»  ^  at- 
c[uc  vi:  Cinixs  complementi  angu  li  f a  1  ad 
finum  complemcnti  anguli  d  a  1 ,  ita  6at 
(pauntxi  ef  ad  fpatium  i.  Dico  fpacium  i 
SBquiponderarc  fegmcnto  b^c  libra  ad 
fu^cnfa  cx  a  &  fuftincntc  fegmcmu  b-rc 
pcr pcrpcndiculares  rb,  dc-,  brachio  au- 
tcm  cin^,  pofito  aequali  re£lx  a  t.  Quoniam 
cnim  fcgmcntum  bf^c  fufpcnfusn  ponitur 
pcr  duas  iibras  fufpeniionc  earumfa£ta  in 
commUni  CDncurfu  a ,  &  b^bcntcs  xqiialc 
brachium  ;  pondera  xquiponderanti^  cx 
cxtrcmo  brachiorum  crunt  intcr  fe  vt  Cnus 
complcmcnti  angulorum  prardi^orum  cx 
corollario  primo  ptopofitionis  vndcciraae 
libri  fcQundi  :  rcfta  cnim  al  tranfit  pcr 
ccntrum  granitatis  fegtiicnti  b  ^  c  cx  dC'- 
mon{lrati&  iii  decima  tcrtia  libri  fecundi« 
In  fcbemate  vcrq  hyperbola&.  fu^pto^ 
qaouis  pun^o  c  in  by^erbola  cxtra  fcg^ 
nicntu,m.ad partcs  c  iungatut  acit  &  pcr 
c  ipfi  parallcla  c.g  quac  occiirrat  fc^^ioni 
qppofitx  ing :  pcr  gducatyr  tangcns  g  in, 
^wvt  ia  primo  jcaftt  dixiinus  o^curr^t 


)' 
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tangcnti  c  m  ad  a  partcs  xtdx  c  g^  puniftum 
occursus  fit  m  ,  pcr  a  ducatur  ^f  parallcJa 
tangenti  cm,  &  occurrat  rcflae  cg.  inf; 
ipfaaf  cum  fit.parallcla  tangmti  cni  & 
p6r  ccntrum  e  dudia.  .npn  occurrct  fe^tje- 
num  vlli  ^.  crit  quippc  diam^tcr  dirci^a) 
eiurque  coiugata  trafacrfa  crit  a  c  pcr  di^g-i 
mam\  fcxtam  primi  Conicomm  ,  mi^lto 
minus crga'occurrct fegmcnto  b  ^c ,  pro- 
inde  totum  fcgmchtum  bc  erit  a4  c^cm 
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jparte$  rc^z  af.  Rurfus  per  a  ducatnr  ax 
perpen^icuhris  ad  tangcntcm  cm,  occur- 
rens  ipfi  tangcnti  c  m  in  h ,.  &  rcftx  f  b 
ia  X ;  (it  aatc:^  f  t;^  parallela  tangenti  c  m 
yer  b  du&z. 

Si  ergo  a  intclligatur  ccntrum  fyftcmatisj 
^a^tus  g,  C5  tangentes  gm,  cmj  qua* 
rum  c  m  iit  tangens  nota  y  diamcter  rc^a 
i^  a  occurrens  rcda^  ^g  i*^  ^5   librac  bral 
chium  fyftematicum  erit  c  f ,  cum  tang^» 
ti  c  m  parallcla  fit  a  f  pcr  cetitrum  a  duda. 
Rurfus  fi  hbra  pcr  centriim  du^  dt  re^a 
a.x  ,  ab;  ea  per  pcrpcndicula  f  b  x ,  c  h  p.c^- 
dcbit  fcgmchtum  b  ^  c  >  quod  rcfta   c  m 
tangit ;  cr^o  per  cafum  primutn  inuchictur 
(patium  .quodlibra  ax  fufpenfa  ex  a  arqMi*  • 
pondcrct^gmcnto  b  cr  c/,  brachio  cius  po- 
mo  ah;nt.ciufmodi  fpatium  «*>  atquc  vt  ti*  ** 
uus  coplemcnti  ahguli  x  a  1  ad  finurii  cjD^^f 
plementi  anguli  d  a  1  ita  fiat  fpatium  »  a^ 
(patium  i.  Dico  fpatium  i  acquiponderarc  y 
fcgmcnto  b^T  c  Kbra  ad  fufpenfa  ex  a  ,  & 
fulVinente  frgm%stmn  bTc  pcr  pcrpendi*  , 
<:ula  d  c  ,  r  b  , .  brach/o  autem  ^ius  poHto 
a^quali  re^ae  a  h »  quod  eodcm  niodo  o-. 
ftenditur  ,quo  in  proxi.ma  rafu  pftcnfun? 
fair.  Qupd  fi  pro  brachio  a  h  ponatiir  ahud 
quoduis ,  yt  illud  aliud  erit  ad   bracbium  ' 

ah,  itaiiat  fpatium  i  id  ahpd  fpatiuni^ 
nam  ifiud  aliud   aequipocidcrabit  cxilk> 
aho  brachio  pcndcns  ficut  dcnionftratum  /:  u  " 
elt  iil  fecundo  libra. 
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PROPPSITJO    XVIII, 

•  ■  ■  '  u 

\ 

*  Sit  quadrans  circiili  d  p  b ,  cu« 
ios  centrum  a ,  femidiameter  a  d , 
qusi  Si  vicem  obtineat  librx  fuC^ 
penl^  ex  a ,  flntque  d  a>  a  k  srqua- 
Us.  -Oftcnd^ndum  eft  ipatium 
quod  ex  k  pendcns  aequipontierat 
quadranti  ^  d  p  b  vt  iacet  perma- 
nenti  efTc  a:quale  duobus  trienti- 
bus  tJJanguli  re^anguli  adb/n- 
ue  vni  trienti  quadrati  quod  poteft 
femidiametdr  a  d  i  loti  yero  remir 
circulo Jb  d  n  quod  ijfderp  pafitis 
aEquipohderat  eflc  «quale  duobus 
^ricntibus  quiidrati  eiufdem, 

i  J 

Si  enin;i  add-a  cxcitctur  ex  di  pcrpcn- 
4icularjs  d  m ,  &  pcr  b  agatur  b  m  ipfi 
cl a  paYallcla  ,  critdamb  paraUelogram- 
inum  y  &  quia  da.,  ab  c^  cenuo  ciaiXx 
funt  a^qualcs  ,  angulufquc  d  a  b  reftus  ,  y^  ,er. 
cmfigura  a  d  m  b  quadrata  >  rc£ix  vcro  tijEuc, 
d  m ,  b  m  taogcnt  xirculum  in.pun£lis  d  , 
b,  cum  fint  pcrpcndicularcs  ad  fcmidia^  .  , 


i  ^ 


3 oo    .'.',  Xftragomfmicofum 


f ' 


l 


-3° 


«t^n 


metros  a  d  ^  .a  b.  ,Du£la/re£^a  d  b  ,  iunj^a-^ 

que  refta  a  m  ^  qtioniam  d  p  b  fe^etitum 

^  /  circuli  'p0Bdct  *ex  librac  pai?fti.s  rf^  &  aj 

&  tan^cn^csiixd^bi  conucnmnt  in  pun- 

*  ftum  m ;  fpatium  quadratricis   defcript» 

ad  pofitioncm  tangcntis^^  din  crit  aequalc 

fcgmcn^o  parabela^  cuiusbafisfit  d  b  ,  & 

tangcntcs  d  m  ,  m  b  ,    diamcterquc  m  1.. 

*'  '^o-  Curn  ergp  ciufmodi  fcgmcntum  parabo& 

l^>,*^r  fit  apqualc  trietibus  duobus  tripnsiuli  d  m  b, 

ir.  hu-  crit  lcgmcntum  ijuadratricis  xqualc  trien- 

ius.        tibus  duobus  trianguli   reftanguli  d  m  b, 

hoc  cfi  tncnti  quadrati  d  a  b  m. 

Rarfus  quoniam  libra  cx  d  fufpcnfa  la- 

tus  d  m  trianguli  d  m  b  cft  ad  ipfamlibram 

•  pcrpendiculare  ,  ab  eaque .  idciii  triangu- 

qdad^    lum   d  m  b ,  pendct  ex  punftis  d ,  a ,  co 

parab.    plane  modo  quo  fuperius  diximus  indidcm 


V     .• 
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pendere  (eginentum  d  p  b  :  brachio  pofito, 
zquah  iph  da^  fpatium   a^qiponderans 
triangiilo  tl  m  b  vc  iacet  manenti  ^  crit  x-  M"w 
qoalc  tnenti  jpfiusi  triatiguH.  Cum  crgo  f^,  i^^ 
difierCDtia  fe^enti  quadratxich  &  huiusx-  ius. 
quipoderaniis  fptan^Utzijiialis  fpatio  cfxoA 
hbra  ex  a  fufpeiifa  ,  &;  brachioiiii^  xqui-^ 
potidctat ,  ea^trc  dif£ercnt]a  fit  triens  trian- 
guli  4mb,  iibra;  ex  a  fq^petifa  fpatijum     - 
quod.-tx  4  pendefUxquiponderJt  fegmcn«- 
to  d  pb  crit  :;aequalctriemi  triahguh  d  m  b«  * 

QQoniam  vero  tiriangulum  dab  ita.  pen- 
deccxpunAis  d,a<>vt  eius  latus  ab  flc 
perpendiculare.ad  hb|:am ,  fpatium  ex  k   ^ 
pendens,  xquiponderanique  ilHf  hbta  ex  a 
fufpenfa,  eritasqualc  trienii  trianguU  da  b.  6,u^mi. 
Cum  igitur  ducifigurar  dab,  dpb  fimul  pawlr; 
conllituant  quadj:antcm  circuli  a  d  p  b  ,  &, 
fcgmento  dp  b  aec[mpondcrettrienstriaa-^ 
guli  d  m  b  ^  fig^tac  vcro  a  d  b  ,  triens  ip- 
'fius  adb  ;.triangula  aiitfim  dab.^    dmb 
(inc  atquaha  \  toti  quadranti  a  d  p  b  yt  iaceC 
manCQti  hbra  cx  a  ccntro  circuli  fufpcnfa 
fpatium  cx  k  acquipondcrans  crit/a^qualc 
duobus  trietitibus  triangoli  d  m  b  ^  feu  vai 
trienti  quadrari  a  d  m  b  fuper  diametro  a  d 
conllruili:  ac  proindefpatium  quod  toti 
fcmicircttlo  b  d  n  ijfdcm  pofitis  acquipon- 
derac  acquale  crit  diiobus  triciitibus   qua- 
drati  a  dm  b  >  quod  erat  oilendcndum. 


/' 


joif        Tetrdgomfmicortttit 


LEMMA. 


\ 


.  :         SUinpfkiius  fegmctitum  ^arabolaci  cuius 

t>afis  d  b,  diametcr  1  m  ,  tamgcntes  d  m  , 

bm  conuenfentes  in  m  i  e{&  xquale  duo- 

,        biis  triemibus  trianguli  <lm  b  j  citata  ad 

inargihem  propoiitione  decima  fexta  qua- 

draturx  paraboles ,  ex  qua  id  fatis.  aperte 

f equitur;  Ne  quis  tamen  dubitare  quicquani 

poffit ,  per  d  agatuc  diametrb  1  m  paral* 

leia  d  o  occurrens  tangpiu  b  in  in  o :  er« 

go  fegmentum  parabolas  erit  atquale  tertiat 

^      parti  trianguli  dob  per  dccimam  fejaam 

quadraturx  parabolx  :   fcd    trikngulum 

d  m  b  eft  fcmilfis  trianguli  d  o  b  (  quoiiiam 

enin)  lateri  d  o  trianguli  d  o  b  paraliela  cft 

^  P^^^j  1  m ,  vt.  d  1  ad  1  b ,   ita  erit  o  m  ad  m  b  j 

£uc.      ^^^^  ^^^  o  pi ,  m  b  ^qualcs  >  ergo  trian« 

fex  '  S^'*^  d o m ,  m  d b  habeatiaL bafcs  om> m b 

£u^.      aiqualcs  ,  &  eandcm  ahitudinem  ex  b  de- 

miflam,  funt  ^qualia  )  crgo  fegmcntnm 

parabol2e(ehabcnsadtriangttlum  odb  vt 

duo  ad  fex  fc  habebit  ad  triangulum  d  m  b 

-  fcmiflcin  trianguli  o  d  b-  vt  duo  ad  fex» 

CORQiLARIVM  l. 

Hinc  apertum cftlibra fufpcnfa ex  cen« 
tro  a  pofita  quacunque  longitudme  braclii), 
acquipQnderans  cjrculi  f4p<habcre^d  aequi« 
pondcrans  rcdanguli  ^  b  f  contineotis  femi^ 


v 


V 


Ekmentdl^m  Ukr  1 1 L    |6| 

circulum  vt  duo  ad  tria,  Sicnim  longitmiQ 
iic  a  K  id  ftfigrdo^QcodtmuS;^  qiininuim  &•« 
micircuJum  bnd  zquipondcrare  duobus 
tnentibus  quadrati  db>  le^ianeulum  au- 
tcmTb  af qufpb ndcrarc  toti  ^adrato  d  b 
apertum  ctt  »iiam  ^iai&t$^  da  bifariatii 
ia  r^  erit  r^  C^nuum  graui^t^f  rc£bngttU 
,  {T>  >  ergo  .yt  1<  a  lqngitu4o  .ad  ax  longitur' 
.  dinefti ,  lta'tft  grauc  f  b ,  ad  >graut- cx  kr 
a5quipondcrat)s  :  ergo  CHin  a  k  fit  dupla  .^^  pj;. 
Ved^a?  ra,  eric  f  b djiplum  arquipondcraji-f  mt   at^ 
iis  cx  4:c/goartjuiponderansCi  k  cft  ac-  ^«'p- 
iquali;  quidrato  zta^  Qjiod  ii  longitudo 
cj^acuis  kUarap^ponatur  idipfum  apertum 
cft  cx  coroHarlo  o  ^taua^  fecimdi  libru 

COR.bXLAiHVM.  Ii: 

.  J  '  .  1.  .  .■'.*. 

Si  fcftio  d  p  K  fic  hypcrbola  cuius  ccn-, 
truni  u  \  a^is  u  b  a  vieriex  b  y  ordinaxim 
applicata  % d  ^  fiK|tte  ba  ic^a^  b  u  duplia^  -^ 
•  ipbiquc  .b^;ftt  da  a^qualis  ^  ^nucnictur  fi« 
mili   calculi*  nicthiodo    (  niC   paralogif- 
mu^  aliqtiis  mc  fallit )  pofita  libra  d  4  >  & 
cx  punfto  a  inquobifariam  fccct\|iifiifi' 
penfa ,  fpatium  quod  ex  k,  pendens  xquir 
ponderac  figuras  d  a  b  cont^ntx  rc£iis  d  ^^ 
a4>,  &  curiia  db,   elTe  aqiiaje  quiBqtic 
vigefimis  quarcis    quadrati    da,   hoc  cffi 
vni*oftatii?'&  vni  duode^fifnse  parti  quaV 
drati  <t  a.Csetcrum  iftud  afia  vra  oftenditui ' 
in  libri  quarti  propofitione  vigefiina  tcrtia 
fub  finem  vltip^icorolUri  j.       - 


|04        TUr4gottifmmrum 

1Pro*o$it1o  iClX» 

Sit  n  d  b  fcgmeiitun]  citcu|i  cU- 
ius  centrum  a ,..  contentum  reda 
lib  &  aircu  n  d  1>  gfadau  I  >  o.qusfr 
eft  tettiaperipherix  circuli  pars» 
ex  centro  a  in  bajfim  ti  b  cadat 
perp^ndicularis  acB, per  d  ex- 
tremum  femididmetri  ad  duda 
{icdu  tangen8>  &  compleatur 
parallelogrammurh  ub.  Dico 
pofita  iibra  h  k  {ofpenfa  ex  a, 
{patium  quod  ex  k  altero  diame-' 
tri  d  k  termino  pendens  aequi- 
ponderat  fegmento  ndb  vt  ja- 
-  cet  permanenti  eife  acquaie  me~ 
dietati  rcdanguli  u  b. 

Quoaiatn  enim  rc£la  d  b  eft  hexagom 
latus,  crit  db  ip(i  d  a  aequaliSi  ac  pioin* 
dc  cam  d  b,  b  a  (iQt  xquales  triangulum- 
^  Qde  dba  fit;  xquilatcrutn ,  pcrpcndi^cu* 

laris  bc  ex  b  in  baiim  da  dcmi{&  fcca* 
bit  bifariam  re^am  d  a  in  c.    Similitct 

quoniam 
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qudmain  rcAa  a  1  cll  ]>crpeDcliculafi.s  ad 
rcflam  d  b ,  cum  latera  d  a  a  b  (iQt  aequa- 
lia  anguli  d  a  1,  b  a  1  crut  «qualesutcmd  b  q 
cba^i  &  cum  anguli  trci  trianguU  arquila- 
tcri  dab  fint  a^quales »  eorum  fcmifTcs 
erunt  xqualcs,  crgo  anguli  f  a  b,  f  b  a,funt; 
«quales;  ergoangulus  tii  f  b  cxtctnuscfl 
zqualis  duobus  intcrnis  f  b  a>  f  a  b,  hoc  c{^ 
toti  dba  2  Scd  angulus  mba  cfl:  rcAus^ 
cum  m  b  tangajt  circulum  in  b ,  &  anga« 
lus  f  ba  eft  vna  tcrtia  rcfVi  anguli ;  crgo 
refiduus  singulus  m  b  f  eft  duae  tertix  rtfXi 
anguli  2  fc4  angulus  Ifb  cft  cttam  duaS 
icrtiae  rcfti  / crgo  trianguHira  mfb  cft 
atquiangulum  &  «quilate rum  \  crgo  rcAs^ 

V 


■:9' 
•  .'■\. 


^^iS      ^eirdgotiifmtoruf» 

m f  mb  f  b  funt  ^equales  3  crgo  cUm  h  i 
fit  pcrpencUcularis  ad  baiim  mfportiones 
m  1  1  f  erunT^aalcs ,  &  fmgolz  fcmiflts 
tt(Xx  bf,  jfcu  f  4.  Rurfti*  quoniam  triait^ 
/gula  dal  jfac  fupt  iin^iliai  cum  da  (it 
'  dupla  xt(Xx  dl,j  erit  qikoque  af  fcu  f  b 
dupla  xtQi^  cf » trgc^ CNn|(:il  fcmiifis  itf\:x 
f  b  &  xt^  pa«s  xbfiJ-lcr*:  Tcd  l'f  cft 
rcmiifis  xtfX^  f i  :  ctgo  1  f  fcu  m  1  eil 
tcrtia  pars  rclQX' c  b  qjiX  cft  iintts  gtg-^ 
duum  60.       \      /        T'  !      .    ^ 

Cum  CKgo  icgpicntwtti  quadratfricis  jRt 
ap^ujlc  ^^r^rmptiPtcdcnti torollario  ctiflum 
cft ,  duabiis  tcmis  ttiatiguli  d  in  b  ^  & 
triangulum  d  tp  b  fit  apqualc  rcftangulo 
fub  iinu  toto  d  b ,  &  fub  fcmiiTe  altitudi- 
nis  m  1 ,  hoc  eft  fub  fexta  partc  rcflx  bc 
finus  graduum  tfo*  crit  fcgrilentum  qua-ii 
dratricis  xqualc  duabus  tcrtiis  rc£{abguli 
iub  finutoto  &  fub  fcktS  partefinus  gra* 
duutn  6o, 

Rurfus  fa^U  d  a  dh  atqualibus,&  abf- 
pfla  ed  tcrtia  parte  rcAx  dc,  hoc  c{{ 
fcxta  totius  da  feu  hd  ;  ii  pcr  c  agatur 
cg  ipii  d  iti  fcu  cb  parallela  ,  (icut  d  e 
cft  tcrtia  pars  reftab  dcitacritdg  tcrtta 
rcftac  d  b.  Quoniam  ctgo  dc  Lbrx  h  c 
punftis  d ,  c  pctidet  triangulum  d  m  b ,  ita 
*.fcxti.  Yt  cius  iatus  md  fit  ad  libram  pcrpcndicu- 
lare,  lib^a  iufperifa^x  d ,  tciangulum  dm  b 
cx  e  tatitum  peiidens  itianebit  Vt  iacet» 
trgo  vt  rc^a  hd^d  dc  rtftamj  ita  erit 
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ttian^ulum  dmb  adfpatiiim  i,  quod  cx  ^.  qu«- 
h  pciidtiis  ipfi  dmb  xquipondcrct 5  cr-  ^''*^V 
go  fpatiuni  i  cft  fcxia  pars  trianguli  d  lii  b,  ^"*  * 
hoc  cft  rcftanguli  fub  fma  toto,  &  fub  fcxti 
partc  firius  gradiium  60.    Si  crgocx  diia- 
oas  tcrtiis  ciufmodi  rcAanguli  dcducatur 
vna  ciufdciii  fcxta  pars  i  irclinquciitur  trcs 
fcxtae  5  iiuc  ihcdi^tis  ciiifdcih  rcftanguli 
fub  fina  toto  &  fub  fcxta  finus  graduum  tfo; 
contcnti :  ctgo  iiicdictas  pr9rdi£ii  .rc£lah-> 
guli  eft  fpatium  quod  libra  fufpcnfa  cx  a 
pendens  cx  k  acquipondcrat  fcgmcnto  cir- 
tuli  dp  b  vt  jacctmancnti :  crgo  totum 
fcflarigulurii  fub  ilau  toto  ^  fub  Yria  fcxta 
totius  bc,  ar^i|ipdndcr;;it duobus  fcgmcn- 
tis  dpb,  dori  irt  jacentpcrmancntibu^; 
Rurfus  fiat  c  q  tcrtia  pari  rcClx  d  c  5  crit 
trgo  q  ^cntrum  gtauitatis  thanguli  ri  d  b : 
crgo  fi  ex  folo  pun£lo  q  pcndcrc  pdnatur  ^'  ^"•- 
nian/&it  vi:  jacct,  crgo  libra  cx  a  rufpenfa  pacabi 
fpatiuni  f  qiiod  cx  k  peridcris  aequipori- 
dcrct  triangulo  d  n  b ,  crit  ad  ipfum  tf ian« 
gttluni  dnb  vt  qa  ad  ak:fed  qa  cori^ 
tlittcjuatuor  partes;  cuiufraodi  ax  con- 
tinct  fcx,  hoc  eft  duas»  cuiufmodi  a  i^  coh^ 
tinct  trcs ;  ergo  fpatium  r  cft  xqualc  dua- 
bus  tcirtiis  triariguli  dnb.    Ergo  fi  cx   t 
pendcat  f  xqualc  rcAangulofubfinutoto, 
&fub  fckta  finus  g^aduum  6oi  totura  rf 
a(()ttipondcrabit  toti  fcgmcnto  n  o  d  p  b  vt 
jacct  mancnti  :  fcd  triangulam  dnb  cft 
?i]ualc  rcftangulo  fub  d  c  &  c  b  contcritd^ 

V   * 
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tiue  rc^langulo  fub  d  a  finu  JCoto  &  fub  mt^ 
dictatc  reitae  b  c  :  crgo  duac  tcrtix  triaja- 
guii  dnb  funt  zqualcs  duabus  tcrtiis 
rectanguli  fub  l(inu  toto  &  fub  fcmiile  rcctae 
^      c  b  :  fed  rcccangulum  fub  fmu  totp  &  fui^ 

^l  '  duabus  tcrtiis  mcdieutis  rcctac  c  b  cft  cqua« 
le  duabas  tcrtiis  rcctanguli  fub  iinii  toto 

1.  fcxti.  &  iub  femifle  rcctz  c  b  :  crgo  rectai)gu- 
lum  (ub  finu  toto  &  fubduabus  tertiis  me- 
dicutis  rectar  c  b  ,  cft  arquale  fpatio  r  i 
fed  dcz  tertis  medietatis  funt  irna  tertia 
totius :  ergo  fpatium  r  cft  xquale  recran« 
gulo  fub  linu  toto  &:  fub  vna  tcrtia  xtfkTt 
c  b  Cum  ergo  f  fpatium  fit  arquale  reoi 
tangulo  fttb  (inu  toto  8c  fub  vna  fexta  rcc- 
tdtf  c^by  vt  oftenfum  fuit:  (i  vni  tcrtiaB  ad- 
datur  vna  fexta  j  con^nt  tres  icxtz  iiue 
vna  medietas  V  er^.  duo  fpatia  r ,  f  .funt 

'  fimul  arqualia  rc^angulo  fub  {iQil  toto  6t 

fub  medietatc  xtiXx  c  th .  Hoc  ift  nif>  d  € 
femifinu  rcAo  &  fub  tota  c  b  :  ild  re^i^ 
gulumdb  cftfemiffisredanguli  ub^crgo 
fpatium  r  f  quod  cx  J^  pendens  Ttcpxvi 
ponderat  fegmento  n  d  b  cft  atqualc  mc* 
dietati  parallelogrammi  ii  b. 

COROLLARIVM.  I. 


••    » 


Hinc  dpertum  cfl:  diccratoidi  nutdb 
mancmivtiacctlibracx  a  fufpcnla  acqut- 
pQQderare  fpatium  arqualc  quadranti  re« 
Aanguli  u  h.  Qiioniam  cnim  diuifa  rc^a 
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dc  bifariaitiin  x»  puhftum  x  eftccntrum 
graaicaiis  rc^tangui  u  b>  &  quoniacn  re- 
^a  K  a  habct  fc  ad  rcaam  a  x  vt  4.  ad  3.  ^^^  ^^1- 
fpatium  toti  rcftaogalo  u  b  vt  iacct  tna^  mi  «^ 
nenti  xquipondci^s  crit  xqualc  tribus  ^"^P- . 
quadrantibusrcftanguli  ub^fcd^Cquipon*  ^'   ^"'^ 
^er^n»  (cgmento  nd  b  cft  xqualc  duobus  ' 

quadr^ntibus>  vt  oftenfum  cft»  ci^ifdcm  re- 
^anguli :  ergo  diccratoidi  n  utdb  acqut« 
pondcrat  quadrans  fc^nguli  tt  b. 

COROLLAH.IVM    IL 

.  Hinc  patec  quoniam  fcmicirCQli  t  d  9  ' 
xquiponderans  libra  k  d  furpcnfa  cx  a 
iimtduo  tricntcs  quadrati  ca,  fegmcnti 
aucem  bdn  eft  rcftangulum  bcd,  fiex 
quadrati  da  duobus  tricntibus^  aufcratur 
rc£langulihn  bcd  Tcftabitxquipondcrans 
figurx  cr ^  nb  vt  iacct  maACntii*  Quoniam 
vcro  rcAangulo  b  c  d  xqualc  cft  rcflangu^ 
lum  fub  fcmifle  rc£t%  c  b  &  fub  d  a  /fi  ex 
duobjus  trientibus  tt(\x  d  a  aufcratur  fc« 
miflis  ttOtx b  c;  rci^angulum  fub rcHduo 
tc  fub  re^JEla  d  a  crit  xqualc  fpatio  quod 
xquipondcrac  figurar  <p  ^^  n  b  contcnt^  i^ 
Aisnb,  ^T^  &^^abusTnj,9b^ 


...     ^' 
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3IQ         Tetrdgonifmicorum,  ' 
PrOposi  Tip  XX, 

« 

Vt  fe  habei  rc<^a  centrum  cir-r 
culi  &  centrum  grauitatis  femi- 
eirculi  connc<ften^  adfemidiame- 
tfuqi;  ita  tcrtfa  pars  quadratij 
quod  potcft  diamcter  eiufden^ 
circuli  eft  ad  ipflus  circuli  aream, 
Vndc  data  rc(9;a  qusc  iftiufmodi 
centraconnedit,  fi  vt  data  reda 
ad  diimetrum  ita  nat  tricnis  qua- 
drati  quod  poteft  diametcr  ad 
aliudfpatium^,  iftud  ipatium  erit 
^quale  areap  circuli,  Itcm  data  a- 
rea  circuli  (i  vt  arca  circuH  ad 
trientem  quadrati  quod  poteft 
diameter: ,  ita  fiat  femidiameter. 
adredamquandam  j  ifta  erit  in- 
teruallun^  qup  centrum  grauitatis 
iemicirculi  diftat  a  c  ntro  ipfius 
circuU.  «^ia.  • 


Mimifii^rm  Uhr  llh  ju- 


•  w 


Rerumptii  f^ara  propollttonis  d€ciiiu& 
dftauae  $  quonian^  fpatium,  quod  ex  l^ 
pf  ndens  acquiponderat  femicirculo  b  4  n  , 
zjg^uaie  <ft  duohus  tcientibus  qqadrati  quod 
poteft  re£la  d  a ;  fi  pun^tum  t  pon^tur  eflb 
cfmtrum  grauitaus  femicirculi  (  cQ  enim 
iu  Kf  £U  a  d ,  vt  prob^tum  eft  in  fecundo  )*  ^ 
vt  (bnidiameter  ak  ad  2^  treAam  coniier  cun^: 
£^ent;eii\  centra  t&  a,  ita  erit  femicirculus  buius- 
pendens  cx  t  ad  duos  triem.es  peudemes 
cx  H^ ;  crgo  ita  etiam  erit  circulu^  ad  quatuoi;^ 
trientes  qjiia^rati  4  a  ^  fi^d  ^aadiraium  dia^. 
metri  dk  ^^^  ^t  quadrnplum  quadratt 
iJ^»  (ontinet  quad|:ari  d  a  tt:icntes  duodt« 
c;m.  'y  ci:go  quatuor  trientcs  quad^-a^ti  d  a 
fttftt  Y^HS  tf«iy  ^uad^r^^d  5  i  erga  yt  (i{^ 


jii        tettagottiptikmm 

midiameter  ak  *i  ar  lacentem  inter  t  & 
a  ,  ita  ell  area  circuli  ad  tricntcm  quadrati 
qaodpotelt  diameter  d  k ;  &  inuerteodo , 
vt  reAa  a  t  connc£tca^  ccntraa  ,  t  ad  fcmi- 
diametrum  ak,  tu  cU  tiiens  qaadrati 
qaod  potcft  diameter  t^^i  ad  artkm  circoli : 
u etgo  vt  dat^ refta aiiadftmkliametrom 
d  a  ,  ita  tricns  qaafrati  i,  ^upd  fpoteft  dia« 
meter  dk ,  fiac  ad  aliqiodXpatiumTcftili- 
neum  ,  iftud  icdilineumf^erit^qualc  ar» 
circuii  j  item  dataarca  urcuU  fi  8cc,  q^od 
Cfat  prcqii^Atum.  ' 

COROLtARIVM  I. 

Eodem  paAo  ollendetut  fi  d  p  1  fit  por- 
tio  hypcrbolae  de  qna.  in  corollario  fecudo 
flecimx  ^ftauz  egimus ,  6c  fi  pet  t  tnn* 
fcat  perpendicutiun  cx  eitts  graoitatis  cen> 
trocmiAiim>vt  reAaat  acT rcAam  as, 
ha  efle  duotkcinUtn  jfc  oQauam  fimolpar. 
tem  quadrati  qtlo^  poteft  a  k  ,  ad  figuram  ' 
t>p  da-:  ac  proiadefi  vt  data  at  ad  re^i|i 
a  Jt ,  ita  fiat  oAana  ii^mt  Se  daodecinu  pars 
^nadrati  a  k  ad  fpatitfni  aliquod  rcailincum 
^hid  rc£tilinCHm  cfie  «qoalc  6gurx  bp  d  a. 

COROtLARlVM  II. 

:S  bzftenus  liqaido  nm; 
circuli  &  hypetbolx  a 
inucatafn  dato  daanim 


ElemeHtorum  Liber  Illt    iii 

centrorum  mcmoratomm  interaaUo,  nihil 
babcrc  mcchaoicum  in  ipfa  cxcqoutionc , 
quatcnus  vosc  illa  dcnotac  in  pcrfiycndo 
aliquo  problcmatc»  aliuil  inllrumcntum 
vfurpari  prattcr  ca  quae  Euclides  adhibcc 
ad  conficicnda  clemcntontm  fitorum  pro« 
blcmata,  hoc  cft  nullo  aUopoftulato  qu^m 
vt  ^  quouis  punAo  a4  quoduis  punfhim , 
rcftam  lincam  duccrc  concedatar »  &  vt 
quouis  ccntto  &  intcruaUp  circolas  dci^ 
cribatur» 


\ 


....  .  . 
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t^t^iAgonismicorvm. 

L'16^8.  J¥. 

^i  dempnflraS  centrum  S^'*'*^^'^^^ 

fariphericorum  >  O*  eorum  ith 

uic^m  prjaportipem* 

PRiEFAT 


r 

X  quQ  ptolcgoin^tLi 
huius  operis  ^y.pis^  cuf» 
fi^nt  j  mutaui  (joQfiliuni 
Orca  ordinem  carum  thcorerna- 
tum ,  quap  prapfenu  libro  nunc  a^^ 
fcribo  j  cum  cnim  demonftratis 
in  anjeccclcnti  primum  cohasrc- 
rcjit ,  fcccrnenda  iudicaui ,  tum 
quia  tcrtius  liber  pracmiflfprum, 
^Uprum  molcm  lon,ge  fupcrabat, 


^iS  Titr4gonifmkorm 
c&m  quod  ea  <quz  iO;b  toco  tra^ 
^hmtar  fuapte  oatura  ians  retan<S4 
i  rdiqais  mihl  vi(a  fuenmt.  Cacr 
tertim  quantoffi  cpilogifinortini 
(it  fubddium  ad  occuftfofm  M^ 
thefeos  theoremata  inijaganda, 
licet  Catis  ^ont^et  ex  Arthimedis 
operibus ,  Pcolemati  m^gtkl  iyn- 
taxi ,  &  ex  i)S  qu2  fub  prozime 
^rioris  libri  finem  ad  calculum 
prarlucente  ^ygoftatica  reuoca» 
uimus;  manifeftum  tamen  am- 
pHus  fiet  ex  fequentibus »  quae  e- 
uincunt  circufi  difhehnonem  non 
^cus  ac  vniuer(um^  mundum  nu^ 

ftp.'i-  perfici.  Porro  in  numcrorum  ra-' 
tiooibus  computandis  (  przcipiii 
quando  integris  fra^iones ,  quas 
Vocant ,  illigantur )  facilc  fit 
vtctiam  diligentilfimo  ratiocina- 
tori  paralpgifmus  aliquis  fubre- 
P^t ;  auare  ciafmodi  crratorum 


•♦  I 
t 
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iy;einaiY^trp^P!Udiciirab  ^  quts  Hi^ 
}us  a^rys  ^eitliiiiatof  ilw^y  n«c  ilkrp 
4igQfefp.m.f  Q  iqui4  Idn^cale ,  vc 

gramn^^i».  wii»  ftat>  icd  dum  ad 
nuniq:i9#?rcdi|cijC]ur ,  !caUttti  etrof 
hitcruenit  3  is  cxiguliliomenti  eft> 
cum  maneate  demonftrationis 
robore,nttllo  oegodo emendart 
pofCt :  ncH|  eft  OMneacakulatoris 
cuiufcufiqae  haec  ratioci&ia  exa^ 
misafe  ^  uid  Arshmedd  imprimis 
cxeidtiUi  ctiam  itktntnutiarnm  lo- 

giftica ,  quales  T^^ius  non  funt 

viri  alioqui  dodij>  quifola  theo- 
ria  in  iftis  contj^  jrayin;  Ipfam 
contempfffui 


1_^' 


Viovosti'w  L' 


Sit  abl  regmentumparabolje 
contentum arcu  abl  $c  baH  aly 
diuif^m  per  re^a  b  c  di^^metrum 


L. 


3t8  Tetragoitifihic&rum 
iut  diametto  parallehm  ihduii^ 
portiones  j^r6^6fitum(|ue  (it  irt 
{tortionis  akei^utl-ius  atl^c  redl 
^c  dettrhiinare  pundHttiinquod 
incidit  aet^uidiftans  redae  bcdu^ 
&i  pef  centrum  grauitatis  pot^ 
tionisaebd 

.  Rc£la  aciimidatiiroi£»iainin  d;  Hcvi 
m  ita  vt  am  iic  dupl^  ttfkx  c  rh  ;  produ« 
catur  pcr  d  a^uidimns  tt(kk  b  e^  occur« 
ratqucfcftionicoDicz  in  e«  rcAa  vcro  ab 
fcidcm  d  e  occarratin  g^  ita  diuidatttr 


^jiS 
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in  p  •  vt  ficut  iutte^fi  a  c  c  b  tkdis ;'  ttian- 
iguiutn  acb   adtruhguli  a^B  l^atuor 
trkntes^ita  Itt  re^^  dj>  dd  pm;^(ir  |^   .    j^j^ 
•gatur  pi  ipii  cb  'parallela.  DidotdEbm         ^ 
p  i  traifliire  per  cebtrum  grauitiaitiypdrtitf-    *  >  .^ 
411$  aebe. 

Quoniam  cnim  refta  4^  (ccat  bifaS  ;, 

riam  baiim  a  b :  &  tft    patallela  diame*  t^{^A 
tro  regmcntiy  erit  ge  di)iimcter  legmcnti  4.rec&- 
aebgi  ergo  ge  tranfic  per  centrumgra-  ^is- 
uitatis fegmenti  4 c b g )  & ipfiim feginen*  ^y^^^^^ 
tum  eft  aequale  quatuor  trientibi)^  triah*  ^arab. 
guli  •  a  b  e^    Rurfus  quoniam  c  in  eft  tcr-  ^quad. 
m  parsr  iateris  a^  tri9gu^i  a  c  B  &  it&3i  in  f  P*"*^*> 
*ft  iadtri  c  b  acqUidiftfis,tranfibitpfer  centru  ^qu/f  * 
grauit^tis  triilngiili  acb.  Cum  igitur  pcr- 
tioncm    2hebc  dux  cius  partcs  atbg 
a  c  bg'xquct>&  re£hr  gc,  mf  trafeant  peC 
centra  earum ,  fi  pet  ccntrum  tocius  duci- ' 
tur  apquidiftans  dioidet  rt£tam  d  m  iti  duai 
porttones  quarqm  eii  quzadiaccbit  jiunfto 
d  critad  aliam  ficut  triangulum  bca  e(l 
ad  (cgmcntum  aeb  g  hoc  cft  <id  quatuor 
ttitotes  trianguli  a c bg •)  fed  ita  etiaoi  cft 
€X  conftrudionc  dp  ad  pm  :  crgopun- 
Aum  p  eft  illud  quod  erat  determinan« 
dum. 

COROLLARIVM  L 

Hinc   facile  intelHgitiir  qua    ilictho- 
do  inucniri    dcberet  centrum  portionis 


jio      Titrngomfmieofm 

mtcr  AiM  quafciinqu^  paralklas » e^d^  t>  c 

inurccptas)  dtt£k&  Himirum  eb  ,  traptzij 
^.  .  dcbc  inncnnor  centmm  gramutis  &  pcr 
J[|'[^  illlMi  dbcitar  paraUda  fcaa:  tp  rcfpo» 
quip.    dcns  }  cstcrafchabcnt  codcm  proifiis  mo« 

do»  fubfiittttd  in  locum  triangoli  a  b  c  tra« 

pczio  id^cb^ 

COROLLARIVM  II. 

Bx  his  patct  (i  coniplcatur  paianclii* 
grammum  xc  paralklam  duAam  pcr  por« 
tionis  bxae  centnim grauitatis inucnirii 
fiexparallclogramrao  xc  auferatur  por- 
tio  beac  confians  triang^lo  bac  & 
tricntibos  quatuor  trianguli  a  c  b  &  fi  vc 
rcfidunm  ad  ponionctn  a  c  b  c ,  it A  fiat  re« 
Aa  pd  ad  dt«  Qponiam  cnim  rcAa  zc 
bifariam  fccamr  in  d^  ccntnmi  eiauitatis 
paralklo^mmi  x  c  erit  in  rcAa  d  e  k-* 
tcri  bc  parallcla*  CumcrgORCU  p  i  tnn« 
fcat  pcr  ccntrum  grauitatis partis  acbc^ 
&  vtaltera  pars  axbe  ad  acbc  ita  fic 
d  9  rccta  ad  dt :  recta  tu  paralkla rcaa? 
e  b  tranfibit  pcr  ccntrum  grauiutis  partia 

CPROLLARIVMIIL 

Hinc  patct  quoniam  punctum  p  cadtt 
intcr  d  &  m  >  rcctam  a  p  cfie  fcmpcr 
maiorcm  fcjoiific  rcctat  a  c }  cft  cnim  maiot 

quam 


Elmtnicrttm Liher  IV.  ^ii 

4flkm  a  d  quac  rcctae  a  c  cft  fcnuQis  & 
-tcmpct  cflc  minorcm  duobus  tricntibus  re- 
ctac  a  cjcft  cnim  miaor  quam  a  m  quae  duos 
tricntcs  rcctae  a  c  continct :  proportio  cr^ 
gorcctae  ap  ad  pc  cft  maior  proportio- 
nc  acqualitatiS)&  minor  proportionc  dupll. 

COROLLARIVM  IV. 

Scgmcnto  parabolat  quouis  diuifo  in 
duaspartcspcrdiamctrum,  ccntrumgraui- 
tatis  carum  cuiuflibct  cft  in  rccta  aequidi- 
ilante  cidcm  diamctro  &  fcmibafim  fccan-- 
tc  in  duas  portioncs  quarum  quac  diamc- 
tro  adiacctcft  adaliam  vt  j.  ad  j.  Ccn*» 
trum  autcm  grauitatis  fcmi^diccratpidis 
dictac  portioni  rcfpondcntis  cft  in  paralJcla 
diuidcntc  fcmi-bafim  m  duas  partcs  qua- 
nim  quac  adiacct  diamctro  fc  habct  ad  altc* 
ram  vt  3,  ad  i.  Sit  a  b  1  quoduis  parabolse 
fegmcntum,  cuius  bafis  al,  diamctcr  bc^ 
diuidcns  ipfum  fcgmcntum  in  duas  partcs 
a  b  c  ,  1  b  c.  Cuiufuis  ill^tum  a  b  c  ccn- 
trum  grauitatis  fit  i,  &  pcr  i  ducta  fit 
ipfi    b  c   acqtiidiftans  i  p ,  occurrcns  bpfi 

al  in  p.    DicoVtj.ad^itacflcrcctam 
pc  ad  pa,  ' 

Ducatur   rctta  ab   «c   trianguli   abc 
tcntfum  grauitatis  fit  f ,  pottionis  autcm 
a  c  b  ccntrum  grauitatis  fit  h  ,  rccta  con- 
licctcnsccntrah,  f  tranfibit  pcr  i,  aiouc  ^'^^^'^ 
vt  tnangulum  9  b  c  ad  fegmentynj  a  e  b,  Uui». 

X 


3*4      Tetragonifmmrum  | 

4.recu-  lu  erit  rccta  hi  ad  if;  per  h  &  f  An^ 

di  «qu.  cantur  rect^  h  d ,  f  ni }  ehc  h  d  diameter 

rcgmcnti  a  e  b  ^  ac  proinde  occurrens  bafi 

t  Tcxti  ^^  ^^  S>  cam  bifariamfccat;  cumigitur 

EucK     Istcri  bc  trianguli  abc  parallela  fit  gdj 

vtbg  ad  ga^itacritcdadda^funtergo 

c  d ,  da  squalcs.  £t  quoniam  f  m  eftpa- 

tf.quad.  rallcia  latcri  b  c  &  pcr  f  centrum  graui- 

tatis  tranfit,  crit  m  c  tcrtia  parsrcctx  ac« 

'^o.fcxti  Dcnique  quoniam  rcftx  d  h  >  pi^  mf  func 

^"^^*    paralldae^  vt  hi  ad  if  ita  crit  recta  dp 

ad  pm« 

i7.qua.      Quoniam  igituc  ducta recta  b  i  fegmen« 

^'^*       tum  a  bl  continet  triangulum  abl   k^ 

mcl  &  cius  trientem  >  fegmenci  vcvo  a  bl 

portio  a  e  b  c  eft  medietas  ,  triangukquc 

a  b  I  trianguium  a  b  c  eft  etiam  medieras^ 

^.primi  portio  aebc  contincbit triangulum  abc 

fauiu&ia  fcmcl  &  eius  tricntCy  hoc  eft  21  e  b  c  fe  ha<r 

I.    co-  \y^^ 3^  3 1^ ^  yj^ quaternariusad teraarium: 

ergo  cum  tcrnanus  ad  exceilum  quo  a 

quatcrnario  fuper<itur  habeac  triplam  pro« 

portioncm,  triangulun)  a  b  c  h^ibebic  quo« 

que  triplam  ad  pqrtioncm  a  e  b,  qua  fupe« 

ratur  a  figura  a  e  b  c*  Cum  igitur  vt  trian« 

gulum  a  b  c  ad  portionem  a  e  b,  ita  o(len« 

(um  (it  eflc  rectam  h  i  ad  i  f ,  feu  d  p  ad 

p  m  9  erit  d  p  tripla  rectx   p  nu    Diuifa 

igitur  recta  a  c  in  viginti  quatuor  partes} 

femitfis  dc  continebic  duodecim  ex  illis  j 

m  c  vero  triens  rectx  a  c  connnebit  octo ; 

dm  erg(^  habcbic  quatuor,    £t  quooiam 
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^  m   ita  tft  in  p  diuifa  vc  d  p  ad  p  tn   iit 
vt  ternarias  ad  vnitatcm  \  cx  illis  quatuor 

3uas  dm  coiiriaet^  attribucntur  trcs  ipfi 
p  :  rccta  crgo  a  p  conftabit  quiildccim 
|»artibus ,  &  rccta  p  c  rcfiduis  noucm  :  cr« 
;o  recta  ap  fchabcrad  cp  vt  15.  adpi 
ioe  vt  quinaritts  ad  tcrnarium  quod  crat 
primo  loco  oftcndeodum* 

Rurfiis  quoniamportio  ac  bg  eft  tcrtia 
pars  triangttUabc;  comj>lcto  parailclo- 
grammo  x  c  ^   tota  figura  a  e  b  c  conti* 
acbic  qoatuor  fexumcsvparallciogrammi 
X  c  }  ac  proinde  pars  a  x  b  e  fe  habct  ad 
partem  beac  vt  vnitas ad  binarium«  Sic 
recta  ut  diamctro  abc  parallcla,  tran-  .      « 
featquc  per  centrum  fi^urac  bxae  :- vt    *  j^  '^ 
vnius  ad  binarium  ita  crit  dp  ad  dt:  paub^ 
fcd  d  p  cft  vna   octaua  rcctae  a  c  ^  crgo 
t  d  crit  duae  occaux  :  crgo  a  t  continec 
dua$  octaaas  I  &  tc  fcx  rcfiduas ;  crgo        *  : 
xccu  a  c  ad  C  c  eft  vc  a*  ad  6^  Gue  vt 
vnicas  aid  ccrharium  ,  quod  crat  fecundo 
loco  cftcndcndum*. 

Qaod  fi  aUa  portio  fcementi  parabolae 
qua£  femifcgmentum  fu  propofiu  &  in 
ca  dcrerminari  per  numcros  dcbcat  pun« 
ftum  in  quod  cadic  parallcla  pcr  ccntrum 
graniutis  dufta  in  portionc  tam  fcgmcnti 
qui^  diceratoidis  s  iUud  pra^ftari  dcbcbit 
infiftendo  methodo  traditas ,  vcl  altcri  fa« 
ciiiori  qox  cx  principiis  ab Archimcdc  tra« 
ditis  forcaiI<  Qccufrct. 


1 

■! 
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COROLLARIVM  V. 

Si  opas  fic  y  oftcndi  poterit  rc£^am  t  p 

continctc  duas  rcAx  bc  quimas.  Sitcnim 

'    o  ccntrum  guuitatis  cotius  parabolz  ,  & 

mi   X-  iungatur  io,  cui (quali^ ablcindatur  of^ 

quip.     crit  f  ccntrum  grauuatis  ipdus  b  c  1 ,  cum 

'^'/^"  partcsabc,  bcl  fimzqualcsS  fcd  rcfta 

huius.    ^  f  ^ft  parallcla  rcftx  al  cjc  demonftratis  , 

S.  fec*  &  rc£ta  oc  continct  duas  qaintas  rcAx 

apquip.   cb  :  crgo  pi.  ipii.co  c^tt^iis  contincc 

duas  quintas  rcdx  <  b. 

COROLLARIVM.  VL 

£x  his  apcrtutn  cft  (i  duo  parabolar  (cg« 
mcnta  babucrint  bafim  eaiKlcm,  rc^as  dia^ 
mccris  parallclas  &  tranfcuntcs  pcr  ccntra 
grauitaris  fcmifcgmcntorum  ad  cafdem 
diamctrorum  partcs  iacentium  concurrcre 
in  idcm  bafcos  punftum ,  &  eius  fcgmcn« 
tum  adjaccns  diametro.  ad  aliud  cfle  vt  3« 
ad  5«  Idcm  dici  debct  de  parallclis  pcr 
centra  grauitatis  femidiceratoidum  duAis; 
£as  nimirum  in  idem  baffcos  pun6:um  in« 
cidere  ,  &  partcm  eius  diametro  adjacen- 
tcmefTe  triplam  rcliqux  quae  ad  eafdem 
diamctri  partes  xacet« 


qua- 


Mt. 
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COROLLARIVM  VII. 

»  , 

Si  fiant  c  b,  b  j^  ^qualcs,  &  )ungatur  a  x, 
erit  a  J!^  tagcns  in  a^  &  (icuta  c  clt  dupU  rc- 
dxa  djita  J^  c  crit  dupla  ttfkx^  0)(kut  cr« 
go  dn^  bc  ^qualcs  :  cum  ergo  dc  con- 
tincat  tres  quadrantcs  fcu  dodrantcm  re^ae 
bc,  crit  cri  reliquus  quadrans'>  &  quia  ^^. 
triangula  ane^  aed  habent candenii  alci-  patab« 
tadiocm  ad,.crunt  vt  bafes  dc»  cn  hoc 
cft  vt  nouem  ad  tria*»  &  quia  parabola^fcg- 
mentum  eg  eft  tertia  pars  trianguH  anc» 
triangulam  .a.ed  erit  ad  fcgmentura  eg 
vt  nouem  ad  vnum*  Si  erqio  re£la  a  d  di* 
uidatur  in  partes  fexaginta  quarum  q  0* 
contineat  vigiiiti  ,  at  contincbit  triglnta,' 

&  tq  <kce/n  >  j£t fi  tq  itadiHtdatuCin  v 
vt  t^  contineat  noucm,  &  qd  .rcdduam 
cxdecem»  erit  t^  ad  ^d  vttriginta  no« 
iiein  ad  viginti!&;  vxiam»  hoc.e&;  vVttrede-». 
cim  ad  fcptcm^» .  Ptico  fi  pcr  \  ag^tur  pa« 
rallcla  tt&x^^\\  inillacflc  centrum  gra- 
uitatis»  portiolus  parabo1ic£  aed.  Qao«* 
niam  enim  a  e  d  triangulum  habet  latus. 
ad  diuifumin  trespartes>  quarum  vnam 
continctqd)  fipcr  q  agatur  ^uidiftans 
teftx  de».crit  in  fquidiftantc  centi'um' 
grauitatis triangiili  a  ed ;  fed  centrum  g. a-* 
ttitatis  fcgmenti  parabolici  a  e  c{kin  re£)ra 
tu  bifariam  fecante<,  vt  ponimus  9  re£Vam 
a  d )  crgo  cum  triangulum  a  c  d  fii  ad  ff  g-> 


( 
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mefltum  ^  e  vt  no\xtm  ad  Vnaoi )  ^  ita 
ctiaiii  fit  tJk  ad  ^q,  erit  in  paraltela  pcr 
^  cetitiam  grauitatts  ^ortionis  parabolic9 
aed, 

4 

In  eridngulo  quou^s  quadma 

redarum  asquiiiiilaniium  vni  ex 
tritus  kteribus  Aint  vt  pCMftioncs 
earundem  agquidifiacium  clauTas 
tangente  &  paraboli,  cuius  ver- 
tex  fit  in  angulo  fubtenfo  4  prae- 
di<^o  latere  j  diameteritt  ipupa-* 
raliela ,  $;  tangens  fit  alterum  ex 
trianguU  lateribus  ad  verticenv 
eonuenienttbus  j  certium  vero  la- 
tusfubtcndatpomoncm  parabo» 
lae  intra  triangulum  (nclufam* 

Sit  t^iangulutn  b  fg  curus  laicri  £g  pa* 
rdl}e]2&  du^at  fant  i  c»  c  i^ ;  per  b  angulun» 
oppofitum  latcri  fg  duAa  fit  b,  1  ipfi  fg 
parallela  ^  ad  b  1  ex  b  cxcitetur  b  a  pex-^ 
pcndfcularis  ,,  vtquc  f g  rc^  ad  bf,  iu 
£at  bf  ad  trrtram  quaodani  b  m  cx  bsi 
abfcifla^  Rurfus  datQ  ^aterc  rc^ q  hm^ 


i 
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i 


w 


l 


.  -   •  *^ 


4iainctrot>t»eiufque  vcrticc  b,  dcfcriba- 
mr  parabola  b  c ,  cuius  ad  diamctTum  bl  ^*'^'^" 
ordinatim  applicktac  fint  parallelac  rcfta?  ji.ciuC 
b  f :  tangct  crgo  rc£tabf  parabolam  in  ht  dem^^ 
cotnplctoque  parallclogrammo     fg  1  b  , 
qUoniaiQ  rcAanguliim  mbl  eft  arqualc 
qoadrato  tt&x  1  g  fcu  b  f  ipG  acquali^  % 
parabola  traniibit  per  g",  ergo  vc£la   bg 
(iibtendit  arcum  b  e  g.  Rc Aat  igitur  c  d  , 
iK  occurrant  parabolae  iti  c  &  b  ;  dica  vt 
rcfta  c  e  ad  i  h  rcftam  ^  ita  cflc  quadratum 
c  d  ad  i  k  quadr^u^ 

Complcantur  parallelogramma  ccnb^,  J4.  ptU 
ihob:€rgpcoruai  latcra  opppfita  erunt  ««E^"^ 
arquaha ) hoc efl:  rcA;(&  n  b ,  bcy  ihsbr 
rcftis  €  c,  ne>  ba^  ob.  Quoniam  crgo  ^o.pr^* 
vt  rcfta  b  n  ad  b  o  ,  ita  cft  quadcatum  ji  c  ™*  ^^ 
ad  o  h ,  crit  quoque  vt  rcfta  c  c  ad  |  b , 
ifft  quadratunb cad  b i :  Cunt igitur  tri^^ 
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gula  bcdi ,  bi  k (int (imilia  ,  eht  vt  b c  ad  - 
c  d ,  ita  b  i  ad  1 K :  &  alternando  vt  b  c  slI 
b  i ,  ita  c  d  ad  i  K  :  crgo  cum  b  c  quadra« 
tum  ad  b  i  (it  vt  rcAa  qc  ad  i  h  reAam  $ 
quadratum  quo<]ue  c  d  ad  id  erit  vt  re^ 
c  e  ad  1  h  3  quod  erat  oftcndendum. 

COROLLARIVM. 

Conueniant  rc&x  n  e  ^  o  h  cum  refia 
bg  in  punAis  p ,  q  j  apertum  eft  ex  de« 
monftracis ,  quadrata  n  e ,  o  h  eile  vt  re£tas 
ti  p  I  o  q :  funt  enim  vt  reftx  b  n  ^  b  o :  fed 
b  nadbo^  eft^  vt  np  ad  oq>  eo  quod 
triangula  bap  »  b  oq  Hnt  fimilia  j  erga 
«o.pri*  vt  re^a  n  p  ad  llq «  ita  eft  qtiadmttm  n  e 
mi  C6.  ad  o  h  quadratum«  Quia  vero  duAa  qua<f 
cunque  ex  puoi^Q  b  teAa  b  f  eccurrcnto 
rcftis  nc,*ohinr  &f,  vt  np  ad.oq,it» 
ob  (imihtudinem  triangulorum^  ^  "  F  > 
^  o  q  ,  eft  rcAa  n  r  ad  o  f ^  vt  quadratum 
n  e  ad  o  h ,  ita  erit  du^a  quacunque  redai 
ii  f )  ttQ,2L  n  r  ad  o  C 

PropositioIIL 

Sit  a  b  1  fegmcntum  parabolaei 
&  produdis  extra  ipfum  baH  & 
parabola ,  dudaquc  reda  xudia- 
nietro  rb  arquidiftantc ,  &  oc- 
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currente  in  x  &  u  bafi  acque  pa-* 
rabolx ,  propofkum  {k  inuenire 
fedionemquam  inredaljc  facit 
xquidiftans  diametro  duda  per 
centrum  grauitatis  figurae  Ixu 
contentaf  fub  re^islx,  xu$c  fub 
curualu. 

f 


1 


p  3Xj> 


-—**»• 
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Fiarit  cl>) r  b a^quales  ^ & iongatur  rl ^ 
quaevt  oftenCain  fuit  in  prioribiis  tangec 
ft^liohem  jn^l ;  re£^a  1  x  diuicfatur  bifanam 
ind,  &  iti  in  m »  vt  \m  (it  dupla  xt&2^ 
m x«  Vt  re^a  am  ad  m^»  ita  fiat  rcAa 
d  m  ad  m  p*  Dico  paralidam  pi  p^r  p  du* 
Aam  tranfire  pcr  cemcum  grauitatis  figura: 
propofitac  Ixa. 

(^oriiam  chim  n  rcAa  a  x  ad  a  I ,  ita 

cft  X  u  rcfta  ad  x  t  (  eil  autcm  t  occur(us 

..  redx  X  u  &  taneentis  r  1)  erit  pcr  conucr- 

bttius.    u^^^ni  ratjonis  vt  a  x  ad  1  x  ita  x  u  ad  t  u. 

Rurfus  iun£la  re£ta  1  u  ,  &  per  d  duA^ 

d  g  xquidiftante  ipfi  x  u  3  cum  xu  (it  x-% 

quidiftans  diametto  b  c.i  erit  &  d  g  zqui-« 

i.fexti  diftanseidemdiametro  v^  quia  reda  dg 

Euc.      parallela  latcri  x  u  trianguli  x  u  1  bifariam 

4^-prj-  Jecat  latus  1  x ,  fccabit  quoquc   bifariam 

^f^c^l  reftam  lu:  ergo  reflta  gc  cft   diamcier 

di «qu.  fegmenti  1  e  u  g;  ac  proinde  redla  ge  tran«- 

#.  qua.  fit  per  ccntrum  grauitatis  fegmcnti  leug, 

parab.    Similitcr  quoniam  rccta  px  cft  tcrtia  par& 

Jd.qna.  1   -     »•  n  ,111  ' 

parab.  ^cctae  lx>&cft  parallela  latcri  xu  trian- 
guli  IxU)  tranfGbit  mf  per  centrum  gra-« 
uitatis  trian^uli  i  X  ti , 

Rurfus  qupn^  fcgnrentu  1  e  u  g  eft  trics 
trianguli  1  tdV^pfum  1 1  u  crit ad  fcgmcntit 

I.  fcxti  1  c  u  g  vt  rccta }  x  ad  m  x ,  in  ratic^nc  fcili^ 
cct  tripla'5  ^quamam  vt  rccta  a  x  ad  1  x, 
ita  cft  recta  x  u  ad  t  u: ,  &  vt  x  u  bafis  ad 
t u  bafim  ita  funt  x  u  U  t  u  1  triangula  ;  crga 
yt  rccta  ax  ad  I  x  ita  cft  trungulum  1  x  11 


V 

ElementotHm  Liher  I  V#     351 

ad  trianguluni  1  tu  :  fcd  vt  recta  Ix  ad 
m  X ,  ita  cft  1 1  u  thangulum  ad  (egaicntom 
1  c  u g:  crgo  cx  xquo  vt  rccta  a x  ad  m x 
ita  clt  triangulutn   xul  ad  fcgmcntum. 
1  c  u  g ;  crgo  diuidcndo  y t  rccta  a  m  ad 
ftiXy  ita  cft  %ura  l^uc  ad  fcgmentum 
1  c  ii  g :  fcd  ita  ctiam  cft  d  m  intcruallum  * 
intcr  ^arallelas  d  c  «  m  f  tranfeuntcs  pcr 
partis  1  c  u  g  &  pcr  totius  I  x  u  g  ccntra , 
ad  aliam  rcctar  d  m  portioncm  ad  partcs  x  ^ 
lumptam  »  &  laccntcm  mt^r  mr  &  alum  primi 
parallclam  ductam  per  ccntrum  altcrms  aequip« 
partis  i  X  u  c :'  crgo  cum  ita  fit  d  m  ad  m  p» 
tccta  pi  traqf^bit  pcr  ccntrtmi  grauitatiii 
partis  1  X  u  c ,  quod  crat  facicndum« 

COROLtARIVM  L 

£3^  his  apcrtum  cft ,  rc£^m  1  p  tffk  tna-* 
iorcm  befTe  reAae  1  x ,  hoc  cft  recta  1  m  ^ 
ac  proinde  propQttionem  rectar  1  p  ad  p  x 
cfle  maiorem  dupla.  £(Ic  autem  tripla  mi* 
DQrcm  ita  ofteuditur;  Quoniam  proportio 
rectz  Im  ad  mx  cft  ex  conftructione 
diipia  y  9c  recta  a  m  c(|  maior  recta  1  m^ 
proportio;  l^ect^  a  m  ad  m  x:  crit  maior 
dupla  :  fed  vt  9  m  rccta  ad  m  x ,  it;a  eft  i.  - 
ex  coQitrui^tjione  dm  rcct^  ao  mp  ;  ergo  ^i 
proportio  rccta?  d  m  ad  m  p  cft  dupla  n\u 
nor»  j^urfusiirecta  Ix  diuidaturinvigin- 
.ti-quatuof  partes^qualeSy  rccta  Id  femilTis 
(Qmiucbit  dmodccim  ^  &  i:ecta  dm  fcxtaus 
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.  coatincbit  quatuor;  tota  vtro  Im  contH 
tinebit  fexcicciiii;  Quoniam  ^rgo  propor- 
tio  rectar  d  m  ad  m  p/ell  dupla  maior, 
t.  qaia  nunquam  mp  continebitciuas ,  ciiiufmodi 
d  m  continet  quatoor,  fed  continebit  fem« 
perpauciores  qu^m  duas:  ergo  quando  Ix 
continct  viginti  quatuor,  &  1  m  fexdecimf 
nunquam  rccta  Ip  continet  octodecim , 
fed  pauciores  quam  octodecim.  Cum  ergq 
octodecim  ad  viginti  quatuor  proportio  iit 
ternari)  ad  quaternarium  >  proportio  fcctf 
1  p  ad  p  X  erit  minof  proportione  ter* 
nari)  ad  quaternarium  :  ergo  quando  1  x 
continet  qnatuor  femper  1  p  continet  pau- 
cioresquam  tres  :  crgo  fcmper  proportio 
rectx  Ip  ad  px  eft  minor  tripia^  quod 
crat  oftendcndum. 

COROLLARIVM   IL 

« 

Propofitum  lit  numeris  defignare  pun- 
6um  p  ppfira  rccta  Ix  cquali  rcctx  al. 
' :  Dico  1  p  ad  p  X  efTc  vt  feptenarium  ad 

ternarium. 

Quoniam  vt  a  x  recta  ad  1  x  ita  cft 
"^  triangulum  Ixu  adtriangulum  Itu»  cum 
'  a  X  iit  dupla  recta^  1  x^  erit  triangulum  1  x  il 
duplum  trianguU  1 1  Us  ergo  diuiib  triangu- 
lo  1 X  u  in  fcx  partesj  1 1  u  continebit  trcs^ 
&  l  c  u  vnam  \  &  l  x  u  e  quinquc  ;  ergd 
pars  Ixuc  ad  jiartcm  lcu  eft  yt  quina- 
rius  ad  vnitatem  :  ergo  rccta  d  m  efi  ad 
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m  p  vt  quiaariiis  ad  vnitatcm  i  diui(a  ergo 
rccca  Ix  in  triginta  partes^  recta  d  m  con- 
tincbit  quiniguc  exiilis  ;  &  ceeta  m  p  vna; 
crgo  tota  dm  icontinet  fex  >  &  tota  Ip 
viginti  vnam  *,  ^  p  x  reiiduaf  nouem :  er« 
gorecta  Ip  eilad  px;  vt  ai.adp.  hoc  eft 
vc  7.  ad  j.    ' 

COROLLARIVM  IIL 

£x  his  quoquc  apertiim  eft  (i  duo  p^ra<^ 
ho\x  fegmenra  habuerint  baiim  eandcm» 
caquc  extra  fcgmentum  in  eodcm  puncto 
fecta  fuerit,&  per  fectionis  punctum  ducu 
parallcla  diamctro  ^  figuras  contentas  fub 
portionibtts  bafcos^  &  paraboic  producta- 
rum  iacentibus  extra  fcgmenta  &  fub  pa« 
rallela^habcrc  ccntrum  grauitatis  ineadcm 
pasalicla  ad  diamctrum. 

Propositio     IV. 

Si  d^iarum  afymptot^n  fedio-' 
nes  oppofltas  coprehendentium 
vni  ducatur  parallela  vnam  hyper- 
bolarum  fecans  ^  redangulum 
fub  fegmento  alterius  a(ymptoti 
inter  duas  parallelas  claufo ,  & 
fub  fegmento  parallelx  inter  fe-; 
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dionem  &  aiymptotum  interce* 
pto  efl  zquale  ^atio  quod  po- 
teftpoRioa<ymptoticlau&  inter 
centrum  leSionum  oppolitarum 
&paraUelam  alteram  per  termi- 
num  axis  <ludanl. 

-■  -Sint  {e&ioatt  oppofitae  d ,  k  comp»- 
Jicn£eafyii]ptotU  tai,  fah  (  funt  cnim 
oppolitaniin  (cAionum  afymptoti  eommu- 
DCS  pcr  x),  fecundi  Conicotum  )  axifqttc 
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p^rabohx  d  fic  a  d ,  &  producatur  a  d  do- 
nec  occurrai  feccioni  1;:  in  puncto  k>  crunt 
a  d  ,  a  k  (qualcs  pcr  30*  iibti  primi  Co« 
nicorum»  &  ii  pcr  d  &  X  ducantClr  tangcn« 
ces  bdc,   oxd,  crunt  paralld^  pcr  31« 
fccundi  CoRicorum  :  quoniam  crgo  bd 
•cft^crpcndiculahsad  axem  ad  *,  critquo- 
que  k  o  pcrpcndicttlaris  afddiamctrum  a  k^ 
citcrgo  ^k  axis  paiabols  k  t  quaproptct 
fcctioncs    oppofitae   liabcnt   commuacm 
axcm :  Sc^  pcf  i^  tS:  d  ducantur  rtct^  d  u, 
k  m   parallclf   altcrutri    afymptotorum, 
crunt   auy  a  m  ^cjuales  ,  cum  trianguk 
da u ,  k  m  a  habcant  angulos  ad  d  ,  a ,  4 
{qualcs  :  crgo  funt  ifofcclia  fupcr  bafibus 
d  a ,  i^  a  fimilia :  cum  igitur  bafes  iint  ^qaa- 
lcs  crunt  quoquc  &  rcliqua  latcra  ; qualia. 
Quod  autcm  anguli  ad   d ,   a ,    k.   fint 
«qualcs  mani&Oum  cft^  angulus  cnim  b  a  c 
cum  diuidatur  pcr  rcctam  ad  cadcntcm 
pcrpcndicularitcr  in  tangcntcm   b  d ,  & 
cum  b  c  dmifa  fit  bifariam  in  tactu  d  pcr 
3«  fcCundi  Conicorum ,  bifariam  fccabitur  ^.prioi; 
|)cr  rcctam  a  d  ^  cum  autem  ud ,  a  c  (int 
f  arallcl;^  itcmm  k^  a  o  enuntanguli  alter- 
ni  {qualcs  ,  ac  prpinde  anguli  ad  d  ,  a ,  i^ 
funr  f quales*    Qux  ergo  de  hyperbola  4 
dcmonfirabuntunnteJligcnda  pariter  erunt 
ciim  proportione  de  li^pcibola  kf  cum 
rectx  a  tt  9  a  m  fint  ^ quales  vt  ofienfun^ 
fiiit. 
Kcct{  igitur  a  i  ducufit  ^quidiftans  cf 


M      I 
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f  j.  Te-  lccans  hypcrbolam  d  in  puncto  f :  nam  id 

cundi     pluribas  non  fccat^  fccat  tamcn  in  vno 

Conic.  (^  quoJ  pcr  locum  afymptotis  h  a  i  tcrmi* 

natum  duci  ponatur.   Dico  rcctangulum 

1  e  f  cffe  {quale  quadrato  rcctac  a  u.  Pcr  ( 

ag^atur  rccta  hf  giparalicla  tangcnti  bd« 

Quoniam  augulus  b  a  c  diuifus  cft  bi£u 
riam  pcr  axcm  a  d ,  vt  oftcnfum  fuit »  & 
angulus  b  d  a  cft  (qualis  angulo  a  d  c : 
anguli  crgo  ad  b  &  c  fUnt  (qualcs  in  trian* 
3.primi  gulo  b.a  c:  ctgo  b  a « a  c  fuot  (qualcs*,  Si- 
^u^*  mili  ratione  oftcndcntur  u  b ,  u  d  >  itcm 
ah,  ai  cfleaequalcs* 

Rurfus  quonia  in  triangiilo  a  h  i  bafi  a  t 

ducta  cft  parallcla  cf :  ergo  vt  a  e  ad e h  , 

ita  cfii  f  ad  fh :  crgo  rcctanguKi  aeh  feu 

a  e  f  cft  ad  rectangulum  i  f  h  in  dupUca«< 

ta  ratione  homologorum  laterum  e  h,  h  f, 

fcu  bit^  bd:  fcd  rcctangulum  if  h,  eft 

pcr  dccimam  fccundi  Conicorum  zquale 

.    ^    .  qiiadrato  rccte  bd  :  creo  rectansulum 

j^^^^      a  e  r  eit  a^quale  quadrato  rcctae  b  u  :  nam 

lo.fex-  quadrata  bd|  b  uduplicata  habent  ratione 

ci  £uc.  laterum,  cum  quadratii  qttadrato  fit  fimilc 

vt  conftat  ex  prima  dcfinitione  fcxti  £tt« 

clidis.  Quoniam  vero  in  triangulo  abc 

bafi  ac  paraUela  ducta  cft  ud'>  vt   bd^ 

d  c ,  ita  erunt  b  u  ^  u  a  ,  cumque  b  d^»  d  C 

%.  Texu  fint  g^qualcs,  crimt  bu,  ua  ctiam  a^qua- 

£uc.      lcs  •,  ergo rcctangulum  acf,  cum  often-i. 

fum  fit  cfle  xqualc  quadrato  rcctx  b  u ,  eft 

ctiam  a^qualc  quadrato  rcctar  u  a  qux  ipfi 

bueft 
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tiu  ^ft  xqualis.  Quod  (i punflmn  c incidat 
in  pun£lttm  u  >  quoniam  oftenfum  cft  rc« 
£tas  b  u )  u  a  y  u  d  cflc  asqualcs  ^  rc^aagu- 
lum  aud  crit  aequalc  quadrato  rcAac  a  u  2 
fi  igitur  duarum  &c^  quod  crat  dcmon« 
firandum* 


\ 
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Hinc  manifcftum  cfi  fi  rc Aa  c  f  fit  paraU 
lcla  afymptoto  a  c ,  &  rcAanguium  a  c  f' 
fit  aequale  quadrato  a  u  ^  pun^um  f  cfle 
in  hypcrbola*  Si  cntm  rcfta  c  f  non  oc« 
ciurrit  hypcrbolae  in  f ,  occurrat  fi  ficri  po« 
tcft  in  X  (  odcurrct  cnim  pcr  dccimam 
tdrtiam  fccundi  Conicorum  )  crgo  rcAan^ 
gulum  a  e  X  crit  aequalc  quadrato  a  u , 
cui  ctiam  aequale  cum  ponatur  cilc  rcAan- 
gulum  a  c  f  ^  cruAt  rc^angula  a  c  f ,  a  c  x  ^  ^*^^ 
acqualia »  qabd^  cft  abfurdum ,  cum  fub 
cadcm  bafi  ac  altitudines  habcant  ina^qua** 
lcs^  ac  proinde  fint  in;lrqualja^ 

Eiufmodi  parallclogrammum  appcUctur 

>..'».  * 

..-  .       .  .'       ^ 

PROPOsitib   V. 

r 

* 

Datus  (it  angulus  cab  opor^ 
teatque  dercribere  fedtiones  op- 
pofitas  illo  &  eo  9  qui  ipfi  ad 

y 


Mk 

'558  •    T etragonifiiticarHm^. 
verticcm  a  relpon^et  y  coihprtf- 
henrasi,  lcavc  re^^nguiuni  con^ 
didum  {\i  «qual^  fpatio  quod 
potcft  re(3:a  i  data. 

Kt&x  iii#.aI>xqU9li$>  diaifoque  9n« 

gulo  c  a  b  bifariam  per  re£tam  a  m,  duca- 

.    tur  per  b  re Aa  b  d  parallela  r^^tse  a  c  ^  oc- 

nii  Co.  ^"^''^^^^  rcftac  a  m  in  dvRe^se  da  fiat 

^fxqualis^:  Sc  ex  pun£to  dexcitetur  a4 

f  d  pcrpendi^tilaris  de  \  ytque  f  d  ad  c  ic, 

•itafiat  ceiacLdh»  DatQ^s^cfd,  &  laterf 

ireAo  d  h  defcrib^itfur  re^ipnes  oppofitas 

^ ,  f.  DicaCQfldiAum  reAaogiiluin  .a.bi^ 

,  vel  quodais  aJittd  de  quo  agitur  m  ^furae^e- 

demi  propo£tione  .e0c  '^^quale  quadrat^ 

^ .  !  :reft3e  a  b^ , :  &  Iiyperbolas<»d  ,  f  coxnpre* 

hendi  afynsptotts  <  a  fe,  C}al,r.^  .T, 


T 


I     rf  •  »riw\i^»».»  W^  .    -•»*' 
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Q^oniam  enim  figura  f  d  h  cft  arqUalis 
quadrato   tt&x  c  e  ^  ctjm    c  d  >  d  e  fint 
eequales  (  func  enim  anguli  cad,  <ad 
aequales  ^  &  anguli  c  d  a  ,  a  d  e  item  zqua- 
les  )  erit  quadratumd;e  quarta  pars  figurae: 
crgo  reftg  c  a  e  funt  afymptpti  hyperbo Jac 
d  g.  Et  quoniam  per  d  tcrminum  axis  f  d  ^  (i^ ^-j. 
a£ta  eft  d  b  parallela  kc^^x  a  c ,  condictun^  di  £uc. 
rectangulum ,  de  quo  in  prarccdcnti  agi-  »"  <^o- 
tur  »  erit  aequale  quadrato  rcctse  ab  ,  fiue  ^®^  ^* 
rectas  i ,  per  eandem  propofitioncm  prae-  cu^ji 
ctdcmem  ^  quod  erat  faciendumi^  ^  C&jid 

pROPOSlTtO    Vli 

"•  •■•  '•■.-.'  ■   ■•   • 

,  Patum  utTpatium  qupd.  j:c^4 

o  pottftj  dataeitem  (intcrei^as 
ia ', '  a  b )  oporteat<]ue  ita  diuidere 
re^am  a  b  m  g  ^  vt  (lcut  re(^a ;  i  a        ^ 
act:  ag  f  e(^am  <  it4  6t  (juadranidi .      , 
KCi^  g  b  ad  i^ad^atum  redj^  o^    :    " 


Bfcf^imdto^  i>  ad  jiftOfam  a  b  ^:4okcfii.r 
perpendibi|laris  ^i  e  %qi|»lis  ipfi  ilarPatb 
UtccC/tCQto  a.c«»yci!ti6lT33  diamctipta Jy^  o/pr^ 
dcfcr^b^tor  parabala^»  :r4,cuiu$  ordfti^tjm  *^"  ^'^' 
applicatit  bf  fit  p4ra)lf[^  rects  car^  v^l 
caicudqu^  alteri  in  Tcaa#:t)  ab  incideiiti» 
X.ttrfii3  intta  afymptotas^  i^ »  bf  defcrw 


3  4^        TdtragmifmUorm 


biitur  per  pr^a^iedeiitcm  Jiyp<rboU  m  n  pa^ 

iuii  confiiccum  rectangulum  iit  siquale  re« 

ccangui^  fyb  rectis  ia  :^o  comprtjhenfo  ^ 

occurrat  '^auiem    hypcrbola  paraboiar  iu 

punctoJ  (  fi  enim  non-occurrat  re^  xjuac 

proponitur  ,  ncqiiit  ncH  vt  paulo  p6ftiii« 

<  cemu^)j&pet  1  agatoti  g  parallcla  rects 

h f«  Dicopunctum^ cile  jllud quod  mx^ 

ritur.  y^  -  •  , 

' Quomam eniOT rcftaflguk)  cag  a^quale 

lo.pri-  »ft'.w4wtmi  arditwtiip  apphca»  ^^Ij 

miCo.  tfcsrcftx  ca  fiuc  aij^SJ',  ag  erutitpro- 

lo/cx-  portioftales ,  ergo  vt  afta  ai  ad  Tcftain 

ti  i"      a  g ,  ita  erit  quadratum  tc(kx  a  i  ad  xtRx 

Ts^flx.  gl  quadratum.    Rilifii^cjuoniam^teaan- 

ti  £uc!  g^I^  l>  g  1  cOl  a^quale  re^angoib  fub  rci 

&is'ra  &  o  conteato  i  crunt  tc^x  ia, 

•  g  1  V^g>  o  ppopofrfionales,  &  vt  ia-re- 

eia  ad  g  1   re£^2^ni ,  ita  b  g  re  Aa  ad  o 

reAam^  &vt  ia  quadratumad  gl  qua^ 

drdtum,  ita  bg  quadratumj  ad^quadra^ 


n 
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tum  o :  fed  vt  i  a  qaadratum  ad  g  1'  qua- 
dratum ,  ita  t(Ie  oftcndimus  i  a  rcAam  ad 
ag:  crgo  vt  ia  rcAa  ad  ag»  iu  gb 
quadiatom  ad  qoadratum  o  :  inucnium 
cft  ergo  punftum  g ,  quod  crat  facien« 
dum. 

Quod  fi  hyperbola  m  n   non  conue* 
niret  cum  parabola  aef,  problcma  folui 
non  poflet :  ii  enim  fieri^oteft ,  non  con- 
ueniat ,  &  tamcn  vt   i  a  rc£ta  ad  a  g  rc«^ 
Aam  y  ita  fit  quadratum  g  b  ad  quadra* 
tum  o  ;  quoniam  du£la  pcr  g  rcAa  g  t 
parallcla  vt(\x  b  f  occurrente^  in  1  para* 
bolx >  reftangttlum   bgl  eft  srqualc  re« 
Aangulo  condifto  hypcrbolx  ra  n ,  pun-       j^y^ 
dum  1  iacebit  in  hyperbola  m  n  ex  de-  iui  ia 
monftratis ,  conueniet  ergo  cum  parabola  coroll. 
&  non  conueniet  quod  cft  abfurdum ,  fi 
crgo  non  conucniat ,  fieri  ncquit  quod  fa« 
cicndum  proponitur. 

GOROLLARIVM. 

« 

Hinc  apertum  eft  problcma  folui  pofle 
duobus  modis  quando  parabola  &  hyper« 
bola  occurrunt  fibi  tn  duobus  pun£lis ,  vt 
in  prifcnti  diagrammate  in  1  &  d.  Si 
enim  per  d  agatur  dh^quidiftans  rcf^se 
bf,  oftendeturvt  paulo  ant^  i  flcutrefta 
ia  eft  ad  ah  reflam  ita  eflc  quadratum 
h  b  ad  quadratum  o«  ^ 


J4*     ^i  hugo0Jmk(frm  . 

•SCHOHVM. 

I^ud  probkma  alTuinpfit:  Archinie(k& 

Yt  datam  (phapram  fecar<t  in  data  propor-» 

4  fccu-  ^^®n€  quacunquc;  Cum  autcm  aflumcnda 

ai    de  polhcerctur:  cms  ciemohili:atiopcm  fub  fi<« 

fph«ra   ncm,vcl  promiffis  dcfuit,  vcl  quod  scquius 

T  A^^  cftcxiftimarc  ,  ftctit  quidcm,fcd  iniuria. 

tcmpor.um  periu  cius  iftc  labor,  quem  fup-» 

plcuit  Eu^ocvusr  aha  yia  quse  &  longior 

^pertc  cft  &  fortaffe.  yidebitur  nonnulli 

obfcurioi  hpftrat  Qupd  fcquitur  ifti  gcr- 

tnanum  eft  prQblcm^  r^  ^  nullp ,  qucm 

fciam  ,  uaditum  ,    critqMC  nobis  vfui  ad 

diuiiloncm  pai^abohci  conotdis  quam  prx- 

tcrmint  Commandin^s  ^,  fiib^ncm  Com^c 

raentariorum  in  hbrum  de  conoidibus  & 

fphaer^oidibus  ,  hcct  fcribcndi  ratio  paftu-. 

larct  vt  cum  raodum  dimdendi  conijfpha?-^ 

roidis  y  &  conoidis  parabohcl  tradidiflct) 

^djungerct  patcra  mpdum  diuidcndi  co- 

ndidis  hyperbohci  feu  ambiygonij,  Vc- 

rum  cx  principiis  ab  Archimedc  traduis 

cum  thcerc  non  potuit.  C^tcru^i  quatn-^ 

uishxc  duo  problcmata  non  conficiantur 

^eomctric^' pcr^olam  regulaiji  &  cicci-i 

num ,  pcragunturtamenductu  (ectionum 

conicirum  y  quod  in  rcbus  ncccffariis  nec 

facile  parabihbus  pjrimarium  eft  fupplc- 

mentum. 
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P  «.  o  T  o  $  I  T  I  o  V 11. 

Datum  (it  (patium  quod  reda 
o  poteft  j  datae  item  fint  reda; ' 
i  a ,  a  b ,  oporteatque  ad  redam 
a  b  ita  adjungere  redam  b  g , 
vt  ficut  re^a  i  a  ad  a  g  redam, 
ita  fit  quadratum  redz  g  b  ad 
quadratum  itdix  o. 

£x  puncto  a  excitetur  tecta  c  a  ad  re- 
ctam  ab    perpendioilaris  ,    &   ip(t    ia 
7c[ualis.  Dato  latere  recto  a  c ,  vertice  a ,  .^     ^ 
cUamctro  a  b  defcribatur  parabola  a e  cuius,  „i  c6. 
oxdiBatim  applicata  (it  parallcla  rectx  e  % 
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/> 
^ 


344        Tetfragonifmkmrum 

(  poilct  &  alteri  ctuuis  tn  rcctam  a  b  inci* 
denti  cflc  parall^la  )  ^  p^r  b  agatur  b  f 
f.huius  jpg  g  1  pafallcla ,  datifqoc  afymptotis  f  b» 
b  g  concurrentibiis  in  b  (lirfchbatar  hy- 
perbola  nm  angulo  fbg  cbmprchcnfa) 
cuius  condi^um  rc^langulum  fitarqttak 
rcAaqgulo  fub  rcdis  ia  &  o  contento« 
Occurrat  hypcrbola  n  m  parabolar  a  c  in 
1(0  enim  non  occurrat  iieri  re$  prppofita 
ncquit  y  vt  c3(  prarcedcntis  fimili  cafu  apcr<« 
tum  cft  )  &  per  1  agatur.  1  g  ordinatim  ad 
diametrum  abapphcata*  X)ic6pun£lum 
g  efle  illud  quod  quxritur* 

Quoniamenicn  re£tangulum  fubrc^lis 

g  b ,  g  1  cO:  apqualc  reftangulo  fub  rcdis 

i  a  &  o  contcnto,  vt  re^a  i  a  ad  g  1 ,  ita 

l#!rex.  erit  gb  rc^a  ad  o,  Rurfus  quoniam  rc« 

ci  Euc.  ^angulum  c  a  g  apquale  cft  quadrato  ordi* 

\{Evic.  ^^^^^  apphcatap  g  1 ,  «runt  trcs  rcftx  c  a  , 

\n   co-  g  1  Jf  3  g  proportionalcs ;  ac  proindc  vt  rcfta 

rqtlar.    ca  vel  la  ad  a  g  ,  ita  erit  quadratum  ia 

ad  quadratum  gl>  fed  yt  quadratum  i  a 

ad  quadratum  g  1  ita  eft ,  vt  oftendimus  ^ 

quadratum  g  b.  ad  quadratum  o  :  ergo  vc 

re£la  i  a  ad  a  g  ttOizm  >  uk  cft  qiiadratum 

g  b  ad  quadratum  o  |  itiuentcm  ergo  cft 

pun^m  -|  ^putf  pifopofitum  fttcrat. 


Eiementorum  LiberVf*  i^i 

Pb.0P05ITIO  VIII. 

Sit  parabols  (egmentum  c  a  d, 
cuius  axis  a  b ,  latus  redum  f a  >  6c 
femibafis  b  d  (int  xqualia  >  tan- 
gensiit  ae^  &per  d  a(5bi  fit  de 
acquidiftans  %metro  ab>  Figu- 
ram  aed  veco  complementum 
parabolicum ,  quod  oporteat  (e- 
cundum  quamcunque  proportio- 
nem  datam  diuidere  re^i  ad  dia- 
metrum  parallel^. 

Proportio  data  fit  rcf^x  1  m  ad  m  p , , 
^  fit  complcmentum  a c  d  .ita dioidcDdum 


f  s/tr 


f4^-    ^'  ^ttragomfmkorHm  . 

du£ta  rcdla  rf  zquidillante  ipfi  ab,vt 
iicut  Im  ad.mp  ita^fit  .porcio  acf  acl 
.  port ionem  d  e  r  H  Quticiriti  a  e  d  Lr  dnae 
tertias  partes  fianc  ad  Ipatium  quod  potcfl; 
«  reda^»  dcut  Ip  redafe  baoet  ad  Im 
re£lam«  Rurfus  vt-nquem  ad  quatupr 
itafiat  fpatium  n  ad  {patiuni  quod  poteft 
reAa  o»  Inter^datas  a  b  St  o  inueniantur 
duap  mediar  proportionale;^  ,  quarum  ip(i 
o  proxima  jit  ai,'  ipHufcjfUe  ai  femi{{t 
fiat  ir  arc|ualisj&  pcr  r  ducatur  ru  2bqui<« 
diftan^rc^iae  fed.  Djcq  ficuteftreda  Im. 
ad  m  p  reflam  y  4ta  efle  portionem  a  i  K 
ad  porti6niem  ixidf*  .Du2b  porro  media^ 
proportiotialcs  inueoiuntur  pluribus  mo^ 
dis  qucfsrcfert  Eutocius initip  Commcnta« 
ribrum  in  librum  fecunddm  de  fpha^ra  & 
cylindro  5  &  quamuis  auUu^  corum  £t 
gcometricusi  vt  diximus  in  prolegomeniS) 
ramen  neceffitate  adigente  vlurpantur.  Ca« 
det  autem  pun£lum  r  inter  pun£ta  i  &  • 
Yt  in  fine  huius  oftendemus. 

lufigatur  redla  a  d  >  quae  tt(Xx  i  i^  pro«- 

4.  fcxtt  ^^^  occurrat  in  p  ,  quoniam  reftae  ac, 

Euc.  in  €  d   fupt  ex  conftrujftionc  aequales  erunt 

coroll.  ai,   ip  !apquale$,    cunt  triangula  aip» 

^*;55i'  acd   fint  fimilia,     Ex  ^c   ad  diamfetrum 

34.  pri-  ^^^^  ^4    ordinatim  applicetur ;  erit  4q 

ni£uc«  parallela  tangenti   a  i ,   ac  proinde  rc£^x 

ai,  qi^,  eriitit  aequalesiWcs  crgo  rcft» 

f  a  ,  a  i ,  a  q  feu  i  k  funt  proportionalesj 

crgo  vt  f  a  rc£la  ad  a  i  rectam  ^  ita  cft  1  p 


I 
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ipii  ai  a^qtij(U^pa|d  r^ctam  ik«  Idiplum 
vcro  Qfteod«tut  4aci;a  qua^unque  aUa  pa« 
rallela  o^currenteparaboi^^  hntx  a  o« 

Quoiuam  igitqr  rqpta  .e$  t^Qgit  para« 
l)olamin  a»  ^icproindeeft perpcndicula* 
ris ad axem  bl h,. &, f a.vt pote latus rectum 
cft  ctiam  perpcndicularis  ad  diametrum 
ab,  recta?  f  a  ^  ae  lacebunt  hi dircctum. 
Rccta  r  u  occiirrat  parabola^  in  ( »  & 
rcctas  ad  inpuncto  u. 

Ponatur  rccta  f  r  ciTe  libra,  ie$:  a  fuf* 
penfa  fufiineus  triangulum  vtiacet  recti- 
liaeum  a  ru  ,  &  illi  cx  f  p^ndens  sequi'» 
pondcrare  fpatium  t»    Quoniam  rccta  ai 
4d  a  r  cft  vt  duo  adtria,  r<cta  ip  latcri  ^nu^i 
ru  parallela  tranfibit  pcr  centrum  graui*.  drat. 
tatis  trianguli  a  r  u ,  &  li  triangulum  idcm  par*^» 
fufpcndatur  ex  (blo  puncto  i,  mancbitvt  ^.auc9», 
iacct  cx  Archimcde  ^  ergo  vt  reci;a  f  a  ad  «quip^ 
rcctam  ai)  ita  erit  triangulum  aru  ad 
(patium  t.    Aliimde  vcro  quontam  trian- 
gulum  aru  &  figura  arfk  ita^iacent, 
vt  quacunque  recta  ip  xquidiftante  ip(i 
ed  qua?  ad  iibram  fr  eft  perpendiculariS)  7.  re-^y 
Yt   f  a    ad  a  i  5  ita  fit;  i  p  ad  i  t  >  figura  f^"?^* 
arfk  eft  ^qualis  fpatio  t  ex dcmonftratis  *^"^"** 
k  nobis  :  ergo  vt  recta  f  a  ad  rectam  a  i , 
ita  cft  triangulum  a  r  u  ad  figuram  a  r  Ck^ 

Rurfu^  quoniam  recta  f  a  ad  rcctam 
ai  babet  dupU^atam  ex  conftructione  ra- 
tion$m  eiusquam  habet  rccta  a  i  ad  rectam 
9.)  v;  recta  f  a  ad   ai  rcctam  >  ita  criic 


54^      temgonifmicittum 

toStxxx  ciudranim  rectx  a  i  ad  quddratum  rectas 
^^^'*  o.  Rurfus  quoniam  qaadratum  ai  a4 
quadratum  a  r  cft  in  duplicata  ratione  la« 
tcrum  a  i ,  a  r  cum  a  i ,  a  r  (int  ex  con- 
finiAione  vt  duo  ad  tria ,  quadratum  a  i 
crit  ad  qnadratum  a  r  vt  quatuor  ad  no- 
ucm. 

Quoniamergo  vtre£la  fa  ad  ai  rc« 
Aam  ,  ita  cile  oftcndimus  quadratum  a  i 
ad  quadratum  o  ,  &  ita  ctiam  cHe  trian- 
gulum  aru  ad  figuram  arfk^  crit  vt 
quadratum  a  i  ad  quadratum  o  ,  ita  trian- 
guluih  aru  ad  figuram  arfK,  Sc  altcr» 
Tundo  vt  quadratum  ai  ad  triangulum 
aru,  itaquadratum  o  adfiguram  arfk: 
^  Scd  vt  icmilfis  quadrati  a  i  ad  triangulum 
a  r  u ,  hoc  cft  ad  fcraiiTcm  quadrati  a  r» 
ita  oflendimufi  cflc  quatuor  ad  noucm ,  ft 
vt  quatuor  ad  noucm^  ita  cft  cx  confini* 
Aioiie  quadratum  o  ad  quadratum  n^ 
iiue  femirris  quadrati  o  ad  femiflcm  qua^ 
drati  n  \  crgo  vt  fcmiflis  quadrati  a  i  ad 
triangulum  a  r  u  ,  ita  fcmiflis  quadrati  o 
ad  fcmiflcm  quadrati  n  \  &  alternando  vt 
femiflis  quadrati  ai  ad  fcmiflcm  quadrati 
o  y  ita  triangulum  a  r  u  ad  fcmiflcm  qua- 
drati  n  :  fcd  vt  fcmiflis  quadrati  ai  ad 
fcmiflcni  quadrati  o,  hoc  cft  vt*quadra- 
tum  ai  adquadratum  o^  ita  oftcndimus 
cfle  rcAam  f a  ad  a  i  tcOizm  ;  ergo  vt  rcfta 
f  a  ad  ai  rcftam,  ita  triangulum  aru 
ad  fcmifl^m  quadrati  n  }   fcd  ita  ctiam 
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oftenfum  cft  tSk  triangalum  a  r  u  ad  ligu«  ^.qoin- 
ram  ziikh  crgo/figurse  ar  f  k  tft  xqu;»*  **  ^"^^ 
lis  ^mifiis  quadi^ti  li.  -    i '  ^ 
'  Dcniqiie  quoniam  (icut- 1  p  tcAaicha- 
bct  ad  1  m ).  ita  cx  conftrad?ionc  func  du3c 
tertix  qttadxati  acdb  ad  quadratum  n^ 
vr  rcda  1  p  ad  }  m^  ita  crrt  ym^  tcrtia 
quadrati  a  e  d  b  ad  itmi&tA'  ^uadrati  n  ,  .  .   . 
hoc  clt  ad  nguram  arlii;..     Cum  crgo  i^  q^ 
complcmcntumacdk  fit  tcrtia  pars  qua*  colL  4« 
drati  acdb»  vt  oftcndimusinhoc  horo, 
compkmenbudi  a  c  d  k  febdbcbit  ad  figu^ 
xam  <  a >r  f^    ti^  reda    1  p    jid  1  m  :  ^r^ 
dmidenib»  ivt:  ni  p    re£ta  a4  Im  rc£lamji 
ftcaportiocdfr  ad portioncm  ^rf>  quod 
•ciat  facicndum; 

:  'Rehquumcftvtoftcndainuspan^lum 't 
cadcre  iriter  xBccs  id  auttm  olicnditur  cx 
analyfi,  in  buncmodum.  Quoniam  fpatiuiti 
compielhc^kae d  potcft>dltlidi  fccund^ 
rationeml^abuir;^  tw  lASi&yi^  V  fitquc  vt 
1  m  admp «,  ita.portio  ^ t f  ad  portioncfh 
cd  £r  :  pro4u£ta  r  f  ad  tt  ^iik  it  tcrtia  pdts 
ittxx  a^  ;  '&*  per  punctiim>:  i-  duct^  rccfa 
i  i^  parallcla  ccctar  e^ ,;  otctitiriettte  pa^ab(5« 
4ae  in  l^ Vctisa^a  d  in  p  ^  txH  (icut  oftcndU 
'mtt&  vt -f a^i^ta  ad  a  r ,  ita  r  a  ad  r  f ,  &  fl* 
cat  ifa  ad^a  i  i  ka  i  p  ad  ^  ;;&  ita  dc  atla 
quacunque  parallela  tt4%mtni  crgo^  irc 
4>(lcndimufi ,  Criangulo a rf  vt lac ct  manen- 
ti  Ubra  f  aif  fufpenfa  cxa,  fpatium  t  xqua« 
lc  portioni  arfJ^  xquiponderabit }  &  fi 


35^       Teft^a£onifmk^Mm 

.tnangulum  a  f  f  Xufpendatur  ek  folo  puti^ 
u:to4  >  mancbit  .vt  iacct,  Potcft  crgo  ficri 
vc  trianguli  arf  I  cui  portio  arfx  xqui<- 
pondcrat  pen^cQS  ex  £%  latt^s  a?  fit  minus 
Jatcre  ae  »  ac  pfQinde  vc.cum,  cx.ai  dui 
eius  tcrtix  abfciflx;  fucriint  v  jtcfiduum  ic 
fitmai^is^pp^i-tionc  ^r,  pubctiapquc  r  ca^ 
^dat  intcr  i»4t.  <♦  .  • 


V. 


COROLLARiVM. 


#  » j  ' 


.  Si  quaecunqne  portio.gh  deintcr  duas 
(parallclas  gb  >  ed  vel  quamcutnque  aUam 
.  contcnta  proponatut  diuidcnda  &cuiidum 
rationcm  dat^QPi >  ita  vt . du£la ' re Aa  iitp 
ipfi  c  d  parallcia  ^  portio  ii^g  h-fic  ad  poi> 
•  tidncni  i  H^o.dfii^trcda  Ixnad  mp»  rcs 
€)i  didtis  cQoficiitar  iti  huiiiic  snodum.  Im- 
ucniatur  fpatiu^  j:ci^'lincttm;xi  £Eiqualcfi<^ 
.gurx  gh  4e  cK^di^monftrata&abiALrchimo 
.4ein  Ubro4Q;^tt^ratura|»aJi^ati;  atquc 
r^l^  c<)a  1  p  3*d  i  m.  ccftwn  ^tita.fhti  quadra# 
r  f  um  X  ad  quadri^mti  y  *  Inui^maca^fpatium 
;  n  quod  fit,a^i^}^j.du#but*  fiim^dfpacii^.^ 
.niiniruinrqiti^rftt  y  &  fpatio  £gurae  a  ghi 
.Ilurfus  vt.nbiitm  fid  qudcucirtiilt  «fiat  (pMk 

Aiixm  n  ad  fpatiiim  q  ^  c^itrsftifiAepi  frmi 

-.l^indenti pf4f^tinL/i^M    /   .  ..;Jv|  nvi 

.  r :  Iftqd .  c/srQli^rium ,  &  duo,  ipfi  fimiiia 
«induabus  feqmpptibus  dembfi(|randa,  pr;«« 

./libuutmodiim  diuidc|idi:e^ 4^tii ration« 
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f^ufiuni  coni,  fphserx  ^  fphzrcidis  ,  &  co- 
noidis  hypcrbolici  i  quod  cx  dicendis  li« 
<]uido  conihbit. 

PROPdSltlO       IX. 

Sjic  parabolac  fcgnientum  cuius  < 
bafis  aejaxis ''^  ipfiusacquar- 
ta  pars ,  &  femiflis  reidlaf  ^  e  >  la- 
tus  ergo  redum  «^4  erit  xquale 
ipfi  bafi ',  nam  redangulum  4^  * 
eft;  *!quale  duacTrato  brdiflatim  '^i  ?.? 
applieata:  9  c  5.'crgo  CiQm.fC  eft  ^ '  ** 

dupla  re^jc  *'^  j  :ita  «^  4' «pi^  dupki 
■^edaE:  p  c.  gipohcat'  legm^^^tum 
ia>«eirecundym>^uamci}nq^e  pro- 


.   .  ^  .'nem  _, 

"■'  -  -:  -^    -  ■  J   •'  i'  3  V"'  «     ,'••■-  *  '•'  ^••■-  ■'^ 

'  reaa  yf  aeqiiulfga^c  ^fi  a  b..t  yt  (jcjit^l  m 

Btf  Jfc jDupl»toj4»arijty>laE  aft^jit  q^adraiti 
|(fl|(|rtia  par« :  oah»,  ^'Jfcifla  .t a  lipfi  .irji,  >•- 

.qijali»  rcfta  ^a.  jfli}^  tanget  |)^|?9Jam 
in  e  t  &qttoman}»ift>i  f  7$0f$jnii[G$  t(^« 


fj%       Tetragonifmicorum 


1 


jr* 


P  V^ 


o  xjf 


l 


«.  Iri-^* ^  ^  )  ^^°^  9 ^  >  ^c  aerq^alcs ,  ac  proinde  £ 

oit  C6.  dd  >  ae  func  xquales  ;  cum  ergo  parabolas 

fegmentutn  a^^re  fit  tertia  pars  tfiaugidi 

dae',ihjpcjrft  fcmtc|uaclrati  ae^  duplum 

parabolae  a  ^e  crit  tertia  pars  quadrajd  a e. 

Duplu  parabolf  a  •sr  C  fiat  ad  quadratum  n 

(icul  Ip  rcfta  ad  Ibi^iRurfosvt  .noucm 

^d  quatuov  ^  ita  6at  lpa]ti|4m  n  ad  (patium 

quadrati  o*  RcA^.  a  c  abfcindatur  arqualis 

f^liuiuft  af^datifque  rcAis^a^f /W,  ^  quadrato 

rc%  o  I  itadiuidatur.a  e  ;n  i  vt  {icutr&« 

•AaTa'kdt  Vi  rectam\  iti  iit^quadratum  rc- 

ctac  i  e'  ad  ^uadrattiifa  'tCctf  o ;  abftimfci* 

tur  ex  i  a  jecta  i  r  i^tiilijS  fcmflfi  rcctac 

i  e  j  cardcc  t  inter  a  &; ii)t  oftendetilF te* 

s   fcriiis  V  pcr  r  a^atur  ru  parallcla  reiti  Wl 

occurrcns  parabolac  in  i ,  &  rcctae  e  <P!*^. 

Dicoficutcft  rccta  Im  admp,  ita  cflc 

portioncm  e  i  j^  ad  portibncm  a  i  k. 

Quonian 


\ 


i 


N. 


EUmentarm  Uhr  I V*    |  J j    ^ 

^oniam  xcAx  a  c  >  a  d  funt  aequaies, 
iquarcunqiic  parallela  r  u  ducacur  ,  crnnt 
triangula  c  a  d ,  c  r  u  fimilia ,  ac  proindc  J*  '^*** 
ficut  ca,  ad  fiint  «qualcf,^  iu  Cr^  ru  cqwII. 
crunt  xqualcs«   Rurfiis  iijiiiomam  a  f ,  a^ 
rcctas  funt  a^quatcs  >  fumpto  r  quocuoqu^ 
puncto  in  rccta  a  c  |  &  pcr  iUud  ducta  rc« 
cta  r  u  ipfi  a  d  xquidifiantc ,  &  occurrcntc 
paraboi»  inf,  tangcnti  tdin  u>  cnt  c«^  ^^^1- 
dcmoftratisvt  fa  rcfta  ad  ar  rcftainjita  huiusiil 
i:  u  refta  ad  r  f  fe£Um:fi  crgo  rc^a  f r  pona«  CocoH^ 
!tur  c{fe  libra  cx  a  fufpcnfa  fufi^ncns  trian« 
ruliim  n  iacct  rcfUliacuni)  c  r  a,  £r  iUi  cx 
pcpdcns  ^quipondcrarc  fpatium  t)  oficp^ 
dctur  vt  in  pr^ccdcnti ,  ficm  rcda  fa  ad 

rcafun.aiiitacfifi  uiangMtupi  cru  aifi« 
gttrain,crf4, 

RurfttsquoniamquadratumVi  adl^ua<i 
dratumcrcftin  dapiic^ta  ratione  laterum 
c  i  >  c  r  i  j;ufn  c  i ,  c  r  fint  px  conftrttftipnf 
vtduo  ao  tria  ,  qua(fi;awm  ^  i  critad^littr 
dratum  cf  vt  quatuor  ad  nou^^^ 

Quoniamcr^o  vt  rcfta  fa  ad  ai  rc* 
ftam ,  ita  cft  cx  conftruAione  cjuadrattMft 
ci  ad  quadratum  o  ,  &ita  ctiaip  ofteni^ 
dimius  c{fe  triangnilum  c  r  u  ad  figur;im 
c  r  f « i  crit  vt  quadratum  a  i  ad  quadra«« 
tum  o  ,  ita  triangulum  ^  r  u  ad  ngurara 
crfk  :  fed  vt  fcmiCTiS  quadrati  ci.  a4 
triangulum  cru,  hoc  cft  ad  fcritiflcm 
quadrati  c  r  •  ita  oftendimus  eflc  quatuor 
ad  HQUcm ,  &  vt  quatiior  s^i  npucm  ita  cft 

Z 


( 
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cx  cooflrL'£lionc  qtiacftafu  o  ad  quadrdOixlt 
fi  >  fmc  fcmifiis  qu;kdrati  o  zd  (imiStvA 
qua<iraxi-  1h  ;  ^i^b  Vt  fcmiffis  qtiadraxi  c  i 
ad  trianguluiii^  c  r.ti^ ,  ita  fcofriffis  qiiadrati 
^  ad  ftmifleftPqiiiidrati  n-^,  ci^  ,^-&t. 
^hjH  ^rrfir></fif)fF:figura  crf k  dft-iqualis 
fcnififfi  quadraif -ri.  ^  :     '  *  '*^  '--*••    r 

*  •'Dcniquc*qu<9rriamficut  Ip  rcftaTr  ha- 
fcct-  gfd  i  m  rcftdfff ,  ita  cx  c6hftrtjftioric 
!c  habcrdfuplnm-piirabtjlae^  a-src  ad  qi^a- 
drawm  n  3  vt  icita-  l*p  ad  V-m  ittfttrtni 
ita  cticpamboki  a«"c  ad  fcmiflcthquaA 
^fati^  n  ,c  4ioc- dft  adfiguram  ef  rK*i'fergo 
ttlvjidtridtf  vt 'tt  p  rcfta  ad  'lm''-Tcaaim, 
ita  'portib  *a  f  P  ad  ^^ortioncfai-'^^^*'^  & 
itiuC^ttodb  vt4-i©iriftaad  ni p^/*itrf por» 
t io  c  r  f  k   ad  portioncm  a-  if }}  ^ubd  fiut 

'  '  Reliquuiri-tftvtiollchdamai jAriftum 
3t  caa^rcmtcrl  & -ai^  Id  ailftftt  eftindi- 
tdtcx analyft  fidUiih'praKcdcdtrVvt^inti- 
tilc  fit  Ific-cadcnf  vcroai^poficrif.  Id  tan* 
lum'adm6nitionc  dighum  cftjfifortciriic- 
-fta  a  c  punAum  i  inucnirctbt  ^pofitione 
duplex  >  xliud  fumcnddm  c^qiiod  cft  vi« 
•cinius  punAo  c,  &  ikicotaiudht  habcre 
vim  dcmonftrationis  haiusanalytilx/Iaid 
(i  pun£lum  rcmotius  fumcrctur ,  punAnm 
i*  ncceflario  cadcrct  vltra  punftum  a ;  fi 
cnim  non  cadcrct  vltra ,  confcqucns  forct 
parabodam  a  9-c  pdflc  fcciinduin  candcm 
rarioncm  codcm  modbXumptam  fccari  pcr 


* 
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^uas  parallda$  rcdx  ad  quod  eO:  ablur- 
dum*  Ponatur  enim  fecari  fecundimi  ean- 
dem  rationem  per  redas  (i  fieri  poteft  i  k, 
T^ »  ciKiJuc  vt  c  i  k  ad  i  J^  a  y  ita  c  -jr  ^ 
ad  ^^  a.  Qiioniam  ci  k  cfl:  minor  quam 
t9  '^  j  ratio  portionis  c  i  J^  ad  ?>  a  t  .  crit 
tninor  rationc  e  ?t  ad  eandem  f  a  t;  Rur- 
fus  quoniam  aii^  efl  maior  partc  a>V> 
ratio  quantitatis  ci  k  ad  <|ii^ntuc;in  ^i  k 
erit  minor  quam  ad  quantitatcm  ap^:'^  , 
crgo  ratio  quantitatis  e  i  ic  ad  a  i  k  erit 
multo  minar  qu^rn  ratio^  quantitatis  c  f  ^ 
•ad  sif^-y  cum  tamen  ponatur  c^Tc  arqualis^  (cqDi- 
ti6n  ergo  acrc  iquantitas  fecundum  can-  ti  £uc. 
dcm  rationemcodem  modoiuiiRiptam  per 
4i£tasparallslas  Cecari  |>otcft, 

COROLLARIVM. 

Si  quaecunque  portio  g  K  da,  ititcr  duas 
pacallclas  g  Iv,  a  d  vel  qiiamcunque  aliam 
contenta  ppnatiir  diuidenda  fccuridum  r^ 
tioncm  datam,  ita  vt  duiEiarc^ia  iJcp> 
ipfi  a  d  parallela  pottio  ix g  h  (it  ad  aliam 
portionem  ficut  rcifta  1  m  ad  m  p ,  perfici^- 
tur  problcma  ex  diAis  in  corollario  antc- 
ccdentis.  Inucoiatut  fpatium  rcctilincum 
X  ^quale  figurx  g  h  i  ,  atque  vt  recta  1  p 
ad  1  m ,  ita  fiat  quadfatum  x lad  quadratum 
y#  Inaeniatur  fpatium  n  quod  fit  xquale 
(imul  quadrato  y  &  fpatio  figurar  e  g  h* 
Rurfus  vt  poucm  ad  quatuor  ita  fiat  fp a- 

Z    2       . 
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•tium  n  ad  fpatium  o  &c*  yt  iii  ilU  pro^ 
pofitioBC. 

Propositio  Xi, 

Sit  vt  \tk  prxccdcnti  parabola 
a^e  cuius  axis  «i^,  latas  rc(^um 
^T^  ipiibafiae  xquale ,  tangens 
c^,  redaque  afvt  ibidcm.  Pro- 
duda^  (it  bafis  a  e  vteunque  ad 
pundum  q )  &  per  q  ada  (it  reda 
gd  paraliela  axi  ^',  occurrens 
parabolas  produiftx  in  d,  tangcn- 
ti  vero  x  e  etiam  produdas  in  b ; 
figuram  eqd  voco  appendicem 
fegmcnti  parabola?.  Oportcat 
eiufmodi  figuram  iuxta  quamcun^ 
que  proportioncm  datam  diui-  ^ 
dere  reda  ad  axcm  parallcla.        | 

Proportio  data  fit  rect{  1  m  ad  tn  p »  & 
{Itappenciix  e  q  d  itif  diuidenda  ducta  re* 
cta  r  f  xquidiftante  ipfi  f* yt  Hcut  Im 
ad  m  p  ,  ita  fit  portio  e  r  f  -ad  portibnem 
r  f d  q.  Duplum  appendicis  e  q  d  (  quz 
nota  eft  ex  propoKitione  3.  huius  )  fiac 
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m^' .-  ^-  - 


I    «oxjr 


i 


.fc 


ad  quadratum  n  Ocat  1  p  rcAa  ad  1  m^ 
Rurfusvt  noucm  ad  qnatuor  1  ita&tqua- 
dratum  n  ad  qaadratum  o.  Datis  it&ii 
z€f  aCf  &  quadrato  tectz  9,  ita  ad  rc- 
£Um  a  e  adjiciatur  recta  e  i ,  vt  ficut  rc. 
cta  fa  ad  ai,  iufitquadratumrectz  ei 
ad  quadratum  Oj  ad  rectam  ci  adiun- 
gatur  ir  xqualis .dimidio  tectSE  ei  ,  ca-  jgj^*"* 
dct  r  imet  i  &  q  ( id  enim  probatur  Ci~ 
cutin  przcedenti  pct  analyfimmathenia- 
ticis  familiarcm  )  per  r  agatuc  r  u  paral< 
lela  tecpe  qd  occuriens  parabolx  in  T, 
&  rectxeb  in  u.  Dico{icuteft,recta  Jm 
ad  m  p  ,  ita  efle  portionem  e  r  f  ad  por- 
tionem  teliquam  r  f  d  q. 

liGlem  cnim  verbisquibus  in  antcce> 
dcnti  vli  fu^ut ,  oftcndctur  ficut  cfl  recta 
f a  ad  rectam  a  i ,  itacfle  triangulum  e  ru 
ad  6guram  ecf^  j  ipfamque  flgmam 
Zj 
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c  r  f  it  tfTc  xqualem  tcmifli  qaadrati  n ,  & 
dcnique  vt  Im  rccta  cft  ad  mp,  ita  clfe 
criK  ad  rfdq»  quod  crat facicndom . 

COROLLARIVM. 

Si  quaccunquc  appcndicis  portio  ghdq 
imcr  parallclas  gh,  qd  aut  quamcun- 
quc  aliam  contcnta,  propodatur  diuidcnda 
juxtarationcm  datam,  id vt  m  prioris  co- 
rollario  pracftabitur.  Inucniatur  fpatium 
rcctilincum  x  aequalc  figurx  ghqd, 
atquc  yt  rccta  1  p  ad  l  m ,  ita  tiat  qua« 
dratum  X  ad  quadratum  y  ;  prxtcrca  id- 
ucniatur  quadratum  o  acqualc  firaul  qua- 
drato  y  &  fpatio  figurac  e  g  h ;  dcJiiquc 
vt  nouem  ad  quatuor  itafiat  fpatium  n 
ad  fpatium  o  i  &c»  >/ 1»  dmerlms  cor^lU^ 
rio  monuimus, 

Propositio  XL 

Si  duo  (intfolida  fupcr  bafcs 
aequalcs  in  codcmquc  plano  con- 
ftitutas  confiftcntia  ,  ita  vt  ipf« 
.bafcs  finc  aequalcs,  &  eorum  cum 
plano  quocunquc  bafibus  paral- 
Iclo  communcs  fcdioncs  fint 
qilbque  aequalcs  5  ipfa  folida  funt 


xqualift  f  Qc  centrum  grauitatis 
habcnif  in  viio  &r  clb4em  <5if^cm 
banbuis  parallelQplano. 

...     •    -         t 

Sintduo  folida  ba,  ^g  fiipcr  baHbus 
z  o a f ,  c  t  g u^^qualibui,  &  in ;codci$  pla- 
no  iaccntibus  ita  cioii^flentia  vt  hhno 
qu:>cunque  bafi^us  parillelo  fecantcjipra, 
ic&ioncs  k  f  Vt  ,  li  h  i  i  fmV  ^qualis  in- 
uicem.  Pcto  ipfa  folidi  ((ieinuiccm  ^qua- 
lia. 

Pr^fcns  propofitio  varios  hahct  cafus 
omncs  quidcm  vcndimos  ,  alios  tajiicn 
9ltis  probatu  diCficiliorcs,  Omncs  edcnt 
facilhmi  fi  continuum  coniponerctur  cx 
fiaitisindiuifibilibus  Zchonicis^cum  cnim. 
fingulx  partcs  nngulisforcnt^qualcs»,  nc« 
ccile  cdet  tota  ipfa  eile  inuicem  ^qualia. 
£x  ifta  opinione  quamuis  abfurda  &  prin- 
cipiis  MatlKmaticis  maxime  rcpugnante 
videtur  Tcdc  confici  idipfum  quoque  ve- 
rum  c(Ie  quamuis  continuum  fit  (empfy 
diuifibilet  quia  nimirum  eiufmodt  ^quali- 
tas  non  tollitur  per  hoc.quod  diuiftbilc 
ponitur')  fienimperhoc  tollcretur,tollcrc* 
tur  etiam  (qualitas  duarun^  planarum  %^« 
rarum  fuper  bafibus  ^qualibus  in  .^adem- 
quc  rccta  conftuutis  ita  confiftcmium  ,  >vt 
ducta;  vtcunquc  rccta  bafibus  paralkla 
portioncs  eius  figuris  intcrccptat  fint  quo- 
que  ^quales :  quod  tamcn  rcridifnum  cAc 


L 


odendinius  propofitione  fexta  libri  primi 
huius  opetis»  Tolleretur  p^iriter  xqualitas 
duonim  roliclorum  quando  bafes  z  o  a  f , 

CU.ii.  <^  ^  S  ^  ^^^  tantum  funt  <fquales  venim 
duo^c.  etiant  (imiles :  (ieninvfint  circuli  8c  bafes 
Euc  cylindrorum  aut  conorum  id  oftenditnr  a 
lio.  Cladio  in  Euclldem  ;  fiifintparallelepipe- 
19  vnd.  d^  ^^  ipfo  Euclide  in  vndecimo  libraj  fi 
Euc.  4Utem  fint  prifmata  etiam  cum  bafes  non 
7.duo<J.  fiierint  fimileSj  ncc  equalium  laterum^ 
Clauio  ibidem  \  \\  iint  pyramides,  abeo^ 
dem  Euctidc  libri  duodecimi  propofitione 
fexta  \  &  ^  Clauio  in  f(:holto  ad  candem 
propofitionem  etiam  tum  cum  bafes  z  o  a  £» 
c  t  g  u  Itfteribus  nuinero  in^qualibus ,  Sc 
quotcunque  conftitetint* 

£xtra  pracdictos  cafus  fi  Imtx  h  1 ,  ( 1  ' 
fint  comiziunis  plani  paralleli  bafibus  per 
ik   ducti  iectio  ^um  plano  folida.ipfa 


in  fcho 
llo  t. 

ei.i. 

uius. 


t   *- 
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iecamc  rccundum  alcitadincm  totam  ,  ip« 
fiafquc  plairi  cum  foUdis  communes  fe« 
Ctiopcs  iint  figurx  ptanac  bcaz>  ^dg^c 
coiiiprchcnfxlmcis  aut  rcctis,  aut  conicis^ 
aut  ^qtiiualcntibus  iuxta  cautioncm  corcd- 
lari)  teiti)  fextx  propofitionis  libri  primiy 
ipfae  verp  figura^  krlf,  hnix  fint  (uni* 
lcs  >  ^ '  lincx  h  i »  |t  l  £nt  «^c^ualcs  de- 
snonftr^tip  c&  aperta  ex  fexta  propoiitione 
libri  primi-citiitaad')Ccto~coioUano  propo^ 
fitionis  fcxta^  libri  fecundi*  Iftud  tamch 
in  vniucrfum  &  ad  omnes  cafus  cxtenfun^ 
(i  probarc  vclim ,  obfcurius  cfFecero,  £x 
primo  rei  intuitu  apertuni  cxiflimo  (i  putco 
^cmpli  caufa  bi^ac  propofiito  afHrmes 
cum  ad  fundum  vfi^ue  plano  hocizonti  pa« 
rallclo  di0c£lum  paris  &  a^qualis  vbigttc 
inueniri  amplitudinis  ^  apertum  inquam  . 
cxiftimo  quocunquc  plano  hori^onti  pa^ 
rallclo  hn  ix induas  portioncs  diuidatur, 
fupcrioris  ad  infcrioris  capaci^atcm  efie  ve 
cft  altitudo  b  h  ad  altitudinem  h  !•  Nec 
vcro  animus  inquirec  vtrum  ampUtudo 
iU^fcu  capacitas  pci^  planum  horizontis 
parallelum  dimcnfa  ,  non  folum  fit  vhi- 
que  sequahr,  verum  ctiaAi  vbique  pcrime'»' 
tr6  &  figura  fimili  coi^ftct^  id  cnim  f  rr 
MecideBs  cfic  dccernct  dummodo  capacitas 
bycmlit  fquaHs  capacitati  hxan  ahif*- 
quc  pmnibus  intcriet^is  quamuis  figuta 
b  y  c  m  fit  rotunda  ,  &'h  x  i  n  quadfata  , 
aut  alteritts  cuiufuis  modi«  Iftud  itaqM« 
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mktt  fftiiionfs  ixut  diliyjtlA  haius  fcicof 
tix  coUoco  5  ficuti  ;&  ^ollocawr  illud  ap 
Archimede  &  ab  aliis  poinibus  >  ctiiujuis 
fgurd gT4uis  fiue  fl^d  fifie  foljid  ddri  ctu* 
4rum  grduiutis^  quod  quis  probct  alitcr, 
qaam  nud^  rei  ip^us  explanationc>  adiun* 
£ta  alionim  omflium  mira  conucnientia  , 
ficuti  4tiobis  iahoc  ncgotio  faAum  cft, 
&  fict  araplius». 

Ccntruni  vtro.grwitalis  vtriiifquc  folidi 
ft(k  in  plano  v|io  eodemque  pdcndi  Hjniili 
tnethodo  poteft  tn  do£trina  propoGtioms 
decim;  quintx  ciuldem  fecundi  hbri  tranf*- 
lau  ad  fohda.  Quod  fi  fohda  b  a,,  h  g  fiic« 
rmt  cyhndri  y  auc  coni  ^  aut  pyraraidcs , 
aut  prifmata  ^  .  aut  parallelcpipeda  ,  aut 
fphx|:x,  autfohda  in.fphxra  dcfcripta, 
aut  conojdisredanguh  portio,  dcmonftra* 
tioextat  apud  Commandinum  in  libello 
quemdccentro grauitatis  fohdorum.fcri^ 
pfit»  His  omnibus  prxtermiffis  res  in  vni« 
uerfum  facile  potefl  in  hunc  modum  de« 
tnonftrari* 

Inplapo  bg  (ecundum  ahitudinem  fo^ 
hdorum  b  a  ^  \:gduAo  ducatur  re£^a  qux« 
cunque  tS^  occurrens  plano  bafium  in 
0>  &  planp  parallelo  intra  quod  &  pla« 
numbafiumfohda  ba,  xg  proxime  con« 
finentur^  in  t^  ducatur  &aha  i^i  paralle- 
la  «»'4'  ita  vt  <v9  fit  parallclogrammum, 
Prxtcrea  intclhgatur  grauitas  fohdi  ba 
tota  •trausfcrri  in  xcAam  <v4.  hac  lege ,  yt 
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do£tis  duobus  quibujcunque  planis  paral* 
lclis  ad  bdfes ,  grauitas  in  lincx  «»4  por« 
tioncm  eiufmod^  pUnis  interccpcain  tradu^ 
fta  fit  illaquar  portioni  folidi  bancifdcm 
planis  intcrceptx  coinpetcbat  ^  atque  pari 
paAo  grauitas  folidi  1  g  transfi^ratur  tn  li« 
ncam  ^  9.  Manifcftum  his  pofitis  ell  fi 
planum  fi  ^  parallclum  bafibus  tranfeat  pcr 
ceQtrum  grfiuitatis  folidi  a  g ,  tranfire  quo« 
quepcr  centrum  gramtati$  ^9i  grauitas 
enim  portioni  t^  attributa  cA  arquaiis  gra^ 
uitati  pertionis  k  1,  qcc  tantum  elt  aequalis^ 
fed  proportionaiiter  difpenfata,  ita  vtinter 
t  parallcla  duo  quxuis  plana  ad  bafcs^  fit  pac 
grauitas  in  interceptis  pprtionibus  lincar 
Tfi  Sc  folidi  xl,  Exhis  vcro  apertc^  cbn^-» 
citur  in  punAo  p  efle  ccntrum  grauitatis 
ponderis  in  lineam  t»4  difpeniati  ^ac  pro- 
inde  &  in  plano  per  Imeam  h  1  'du£^o  pa« 
rallelfi»s  bafibus  efle  centrum  grauitatis  fo- 
lidi  b  a.  Quoniam  enim  folida  a  g ,  b  a; 
funt  ita  acqualia  vt  eorum  portiones  intcr 
quarcunque  parallela  ad  bafes  plana  inter« 
ceptae  fint  inuicem  arquales  ^  &  quoniam' 
vt  magnitudines  folidorum  ita  ponimus 
efle  grauitates  ipfls  magnitudinibus  inGtaS) 
apertum  eftlineas  6»4 '  ^^  ^  continere  gra^ 
uitates  2quales^&  proportionalitcr  difpcn^ 
fatas:  cumcrgo  lincae  6>4,  ^9  fcccntur  ita  ^^p"*- 
proportionaUter  in>&b  occurfu  rcilar  PS  "^*^"^* 
ipfis  «  T ,  4  9  parallclac^vt  ^^  rcfta  fit  rc^lst 
^iSjqiulis^&f^  rcfta^tcftac  jgS^  grauitas 
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tuam  4ifpcnfaca  m  lineam  «p  ei^t  ^qualis 
grauitati  proportionaliter  diipenratz  in  li- 
neam  t^  :  eademqae  de  caafa  grauiutcs. 
ciiftributx  in  Kneas  ^4 1 J3  9  ermit  arqua- 
les»  &  f  qualiter  difpenfatz :  crgo  cum  gra«: 
ttitatis  in  re£tam  ^  9  colIe£lar  centrum  fit 
punflum  ?i  grauitatisinlineam  #4  tranf- 
pofitx  cedtrum  quoqae  erit  panftam  p ; 
itaytfilinea  #  4  luperponatur  lineap  ^O^ 
pun&umque  ^  congruat  punAo  «r ,  & 
punftam  4  panAo  ft ,  (icut  grauitas  par 
pari  femper  congruet ,  ita  &  centrum  cen« 
tro  congrucre  necefTe  fit.  SolidaergQ  hz% 
Ag  hafacnt  centra  gra^itatisin  vnocodcm- 
que planobafibtts parallelo ^  quod  crat d^^ 
snonftrandum, 

/COROLLARIVM. 

• 

£x  prefentis  propofitionis  priore  mtrt^ 
brO|  quod  podulatis  adfcribitxius,  ^pcttum 
eft.y  ii  fe^ioncs  hnix,  rklf  non  finc 
lapquales  »  fed  in  ^quadam  alii  ina^quaUtatis 
rattonCy  quae  confianttr  reperiatur  quomo^ 
docunque  pianum  h  1  paraiielum  bafibuf 
ducatur  i  xp(a  folida  ha ,  ^ g  e(Ie  in  ea« 
dem  fc^ionam  ratione  5  ceatrum.vero 
;rauitatis  efle  in  vno  eodemque  plano  ba« 
ibus  parallclo  c!are  pcrripit  quifquis  fe- 
cundi  membri  rationibus  afl[cntitur« 
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Hic  rogstum  te  vcliih ,  Leftor  ^  vt  foh 
fttncas  tc  tantilium ,  nc  conclufi  argumen* 
ti  vim  in  prcfcntis^propo(itioni$  prima.par- 
tc  improbcs  ^  (i  qux  forta{{c  ad  icl  tc  (bl* 
licitant^  Non  pcto  vt  a  nobis  modo  addii- 
£la  attcntius  coatcmplcris>  analogi^quc 
vircs  attcndas » cx  ijs  <]U3t  jam  dcmonfita-* 
ta  funt  ab  alijs  ^  aut  ^  quocunquc  dcmon- 
(Irarcntur  (T  quantitas  continua  confiarct 
cx  ifidmi(ibilibu$  5  id  tantum  in  prxfcntia 
flagitovtnoucmproximc  fequcntcs  pro*~ 
politioacs  qux  cx  ifta  vt  ^  fub  fonte  pro« 
manant  prius  \cli%  pcrlcgcrc  quam  fentcn«  . 
tiam  contra  aos  fcrai^»  Ccrncs  cx  ca  inuc» 
niri  cctitrum  grauitatis  coni ,  &  pyramx-     ; 
dis  cuiufcuiiquc,  itcm  conoidis  prabolici 
(  quod  Archimcdcs  docet  circumuolutio^  . : 
ncparabola?  dcfcribi  diametro  cius  ma* 
ncntc  )   ccntrummic  ita  inucntum  illud 
ipfum  edc  quod  ab  Archimcdc  ipfo  pro- 
nuntiatum  fuit  dc  conoidc  parabohcoj     ., 
quodqiic  tam  dc  illo  conoidcquam  de  co-  {^ltx 
no  &  pyramidc  demonftrduit  (ingulari  fa->  v^hun* 
gacitatc  Commandinus  in  hbro  ad  id  tan-  t^i^  ^  i^ 
Tummodo,  quod  Archimedes  (ine  demon-  ^^"^* 
Orationc  fcripferat,  coniirmandum  elabo- 
rato.  Ccrncs  nos  pof ro  progrcflbs  inucnire 
ccntrurti  grauitatis  hcmirphxri)  fcu  mc- 
diae  fphxrX)  nccnon  conoidis  hyperbolici 


> 
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Arch.     quod    rei^olQtionc    hypcrbolc  diametro 

i^u^^^    eius  manente  eixnitur ;  ccrnes  &  alia  pla-i» 

eonou   ^^^^  9^^  ^^  proportionem  &^  lecuoacal 

&  fph.  corporum  attinem,  iftaque   omnia  adco 

coafonarc  cum  i)%  qux  ab  antcrioribi^s 

oftcnfa  funt ,  vt  ipfa  tonfonantia  maximi 

iit  momcnti  ad  iticlinandum  animam  in 

aflenfioncm  huius  propofitionis  ^  ctiamfi 

-ahundc  nihil  (labilita  foret  5  &  vel  vna  fiif- 

liciat  ad  hoc  vt  non  immerico  prefens  theo« 

rema  inter  dtlifjum  rcponatur  ^  &  cx  co 

dato  ad  alia  inucfiiganda  gcadus  fiat, 

PROPOSITIO    XII.' 

Axis  culuflibet  pyramidis  vel 
coni  a  centro  graiiitatis  itadiui- 
ditur ,  vt  pars  quse  ternunatur  ad 
verticem  reliqus  partis  qus  ad 
bafim  tripla  fit. 

Hxc  propofitio  dcmonftracur  ^  Com- 
fnandino  in  libro  de  centro  grauitatis  foiv- 
dorum ,  &  eft  vigedma  fecunda  ^  nos  hic 
eam  alitcr  probamus  vt  noftrorum  princi- 
piprum  cum  veritate  concordia  pateat. 
JHIiq  amem  cum  epdem  Commandino  de* 
finimus  ax^m  linedm  f  W/e  4  yntice  dd  cen* 
UHm  ^duiutis  hafts  ferducitur  J  prifraatis 
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iorum  fff^no^rHm  ctntrApdUttdtU  CQnjungip 
in  cohoi^ildus  vero,&  fphaeroidibus^xcih 
dcfinunus    cuui   ipfo  Archimcdc   initio  JJ^^*j.g 
libri  dc  iflis  folidis  ab  co  fcTripu,  d'un$ctrum  ^^^^^^^ 
illdm  ^ud  mdnet ,  dumctrcumduHu  cttculh  tis  pro-. 
itlipjis  y  fjrnhoUy  hjferhoU,  figUf^  ij^^  [<^lid^  ^^     ' 
iefcrilfuntifry  <}uarum  noniina ,  qui  Mathc- 
TOaticusnon^cft  »  llcct  igoorct ,  rcs  ipfas 
tamcn  tcnct  ;  cuniv  in  xdificiorum  parti- 
bu$ ,    iri  ipfifquc  vafiiS  quibiis  ad  potunt 
aliauc  ciufmodi  coramoda  vitar  vtimur, 
paflim  vifantur*    Quod  obitcr  dico  ,  nc 
quis  putct  ifta  cfle  longe  ab  vfu  honwnum 


i 
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r<:mota  ^  nec  niii  in  (peculati#nc  Mathe^ 

macicorum  pofita.  Caeterum  centrum  gra^ 

^ui(atis  iftorum^mnium  elle  in^axe  jponH 

miis  hic  vtpot^dcmonftratumafiud  Com- 

«.     mandituim  hbro  laudato«  , 

Sit  coniis  a  b  c  cuius  baiis'^  b  o  c  ,  vcu 

tcx  a ,  triangulum'b  a  c  fit  glani  per  ver* 

'     ticcm  a  du£li  X  ipHtt^^  coni  Ccikio  com- 

i      .    miinisraxis  fit:  ap  ita  fedus  in  n,  vt 

mi  C6.  portio  a  n  fit  tripla  portiotiis  h  p.  D1C9 

/pun^um  n  cfle  Ccntrum  grauitatis  coni 

^abc. :  ^;  "  :  '^     ..    .;.  , 

/        Completo  iparallelogramhio    a  c  b  d  t 

^    /dcfcnbi  intelligEitur  |uxta JtiethpfliMn  tra<» 

^^'^:ditam  per  puniCta  a  >  b  ^itaraiNila    a  1  b 

^cutus^  vertcx.fit  s^,  tangcns-ac  ,  diame« 

tcr  a'd :  erunt  j^er  fecundam  huius  quadra^ 

ta  rc^tarum  kf^  hi  in  tt iangulo  abc 

ipfi  bc  parallelarufn ,  vt.  funt  re£lar  Ik, 

iti  t  interceptse  inter  parabolam  alb  & 

^cAsim  ac;    Super  reda  Ik  con{|trtt£him 

inteUigatur  in  plano   f  k  bafi  parallela 

4.pr]mi  re£langulum  1  k e r  xqualc figurs  4f^& 

Cohic.  fuper  rcifta  m  i  rcAangulum  m  i>f  g  ^^ qua« 

Muod.  j^  jBgurx  h  i  &  ineodem  cum  ipfa  pIano« 

Quoniam  ipfa^  figurae  |:.f,  h  i  funt  circu^ 

liy  quorujn  diametri  funt  rcAa^  k^f  hi^ 

crunt  ipforum  circulorum  fpatia,  vc^Ur 

drata  diamctrorum  i^  f , ,  h  r )  fed  vt  quak 

drata  dianvetrbrum  i^f,  hi  ita  e{feofl:en<i 

climus  rcftas  IJ^  ,  m  i ;  crgo  vt  tcdx  1k, 

mi|  ita  funt  circuli  i^f)  hi  j  fedipfis 

circulis 


^irctths  kty  hi,  ^qualia  funt  le^lan^la 

iker,  mifgv  ergo  rcAai^gula  Ikcr, 

na  1  f  g  funt  inratione  bafium  1  /c^  m  i ;  crgo 

re^  kt^  i f  funtjxquales pcr  conucrfam 

fccundas  fcxti  £ucliclis  apud  Clauium  :  cr^ 

go  cum  rcftx  re^  f  g  (int  parallelsc  rcAis 

mij»  H  &  ipfaplana  mifg^  li^cr  fmt 

parallela ,  planum  ptr  rcftas  r  e ,  g  f  crit; 

parallelumplano  tnanguli  abc/  bi  crgo    . 

per  parabolam  a  1  b  intclligatur  Uxn  hnca 

.pcrpendicularis  ad  planum  a  b  c  «cquahs 

lincx  Ir  defcribetfupcrficjen),  cmincum- 

betplanum  ref^  foh^^un?  crgo  inclufum 

plano  bgac  ^  fuperficic  illa  ■«  rc£langulo 

comprehenCofub  ac  &  (ub  Ke^  ahoucm 

ffcAangulo   comprchcnfo  re^a  bc  &^  ft  > 

€Xjc  ad  planum  bac  cKcnata  parall^l^ 

.ipfi  i  f  vcl  X  c )  &  dcniquc  fub  plana  &* 

gnra  in  plano  ret  aharum  fupcrficierum 

ipfi  non  parallelarum ,  occurfu  ti^rminara, 

.tllud  inquam  folidum  contincbitur  intcr 

^cxtrema  paraliela  (imiha  8i  arquaha  ^  quo«. . 

mm  vniun  eft  figura   b.mac   contenta 

curua  bm  a ,  &  re£tis  a  c  ,  bc  ,  altcrum 

>cft  in  plano   ret  omnino  altcri  bmac 

aqualt>  fimile,fimiliterque  pofitum  :  dc-  P^°P'^' 

.fnonftratio  enim  qu^m  Screnus  adhibet 

in  hbro  de  (eftione  cylindri  vt  oOendat  fc<« 

£lionemcyhndricum  planoba(i  parallelo 
cde  ipfi  ba(i  Gmilem  ,  &  centrum  in  aKC 
habcre  perindc  locum  hic  habet ;  &  quo 
pafto  Comraandipus  libro  dc  ccntro  gra*  P^^P'^^ 

A  a 


370     T  itragonifmicorHm 

uiiaus  folidorutn  oftcndit  ft  frijms  feciiur 
pUno  opfejiiis  fUnis  dfuidtfiitHti  feiliontm 
tjfe  figMTAm  dfu^lem  c^  Jimlltm  ei  fu^  ifi 
0ffof$toTum  fUnorum  ,  ttnirum ^rduiuiis  in 
dxe  hdlentem\  oflcndiiur  in  ik>flro   cafu 
pixdiAam  figuram  cfle  fimiUm  flinilitcr-> 
quc  pcfitam  ^gurx  b  m  a  c  ,  ac  proinde 
-  &  axtm  fiuc  lincam  pcr  vtriHfque  figurac 
ccntrum  grauitatis  dudam ,  cde  linca:  i  f 
prop.8.  parallelam.    Dcnique  dcmonflratio  qua 
idem  Commandinus  vtitur  vt  probct  cU'* 
jufitket  frijmdtis  t^  cuiufitlfei  tyUndri  Ifcl  cj-^ 
lindri^portionis  grduitms  ientrum  in  meSQ 
iffius  confifiert ,  cuincit  in  noflro  cafu  ccn^ 
trumgrauitatisciufmodifolidi  y  c^cAfrif* 
thdtoides  appcllo  ^  cfle  in  mcdio  axis  ,  fiue 
rectae  conncctentis  centra  grauitatis  prx^ 
-dictarum  figuram  paralleWs  oppofitarum# 
His  ita  coiiftitutis^  quoniam  prifmatoidis 
'prasdifii  vnumcx  parallclis  extrcmis   cft 
figura  fcmidiccr^toidis  b  m  a  c  |  ergo  ccn« 
x.liuius  uum  grauitatis  habct  in  rcAa  uq  pcr  n 
^®'^^"**  dufla  parallclfi*srcaa:  bc,  vt  initiohuius 
libri  oflcndimus  ;  ciufmodi  centrum  fit 
punAum  z ,  junAaque  rcAa  z  t ,  in  pla« 
no  H  z  per  z  agatur  z  x  parallcla  rcQx 
if.  Quoniamrc£tx  nz,  zx  conucnicn-* 
iy.  vnd.  tcsin  z  parallclae  funt rcAis  mi,  if  con« 
^^^"      ucnicntibus  in  i,  planum  m  i  f  erit  paral- 
lelum  plano  uzx-    cum  crgo  pla.num 
m  i  f  fit  parallclum  bafi   b  c  o ,   planum 
tt  z  X  eric  ctiam  parallclum  bafi  b  c  o »  & 
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cuitl  zx  ficrcftaparallclaicflae  if»  axir«- 
qiie  priiinatoidis  pcc  z  traAdcns  £it  paraU 
lclus^  vt  oftcndisiuSj  cidcizi  xQ&x  i  f ,  cric 
jE  X  axis  prifmatoidis  ixx  plano  pcr  rc^a^m 
u  q  paralkio  bafi ,  cumquc  ccouu;ni  gta- 
uitatis  prifinatoidis  fitj vt  diximus^  in  axc, 
idcm  ccntrum  crit  in  plano  pcr  rcAam  uq 
^parallclo  bafi  b  c  o^ 

Qtioaiam  igitui  prifmatoldcs  8c  conuS 
a  b  c  ita  funt  intcr  fc  vt  fcAioncs  corum 
cum  plano  baii  b  o  c  'parallclo  iinX  arqua- 
lcs )  prifmatoidcs  &  conus  crunt  acqualcs, 
&  habcbunt  ccntrum  grauitatis  in  codcm 
plano  baii  parallclo^vt  in  pr^ccdcnti  oficn- 
iUmus^  creo  cum  centrum  grauitatis  prif- 
tnatoidis  ht  m  plano  pcx  u  q  baG  parallc'» 
lo,  crit  quoqnc  ccntrum  gfauitatis  coni  in 
#odcm  plano  pcr  u  q  duAo  ^  crgo  cum 
planum  pcr  u  q  parallelum  bafi  fccct  coni 
axcm  a  p  in  n  ^  &  cum  ccptrum  graui« 
catis  (it  in  axc  coni  (  vt  dc  cpno  &  fyvam 
#nidc  dcmonfiratCommandinus  libro  far« 
|)ius  laiuiato)  nccctfc  cQ  ipfum  ccntrum 
tSt  in  punfio  n,  quod  vnicum  cft  ajd  ^y^  ' 
tc  plano  uzx  communc  ;  crgo  ^  &c« 
^uod  crat  dcmonftraodum. 

COROLLARIVM  h 

Quod  fiin  pyramidis  fruOo  quouis  in-*  ' 
ter  plana   bafi  parallcla  intcrccpto  inuc- 
nicndum  iit  ccntrum  grauitati$,pr2rftabitur 

A  a    i  j 


$j%     Tetragmifmimum 

id  limili  niodo.  Sit  cnim  frudam  mtc^ 
plaiia  per  rc£las  y  q,  b  c  contcntum ;  in« 
ucnicnda  cft  tc£la  s^quidiftans  rcflx  b  c 
in  plano  b  a  c  ,  in  qua  (it  ccntruiti  figu* 
XX  planx  buq^c  contcntx  rc£^is  uq^ 
q  c  ,  c  b  &  curua  b  u ,  nam  in  communi 
tiufmodi  itfXx  &  axis  np  concurfu  cflc 
'  ccntrum  grauitatis  quarfitum  coftat  cx  dc- 
monftrationc  pr^fentis  propo(itionis3  huic 
cafui  applicata^rcdla  autcm  pcr  ccntrum 
grauitatis  figurx  u  q  c  b  du^a  iniicnitur 
cxprlma  huius. 

COROLLARIVM    IL 

Eadcm  prorfus  cft  dcmocftratio  cuiuf- 
cunqucfigurae  fit  bafisboc,  dummodo 
qux  ficnt  a  phno  bafi  para]Iclo  fcftionis 
(int  ip(i  ba(i  fimilcs ,  &  fe  habcam  vt  qua? 
drata  rcftarum  hx  ,  hi,  f  i^  &c.  intcrcc- 
ptarum  latcribus  a  b  ,  a  c  tfianguli  a  bc  ) 
&  parallclarum  lateri  b  c  ciufdcm  trian« 
guh  'y  ciufmodi  fohdum  appcllctur  homoiom 

tonicum. 

« 

CORO^LLARIVM  IIL 

*  £x  his  apf  rtum  cfl:,  fi  AnRo  plano  quo^ 
cunque  m  i  f  g  parallclo  bafi  b  o  c  prifma- 
toidcs  diuidatui^  in  duas  portioncs ,  ciim 
fingulae  earum  (int  aequalcs  portipnibus 
coni  intei:  cadcm  plana  parallcla  ba(ib  oc 
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InterccptiS)  vt  erunt  portiones  prifoutou 
di$,  ita  cde  partes  coni,  aut  homoeoconici, 
Partes  autcm  prifmacbidis  cfTe  intcr  fe  vt 
partes  figutae  o  m  a  c  p  femi^diceratpidis  » 
codem  modo  ollendi  poten:  quo  de  alijs 
«iufmodi ofteaditur  a  Clauio  fcholio  pri- 
mo  feptimae  duodecimi  Elementorum; 
&  in  fcholio  vndecimx  eiufdem  libri ,  & 
ab  ipfo  Euciide  codem  hbro  in  propofi» 
tione  fcKr^  :  crgo  partes  coni  aut  honioco-« 
jconici  funt  inuicem  vt  partcs  fcmidice* 
ratoidis.  bmacp* 

COROLLARIVM  IV. 

Vndc  vlterius  confequicar  mcthodus 
diuidendi  dacum  conum  aut  homococo- 
num  iuxta  datam  proportionem«  Sit  enim 
proportio  data  vc&x  4  ^  ad  |  d  ,  oporteat-i 
quc  ita  dmidere  cooum  per  planum  ba(i 
jba  c  parallelum,  vt  ficut  $9  rcfta  ad  4g 
ita  fit  pqrtio  baQ  adiaccns  ad  aham  %  id 
cbnficietur  fi femidiceratoidcs  bac  diai- 
datur  in  data  proportione,  Vt  igitur  com» 
poCta  49  ad  1 9  ,  ita  fiat  rcAilincum  x-' 
quale  femidiccratoidi  bac  ad  fpatium  d. 
Du£la  re£la  m iapG  b  c  acquidiftante ,  fiac 
jigura  a  m  i  xquahs  fpatio  &  ex  huius  oibL-* 
ua  j  hquct  fpatium  a  m  i  efle  ad  fpatium 
b  m  i ,  vt  cft  rcdla  f  9  ad  re£lam  4 1. 
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COROLLARIVM  V. 

Qjuoniant  cx  ciadem  oaaua  conflat  mc* 
thodu^  diaidcndi  in  data  rationc  qaod- 
cunquc  (cgnrentum  fcmidiccratoidis  fca 
complcmcilrijconftat  quoqae  jnodas  diui» 
dcndi  m  data  rationc  quodcunqac  fmftum 
coni  inicr  plana  bafi  parallcla  contcntmn* 
Atquc  hacc  omnia  corollatfia  habciit  fuo 
modo  locam  in  tribus  fcqacnribus  propo^ 
fuiombusproutibi  indicabimits^ 

SCHOLIVR 

Af  chimedcs  inirio  libri  dc  conoidibai 
&  fphxrojdibus  fcftioncm  conicam  vult 
circumduci  circa  diamctrum »  vt  defcri^ 
bantur  cpnoidea  &  fpha?roidca  dc  quibos 
aaurus  cft  in  co  libro,  Non  dixit  aut€m(vt 
rcor)nrfrf  4Arm,quia  ita  definitione  rcftrin- 
gcrct ,  cum  ca  quae  dcmonftrat  co  loci  ha- 
beant  vim  criam  fi  circumducatur  circa 
diametrum  quae  non  fit  axis  ^  dummodo 
ita  circumducatur ,  vt  omnes  ordinarira 
apphcatacad  diamctrum  ita  moueanturvt 
mancaiit  fcropcr  parallclff  vni  ccrtg  reftaB 
immotx^  vndc  fit  vt  diamcter  ciuiinodi 
fcdionis  in  circumduau  aHam  &  aliara 
jnclinationcm  habcat  ad  ordinatim  appli- 
catam  eandcm^quandoipfadiamctcr  nQ9 
ffi  axis  fcAiotiis. 
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PROPOSITIO     XIII. 

Cuiuflibet  portioni$  conoidis  • 
redanguli,  hocefl;  paubolici,  a 
centro  grauitatis  ita  axis  diuiditur 
vtpars<iu«.£ero.mamfadvcrri- 
cem  ^  re]iqua?partis  ^  qux  ad  ba^ 
ixmy  (itduplat 

Iftud  iifdem  verbis  proponitur  detnoo- 
(Irandum  a  Commandino  libro  citato,  nec 
Vlterius  pergit  ad  centra  inquircnd?  fphac-  a^. 
roidea>n  &  conoide»n  hyperbolicorum, 
fiue  vt  loquittir  Archimedcs  ambIygo« 
niorum. 

Sit  fegmtntum  pyabolae  bac    cuius 
bafis  bc  ,  diametcr   a  p  bifariam  ipfam 
fecans,  circa  quam  manentem  circumuolui 
intelligatur fegmentum  bac  &itadcfcri-  <l^/o- 
biparabolicumconoidesabco, cuiusbafis  "^*    ^ 
fitcirculus  boc.    Diuidaturaxis  ap  ita  ^oj^/ 
in  n  vtportio  a  n  fit  dupla  portionis  n  p.  iotcio« 
Dico  punftum  n  cflc  centrum  grauitatis 
folidi  b  a  c  o. 

Per  a  ducatur  in  parabolx  plano  b  a  c 
re&a  ad  parallela  reftx  bc ,  5r  complc- 
to  parallclogrammo  apcd,  pcr  d  duca- 
tur  vteunque  rc^a   dc  occurens    rcAa? 


|7^     ft(rapni/mtc&ritm 


bc  in  e.    Quotcunquc  planabaH    boc 

parallcl2fk,  hi  fecent conoidem  baco, 

cemmque  fef^iones   fmc  figucx  fi^,^   hi 

it.  de  qu:c  circularesecunt  e}£  Acchimcde,  cen- 

conrtid.  tcum  habentcs  in  axc  a  p  j  eiufmotli  an- 

&.pb»  tcmpl.ina  fcccnt  ttiangulum  dce  juxn 

re^as  If,  mt  i    atque  in  eodem  plano 

{k    fupec  reda    If  micltigatur  conllru- 

£tam   te£langalum    Ifgc    ;quale  fpatio 

cicculi  f  k  ,  &  fuperrefla    mt    reftap- 

guium  mtxz  cquale ciiculo  h  i.  Quo- 

niam  circuli  f  k  ,  hi  habent  fe  vt  quadra. 

ta  rcifl.irum   f  fc  j  hi  ,  ipfaautem  quadra- 

ta  reciJtum  f  k  ,  h  i  habenc  fc  ,  vc  ollcn- 
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difflus ,  ficut  rcft»  l  f ,  m  t ;  ex  dcmon-  ».BuIW 
firadsin  preccdcntiapertumefirdftas  tx,  "*  ^°" 
f  g  efTc  ^xqualcs ,  &  planum  r  g  x  z  cfle 
parallelura  plano  d  c  a  ^  figuramque  con- 
teotam  plano  hafcos  boc  piK)dufto  pcr 
xeAam  ce»  phnis  item  dlr  ,  dfg, 
&  r  g  X  cflc  prifma ,  quod  (quale  fit  €6« 
aioidi  b.a  c  o »  babcatque  centrum.  graui- 
tatis  in  eodem  plano  bafi  parallclo  ^  ccn« 
truoi-aatem  prifmatis  cuius  latus  ex  oppo- 
£tis  parallelum  eft  triangulum  d  c  e  habe^ 
rc  centrum  gcauitatis  in  plano  bafi  paralle- 
Jo  tranfeuntc  pcr  ccntrum  grajaitatis  trian« 
^ali  d  c  c. 

Quoniam  igitur  re£la  du  fiuc  an  cft 
ex  conftruQiQne  dupla  rcAx  u  c  fiue  n  p, 
&  pcr   u  du£ta  eft  re£la  nuA   parallcla 
bafi  ce  trianguli  dce,  eritcx  dcmon- ' 
ftratis  ab  Ar€himede<  centrum.  grauitatis 
trianguli  dce  inre&a  nhy  ergo  centrum  f  qua^. 
grauitatts  prifmatis  difti  erit  in  plano  bafi  parab. 
parallclo per  rcctam  nu^  ducto^eYgocx  ,j    ^^^^ 
dcmonftratis  tcntrum  grauitatis  conoidis  ius. 
b  a  c  o  crit  in  pianp  parallelo  bafi  pcr  rc- 
£lam  y  n  q  ducto  ;  fcd  eft  etiam  in  axe 
ap   vt  Commandinus  demonfttat  libro 
fitato,  crgo  ccntrum  ciufmodi  eft  in  pun»  pv^por*^ 
cto  n  quodfolumcommunceftplanoper  ^^"    ' 
y  n  parallclo,  &  axi  a  p :  ergp^  &c.  quod       .  ^jf 
crat  demonftranduro* 


l 
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COROLLARIVM  L 

Quoci  (1  m  conoidis  frufto  cofitento  in< 

tcr  qiia^itis  piana  h  i ,  b  c    parallela  bafi 

inacnieadafnfic  centmin  grauitatis.  Ipfius 

tra^ezil  iicc;^  inter  eadem  plana  inter^r 

cepti  centmm  granitatis  inueniatur  per  vU 

timamlibri  primi  a^qniponderantium  s  per 

itlud  dacatttf  recta  rectar  c  e  parallcla; 

centram  graaitatis  erit  in  communi  fectio- 

ne  tiufmodi  rectae  %  &  axis  n  p ;  4f  mon- 

firatio  enimeft  eadem,  Fruftiautem  iftius 

centrum  grauitatis  long^  expeditius  de« 

fignatur  qnam  ex  methodo  Commandini 

in  propoOtione  qnz  citati  jam  tibri  vltima 

e(l  I  neque  enim»  vti  diximus  ^  progreditur 

ad  centrum  grauitatis  inueniendum   izl 

fphxrae,  vel  fphaeraidea»n  ^  vel  conoide«n 

hyperboltcoru  portionibus.  In  quo  etiam 

harfifle  Antiquiores  omnes  argumcnto  eft 

quod  Archimedes  in  hbris  de  i)s  qu»  ve« 

huntur  fiiper  aqua  formam  fcaphao  parabo- 

licx  vmformiter  grauis  determinet ,  quse 

cum  in  vndis  certo  quodam  fitu  inclinata 

fuerit ,  fion  tamen  eo  vfque  vt  labro  exci« 

piat  aquaSy  confiftat  fuis  ponderibus  libra« 

ta  >  ad  quam  detcrminationem  neceflaiia 

eft  cognitio  centri  grauitatis)  de   fcapha 

autemqux  formam  habeat  aut  ellipticam  » 

aut  hypcrbolicam  nihil  nmile  examinat 

quia  nimirum  notum  ifd  non  erat  ceiv* 
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trum  grauiuiis  in  eiufmocli  folidis.  Q^o* 
niam  autem  in  fcapha  quae  (iguram  por- 
tionis  fphsrrap  habcat ,  euenirc  non  pofle 
eiufmodi  inclinationcm  ofiendi  potcll  fine 
cognition^  ccntri  gp-auitatis  5  id  quoque 
demonftrat  propofitionc  vWma  phmi 
litri, 

.^        -  •    ■ 

COROtLARIVM  II. 

Eadem  prorfus  cft  vis  prsefcntis  demon^ 
firationis  ,  cuiufcunque  figurae  fit  bafis 
b  o  c  dummodo  qux  fiunt  k  plano  bafi 
parallclo  fcftioncs  ^um  jToHda  figura  fint 
ipfi  bafi  fimiles ,  &  fe  habeant  vt  quadrata 
rc^iarum  b  c  ,  hi ,  f  4  &c.  interccptarum 
parabolabac,  8c  parallclarum  bafi  bc 
fegmehti  parabol?  b  a  c,  Eiufraodi  fohdum 
appcllciur  fdrdhoUtoiies. 

COROLLARIVM    III. 

Hinc  patct  ^uoniam  fi  prifma  ,  cuius 
bafis  d  c  e  9  plano  m  zx  t  bafi  b  o c  pa- 
rallclo  fccctur  vtcunquCf  portiones  eius  ^\mi* 
fc  habcnt  vt  portioncs  bafium  ,  portioncf-  ^*  ^^^ 
que  ipfx  fuBt  apqualcs  portionibus  conoi-  ^^^ 
dis   parabohci   diuifi   ab    codem    plano  5,htU 
mzxt;  ipfas  conoidis   parabohci  por-  t. 
tiones  eflc  inter  fc    vt  fortioncs   dmr^  3 

c  m  t  c  trianguli  d  c  e  ;  vndc  fi  vt  d  m  ad 
m  c  rc^am  ,  itafiat  mc  a4  t(:rti^m  c  ^: 
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"vc  n:£la d m  ad  compofitaoi «x  tt&z  clSc 
4tx  4^pl^  re^s  d  m  ,  tti  crit  pars  conoidis 
iMter  parallelas  ad  » h  i  iaccns  ad  rcliqttani. 
:In  plaiv)  cnim  uianguli  d  c  c  fi  complca< 
'tiir  paraUelogrammum  m  t  c  f ,  tnangula 
dm t,  xpi  crnnc  limilia ,  ideoqae  tc  qua» 
dracnm  d  m  ad  quadratum  c  f  fcu  m  c  ^ 
hoc  cft  vc  rcfta  d  m  ad  c  i^  rcftam ,  ica 
chttriaoguhifii  dmt  adtriangulum  t^c  : 
fcd  ica  etiam  cft  triangulum  idcm  d  m  t 
ad  criangulum  cuius  bafis  fic  c  <r ,  &  alti^ 
tado  cadcm  *>  crgo  triangulum ,  cuius  ba(is 
c  J^  &  alcicttdo  cadcm  qux  cmngtili  d  m  c 
cx  t  ad  baiim  dm  dcmida,  c8  xqualc 
triangulo  1 9  c.  Rurfus  quoniam  patallelo^ 
^rammum  mtfccft  aequalc  ttiangulo 
cnius  bads  fit  dupla  xcdm  m  c  9  &  alticudo 
eadcm  cum  perpendiculari  ex  c  in  bafim 
d  m  dcmida  >  crgo  triangulttm  fub  com« 
pofita cxdupla  xtCtx  mc  &  cx  Q  <{^  habcns 
alcitudincm  pracdi£iam  cft  a^qualc  crapezio 
mccc:crgocum  triangulum  trapczio 
pracdi£lo  xqualc  y  habcat  candem  alticudi* 
nemqaam  triangulum  dmt,  cricadtnan« 
giilum  d  m  t  vcbaiis  fcilicet  compofita  ex 
dupla  rc&^  m  c ,  &  ex  rcAa  c  <r ,  ad  ba-* 
Cim  dm. 

corollArivm  IV. 

£x  dirtisconficitttr  partera  conoidis 
^ua?  cft  ad  verticcm  a  ciTc  ad  tocum  conoi* 
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des  baco  ,.  vc  quadratuiH  rc£tx  ar  fcu 
d  m  ad  qutdratuiQ  tc(Xx  a  p  fcu  d  c  j  cft 
cnim  {icuc  triangulum  d  m  t  ad  triangu- 
lum  dc  Cjipfaautcm  triangiila  funt  intcc 
fcvtquadrata  rcftarum  dm,  dc.  Atquc 
iftud  cfftquod  Archimcdcsdcmonftratpro- 
pofitionc  36.  libridc  Condidrbas&  Sphc*r 
ybidibus. 

•  .'  ;     ■  .'1        :  .  . 

COROtLARIVMV, 

i 

Apcrta  ttiam  tx  dcmonfttatis  cft  mct 
ihodus  diuidcndi  datum  conoidcs  para<t 
fcbhcum  m  data  quacunquc  rationc  i  nota 
fcnim  cft  mcthbdus  triangulum  d  c  c  iuxta 
quamcunquc  datam  ratioricm  diuidcndi 
jpcr  parallclam  bafi  c  c.  Sit  proportio  data 
Tt&x  4  ?  ad  f  fl ,  oportcatquc  ita  diui^lcr^ 
triaogulitm  d  c  c  vt  portio  adjaccns  angulo 
4  fit  ad  rcliquam  ficut  rcfta  Jfl  ad  4  !•  Vc 
compofita  4  •  ad  |  fl  rcftam ,  ita  fiat  fpa- 
tium  trianguli  d  c  e  ad  fpatium  /3.  Dato  ^  ^ 
itdilinco  d  c  c ,  fimilc  d  m  t  fimilitcrqut  ^^j  '^^^ 
pofitrum  defcribatur  quod  fit  apqualc  fpatio 
&.  Iftudcft  quod  Commandinus  propofi* 
tionc  decima  fub  finr m  commcntariorum 
in  hbrum  Archimedis  citatum  dcmon- 
ftrat  cx  principijs  ab  codcm  Archimcdc 
ibidcm  traditii. 


X 
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COROLLARIVM    VI. 

t>cniquc  quxciinque  pofTunt  pcrfici 
circa  diuifionem  trianguli  d  c  e  pcr  paral« 
lclani  bafii  c  e  vnam  vcl  plurcs  >  vel  circa 
diuifloncm  crapczi)  cuiufcunqnc  mtec, 
applicari  poflunt  ad  diuifioncm  parabolici| 
aut  parabolicoidis  b  a  c  o ,  quac  zcs  cft  Am* 
pli^ma  y  ft  Hotacu  ^  nifi  falloir ,  digna^ 

SCHOLIVM^ 

Occafione  ccntri  grauitatis  folidoram  ] 
fcapha^  in  corollario  primo  commemera<* 
tar ,  8c  corum  qux  vchuntur  in  aquis  brc« 
mtcr  dicam  quam  iucunda  &  vtilis  fit  ciuf« 
modi  cognitio ,  quamque  apta  ad  difficilia 
multa  cxplananda,  In  ijs  libris  Archimc** 
dcs|tradit  principia  cK  quibus  dcmonfira* 
tur  admirabilis  illc  Inodus  librandi  bis 
eandcm  rcm  in  aqua  8c  extra  illam ,  &  cx 
difcrimifie  pondcrum  inucftigandi  cum 
fluporc  corum  qui  ifta  ignorant,  quanmm 
argcnti  admixtum  fit  in  corona  qux  tota^ 
aurca  fraudulcntct  vcnditatur  \  quod  olim 
prxftitit  ipfe  Atchimcdcs  t  &  quod  hodie 
przftatut  ii  quibufdam  vt  explorcnt  in  nu- 
mi%  qui  cuduntur  quantum  alicni  mctalli 
commixtum  latcat.  £x  eodcm  librandi 
modo  inucftigatur  quanta  fint  quseuiscor- 
pora  quacunquc  prxdita  figura  vt  in  pro« 
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Ugomeiiis  retulimustKlordano.  Exijrdem 
pnncipi)S  Archimedcs  foluic  quziiionem 
fllam  phyficamnec  inutilem  Qa«ium  con-- 
AruAioni  ^  cur  poruo  fphxrx  ex  materiji 
irniformiter  denfa,  ii  fecundum  faciem 
planam  imponatur  vndis  ita  vc  cpnucxa^ 
ipfius  finc  (uperiora  &  «xtent ,  confiflac 
quidetn  9  at  u  tantillum  moucatur  ^  noa 
rcdeat  ad  fitum  priorem,  fed  alium  quo 
conuexa  deorfum  tendunc ,  fuo  fibi  moca 
compatet>  &  fiabeoiam  parto^^dcturbetur 
vi  ahqua ,  ad  cundem  femper  irc^crtacur« 
Occurtit  animo  &  qutdS  lube^ti  alcyo« 
num  nidi  figura  ^  tot  fcriptocibus  cclcbr^* 
ta ,  eam  Pliiurchas  ait  eUe  e-^^fJl^y  ^jroa^Sf 

niius  ^udMc  mirgi  ntfinumi  ^utdt^  quod 
non  mcrgatur  id  habcc  a  capacitatc  &  f ym«  Aria.  U 
mecria  cikm  oncfe  auira»  quibu&  prebcrc  ^- bift, 
dcbecdiomiciliuia  » ai  id  autcm  cx  Archu  ^°^* 
iQcdc  in  di£to  opiAfi  nf  cc(&  (tfi  vt  toca  mo*  pii^us 
Ics  aqu{  cujujslocum  occupaturus  cft  ai«  i^io.  c 
dtts^tiam  cum  maximc  oncrams  fu^iic,  ^»» 
fitgrauioriplboidoita  oimfios  ad  quod  4^"?^! 
non  parum  conducuat  duo  qttwum  vnum  lettia 
cft  ipfa  matcjriacK  qua  nidus  conficitur ;  mm^ 
«ft  cnim  vt  tcftatur  Aiiaotclcs  fpongiofa,  J^"*  f^ 
iu  camcn  vt/oramina  non  iinc  ampla,  fc4  motc  * 
crebro  tum  fotaminc  tum  folido  conftcc ;  prolis. 
alccrum  vc  ofliiuin  qua  iagreirura  cft  matcr  ^^'* ^ 
-occlufumficnefupcrfafa  cafa  aliquovnda  ^nim^l. 
implcacur  ^  &  ica  cxpulfo  aerc  ipfc  Up.9.^\ 
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cum  eo  quod  ccntinct  fiai  grauior  qdbli 
aqua    cuius  locum   impkt  ,  ac  .  proinde 
mergatur.  Ifiud  autcni  o(tium  ita  fc  habet 
c6    quod    vt     Aibcrtttf    apud    Oeihe- 
rum  ait  (ic  compa^um   cx  matcha    pcr 
^  P      aquam  intttmefccntc  infiar   fpongix  ^  & 
xqxaAt  tmnorc  fuo  claodente  viam^  qqam  umca 
auibiif  rdftro  longo  8t  tciioi  matcr  ingreflura  Ai" 
p«C  8^  ducit  >  ipfam  etiam  aquam  (i  opus  fueric 
cxugcndo.  Vndc  ttOii  dkitur  a  Plutarcho 
s-0fiA  rv^Kif  7^  KfMi9f^  Cdcmm  &*  oumlimm% 
Qtti:!  vcro  fi  ilidus ,  qiiamuis  non.  mcr^ 
gerctttr')   in  omnem  partcm   connerfus 
quicfecret  ^  id  magao  puUorum  incommoi» 
'do  ficrct  >  prouidenda  fuit  ea  nidi  figura 
qux  vntun  femper  fitum  natiui  ponderis 
hbratione  rctinerct  nec  in  hanc  aot  illam 
partcm   incumbere  fuie   vUo  difcrimine 
aptaXTct^  IUa  porro  noneft  fphxrica^ 
quam  non  rcluAaotcm  in  omncm  partem 
inucrtasvncque  Ariftotelcs  fphacricam  eifis 
dixit  vt  cum  dixide  vult  lulius  Scaliger^ 
Sc  Plinius  vidctur  intcrpretari^  quamuii 
cnim  nidum  pilac  marinar  (  globus  eft  h 
fordibus.  marinarum  fpumarum  vt  aliqui 
volunt  cranefccntibussalcyonittm  alitcr» 
vcl  fpuma  arida  maris ,  vel  halofacbna  ap-» 
pcllatus )  fimilcm  dixcrit ,  apcrtimi  efifi* 
militudincm  illam  f fle  in  materia^  qux 
tanta  cft  vc  aliqui  tcftc  Plinio  alcyonium 
cxnidis  alcyonum  confici  vclint ,  vclalij 
'  apud  Gefncrum  nidoscxipfo.  Ipfis  quod 

dixi 
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dixiyerbis  Arifiotclicis  planum  fir,  poH- 
quam  cnim  nidum  fph^rst  ilJi  ;aiarinae  il« 
xnilcm  cflc  docuitj^fubdit  fi^Ht^m  yero  eius 
eje  hjlar  edrum  ^uitns  eollum  Upgii^s  tfi  cu* 
turhitnrum  n  Vionid,  '7tA^t(w<t  ^im  ff^<a$<uf,fmf 

/i  o^iTfMe  trAfAiThncm  twV  cijLvaif  rdh  ir^<rM 
TifrfA^Kfif  fiiKf)tf^  Vt  rcftc  cum  aflimilaric 
Albcrtus  apud  Gcfncrum/^«r//'/iir4/i\  tfiii 
ye»ipfd  fUM  hdhet  eollum  long$im.  Pro  co« 
dcm  iftc  Autor  habct  figurim  fihcAlim  ^  & 
yentojdm  €ucurhium^u4  (ollum  Urigumhd^ 
^f/>  figura  cnim  pincat  nucis  cfl  conoides^ 
ZX  csK^Ae  wnoifus  daii  ,  carUtiiquc  mcntio'* 
ncm  ficri  apud  Hippocratcm  tcftatur  Ga- 
lcnusinlcxicovocumillius.  Fkusfru^ul 
fprmam  habct  ctiam  conoidem,  vndc  fpr« 
taflc  ^xvistpcr  mctathcfln  litcraium  <  &  ^, 
quamagnofcit  Euftkthius  in   hbrum  A'     ^.jj^ 
lliadis,&"in  librum  f,  pd)fl".  vbi  addit  ^„1 1,, 
tftam  piermutationcm  clcmcntorum   idco  pag.^54 
cflfe  faftam  im  fca  j^  %f^^^Km  <^i^^ ii^M{li>7li>  vc ri.  24 
ne  quldficus  tn  aucumtre  Mffiretet  j  ccrtc  u 
nihtl  in  ot<uV>  in  cucurblttstamcn  iTonnulli^- 
sm^Ait  appcllatis ^iKtt^^iSfM  IfA^dtH^Mi  ijcgart;. 
ncquit.  Hinc  infcrrc  licct  dmxfliKly  Ki?%i/ 
cui  Pltttarchus  liidi  iftiiis  formam  conftrt, 
cfle  rcte  illud  quod   cx  filo  ,  .vcl   iuncor 
contcxtum  adminiculo  circcllorum  fabin^ 
dc  infcrtpium  nuccm  pincarn  propc  rcf^rt. 
Cztcrum  intrr  figuras  quibui  prsedi  ta  cflcw 
pofliint  ca  quae  fupcr  aquas  yebuntur  an 

.  B  b  '    .,    '  ' ' 
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vlla  (it  quae  magis  rclui^trtur  Te  inclinaoti^ 

licut  Bullam  cflc  affirmat  Phitarchus  >  qu;^ 

fiio  cft  quae  fuo  loco  rcfcruari  dcber»  Prx« 

tcrmittcre  tamcn  iion  dcbco  huius  nidiy 

cjucm  a  fe  fapius  vifum  tcfiatur  idcmmct 

fcriptor  ^  tam  admirabile.  artificium  ^  tam^ 

quc  aptam  ad  fcmpcrcxtandum  aquis  coa« 

, ,        fbrmationem  mihi  prorfus  pcrfuadere  quod 

tom.  ^.  g^auiffimi  cx  Antiquioribus  fcripsere,  m 

drnuib   co  ,  non  vt  Gcfncrus  &  Aldrouandus  fuf-^ 

P  g  ^9S  picantur  priiis  ad  faxum  aliquod  proxime 

aquas  agglutinaio  9  ftd  fiuftuante  pullos 

cxctudi  &  cducari*  Hxc  autcm  omnia  co 

dixivt  conftct  ccntri  grauitatis  fcicatiam 

&  ^  ?c-  ^^^^^^  fo^^  expctcndani  quamui«  hon  in- 

quepii-  ferqirct  tctragonifmis ;  fcd  &  quantbs  vfus 

bu5.       pracQct  ArchitcAis  &  ftatuari  js  abundc  con- 

ft^t  ex  Villalpandi  apparatu*  * 
»  .    *  ■  . 

Propositio  XiY. 

.Hemi^hserijSt  fiemi^setoi-^ 
<3is  ccntrum  grauitatis  ita  axem 
<iiuiditvtparsc[U£  terminaturad 
verticem  Ht  ad  rellquam  vc  quina;* 
rius  ad  teinarium. 

Sit  circulus»  vel  cllipns  bac  culusccn- 
trum  c ,  diainetcr  a  p  f ,  ci  coniugata  b  p  cj 
«circa  a  p  T  maneate  circuvolvi  intelligatuc 
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circultis^vd  ctirpEs  h  a  c  ^  &lta  dcfcribi  vcl 
ijjpdbaerat  vcl  figura  fphxroi^cs  b  a c  o  diuifa 
h&MVX  circulo  b  o  c  »  cuius  diamctcr  cft 
b  p  c«  Diuidatur  a  p  ita  in  n  vt  portio  an 
fit  adnp  ficut  quininrius  ad  tcraarium ; 
hoc  cfltou  ap  diuidatur  iii  oAo ,  <^uarum 

auinquc  cpntrncai:  rcAa  aii,  &  trcs  rcfiT 
i|as  reda  n  p^  Pico  punAum  n  ^iTc  ccn« 
tnim  grauitatis  hcmifphaeriji  vcl  hcmif* 
jph^eroidis  >b  a  c  o^ 

Pcr  a  ducamt  in  fcmicirculi  vcl  fcmicU 
lipfis^lano  rcfta  ad  parallcla  ttGtx  bci 
qust  icflioncm  conicam  b  a  c  tangct  in  a. 
Compjcto  parallclogrammo  a  p  c  d  ^  confi^ 
plctoquc  circulo  vil  cUipfi  b  a  c  ^t  pcr  ^ 

Bb  ij 
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tcrminum  diamctri  a  ^  ducatur  ▼  $  parallc- 

la  xt(Xx  a  d ,  rc£laquc  d  c  ip(i  ^r ^  occurrac 

in  /{3  rc£^2e  pc  xqualis  ce   abfcindatur 

t%  diamttro  b  c  produ£la  ,  dataque  bafi  d  h 

diametro  c  e  per  d ,  e ,  /3  defcribatur  para- 

bola  dc0  cuiuslatus  reftum  {ite4  tcrtia 

jx.pri-  proportionalis  poft  ce,  cd^   fiue  poft 

tai  c6.  c  p ,  p  a »  hoc  eft  cuius  latus  rcAum  iic  2e- 

^cjualc  latcri  rcftocjrciili  vcl  ellipfcos  a  b^c 

rcfpe£lu  diametri  c  b  ad  quam  ordinatim 

^ipplicatx  poCfinc  rcflangiilum  fub  latcre 

redto^  &  fub  portionc  diamctri  inier  c  & 

ordinatim  applicatas  contema. 

Quotcunque  plana  bafi^boc  parallela 

.  f  k ,  h  i  fcccnt  hcmifphxrium  vcl  bemi* 

ijphxroides  b  a  c  o^corumque  (cctiones  fint; 

Iigurxf4>  hi}  qux  circulares  erunt  C3e 

conoid   ArcliimedcjCcntrumhabentesin  axe*  apj 

&  fphx  eiu(modi  autcm  plana  fccent  parabolam 

roid.      d  c  e  juxta.  rectas  1  f »  m  c  -,  atque  ineodem 

plano  f  k  fuper  rccta  1  f  intelligatur  con« 

muctum  rectangulum  Ifgr  xquale  fpa^ 

tio  circuli  f  i^ ,  &  fuper  recta  mx  rectan« 

gulum  mtxz  ^quale  circulo  hi»    Quo« 

niam  circuli  f  1: ,  h  i  habent  fe  vt  quadra« 

tarectarum  f  k»  hi,  ipfaautcm  quadrata 

..  rectarum  f  k  »  h  i  habeot  fe,  vt  oftendi^i 

huius     mus, ficut rectx  If,  m  1 3  ex dempciftratis 

ia   co-  in  duodecima  huius  apertum  eft  rectas  t  x, 

rplla-     fg  cilc  xqualcs,  &  planum  rgxz  efle 

parailelum  plano  d  c  e  /  figuramque  con** 

tentam  plano  bafeos  boc   prodttctto  pei 
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rcctam  ce,  planisitcm  dlr,  &  rgxz» 
&  rapcrficie  quam  rccta  pcr  parabolam 
d  f  c  mota  parailel«»s  nctx  f  g  defcribitt 
cfte  prifmatoides  ,  quod  xqctalc  fit  hcmiC- 
phxtio  vcl  hcmiirphsroidi  b  a  c  o ,  b^beat« 
quc  ccntrum  grauitatis  in  codem  plaao  bafi 
parallelo ;  centram  autem  prifmatoidis 
cuiuslatus  ex  oppbdtis  parallelis  c(l  para« 
boiae  femifegmeatum  d  c  e  ^  habere  c^n- 
trum  grauitatis  in  plaao  ba(i  parallelo  tran-^ 
feuntc  pcr  ccntrum  gr^^itatis  fcrnifcgmenti 
d  c  c.  . 

Qi^oniam  igttur  recta  du  {luc  an  ha« 
bet  fe  cx  conftructionc  ad  rectam  u  c  fiuc 
n  p  vt  quinarius  ad  ternarium ,  &  per  u 
ducta  cft  recta   n  u  a  paralleia  diametro 
c  e .  parabolae  d  e  0  ,  crit  cx  dcmonftratis 
a  nobis  centrum  ^rauitatis  femifcgmcnti  ?'  ^^^^^ 
d  c  c  in  rccta  u  a  »  crgo  centrum  grauita-  ^^n^  ^^ 
tis  prifmatoidis  dicti  critin  plano  bafi  pa« 
rallclo  pcr  rectam  nu\  ducto^  crgo  pcr 
vndccimam  huius  ccntrum :  grauitatis  he« 
mifphcrij  vel  hemifphzroidis  b  a  c  o  crit 
in  plano  |>arailclo  bafi  pcr  rectam   y  n  q 
dncco  i  fed  eftctiam  in  a  x  c  a  p  vt  Com<» 
mandinus  demonftrat  libro  de  centro  gra« 
oitatis  folidorum  j  crgo  centrum  ciufmodi  pfop»^- 
cfl:  in  puncto  n,  quod  folum  commune/^* 
eft  plano  per  yn  parallcio ,  &  axi  aj7. 
Hcmifphxri)*ergo ,  Scc»  quod  crat  demoiv 
ftrandum* 
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COROLLARIVM  I. 

Quod  n  rcfta  b  c  ^non  tranfirct  pcr  ccn« 
trum,  cadcm  cdet  dcmonftratio,  nifi  qnod 
pundiam  u  non  fccaret  reftam  d  c  in  du 
Aa  proportione ,  fcd  in  alia  qnx  determi* 
nanda  forct  juxta  propoiitionis  piimac 
prxfcriptum.  Qax  de  fruftis  diAa  fmit 
ih  coroUario  duarum  priorum  bic  poflunt 
applicari  paucuAis  6c  pcrfacihbus  mutatis^ 

COROLLARIVM  IL 

Esc  coroUario  feptimo  primz  huius,  & 
cx  praefenti  propofitione  manifcftum  cft  (i 
fcmidiamercr  p  a  bifariam  fccctur  ift  n  ^ 
&  itadiuidatur  an  in  9>  vt  af  ad  f  n  (it 
vt  tredecim  ad  fcptcra)  pun£kum  9  efle 
centrumgrauitatis  portionis  fphsrx  y  a  q« 

CQROLLARIVMIII. 

Dcmonilratio  przfcntis  propofitionis 
codem  penitus  pacto  procedit  fi  bafis  b  o  c 
iit  cuiufcunquc  alterius  6gtirsc » dummodo 
c]ua^  fiunt  h  planis  bafi  paTalkhs  fectioncs 
cum  fohda  figura  (intipfi  bafi  fimiles  y  Scfc 
habeant  vt  quadrata  rcctarum  bc,  hi, 
(ky  &cJhterccptarttmftmittrculo  bac, 
&  parallclarum  diamctro  b  c  >  eiufmodt 
folidum  appclietur  bBmas^fphMricitm. 
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COROtLARIVM  IV. 

*Hinc  ctiam  apcrtum  eft  metliodum  cii« 
■  aidendi  fphfram  vel  fph^roides ,  vel  ho* 
'  mQBorphfricum  penderc  a  mcthodo  diuir- . 
dcndi  fegmcmi  parabolx  d  c  ^  fecundum 
datam  rationem  ,  quod  ita  perficitur.  Sic 
proportio  data  rectx  <r  ^  ad  \^  0 ,  vt  com- 
pouta  4  ^  ad  1 9 )  ita  fiat  fpatium  paraI>o^ 
la?  d  c  iS  notum  (  vc  noii  femel  diiimus) 
ad  rpatittin  ^.  Dato  fpatio  «»  inueoiatur 
ducta  recta  m  t  ad  diametrum  t  e  paral« 
lela  portio d  mr  quse  fit  ^qiiahs  pr^dicto 
(patio  « t  qua  autcm  id  rationc  prsftctur 
acmbnftratum  cfi  propofitionc  fexta^ 

Propositio  XV. 

Conoidis  hypeioolici  haben- 
tis  axem  sequale  A  diametro  tranf' 
uerfa?  fayperbols  ex  cuius  cir^ 
cumduftu  generatur  y  centrum 
grauitatis  ita  diuiditaxem  Viparft 
quar  tcrminatur  ad  verticeni  fo 
habcatadaliam  iicut  (epteQariuBL 
adterharium. 


(. 
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f  Sit  hypcrbola  bac  cuius  ccntrum  fp 
& per centmmduAa (ic  pz^  cui  p»  zqua« 
lis  abfcifla  fic  ^  cric  crgo  «a  diamcccr  cranC» 
ilcrfa  intcr  rc£lionesopj>o(icas  iaccns*  Rc« 
&x  tfa  abfcida  (ic  ap  aeoualis,  &  pcr  p 
ordinatim  applicata  ad  ipiam  diamccrum 
ttp  ficrcfta  pc  occarrcnsvtrinqucrcAio- 
iii  in  punftis  b»  c,  :$cgmcncum  parabo* 
l^  bac  incelligaturcircareftam  ap  m^* 
nencctti  volvi  ^  &  ica  dcrcribere  hyperboli. 
cumconoides  bacoi  cuius  baGscirca* 
( lus  bo"c"areda  bp  dcfcriptus)  axis  ap^ 
Diuidacur  refta  ap  in  deccm  parces  xqtia* 
les  quarum  rcptem  fmt  in  re£ta  a  n ,  trcs 
4rt  refta  n  p  >  vt  iicuc  fepcenarius  ad  ter* 
-  tiariUm  lU  (it  refta  a  n  ad  n  p*  Dico  pun* 
(£lum  n  cffc  cencrum  grai^tatis  conoidi^ 
bacoi» 

Per  a  ducaturinhypcrboi^plano  bac 

rcfta  ad  parallcia  rcclx  bc>  qux  tapgct 

l».prf.  iQ  a,  &  complcto  parallclogrammo  *>^cp, 

*"*^  ^^'  ducl^uc  per  f  r^fta  ?;i3  ip(i  ad  parallcia, 

dufta  ^inceiligacur    qu^cunque    parabol^ 

ft. prf-  T^de  cums  balisdatafit  d-r,  vcrtcx  (ic 

6u  c6.  puriituin  4-  in  refta  ^  p  vtcunquc  fump- 

tam,  &  4/^  diameter;  latusautem  re£tum 

fit rc^a  quxvaa  cum  4^  comprchcxidac 

.    rc£bngulum  xquale  re£iar  t  /S  fcu  /3  d ;  cdn- 

It^^r^ir  «ehiatautcm  cum  rcfta  bc  xquidiftaiite. 

diamctro  4i^>  m  punftq-^^  ^  ^QnucBici; 

cnim  vt   ^x    cohicis  clcmentis   coaftat. 

Quaccunquc  plana  b^(i  b o  c  parallcla^  Jl;, 
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h  i   fecent  conoicletn  ba  co  j^  corunuque  u.  '^it 
feftioDCsfint  figiurse  f  4»  hi  >  qaat<;irculi  ^<^^ou 
rrttnt  cx  Archimcde ,  ccntrum  habentes  ^Jf^^ 
in  axe  a  p  }  ciufmodi  yero  plana  fecent        ' 
iiguram^  d  c  e   contentam  rcAis  d  c  ,  c  e 
&  curua  d  e »  juxta  rcfkas  I  f »  m  t.  Rur« 
fus  in  jcodem  plano  f  \^  fuper  refta  1  f  in- . 
tclligatur  conftruftum  rcAangulum  If  gr 
sequale  fpatio  circuli  f  i!:  *,  &  fuper  reAa  m  t 
re^agulum  txz  xquale  circulo  b  i.Q2onia 
circuli  fi^ihi  habetTe  vtquadrata  rcAara  r^i. 
f  K^h  i  ipfa  aute  quadrata  rectaru f  j^,h i  ha-*  iario  2. 
bcnt  fe, vt  oftendimut^  ficut  rectse  1  f,  m  1 5 
cx  demonftratis  in  duodccima  huius  aper- 
tum  cft  rcctas  t  x ,  f  g  eflc  {quales,  &  pla-  ^ 
fiQm  r  g  X  z  eflc  parallclum  plano  d  c  e  > 


j.lCriJj 
huius 
xii    cci- 
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iBguramqae  concentam  plano  bafeos  b  o  c 
prodacto  pct  rectam  cc,  planis  item 
dlr,  rgKz  &  raperficie quam  recta per 
parabolam  Aic  mota  parallel«s  cectx  f  g 
derchbit,  ede  prirmatoicies ,  qnod  xqualc 
flc  conoicii  baco»  liabeacque  ccntrum 
^aaitatis  in  codem  plaao  bafi  parallelo; 
cientrum  autem  prifmatotdis  cuius  latus  e>c 
cppofitis parallelis  eft figisra  dcct  haberc 
centrum  gvauitatis  in  plano  bafi  b  o  c  pa« 
rallelo  >  tranfeuote  jper  cencrum  gi^auitatis 
fipxtx  d  c  e  t  ptanae. 

Quoniam  igitur  recta  d  u  fiue  a n  Iia« 

bet  fe  cx  conflructione  ad  rectam  u  c  (luc 

\n^tQm  "P  vt  ftpteilarius  ad  ternarium  i  &  pcr  u 

roIU-     d<icta  cft  recta  n  u  x  parallela  diametro 

rios«     4/S.parabolde  ^4i^9  erit  cx  demonftratis 

anobiSy  centrum  grauitatis  figurae  dcct, 

sn  recta  n\\  crgo  centrum  grauitatis  prifr 

matoidis  dicti  crit  in  plano  bafi  parallelo 

per  rectam  nua^.ducto  ^  ergo  pcr  vnclc« 

cimam  btiius  centrum  grauiiatis  conoidis 

baco  crit  in  plano  parallelo  bafi  per  rc* 

...  .  ctam  y  n  q  ducto  \  fed  efl:  etiam  in  axe  ap 

dc  ccn-  «xCommandirio  \  crgo  ctntrum  ciufmodi 

tro  hU  cfl:  in  puncto  n » quod  folum  communc 

cft  plano  per  yn  parallelo  ,  &axi  ap. 

Condidii  crgo  hyperbolici^  Scc.  quoci  crat 

oftendendum. 
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COROLLARIVM  I. 

Quod  ii  re€ta  a  p  aiiam  quamiiis  pra- 
portibntm  haberct  ad  a#  diameuum^  ea« 
dcm  cdct  dcmonftratio  nlfi  quod  a  non 
fccaret  rcctam  dd  in  dicta  proportiomc» 
lcd  in  alia  qux  detcrminari  debcrct  )uxta 
propofitionis  ,tcrtiae  prxfcriptom»  Qux 
de  fruilis  dicta  funt  in  coroUariis  trium 
prscedcntium  poflunt  hxc  accommodari 
nullo  negotio» 

cor^ll;arivm  il 

I 

Dcmonftratio  eadem  crit  fi  bafis  boe 
quamcunquc  aliamfiguram  obtineat,dttm'« 
modo  qu<e  fiunt  a  plani$  bafi  eidem  paral* 
lclis  fectioncs  cmn  ciufmodi  figura  fc^hda 
fint  ipfi  bafi  fimilcs  ^  &  fc  haDcant  vt  qua« 
drata  ccctanmi  bc^hi,  fi^,&c«  intcr* 
ceptarum  hypcrbola  b  a  c ,  &  parallcla* 
rum  bafi  bc  lcgmcAti  hypcrbolse  bac^ 
eiufmodi  folidum  appcUctur  bjp^rioliUi* 

corollarivm  Ilt 

Hinc  apertum  cfi  metbodum  diuidrndi 
conoides  hyperbolicum  vel  hyperbohcoi* 
des*3  nondum  ab  vUo  mihi  cognito  tradi. 
tam»  pcndcrc  a  mcthodo  ctiuilieRdx  %urar 


d  c  e  fecundum  racioncin  datam ,  quod  ita 
perficitur*  Sit  pKoportiodatarectae  fi^  ad 
rectam  ^v.  VtcompoQta  /^y  ad  |  y,  ita 
fiatrpatmm  figurx  dce  notum  dd  fpa- 
tittm  9.  Dato  fpatio  9  inatniatur  ducu 
recta  mt  ad  diametram  ae  paralicla, 
portio  d  m  t  quar  (it  prxdicto  fpatio  ' 
aequalis  i  qua  aatem  id  ratione  pr^ftctur 
dcmonfiratum  eft  in  fcptima  huiu)» 

SCHOLIVM. 

.  In  quinque  corporibus  cylindro ,  por« 
lione  fphxrx  vcl  fph^roidii  »  conoide  pa« 
raboUco ,  conoide  hyperbolico  fSc  conia 
<>rdinem  quantum  id  collocationem  centri 
grauitatis  ipeAat,  mirum  animaduertas 
Velim  ,  Leftor.  Cylindrus  centrumgra- 
uicatis  habet  in  medio  axe  vt  demonfitrat 
Commmandinus;  Conus  illi  oppofitu^  & 
maxime  omnium  acutus  habet  centrum 
grauiutis  in  punflo  diuidente  axem  ita  vc 
portio  ad  verticem  fit  tripU  alterius«  Co* 
noides  parabolicum  quod  medio  e(l  loco 
obtufior  cono  »  acutior  cylindro>  habet  in 
pun^,  ita^  diuidente  axcm  vt  portio  ad 
vcrticcm  alterius  (it  dupla^  Portio  fphae- 
rici  vcl  fphxroidis^acutior  cylindro^t)btu<* 
fior  conoide  paraboUco  habet  cemrum  in 
punflo  itadiuidente  axem  (  prout  ex  pri^- 
TOa  hiiius  apcrtum  eft  )  vt  proportio  partis 
vcitici  adiacentis  ad  ati^mfu  maiorPtQ^ 
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ponione  xqualitatis  ^  qnx  eQ  in  partibus  , 
axis  cylindrii  &  iit  minor  proportione  du^m 
pla  <]ux  cft  intcr  p^artcs  axis  conoidis  para- 
bolici.^  Conoides  dcnique  hypcrboiicum 
obtufius  conO)  &  aguuus  conoide  p;irabo« 
licd  ita  habet  centrum  coUocatqm  vtpor« 
tio  vorticis  ad  pertiQnem  reliquam  hab^ac 
proportioncm  maiojcm  quidcfm  dupla^ 
qu;|p  conoidis  parabolici  cli  propri^  ,  mi- 
norcm  vcto  tripla^  (  vt  ex  corollario  pri- 
mo  proppfitionis  tcttiar^planum  fit )  qu9 
.cft  propri^  coni^  Hinc  vlterius  apparec 
proportionem  hyperbolici  conoidis  efle 
maiorem  proportione  paraboUci^;  piopor* 
tionem  verb  p^rtis  f^hs^rae  vcl  fplixroidis 
ciTe  minorcm  ^  atqiie  ita  illam  rc^fderc  a 
parabolica  per  exceflum  iiu^  #fi*£»Mr^ 
iftam  per  defcAum  fiuc  cMt<4f)^;  Vihioc 
quoque  nominum  tUifJtos  Sc  kyfithh^  caiiU 
fa  fumi  po(fit«  Hon  minorcm  admiratio* 
nem  habct  quo^ex  ifia  ccntrpirum  dcfigna* 
tione  demonftrari  nullo  ncgptia  potfK, 
ipforum  corpoj^um » quam  snteir  fi^  habcnt» 
proportio^  ficuti  tradita  fuit  methodus  ea: 
diiuijlcndi  fccundum  (Jatam  proponionem» 
Hxc  vero  duo  funt  proptejr  quae  Archi- 
medes  libros  de  fphfra  &  cylindro ,  de  co-* 
iioidibus  Sc  fph^roidibus  confcripiit ,  & 
quorum  inuemioncm  tanti  fccir ,  vt  esc 
illis  fe  pofteritati  zftimandum  optarit  dum 
in  (uotumulo  cyhndrum^  qui  fphscram 
complcftecctur.;»  poni  voluit^  &inicribi 


^ 
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proporti6iiem  coram  prout  k  fc  inuenta 
tiicriu  Eiurmodi  fepulchrum  cum  multis 
poft  amiis  fcptum  vndique  &  veftitum 
vepribus  8c  dumetis  ignoraretnr>  )i  fk  inda- 
'^^^^i  gatum  indicio  columeUs  nonmoltume 
^V^  ^  dumistxtanti$,inquaineratfipharrarfigiinl 
&  cylindrif  gloriatur  alicubi  Ciccro, 

Modus  inucniendi  propordbnem  qux 
cftinterpartesprxdiftorum,folidorum  ia 
mentem  nobis  reuocat  problema  quoddam 
fympofiacum  quod  i  Sapientibus  viris 
poponi  non  icmel  audiuimus»    €ur  pojiis 
ftwmd  fiyfhwum  fui  di  mtufdm  im  yfu  muun 
fuuUUmfiTMtis  ^ydaudinis  icgesfrdf^ 
mhjtuf  >#  frimum  iufuuddiur  iu  erdiereu^ 
yiuum  f  tum Jkferfufi  ifua  mifeediur.  Hu« 
ius  caufam  Phyfiois  aflignabit,  quod  cum 
dQua  grauior  y  vinumqueleuius  fit  y  faci« 
liu^  mutUo  incurfii  permifcentur ,  dum 
illttd   fuapte  natura  lotum    fuperiorem 
petit )  inferiorem  ifta  ^  magis  ergo  diluitur 
noc  pa£lo  &  attemperatur  vihum  ^  magif* 
que  proinde  iuuat  &  ftomacum»  &homi<« 
nem.  Mathematicus  aliam  longe  maioris 
momenti  dabit  huius  rationcm^    Cum 
fcyphi  maximam  partemnunc  fint  in  mo«» 
dum  coni,  aut  pyramidis,  aut  hemifph^rij) 
aut  parabolict »  aut  hyperbolici  in  fiidda 
acutiores  ^  lation:fquc  in  fupremo  labro^ 
multo  minus  capaccs  funt  in  inferiore 
quhm  in  fupcridre  fui  t>arte »  tUaque  inx<« 
qualitas  tiamaeftvtnonpucrosfolum^  fc4 
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ctiam  adultas  &  cordatos  viros  falla^  SJi 
cxcmpli  caufa  ad  dimidiam  fcyphraltitu^ 
dinejn  vinum  funcli  iubeas  i  paria  fermc 
faccre  vinum'%  ii<]uam  Wiftimas ,  nec  tibi 
pcrfuades  ^ajH  modici»  tugejpotioms  j)ars 
iit  vinum  te  arbitro  mixtumt  Diuif^  ca**: 
pacitatc  fcyphi  in  bftoginta  pdrtiQncs 
inuiceni  f  qpajcts »  6  fcyphus  ^9111»  \  aut 
pyramidcm  referat,  <x  hai^enut»  tradita 
floArina  cpnHat  decem  t^dtum  ex  illis 
comiiicri  dimidio  ahitudiius ;fhfcriore>ii 
kyperbolicum^cmidide]^:.iHtitetur  4e  qao 
^git  propod^tio  prerens  fcxdeciin  dumtaxat; 
fi  paraQolicam,  viginti  tk  non  ainphus }  11 
hemifpha^i&ih  atit  hjri^ifphaeroidcm^  ^m^ 
mho  quitt^^e^^  yigiijtv^  £^  quoconficJ^ 
turin  pdmo  cahcl^m  ge;r)ere  mifccri^oda# 
uam  folummodo  partem  vini ;  in  fecun* 
doqttintamV}  intextio^  quartam^  inpaH 
ftremo  dcc^num  ;^tdni  fupra  qu^draa'* 
tcm,(iue  quidratcm  totius^&  ipfius  infupct 
quadriitis  ^^iJrateiErt  v't  o;rapia  etiam  nQ|i 
cogit^nvi  »05.  Whiint  «d  tcrt  peratiim  po- 
tum,  Prim^m  m^cfffiias  id  gpnus  fcyphoru 
cxcogitauif )  cx  forma  cnim liahent  vt  duni 
cxhauriuntur  fupcrior  orx  pars  noA  imw 
pingat  in  nafiim  aut  firQi)tcm  >  dcinde  di-* 
gnitasvipi  ciufque  pr2ci|3qa  vtilitas  obti- 
nuit  vt  ipfum  prius  in  caHccm  de  more 
fiindatur  ^  .aqua  poftea  caftigandqm  ;  dc« 
nique  animLfacuUas  quam  apmntj^u^m 
vocant^hac  forma  calicum  dclufa^mcruiSQ' 


"£■■ 


N 
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vltra  ▼eritatcin  auget,  odiumque  dilutioris 
vini  hoc  iHiclicio  cohibcc.  Qui$  autcm  non 
fufpiciat  iftam  Mathctcos  rccoiuiitx  & 
(agacis  paruih  quaeiationes  iftiufmodi  cra- 
feof  ,  vtcunquc  tandcm  fiat ,  ad  vng^cm 
planc  dcfinit  i 

PROPOSITIO  XVIJ 


Sit  parallelogrammum  quod- 
icunque  abcd,(intquetresredac 
ab ,  b  c,  ai  proportionalcs  qua- 
rum  a  i  ^t  ad  ^  b  perpendicula- 
ris.  t)ato  latere  a  i  defaipta  fit 
parabola  a  k>  cuius  vertex  a,  dia- 
meter  ab>  ordinaum  applicatx 
fmr  paraUelae^  lateri  ad,  quo^ 
niam  i  a,  b  c,  ab  Gmt  proport;o« 
micl.  nalespundtum  c  eritia  parabola 
a  k.  Rurfus  per  b  agatur  b  I  pa- 
ra^ela  &  asqualis  tt&x  bi,  & 
dat^  verticc  b ,  diametro  b  a,  la-» 
tcr^  tc^o  bl  dcfcribatur  pata- 
bola  b  k ,  cuius  ordinatim  appli- 
catae  fmt  rc^at  ad   parallclacj 

pun^um 


^ 


> 
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pundum  d  erit  In  pafaboli  b  k. 
Oftendcndum  cft  fi  in  parallelo- 
grammo  ac  dueatur  rc<aa  eh 
Ipfi  ad  paralleia  occurrens  para- 
bolis  in  fjg  quadrata  duarum 
rcdarum  c  f ,  c  g  eft^^  fimul  aequa- 
lia  quadrato  xz^Lm  ad. 


a 


jaljji 


'[— T-C~^'^ 


/\      I 


V. 


*r 


Quoniam  cnim  qttadratum  c  f  cfl  arqua- 
Jc  rcftangulo  i  a  c ;  &  cjuadratum  c  g  cft 
xqualc  rcaan|ulo  Ibc,  duo  fimul  cjua-« 
drata  crunt  aequalia  duobus  rcftangulis 
i  a  c  5  I  b  c  ,  fcd  duo  fimul  j  a  c ,  J  b  « 
funt  acqualia  rcftangulo  1  b  a  ,.  latcra  cnim 
i  a ,  1  b  funt  acqualia ,  &  Axxx  b  c,  c  a  com- 
ponunt  totam  b  a  5  rcftangulum  autcm 
Iba  cft  aequalc  quadrato  rcfta^  ad  ordi- 
natim  applicata;  5  crgo  duo  cjuadrata  c  f , 
c  g  a^quant  fimul  quadratum  a  d ,  quoiJ 
txzi  oficndcndura« 

Cc 
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Propositio   XVIL 

Slt  hypcrbola  ckg  cuhis  cen^ 
trum  b  vcnex  c  >  diameter  traaC- 
uctfa  a  c ,  tangens  c  m ,  ordinatim 
appiicata  ig  >  ex  produd^  tc6tk 
c  m  abfcindaturcdsequalislatcrt 
rct^o,  &  iungatur  rcda  ad  oc- 
currens  re<^as  i  g  produdae  in  e  > 
per  dada  (it  dfcomplensparal- 
lclogrammum  di;  atque  ex  fe 
rcda  abfcifTa  fit  f  h  potens  re- 
dangulum  dfe,  {iuehcongruat 
pundo  e,  fiue  non  congruat  9  & 
iungatur  reda  db.  Dato  vertice 
c  diametro  c  i  dcfcribatur  para- 
bola  c  no  cuius  latus  redum  fit 
squale  ipfi  dc^itavtdc^oiyci 
fmt  proportionales.  Si  per  1 
quodcunque  pundum  iiiter  puh-* 
^a  c  &  i  fumptum  in  reda  cl) 
ducatur  redta  k  r  occurrens  lincis 
annotatis  in  k ,  1,  n,  p,  q ,  r  j  dico 


V 


»  - 
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quadratum  tzdat  In  via  cuni 
quadraw  to&st  p  g ,  cflc  aequak 
quadrato  rcd«  1  k  $  6c  vt  quadra- 
cum  rcda:  io  ad  quadratum  re- 
^  fh>  itaeiTe  re^am  ac  ad  re-^ 
^am  €  i ;  vt  autem  quadratum  re- 
dae  ig  adquadratum  rcdae  io> 
ita  e(ie  redam  a  i  ad  a  c  redam  | 
ti.  vt  idem  quadratum  t&6tx  i  p 
ad  ci,  jiu  dTe  ie<aam  ai  ad  ci 
rcdam. 

Qaoniam  enim  i  g  eft  ordinatim  appli^ 
jpau  a4  hypcrbolam  quadtanuD  igcric 


l 


'^ 


lCcIi) 
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aequak  rc£tangulo  c  i  e  j  (td  rc^angulum 

c  i  c  arqualc  clt  duobus  rcftangulis  c  i  f , 

d  f  c  f  qubrum  iliud  ^quale  cA  quadrato 

1  o  f  illud  quadrato  f  h  t   crgo  quadratum 

gi  cfl:  s^qualc  quadratis  io,  f  h»  Siniili 

ratioiic  oftendctur  quadratum  1  k.  ^i^^  fit 

scqualc  rc^tsngulo  c  Ir  ,  ipfum  autcm  clr 

fit  arqualc  &  rcdangulo  cl  p  quod  cft  j^- 

quale  quadrato  1  n  ,   &  (imul  rcflangulo 

ci  p  r  quod  cft  xquale  quadrato  p  q  (  Vt 

oUcndi  facile  ppteft   cx  dcmonfiratis  a 

Clauio  xn  fcholio    quartz  propofitionis 

fcxti   Euchdis    )    ergo    quadratum    li; 

eftcqnale  duobus  quadrati^  fitnul  In^pg* 

f    f   i*       Kurfus  quoniam  quadratis  i  g ,  i  o,  f  h» 

£uc.      a^qualia  funt  re£tangula  c  i  c>  c  i f ,  d f  c , 

4^  fcxti  cum    candcm   altitudinem  c  i  habcanc , 

Euc,  in  crunt  intcr  fc  vt  bafcs  i  e  ^  i  f ,  f  c : .  quo^ 

^°'°  '    niam  vcro  triangula  a  i  c,  d  f e  funt  iimiliaf 

vt  a  i  ad  i  c ,  ita  crit  d  f  fcu  c  i  ad  e  f ,  & 

ahcrnando  vtai  adci^itacrit  ieadif, 

&  diuidcndo  vt  a  c  ad  c  i ,  ita  erit  i  f  ad 

f  e,  Cum  crgo  quadrata  i  g ,  i  o ,  f  h  fint  in 

ratione  rc<^larum  i  e  ^  i  f  ^  f  C,  crunt  quoqtie 

in  ratioiie  rcAarum  a  i ,  a  c  s  c  i ,  quod 

crat  oflendcndum.  Eiufmodi  autcm  pa- 

rabolacno  &   triangulum  dfh  voccn» 

l  tur  fartes  hjfnioUm  conftitucnas^ 
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pRpposiT-io  XVHL 

Cyiindrus  qui  bantn  lubeac 
maximum  inlphaeracirculum ,  & 
alticudinem  diamecrum  eiurdem 
{ph^r^ ,  ad  ipfam  ipxram  c(l  in 
feiquialcera  propoicione. 

Sc  bac  axis  cylindd  re£langu1i  bifa« 
riatn  feAtts  in  a ;  eundem  cylindrum  bi*- 
fariamftfcet  planum  pcr  axem,  eiufqae  i.rereni 
cumcyl^ndrofcftiocommunis  fitquadra-  ^^  ^^^* 
tum  1  m  n  k  j  femicylindri  in(i(tentis  qua-  ^y"^°* 
dratolmax:  bafes fiat femicircuti  lrm« 
k  f  h  y  in  quibus  ex  punfiis  b  >  c  exciten- 
tur  perpendiculares  br,  tf  ad  diametrot 
1  b  m  9  k  c  n ;  per  reftas  r  b  ,  f  c  intelliga- 
tur  planum  duci  cuius  Cc(Xio  cum»  cylindro 
iit  parallelograrnmum  r  b  c  C  Rurfus  in 
parallek>grammo  re£kangak>  r  b  c  f  pcr  a 
afta  fit  at  latcri  cf  parallela^  &  cirrulus  ^.^^^^' 
bd c  in  dato quadrato  1  k  n  m<  defcriba-  ^^ 
tur  'y  intcUigaturouc  aKC  t  a  iramoto  re«. 
uolutione  circcili  b  d  c  defcribi  hemifphasu 
rium>  quoderit  femiffis  fph^rae  intra  cy« 
lindrum  ita  contentaft  vt  ipdu^  cylindri  aU 
titudo  bc  fic  diametec  Cphxrx  ,  bafis  au« 
tem  fit  circalus  cmus  diamcter  1  m  ,  qus 
cuiti  fic  se^ualis  re£i£  b  c ,  ipfa  baib  erit 
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circultis  Xi)!ialis  cirtulo  maximo  fph^rV , 
cuius  hemifphaeriam  circulo  b  d  c  inci|in« 
bic ;  alter  autem  fcmicylindms  &  dltcrom 
hemifphcriom  intelligatur  eHc  infra  pla^ 
num  1 X  n  m»  Dico  cylitidrtim  prardi^m 
'  efle  fefquialterum  fpha^rz  iii  ipfo.  contcn- 
XX  \  &  fextuplum  coni.cuius  bads  fit  circu- 
lus  1  r  m  I  altitudo  ba  femifliameter.fpha?« 
rap# 

Eic  refta  1  m  produfia  abrcin<I;ltur  in  x 
squalis  ipfi  Im^  bifariam  in  y  4iuifa>  & 
per  y  in  plano  In  a£ia  (it  y  u  2<pi;cliftans 
xt£ix  m  n ,  &  re£^x  d  a  ad  normam  fecan« 
ti  drametmm  b  c  occurrens  in  u»  In  plano 
1  b  r  per  xt(Xzm  m  x  produ^o  ex  centro 
y  interuallo  re^.  yz  ipfi  y  m  arqualis 
defcribatur  circulus  mzx  ^  ittnAaquc 
xtlkz  u  X  ,  iun Ao  u  mancnte  inteUigatut 
circumuolutione  ie£lae  yz  per  circuluin 
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mzx  dcfcribi  conus  ,  cuius  baliscrit  cir« 
culus  mzx^-^  axis  yu)  triangiritjm 
vcro  pcr  aj^cra  m  «  y .  '^  Iirtra  redas  1  m  > 
d  u  ducatur  quxcunquc  c4  ip(is  par^Ile- 
la  occurrcns  crrculo  bdc  in  f,  h  j  qua-- 
dratoln  in  e,iv  triangalo  mux  in  (^4-^ 
axibus  ba/iuin  g^  tj  iungantur  xcdx 
k  f ,  a  h.  , 

'  Quoniam  tc&x  mx  cft  dupla  re£lx 
oy^crunt  my ,  yu»  yx  xquatcs ,  & 
quia  parallcla.  cft  #4  ad  reftam  m  jf ,  fo 
cut  uy  e(l  squalis  rcftae  my,  itanJ 
erit  xqualis  rcftac  ^  9  fcu  0  4  •,  eft  crgo  re- 
aa  ^4  duplarcftx  ^u  fcu  ga  ipli  (ti 
sequalis. 

'    Kurfus  quoniam  circulos  cuius  diam&- 
ter  gi  fe  habet  ad  circulufm  cuius  diame* 
ter  gh»  ytquadratum  gt  adquadratum   . 
gh;  ergo  diuidcndo  vt  quadratum  a  g ,  i.  duo- 
lioc  eft  exceffus  quo  quadratum  g  i  fcu  ^f^- 
ah    fuperat  quadratuni  gh  ,    ad  ipfum  ^^*^',,;^ 
quadratum  g  h  ,  ita  cft  exccflus  quo,  cir^  ^,j[  t uc" 
culus  cums  diamcter  gi  ^  fupcrat  circu* 
lum ex diametro  gh,  ad  ipfum  circulum 
ex  diametro.  g  h  :  fcd  vt  quadratam  a  g 
ad  quadfatum  g  h  ^  ita  cft  circulus  ex  a  g 
diametro  ,  adcirculumcx  gh  diamcttoj 
crgo  vt  circulus  cx   a  g  ad  circulum  c< 
g  h  ,  ita  eft  cxccftus  quo .  cirdudds  cx  g^i 
(aperat  circulumcx  gh»  adipfum  circii 
lcim  ex  g  h  :  ^rgo  circulus  cx  a  g  xqualis 
C[ft   cxceftui  qao  circulus  ex  gi   fuperai 


4o8      Tetrdgonifmicorum 

circulutn  ck   gh«  'Cum  igitur  cirt^oii» 

qiiin-  ^^  ^  *  ^*^  quadraplas  cicculi  cx  5  i  (  ha? 

ti  £uc,  ^P"t  C"»^  *^c  vt qC&adrata  re£larum  i  c ,  ig 

qux  fuuc  111  ratioiie  qaadrapla  per  corolla** 

rium  vige(iai<c  icxti  elementorum  £ucli« 

dis  )  &  circulusex  fh  quadruplus  circuli 

cx  gh*,  &cir)CjUluseK  ^4  flt  quadruplus 

circuli  ex  ag(efl:enim    ag  ipfi  9u  & 

0  u  ipii  ^  9  xquaUs )  ob  eatidem  cauram; 

4.pnmi  excdrus  circuli  cuius  diameter  i  e  fupr^ 

Tht"*     circulum  cxdiamttro  f  h  crit  «qualis  cirr' 

doir*    culoex  ^4  diametro.  Si  ergo  per  reftam 

fph^r.   *c4  agatur   planum    parallelum  balibns 

4.primi  1  rm  mz  X,.  ciim fcftiones ciufmodi  pla<« 

Cuaic.    j,i  cum  cylindro,  fphxra,  &  cono.fint  cir-t 

cuh  quorum  diatnetri  ci»  f  h  vf'^  ^  f<^-« 
Aio  eiufmodi  pUm  cum  cylin4ro  fupera* 
l>it  fec)!ioncm.eiurdcm  cum  fphd^ra^  co  ex^ 
cedu  qui  lit  asqualis  fe^tioni  ciufdem  plani 
cumcyUndro. 

Quduiam  ergo  hcmifphaeri)  i  cuius  axis 

t>a>,  compleme/itum  ad.cytindranicuius 

4dem  axis  ba ,  ita  fe  habct  ad  condm» 

t:ujus  axis  u  y  j  vt  quocuoquc  plano  pa<« 

rallclo  ad   bafcslrm:,    mzx  fccencur» 

fedioHCS   c^ruin  iint  inuiccm    xqualcs; 

,      complcmcntumi^d  cyUndrum  crit  aequalc 

jyi^        cono^  &  amba;habcbant  ccntrum  graui* 

tatis  in  eoaitni  plano  baGhus  paralleio  >  ao 

proinde  &  ineadem  rcAa  in  plano  1  n  du<» 

.  &1  xquidiftante  rc£tas  1  m ,  cum  oftendc** 

nmus  centrum  grauitatis.  cfiiojXti  Sc  coni 
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elTi:  •ii>a?ce ;  complcinenci  ^tucem  ceouuiu 
graiiitacis  e(lc  in  axe  fequicur  tX  eo  quo4 
he.niirphx(i)  ccntrum  grauitatis  eflc  in  axe 
demoiiftraucrimus. ;  nam  ex  duocecima 
primi  xquipondcrancium  conftac  centrum . 
relMuteircin  tcSt^  traaCeuQte  pcr  centrum 
tocias  &  vnius  ex  parcibus, 

£>i'4idatut  refta   ba  in    o£lo ..  partcS) 
quamm  duc  fint  inre^a  bg  >  tres  in  itfXx  xt.  hu- 
ao>&  quatuor  in  rcAa  ap»  re^a.  erg9  ius. 
gp  con;incb.it  duas  ^  &rcaa  p  a  vnam*  /4«  b«-. 
Per  g  ducatur   rcflta  gd    parallcla  rcftjB  *"'* 
\m  y  Sc  occurrens  axi  y  u  in  0 )  erit  y  9 
quarca  pars  rc^lx  y  tt » trgo  A  eft  centrum 
grauitatis  coni  *>  ergo  g  ell  centrum  graui^^ 
tatis  complcmcnci  ad  cyhndrum  *,  fed  o  efl; 
centrum  grauitatis  hemifphaerij  ex  dcmonf 
{Iraci^  'j  p.vcro  cfl:  centrum  grauitatis  totius 
cylindri  \  ergo  vc  rcfta  g  p  ad  p  o  rc£tam  , 
ica  c(l  hemirphxrium  ad  complcmcii/tum 
,  hcin|rphxri)    ipiius  ad   cyhndrum  jcuius 
axisab.  Cum  igitur  rcfla  gp  fit  dupla 
re6l<e   po ,  erit  hcmiiphaerium   duplurn 
comptcnienti  (iue  qoni  cuius  ba(i$  mzx« 
CyUridrus igitur  caius  axis  ab  G  dii|idar 
tur  in  trcs  partes  «  duojs  ex  iUis  continebic 
hemirphxrmm,'  &  tcrtiam  complem^ntum 
hcmirpihxrii ,  (lue  cpnus  cuiiis  baiis  m.2X, 
axis  y  u.  Cyliniirus  igitur  cuius  axis  ac  ^ 
(i  diaidKur,  in  trcs  pancs,  duas  cx  illis 
continebit  fph^ta    cuiu5  diamcter  b  c  »  & 
tcniam  conipicmcntttm  fph^cx  ad  heii^irv  . 
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phzntsm)  ergo  cytindrus  fe  habet  ad  fpbar^ 
ram  vc  temarias  ad  binarium  %  quod  eft 
cylindram  efle   fphxrx  tefqttialterum. 

Poflct  etiam  finc  grauitatis  centris  de« 
monftrafi  in  hunc  modum.  Quohiamco* 
nus  m  ux  &  cylindrus  cuius  axis  ba  ha« 
fo.Juo-  ^cnt  h^ks  1  rm  ,  mz  X  xquatcs ,  &  alti^ 
4e.Eue.  tudmes;  ba,  y  a  xquales,  eric  conus  cy- 
lindri  tertia  pars  5  ergb-  cum  compleiticn- 
tum  hemifphxri  j  cuius  axis  b  a  fic  often* 
fum  xquale  cono  mux,  ipfum  comple«' 
mentum  erit  tertia  pars  cylindri  &c. 

COROLLARIVM.  I. 

£x  his  apertum  eft  hemifphacrium  e(Ie 
duplum  coni  hibentis  ba(im  circulum 
fphatrx  maximuth  ^  &;  altitudinem  xquao 
lem  femidiametro. 


.'y 


CpROLLARIVM    IL 

Exhis  quoquc  demonftrari  poteft  cylin- 
druitieflclcfqui^Itefum*  fphscroidis  in  ipfo 
contcnti,  ideft  quo^  tangat  bafcs  cylihdri, 
&  fcftio  plani  per  centrum  duAi  parallcl«»s 
bafibus  j  (it  circulus  communis  fph^roidi 
&  cylindro  5  dcmonftratiocnim  eadem  cft 
fi  pofito  arcu  db-ar  fcmiellipfi>  qaadra- 
tum  rcftae  ^9  fit  scqualc  cxccflui  quo 
quadratumgi  fapcrat  quadratum  gh. 
Hoc  autcm  ita  efli  oftenditur,  (^oniam 
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in  trian^alof  tnyu  lateri  my  parallela 
cfl  ^9,  vcreAa  yii  ad  4a,  itacricmy  ad      ..    « 
^9  :  fiat  y  $  xqualii  rcftx  #9  j  &  pcr  |  f„ ^J^l 
agatur  ^^  parailcla  rcftse  yz  orcUoatim  r«lUr« 
'  4ijipiicat2     ad    diametrum    mx.  circuli 
razx.  Apcrttim  cdduo  qaadrata  re£tarum 
I  \  y  ^  y  cfle  iimul  xquaiia  qvadrato  fcmi- 
diametri  y  ^  >  (iue  y  m ,  liuc  g  i  s  ac  proin- 
de^cum  ly  acqualij  fit  rcftac  f9i  fi  ^^  ^^.pri- 
^proWtur  cflc  arquaiis  rcdac  g  h  ,  quadra- 
tum  f^Ax  p  9  ollcnfum  Fucnt  xqualc  cx« 
ccflut  <qao  quadratum  xtiix  g  i  Aipcrac 
quadratum  ttfkx   g^.    Oftcndo    igitur 
qoadratum  rc£lx  ^  \  cflc  xquaie  quadrato 
gh«  Quonian^   vt  rcfUnguIum  bac  ad 
rcAanguium  bgc^  ita  cft  quadratum  zt 
ad  quadratum  gh>    &  vc  rcftanguium 
m y X ad  rc£tanguium  m  ^x  ^  ita  cft  qua-  ^^'p'?- 
dratum  yz  fcu  a^  ad  qaadratum  ^k  ,  "^^*^*- 
cum  ratio  rcct^oguli  b  a  c  ad  b  g  c  fit  ca- 
dcm  qux  rectanguU  m  y  z  ad  m  |  x »  vc 
quadratum  a^  ad^quadratum  g  li  » ita  cric 
quadratqm  y  z  fiuc  a  «Tr  ad  quadratum  |  \ : 
crgo  quadratum  ^x  cft  arquale  quadrato 
g  h  5  quod  crat  oftcndcadum.  Rcctangu- 
lum  autem  i  a  c  ad  I  g  c  cilc  vc  rcctangu* 
lum   myx  ad  m  ^x  probatur  in  hunc 
modum»    Quoniam  vt    yu  ad  9u,  ita 
cfie  m  y  ad  y  ^  fcu^9  oftcnclimus ,  crgo 
pcr  conucrfioncm  rationis  vt  y.u  ad  y  9, 
itacric  m  y  iad  m  |,  &  inucrtcndo  vt  y 9 
ad  y u }  ita  crit  m  $*ad  my;  fcd  vt  y u 
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ad  y  ^  I  ica  eft  m  y  ad  m  x ,  crgo  ex  xcpo 
vc  y  9  ad  y  0  y  ica  m  ^  ad  m  x  >  &  diuU 
deado  vc  y  fl  ad  S  /t » iiae  vt  b  g  ad  g  c , 
ica  Ri^  ad  ^xi  crgo  reccangalum  bgc 
cft  limile  rectangulo  m  ^  x  ^  ergo  reccan- 
;ala  ipfa  fe  habent  vt  quadrata  reccarum 
g ,  m  ^.  Rurrus  ^uoniam  m  b  g  ad  b  c , 
jta  odenfum  eft  efle  m  ^  ad  m  x »  &  vc 
bg  ad  ba  femidem  ,  ica  rft  mx  ad  in  y 
femifTem,  eric  ex;eqao  vc  b  g.ad  ba,  ica 
m  ^  ad  m  y )  &  alternando  vc  b  g  ad  m  ^, 
kca  b  a  ad  m  y  :  citm  igitur    rectangula 
b  a  c ,  m  y  ^  fe  habcant  vc  quadrata  recca^ 
rdm  b  a » m  y.:  &  vt  quadrata  b  a  ,  m  y , 
ita  linc  quadrata  bg  ^  tn  ^  ;  &  vc  quadrata 
bg ^  m  I  ica  (int  reftangula  b  g  c ,  m ^x; 
cric  vcreAangutum  b  g  c  ad  re£):anguluRi 
m|x,  ica  tc^langulum  bac  ad  re£tan« 
gulum  myx,  &alcernando  vt  re£langa«* 
lum  b  g  c  ad  b  a  c  i  ica  ni  ^  x  ad  m  yx 
quod  erat  oftcndendum*  ' 

V 

COROLLARIVM  III. 

Ex  his  apcrtum  eft  femicoiioides  cuius 
axis  ba  cde  dupium  coni  habencisbafiai 
xqualem  circulo  cuiusdiamccer  d  » >  alti- 
tudo  vcro'(i{r'aeqaalis  ipG  b  a,  Acquc  hoc 
pafto  dcmSitftcata  mancncquae  Archimc* 
des  oftcndit  in  libco  prirao  dc  fph?ra  &  cy- 
liadco  pppoiitionc  crigofima  fecansla  & 
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XihtoAc  fphf  roidibus  &  conoidibu^  F^^op^^i^ 
(icionc  Tigcliinia  nona* 

CORQLLARIVM.  IV. 

Pi:;tcrea  cx  corollario  fccundo  propo- 
ritionisdcciiiix  cjuartx  huius.apcrtuni  cft, 
ii  foljdum  inclufuni  non  iit  fph^ra  fcd  ho-!« 
mocofphxricum  ,  fcAioqu^  i^£la  a  plano 
ci  a  t  noQ  (it  circuluS)  fcd  qu^uis  alia  figti- 
ra  ,  cui  aequalis  &  fimiliicr  pofua  fit  bafis 
b  rtn  folidi  contincatis ,  quod  cylwdr^Jci 
appclletur,  eandcm  cfie  vim  praefcntis  de^ 
monflratiouis* 

COROJLLARIVM  V* 

Penique  cx  pr^fcntit  dcmonOrationLS 
progrcflu  liquido  confiat  pmncm  conum 
vel  bomococoDum  cflc  tcrtia»  parccm  cy« 
lindiu  aut  cylindracci »  hab^ntis  cum  illpi 
candem  bafim  &  altitudin^m  0(tcndi« 
muscnim  cyliadrum  vel  cylindraccu»  cu-* 
ius  axis  iit  a  b ,  fi  diuidatur  in  trcs  p?rte$> 
duas  ex  illis  contincri  hcmifpherio  vcl 
homocofphf  rio  ^  &  tertiam  cono  vcl  ho«* 
ibococono  cuius  baHs  m  z  x  j  axis  y  u^ 


"^4     Tttragonifmicorum 
Propositio  XIX.' 

Cylindruseftdttplus  conotdis 
jparabolici  eandcm  cum  ipro  ba« 
fim  eundemque  axem  habencis. 

Sit parabolx fisgmentum  zbx,  cuius 
mt  ^cd'  tangeos  a  c ,  bafisipii  a  c  paralkla  fit  z  k| 
*  coplcto  parallclograino  a  c  i^z^cuius  latcra 
a  z ,  c  it  fint  diamctro  b  i  parallcla  fuper 
rcfta  xk.  (latuatur planum  htk  crc^m 
ad  planum  a  k  •  &  in  codcm  plano  h  i  k» 
centro  i »  intcruallo  i  z  vcl  ik,  dcfcri- 
batur  circulus  z  h  k  ,  in  cuius  plano  cx  i 
excitetur  i  h  pcrpendicularis  ad  diamc« 
triim  z  i^.  Mancnte  b  i  intclligatur  cir-« 
cumuolui  parabolae  z  b  i^  fcgmentum,  & 
dcfcribi  parabolicum  conoides  cuius  bafis 
crit  bafis  zhk^  axis  b i  ex  dcfinitione 
tradita  ab  Archimcde  initio  libri  de  conoi« 
(dibus  &  fph^roidibus  \  intelligatiir  patitet 
circaeandcm  lineam  bi  manentem  cir^ 
cumvol vi  parallclpgrammum  a  c  l^  z  ^  dcf* 
cribctur  cylindrus  cuins  axis  erit  b  i  >  ba^ 
fcs  oppofitx  z  h  i^  ^  a  g  c  ex  dcfinittonc 
cylindri  \  fcreno  explicata ;  hunc  cylin- 
drus  igitur  a  k  continebit  conoides  para- 
bolicum  z  b  K.  Dico  cylindrum  a  k  efie 
duplum  conoidis  z  b  4* 
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^  t 


ProduAis  rc£lis  a  c »  z  k ,  abfcmJantur 
{qualcs  cc,  ^n  ^iamctro  ac^  <iiiiidaii« 
turquc  bifariam  pcr  rciflam  din  ipfi  ck 
paraiklam.  Intciligatur  contraria  pofi. 
tione  dcfcripta  parabola  c  ra  c  »  cuSus 
bafis  c  c  9  vcrtcx  sd  ,  diamctcr  Ami 
crunt  vt  apcrtum  cft  parabolx  z  b  k ,  ^  m  c 
xqualcs^  cum  ita  aptari  pof&nt  Tt  fibi  CQn« 
gruant.  Intcr  b  &  i  fumatur  quodcun* 
qucpundum  q,  &pcrillud  ducaturrccu 
ox  parallcla  rcctxac^  occurrcns  in  p^ 
q,  r,  f^  t,  «,  X  liftcis  adnotatis  ;  & 
pcr  ox  rcctam ducatur  planum"  oq f  pa- 
rallclum  bafibus.  C^oniam  cxccflus  quo 
quadratum  o  f  fupcrar  quadratnm  pr ,  cft 
quadratum  fx,  oftcndctur  yt  in  prsecC" 
dcnti,  circulumcxdiamctro  tx  cflc  xqua-^ 


1 6.  htt- 
ius. 


\  ' 
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lem  cxcefTui  quo  circulus  ex  diametro  o  f 
fuperat  circulum  e>c  diametro  p  r.  Quo- 
tiiam  ergo  complemcmum  conoicli&  ad  cy« 
xr.  hu-  lindrum«  &  conoides  cuius  balis  cl  e  a:cis 
^^*  d  e ,  ira  fe  faabcnt  ^  vt  fecta  quocuuque 
plano  o  q  f  bafibus  parallelo>fectioD6S  (int 
arquales^conoides  cui^bafis  c  1  e  crit^quale 
coplemcnto  ;  fedcon^ides  cuius  balis  cle 
cft  arqualc  conoidi  cuius  bafis  z  h  K  :  ergo 
complemcntum  conoidis  cuius  balis  z  h  k^ 
^xis  b  i )  cfl  asquale  ipfi  conoidi ,  Crgo 
cy^indrus  c(l  duplus  conoidis  cuius  axis 
bi  bafis  z  h  k  >  quod  erat  oftcndcndum. 

COROLLARIVM  I. 

to.  Quoniam  cylindrus  a  x  cft  triplus  coni 

^"^*  cuius  bafis  zhxy  altitudo  ib>  habetfc 
ad  itlum  vt  fex  ad  duo  >  Sc  quoniam  cft 
duplus  conoidis  parabolici  inclufi »  habet 
fe  ad  illud  vt  fex  ad  tria :  crgo  cum  vt  tria 
ad  (cx,  ita  fit  cenoidcs  parabolicum  ad 
cylindrum  ^  &  vt  fex  ad  duo  ita  fit  cylin-^ 
drus  ad  conum,crit  cxacquo  vttria  ad  duo, 
ita  conoidcs  parabolicum  ad  conum  ^  crgo 
conoidcs  parabolicum  eft  coni  fefquialte- 
rum  >  boc  autem  demonftrat  Archimcdes 
propofitione  vigefima  tertia  libri  citati^ 
Licebit  quoque  cx  huc  vfque  oftenfis 
demonftrare  parabolicum  ad  hcmirphx-  | 
rium  eadcm  bafi  &  altitutine  prarditum 
efle  vt  tria  ad  quatuor.  Parabolicumenim 

prxditum 
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ad  cylindrum  cadVm  bafi  &  altitudmc  prac- 
dirum  cft  vt  tria  ad  fcx/cd  cylindrus  idcm 
cft  ad  hcstiifphzriu  vt  fcx  ad  quatuor^  crgo 
vt  tria  ad  quatuor^  ita  cx  atquo  cft  parabo^ 
licum  adhcmifphxriam  cadcm  bafi  &  ahi-^ 
tudine  conftans. 

COROLLARIVM  IL 

Ex  Corollario  propofitionis  decimae  tcr- 
tix  huius  liquct  candcm  cflc  vim  dcmon-  • 
ftrationisfi  folidum  inclufum  non  fit  co- 
noidtsparabolicum  ,  fed  parabolicoidcs^ 
bafifguc  h  k  ,  non  fit  circulus  fcd  quatuis 
alia  iigura  cuia^quahs  &  fimiliterpofitafit 
bafis'^^c  cylmdroidis  contincntis  figu- 
xam  parabdhcoidem, 

COROLLARIVM  lil. 

Hioc  aj^ertum*  cft  complctnentum  z  0 

ag  bp;ad  fcmicylindtum  a  gb  i  h  z  cffc 

a^q^k  ^  ^ukrtse  parti  cy hndri ,  vcl '  fcmiCB 

ijlfius'  fcmitylindri  :  offcnfum  cnbn  ed 

totum  compkmentum:  cflc  xquale  fcmi- 

c;^linJro  ,ergb  femiffis  erit  aequahs  quarr; 

pa^ti  cylifirffi.£i  fimihter  fi  b  i  h  fit  reaan- 

galum,.&  non  f  araboJa,ciufmoai  vero  re- 

ftingulum  ponatureflc  fcftio  folidi,  fcSio 

£Ra  itii^  ^iratolam  vt  tria  ad  duo  ,  iicut 

*x  priiii^  \r(^i  f^tis  conflat;ergo  eiUfinfiol 

di  fplidiiro  crit  ad  parabclicum  vttriaad. 
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duo»  fcd  parabolicam  fehaibetad  !:yirndrii 
vt  duo  ad  quatuor  ^  ergo  ex  atquo  ciofino- 
di  foliduiii  1  cuius  fedio  fit  reAanguIum 
b  1  h,  ellad  cyhndrum ,  cuius  axis  b  i ,  vt 
tria  ad  quatuor^  ergo  complementum  eiuf- 
modi  folidiparabohcoidis  cfiquarta  pars 
ipfius  cyhndri,  &  femifHs  zo  agbp  cft 
quana  pars  femicyhndri  cuius  altitudo 
bi. 

PROPOSITIO    XX. 

Sit  hypcrbolae  fcgmenmm  c  d,  i 
cuius  bafis  d  f  rcda  oriiflattm  ad 
diamcri  u  c  c  appiicata ,  ac  pr<^;  j 
dc  parallcla  tangcnti  c  k  >  eius 
ccmrumfitb^cbjbajax  {int,a:-  : 
qualcs.  Intclligaturmancn(c  ce, 
circumuolui  hyperbola  d  c  f ,  & 
defciibi  conoidcs  hypcrbolicum 
iuxta  definitionem  traditam  ab 
Archimcde  iniiio  libiri  de  corioi^ 
dibus  &  fphgroidihus,  cuius  bafis 
fit  circulus  d  i  f j  intelligdti&r  prai- 
.terea  defcribiconus  cuiifetj^fis  fit 
idem  circulus  dif,  idcfriqirc  qui 
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conoidis  vcrtcx  c.  Oftcndcdu  eft 
vtrcdaxc  cft  ad  rcdam  a  c  ^  ita 
cfTc  conoidcs  dcrcriptum  ad  CO"; 
numinclufum. 


Iftuc!  dcmonftrat  Archimedes  propoli* 
tione  vigefima  feptima  Ubri  citati  *,   nos  iu 
hunc  modum  oflcndimus^ExreAad  f  pro- 
du£ta  abfcindantur  f g,  g  h  quarum  iUa  ar- 
quct  baiim  parabolse,  ifta  dupla  fit  bafis 
trianguli ,  quas  f^rtes  hyf€fhoU  appellaui** 
mus  in  decima  icptima  huius  \  parabola 
veroipfa  fit  f  Kgcuiusjdiamctcrk  q  t  ver- 
tex  i^  j  triangulum  autem  (it  l.g  h.In  piano 
bafis  d  if  pcrrcAam  d  hdufto,  ex  centro 


V>tx 


j^io       Tetragmifmicorum 

^  pcr  f  .&  g>  dcfcnbatur  circohis  f  4-  g  >& 

cx  ccntro  y  p  ct  g  &  h  circulus  g  a  ii«   Ma- 

licntc  diamctro  k  q  imcUigatur  circumagi 

"Ji«rabc4a  f  k  g  &  dcfetibi*  cocioides  para- 

bolicum  cuius  bafis  f4g»  vcrtcxi!:,  axis 

k  q;  Similitcr  mtclligatur  dcfcribi  conus 

cums  vcrt^  1  bafis  g  z  h.Prxterca  fumpto* 

'  quocun^uc  punAo  n  intcr  c  &  c^atquc  pcr 

illud  du£ta  rc6ti  m  u  sequidiflate  rc£tx  d  h» 

intelligantur  fecari  tria  foUda  per  planum 

m  n  t  aequidiftans  planobafiumd  i  f,  f.4  g> 

^  g  zh.     Quoniam  duo  quadrata  rc£larum 

T7.  hU'  p  r,  f  u  funtcxdcmonftratis  aequaha  fimul 

ius.      quadrato  re£tae  m  o«,  duo  ctiam  circuli  ex 

diametfis  p  ri  f  a  erunt  aequalci  fimul  cir- 

culo  ex  diamctro  m  o    (  id  cnim  pcrinde 

oftcndctur  ac  in  dccima  quinta  baius)cum 

cnnid.  i§it^r<^itculicx  diamctrism  o,  pr,  f  u  fint 

&  fph^  (c£lioncs  plano  m  n  t  &  fohdis  communcs^ 

rorid.    erunt  duofimulfohda  vidclicet  paraboh- 

C^  niT  ^""^  *  conus  quorum  bafcs  f4:gi  g  z  h  at- 
ij.huiq^sha  conoidi  hyperbohco  cuius  bafis 
iua- 17.  d  1  f,  vcrtcx  c. 

huius.  Rurfus  ex  rcfta  g  f  produiia  abfcindatur 
reda  g  \  ita  vt  quadratum  g^  fe  habcat  ad 
quadratum  gf  vt  tria^ad  duojcirculus  ergo 
cx  gx  crit  ad  circuTum  f4  g  vt  triaadduo» 
hoc  cft  vt  rcda  ,x  c  ad  tifkzm  a  c  ^  &  quia 
coni  quorum  bafcs  funt  circuh  ex  diamc« 
tris  gx,  g  fdefcripti  in  plano  de  i^  vcrtcsc 
dec.  ^  vcrocft  punftum  K  fc  habcnt  vtbafes,  co- 
Huc.     nus  cuius  bafis  efi  circulusx  ^g  m  diamq^ 
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tro  ^g.eric  ad  conum  cuius  ba(isf4  g  vc 
rria  adduo,(iue  in  proportioQe  fefquialte- 
ra  ;  fed  in  eadcm  proportione  eft  conoid^s 
parabolicumcuius  baiis  f4g)  axis  k  c|,  ad 
conum  cuius  baiis  f 4  g^vercex  k  ex  coroU 
lario  primo  pra^cedentis  ,  ergo  co« 
noidesparabolicumeft  aequale  cono  cuius 
bafis  eft  circulus^Tg.Cum  ergo coni  quo* 
rum  bafes  ^  '^g  »  gzh  habeant  eundem 
vcrticem  k,  erunt  inter fe  vt  bafes.Quonia 
ergo  vt  bafis^Tgadbalimf^gyita  oflep-  x7.  hu^ 
fum  efl: effe  re£lam  X c  ad  redam  a  c,  &  vt^us. 
bafisf  4  gad  bafimgzh,  ita  efl  re£la  a  c 
ad  c  e reftam 5  ergo  ex  aequo  vt  bafis  ^ Tg 
ad  bafim  gz  h,  icare£ka  x  c  ad  re£lam  c  e  : 
&  componendo  vt  duas  (imul  bafes  ^  ^^  g, 
g  z  h  ad  ba^im  g  z  h  ,  ita  re£);a  x  e  ad  t  e. 
Rurfus  vt  ba(is f4  g  ad  g z  h ,  ita  re£la  c  a, 
ad  c  e ;  crgo  coponendo  vt  dux  (imul  f4  g» 
g  z  h  bafes^ad  ba(im  g  z  h ,  ita  a  e  re£la  ad 
c  C5  &  inuertendo  vt  ba(is  g  z  h  ad  duas  (i- 
mul  f  4  g)  g  z  h  3  ita  refta  c  e  ad  a  e  re£lam« 
Quoniam  ergo  vt  duae  (imul  h  ne  g,g  z  h  ad 
bafim  g'Z  hita  effe  ofl:endimu&  redtam  x  e 
ad  c  e,&  vt  ba(is  g  z  h  ad  duas  (imul  f  4  g> 
g  z  hy  ita  eft  c  e  refta  ad  a  e  re£):am  \  ergo 
cx  acquo  vt  duas  (imul  ^  t  g,  g  z  h  ad  duas 
iimul  f  4  g,  g  z  h>ita  efl  redla  x  e  ad  a  e : 
fed  ba(is  d  i  f  efl  xquali«  duabus  (imulf4g> 
.  gzh,  vtoftcndimus  \  ergo  vt  duac  (imul 
^  T  g,  gz  h  ad  bafim  d  i  f  ita  e(t  refta  x  e  ^l^^,^^ 
ad  a  e.Quoniam  ergo  vt  bafes  prflediftac  ita  euc. 


4^*\       Tetragonifmicorum 

^  coni  przdifli  lUis  inrilicnces,cht  vt  re£la 
X  cada  e  xtdim  ,  ita  duo  fimul  coni  infi* 
flcQCCs  baiibus  k  ^  g,  g  z  h^  ad  conum  iqQ« 
(lcnccni  ba(i  di  f :  ledduG  Gmul  coni  inQ- 
ftcntcs  bafibus  h  ^g,g  z  h  funt  (imul  atqua- 
lcs  hypcrbolico  conoidi  cuius  bafis  fit  di f, 
&vcrtexc'«  ccntrumquc  b  (nam  conus^ 
cuius  ba(is  ^ '''  g  ^  cll  acquahs  parabolico 
conoidi  cuius  baHs  f  x  g^  vtoftcQdimus, 
cum  crgo  odenfani  (ic  parabohcum  conoi-* 
dcs  vna  cum  cono  cuius  bilis  eft  g  z  h  cfle 
aequale  hypcrbohco  conoidi  6\(Xo  cuius 
ba(is  cft  d  i  f  i  duo  (imul  coni  quorum  bafes 
X  T  g,gz  h  crunt  xqualcsdiAo  hyperboh- 
co  )  crgo  vc  re£la  x  c  ad  a  c  reftam  ,  ita  cft 
diflumhypcrbolicum  conoides  ad  conum 
ha^bentcm  candem  bafim  d  ircommuncm 
cum  ipfo  ,  eundcmque  vcrticcm  c  j  quod 
cfat  probandum, 

COROLLARIVM* 

£x  corollario  fscundo  dccimar  quintdc 
huius  conftat  eandemeflc  vim  modo  alla- 
tacdemonftrationis,  fifohdum  cuiusbafis 
d  i  f,&  vertcx  c  non  (ic  hyperbolicum  co- 
noides,  fc(i  hyperbolicoides  >  ba(ifquedi  f 
nonGt  circulus,fed  quf  uis  aha  figurasquae 
etiam  (it  ba(is  homococonici  habcntis  ver* 
ticcm  c. 


M* 
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Propqsitio  XXI. 


i    *  *• 


Plana  a  d  c ,  a  e  c  Teccnt  fe  fe- 
cundum  lineam  a  c  j  in  quorum 
vno  a  d  c  (It  quxuis  figura  a  d  c , 
cuius  vnum  latus  fit  reda  a  c  j  eam 
vero  figuram  contincant  totam 
reda:  ac,  d  g  in&icem  xquidiftan- 
tcs.^Pcr  lineajn  a  b  a^um  fit  pla- 
numabh  redumadplanu  adc, 
&  per  b  quodcunquc  pundum  li- 
ne«  a  c  in  codeni  plano  a  b  h  ada 
fitlincabhincidcns  vtcunque  in 


4*4  T etragomfmicorim . 
re(5tamafr>  per  d  veroac^aintel'- 
ligatur  redta  d  e  in  inHnitum  pro^ 
du(^a,&2quidiftans  redx  b  h,in- 
telligatur  aucem  ipfa  d  e  circum- 
ferriperambitum  figurae  retinen- 
do  in  motu  pofitionem  paralle- 
lam  pofitioni  redae  b  h.£iurmodi 
ruperficiei  motu  redas  d  e  defcri- 
ptae,&plani  aec  communis  fe' 
dio  Ht  linea  a  e  c.  Solidum  con- 
tentum  planis  a  d  c,  a  e  c  &  fuper^ 
ficie  motu  xtdix  d  e  defcripta  ap- 
pello  cmeatum  y  portionem  fu- 
perficiei  latione  redta?  d  e  defcri* 
ptae  appello  badm  cuneati  folidi; 
figuras  a  d  c,a  e  c  voco  eius  latera; 
re<^am  a  c  eius  aciem.Ou(3;o:  vero 
per  re<%am  d  e  &  per  b  quodlibet 
puniSbum  redae  a  c  plano  e  d  b  fe- 
cante  lateracuneati  fecundu^  re- 
das  e  b,  dbi  triangulum  e  d  b  ap- 
pelletur  triangulum  notum  cuius 
bafls  e  d5&  in  plano  e  d  g  ex  e  de 


j 


Elementorum  Lik^r  ly*     "  4%5 
miiTa  Hc  iti redam  d  g  perpcdicu- 
larisc  q ,  quam  voco  alticudincm 
«ofoM.Parallclas  tapgentid  g,  vcl 
aciei  ac  nominoordinatim  appti- 
catas.  Rurfus  intelligaturdefcri- 
pta  quadf atrix  d  1  o  a  ita  vt  du(5^a 
quacunque  n  k  ordinatim  applica- 
ta  fccante  in  m  latus  b  d  trianguli 
noti  &    quadratricem  in  1  >  (i- 
cut  b  d  larus  noti  triaguli  ad  b  ni, 
ita  {It  ordinatim  applicata  n  k ,  ad 
Ik.Qiiadracarium  fpatium  appcl- 
leturilludquod  intercipitur  qua- 
dratrice  d  1  o ,  reda  a  c  &  ambitu 
d  k  c  figurae  a  d  c,  hii  ita  pofids  fc  - 
quitur  tbeorema  >  quod  dtmonfirai*^ 
dum  fufcipimus^ 

Solidumcuneatum  eftaequale 
parallelepipedo  cuius  bafis  ^qua- 
lis  fpatio  quadratario  5  &  altitudo 
{itxqualisaltitudini  notx. 

Pcr  m  intriangulo  b  e  ci  agatur  m  p  pa« 
rallela  bali  e  A\  erit  ergo  vt  b  d.$d  b  m ,  '\\^  4-  'f '^" 
c  d  ad  m  pj  fcd  vtb  dad  b  m,ita  cx  gcnc»  *"f.*'' 


4»  tf        T€tragomfmt€orum 

ratione  quadratriciseft  xi  4  ^d  i^  I  $  ergo  tC 
c  d  ad  m  p  )  ira  eftn  (^d  1  k,  ergo  rcdan^ 
gulufub  extremis  e  d,l  k  eft  xquale  rcAan- 
gulo  fubmediis  m  p»  n  i^.  Rurfus  quoniam 
duacreAae  nm^m  p  tangum.fe  in  m,&fuoc 
parallelx  duabus,a  b,b  h,  tangetibus  fe  in 
if .  vn-  b^  erunt  plana  n  m  p,a  b  h  parallela.  Planu 
^^*      n  m  p  faciat  in  pUno  a  e  c  feflionem  f  t 

|.Ei*ur-  ^^  ^^^^  '^^^  linea,&  (i  per  n  &  k  agantur 

dero»     reftf  n  x,  it:  u  parallelac  ad  reftamm  p  feu 

d e,  erunt tt&x n%^  k u  in ba(i  cuneat^ fi- 

gurz,  vtex  generatione  ipfius  ba(is  aper- 

tum  eft  \  ergo  erunt  fe£tiones  iplius  plam 

n  ra  p  &  baSs  fotidi  cuneati*  ergo  re£l2  n  x, 

k  u  concutrent  cum  re£ta  f  t  in  pundis  f,  r. 

Rurfus  quoniam  planaa  b  h>  h  m  p  paral- 

lelafecantur  plano  a  e  c  facientefc^iones 

f  t,  a  c,  erunt  reAx  f  t,  a  c  parallelsr:  (imi« 

liter  quoniam  plana  eadcm  a  b  h  ,  n  m  p 

U.  vn-fccantur  plano  ad  c  facicnte.fcftione^nk, 

jiy^^     a  c,  erunt  re£tx  n  i^>a  c  parallelx >  ergo  cum 

f-  eiuf-  feAx  f t,  n  K  fint  paralletx  eidem  a  c,erunt 

^•ni.     inter  fe  parallelx :  (igura  ergo  n  l^  t  f  cft  pa- 

ralIeIogramma,cum  etus  oppofita  latera 

fint  parallela  ut  oftenfum  ef^. 

Rurfus  in  parallelogrammo  n  4  c  s  e^ 
punAo  p  demittatur  in  redlam  m  n  per« 
pendicularis  p  r  :  quoniam  anguli  p  m  r, 
edq  funtxqaales,  itemangnli  eq  d,prm 
erir  trians;ulum  d  e  q  (imile  triagulo  m  p  r: 
crgo  vt  4  e  ad  c  q>  ita  m  p  ad  p  r.^^oniam 
ergo  reftangulum  fub  1  4  ba(i  8c  ahitudine 
e  d  fe  habec  ad  reflangulum  fub  eadem  ba- 


_> 
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fi  1  K,&  alutudinc  c^q,  vt  rcfta  e  d  ad  e  q  ^ 
&  vtrcfta  c  d  ad  c  q,  boc  cft  vt  rcfta  m  p 
ad  p  r.ita  eft  rcftangulum  fab  bafi  n  k  &  aU 
titudine  m^,p  ad  reaaugulum  fub  cadcm  ba^ 
fi  n  fe  &  altitudinc  p  r  :  vt  reftangulum 
fub  14,  cd  ad  rcftangulura  fub  1  t,c  q,  ita 
crit  rcftangulum  fub  n  t.m  p,ad  rcftangu-- 
lum  fubn  k,p  r:  crgo  altcrnando  vt  rcfta- 
gulum  fubl  k,  c  d  ad  rcaanguium  fub  n  k, 
m  p,cui  cft  2qualc  cxdcmonftratis.ita  crit 
rcftangulum  fub  I  i^  ,  e  q  ad  rcftangulum 
fub  n  k,  p  r :  crgo  rcftangulo  fub  1  k,  c  q 
xqualc.cft  reftangulum  fub  n  K,  p  r. 

Ex  a  ad  planum  a  d  c  cxcitctur  perpcn- 
cularis  a  z,&  in  fitu  perpcndiculan  fcmpcr 
permancns  intcUigatur  moucri  pcr  ambitfi 
fpati)  quadratarijjfcilicet  pcr  Ijncas  a  I  d  c  a 
donccadidem  punftu  a  rcuoluatur.ReSae 
e  q  abfcindatur  cx  a  z  rcfta  a  y  aequalis,  &: 
pcr  y  agatur  planum  paralldii  plano  a  d  c, 
iifXio  iftius  plani  cum  fupcrficie  lHa  cylin- 
dracca  modo  dcfcripta  crit  parallcla  &  fi- 
milisfimiliterqucpofitafiguraequadratari?  J^'*"-  ^ 
ald  c;idcnimcodcmpaaoofttnHitnrquo  cyl 
in  cylindro  fcftioncs  plani  parallcli   bafi  propof. 
oftenduntur  fimilcs  ipfi  bafi,  3^- 

Quoniam  crgo  iftud  folidum  cylindra- 
ceom,  &  cuneatum  ita  fe  habcnt  vt  quo- 
cunque  plano  n  m  p  fcccntiir  feaione s  co- 
rumfint?quales  (  fcftio  cnimcylindracci 
cft  ac qualis  rcftangulo  fub  ay  vcl  c  q  & 
fubl  k  contcnto  j  fcaioautem  cuneati  cft 


4*8        Tetrdgonifmicorum 

parallelograminum  f  q  4 1 ,  quod  efle  x^ 

u  h     S^^^^ '^^^°S^^^  ^"^  ^  y  vel  e  q  &  fub  1  k 
iu^.    '  contenco  ofteodimus  )  erunt  ipfa  folida  as* 
qualiaper  vndecimam  hiiius ;  fed  perean* 
demcylindraccum  cuius  altitudo  ay^&ba* 
fis  a  i  d  c  eft  zquale  paralleleptpedo  cuius 
^  ahitudo  eadem  a  y  ^  baGs  autem  iit  quadra* 

tum  zquale  ba£i  a  1  d  c :  ergo  folidum  cu« 
neatum  eft  zquale  parallelepipedo  cuius 
bafis  (it  sequalis  quadratario  fpatio ,  &  ahi- 
tudo  (kt  aequalis  ahitudini  notx  >  qaod  erat 
demonftrandum» 

COROLLARIVM  L 

Quod  fi  planum  a  b  h  non  fit  re£lum  ad 
planum  a  d  c,  pauculis  mutatis  oftendi  po- 
tcrit  folidum  cuneatum  effe  acquak  paral- 
lelepipedo  cuius  ba(is  aequalis  (it  fpatio 
quadratariosSc  ahitudo^fit  ^quahs  ahitudi- 
niexpun£):o  e  adplanum  adc  demiflx^ 
^jpxnou  perinde  dicatun 

COROLLARIVM  II. 

Si  brachiup]  quadratarij  fpatij  non  po« 
natur  aequale  re£lasbd  ,  fed  cuiuis  b  m  esc 
ipsaprodufta  abfcifrx,  fiue  ipfa  b  mlic  ma- 
iotyfiue  minor  y  tunc  ahitudo  nota  c«t  aut 
mprefta  intercepta  intcr  rcftas  be,bd 
produftas^  &  aequifliftans  re£ls  ed  %  aut 
perpendicularis  cxpunfto  p  in  reCtam  b  d 
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demifla  v  dttnonftrationis  cniin  vis  eit  ca«. 
dcm  prorfus.  inifio  cafu  vt  patcbit  rcm 
pcrfpicicnti.. 


COROLLARIVM  IIL 

Si  ditttoi  (it  parailclcpipcdum  aequak 
cunco  propofito,  fircxtriangulirioti  U- 
.  tcrc  auferaiurrcaa  b  m  qu«  iit  a^aititw- 
dincm  datam  parallclcpipcdi  vt  cft  datum 
IdtUsbd  ad  datam  perpcndicuiarcm  ou^ 
ex.  c  in  Uneam  bd  cadit  >  apertum  quoqac 
cft  quadratarium  fpatium  rcfpondcns  bra- 
Chio-aequantircaambm  cfle  aequakbafi 

paratlclcpipedi  dati. 

•  * 


■■r  •  r>. 


.      Propqsiti  o  XXII. 

Sup€f  qyacunqucteda  cbtbn- 
ftru<Si|^<3alibec^Iana  figura  cacl 
b,  ifttclligatur  planum  «  b  h' crc- 
dum  ad  planum  c  a  b ,  illudque 
fecans  fecundum  redam  c  b;in  eo 
vcro  concipiatur  quoduis  paral- 
leiogrammum  c  b  h  i,cuius  vnum 
latus  (it  re^a  c  b,  &  ita  fuper  qua- 


iunc  parallelz  Sn  xqualc$>  erit  d  1  k  g  paral" 

lelogrammuiii,  lateraqucg  i^>cl  1  erunt  pa* 

ralleia  \  fed  latcra  e  c,  d  1  parallelograinmi 

3J  P'^-  e  c  l  d  fnnt  etiam  parallcla  ,  crgo  rcft^c  c, 

'^^^^Q-'  8  ^  ^^^^  parallclsceidcm  d  Ij  crgo  funtin- 

^cc.      tcrfe  parallcla?^  ergo  ex  dcfinitione  paral* 

£uc.     lelarumfunt  in  eodem  plano^  planufn  ergo 

pcr  c  e  re£tam  ,  &  per  re£lam  c  4  du£lum 

traaGcetiam  pcrxeflam  e  g  :  efgo  planum 

a  ch  tranfit  pcr^iametros  eiufmodi  patal- 

lclogrammorum    fimilium    fimiliterqu^ 

pofitonim. 

Quod  autem  portlo  contema  planis 
a  c  h,  a  €  b  fit  cuncata  ,  eiufque  acies  fit 
rc£la  a  c»  latus  figura  c  a  d  b,  &  triangului^ 
notum  c  h  b  >  apertum  eft  ctam  plana  a  c  b 
a  c  h  fccent  fe  fecondu  rcflam  a  c  >  &cum 
per  ambitum  figur*  c  a  b  circumdufta  li- 
nea  b  h  eundem  femper  fitum  parallelum 
rctinens,defcripfi(Ie  ponatur  fuperficiem^ 
quam  fecat  planum  a  c  h,  ^rgofigura  con** 
tenta  figura  a  c  b,plano  a  e  h ,  &  fuperficie 
prardida  cft  cudeata  <judm  defci-ipfimusin 
praeGcdenti  propofitione ,  eiufqtie  acies  eft 
re^a  x  c,  latus  figtira  c  a  b  ,  &  triahgulum 
noturHC  b  h. 

Dcnique  alterati^  J^rti6tien^  etulVi^odi 

folidi  efle  atqualerii  portioni  cuneatae  ita 

.  oftenditur.    Qubnian)  dti^  iG±  proi^tiones 

34.ptt-  ita  fecanturperplaria  >   qux  fint  pQrallela 

miEuc  piano  r  b  h,  vt  ipf*  fc^ion*s  fiiit  ir<juales 

(famxnim  fi{tgu.Iap  ilimidium<  ptirilleltf- 

gracnmi 
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grainnii  bifariaiti  diuifi  a  diamrtrppcnjua 
planumac  b  inccdit)  crgo  ipfa:  portioncs 
funt  arqualcs  >  quod  crat  dcmonHracdum.  "'  ^^' 


lUS, 


PROPOSIT  I  O  xxni. 

lirdem  manentibus  fint  c  b ,  b  h 
aequalcsj  lit  item  i  c  rc<aaj  &  per- 
pcndicularis  ad  planum  c  b  h,qua 
manentc  circumuoluatur  figura 
acb  doncc  redeat  eo  vnde  inci- 
pitmouerij  defcripmmeritroli- 
,  dnm  cuius  bafis  circulus  ex  femi- 
diametro  c  b  j  xtStz  a  c  vocetur 
axis  ciufmodi  folidi  quod  peri- 
phcricum  dicatur.  Ponaturreda 
cb  cflc  maxima  parallelarum  in 
figura  ac  b  dudarum  &i  t^c  libra 
fuftinens  figuram  c  b  a.  Sic  qua- 
dratum  mnto  sequale  oduplo 
{patii  quod  libra  ex  c  fufpesa  bra- 
chio  c  u  ipfi  c  b  aequali ,  pcndens 
cx  u  aequipondcrat  figurse  c  b  a  vt 
wcct  manVnti;  &  ipfun;i  m  n  to  fic 
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bafis  parallelepipedicuius  altitu^ 
<lo  fit  aequalis  ipfi  c  b.  Oftcndcn- 
dam  cft  vc  quadracum  re^ae  ub 
ad  quadracum  m  ntoita  effc  cy- 
lindrumconcentum  incra  cubum 
cuiuslatus  (ic  quadracum  ex  rc^a 
ubgenitumad  duplum  pcriphc- 
ricidcfcripti,- vel  ita  cflTc  dimi- 
diumcylind  ri  eiufmodi  ad  dcf- 
criptum  periphericum. 

Quoniam  exccntro  c  inanencei  liriea  c  b 
clrcuuoluta  ponitur  in  platioad  quodrefta 
a  c  cft  pcrpedicularis>illud  autcm  eft  planu 
c  b  h  iydcfcriptus  circulustranfibitper  b  & 
ifSc  nmiiiter  defcriptus  ctrculus  a  linea  c  d 
pun£lo  e  mancnte  tranfibit  per  d  &  f ,  ca« 
demque  eft  ratiode  quacunquc  alia  paral-^ 
lcla  tc(\x  c  b ,  defcribentc  circulum  tx 
centro  pofito  in  axe  a  c  ;  quoniam  vero 
angulus  i  c  b  eft  rcAus,  arcus  i  b,d  f  &  alij 
otnnes  concluii  planis  ac  b  ,  a  c  i  erunc 
quadrantcs  circuli.Praeterea  quoniamqtta- 
drantei  eiufniodi  continenturintraquadra- 
ta  c  h,  eg,&  c^uadrata  c  h,  e  g,  funt  quar- 
ta  pars  quadratorum  continentium  circu- 
los  quorum  femidiametri  funt  c  b,  c  d  .'  (i 
intelligatur  folidum  cuius  fcftioncs  fint 
ehifmodi  quadrata/olidum  iftnd  ^  quo  pe- 
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ripbcricuni  cominebitur  ,  crit  jad  foliaucn  ^^  ^^^* 
pcriphcricum  contcntmn  ^  vi  quadratum  ^^*' 
ad  circulum  cx  diamctro  qusc  fic  Uteri 
qtiadrati  asqualis  :  ciufmodi  autcm  folidu 
contincns  conftabit  o£lo  folidis  quorum 
(ingula  crunt  ^qualia  cuncatar  fjgurae  cuius 
acicsa  c  ,  triangulum  notum  c  b  bj  latus 
a  <1  b  c.  Nain  cx  prxcedcnti  folidum^cuius 
bafisfit  quadracum  c  bhi,  a^qualccftduo- 
bus  folidis  quorum  vnumquodquc  ^qualc 
cft  cuncatx  figurar  praediflae  \  crgo  folidl^ 
cuiusbafiifit  quadratum  diuifum  iuqua^ 
tuorquadrantcsquofum  vnus  fitquadratii 
c  bhijarquaiccrit  odlo  ciufmodi  cuneaiis 
figuris» 

Quoniam  crgo  paralUlcpfpcdi  mf  ba(is 
mo  tneft  fxconflrudione  aequalis  6£lu- 
plo  quadratari)  fpati|  cuneata^  figur(  prse  * 
oiAf,  &  altitudo  cftacqualis  ipfi  c  b  ,  erit 
pr{di£tum  parallclepipcdum  fjqualc  o£to 
^uncatis  figutis  eiufmodi  cx  dcmonftratis^ 
cirgo  erit  ^quale  folidp  continenti  pcri<« 
phcricum. 

Kurfus  quoniam  cubus  ex  rc£ta  U  b  gc« 
nituscft  ad  cyUndrumipfo  cubo  contcmUi . 
vt  quadratum  adcirculum  infcriptutti ,  & 
ita  ctiam  cft  folidum  coiitinens  ad  codtcn' 
tum  pcriphcriciim  ;  ctKm  contincns  fif  z*  \ 
qualc  parallclepipedo  m  s  i  vt  cubus  e^  ' 

rcAa  u  b  ad  cylindrum  contentum  >  ita  crit         ^ 
foh'dum  a  h  adycriphericum  >  &  ^hcrnan^        i^>^ 
do  vt  cubuf  cx  reaa  u  b  ad  folidutti  a  h  ^       v^ 

£ci    •     ^ 
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\u  erit  cylindrus  cubo  contentus  ad  peri- 
phericum  cuius  bafis  fit  circulus  xqualis 

11 .  hu-  t     r*        T     j   •  .1 

jy^        bali  cylindri. 

Qiioniam  crgo  parallclcpipcduni  in  f 
habctaUitudincnixqualctnrcaac  c  b^,  pO- 
rallclcpipcdum  jpfi»sduplum  rctcntS  ca- 
dcm  bafi  m  o  t  n  ,  habcbitaltitudmcmae- 
qualcm  itt\x  u  b  •,  crgo  habebit  altitudinc 
parcm  altitudini  cubi  cx  rcftaub  j  crgo 
cumduplum  parallelcpipcdi  mf  &cubus 
cx  rcflau  b  habeant  aequalcs  altitudines, 
3t.  vn-  g^yj^^  jn  rationc  bafium ,  tidclicct  quadra- 
t"^^;  torum  cx  rcais  u  b,  m  n  :  ergo  cylindrus 
cubo  gcnito  cx  rcfta  ub  contcntuscftad 
duplumpcriphcricicuiusaxisac,bafis  vc- 
locirculus  cxfcmidiamctrocbjVtcftqua- 
dratumcxu  badquadratum  m  n  •,  fiuc  in 
duphcata  vcl  (  vt  alij  loquuntureodcm 
ftnfu)  in  dupla  rationc  rcftarum  u  b,  m  n, 
quod  cratoftcndcn^um. 

SCHOLIVM. 

f^dmuis  c  h  ^ud  fonitur  efe pdrdlUUrum 
^dximd  non  termindret  jigurdm  ,  jJJ  eget 
tntrd  iffdm^eddem  ejfefVis  demon^rdtionisy 
dummodo  ^uddrdtum  mntofqndtur  oSu' 
pltim  eius  fpdiij  ^uod  lihtd  u  h  fu^ensa  exe 
C^fujtinente  tetdmjigurdm  fUdmJecdref^' 
nitUTy  dquifonderdt  toii  figur^  ,  O^f^ontdn" 
tum  yni  eiuspdrti» 


r 
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COROLLARIVM    I. 

Eadcm  cflec  dcmonftratio  fi  pcriphe*  ^ 
ricum  dcfcnptum  cCTct  circa  axeni  ac^ 
quamuis  c  b  rcfta  non  cflct  pcrpcndicula- 
ri$  ad  akcm  a  c  ,  dummodo  rcfta  c  b  Sf 
omncs  ci"parallelae  intrafiguram  c  a  d Jn 
duaxitaintclUgantur  moucri  dum  pcri-» 
phcficum  dcfcribitur,vt  in  motu  vni  cidcn^ 

rcftae  imraotse  mancant  paralUlx ,  mxta 
difta  ia  Scholio  propofitionis  UUri  huiu$ 
duodccimae. 

COROLL  ARIVM  II- 

«r  PrxfcnsthcotcmaplanamviamTacit  ad 
.plurima  problcmata  abftrufa  pariter  &  vtr 
lia.  Ccrncrc  iftud  Ucct  fi  linea  a  d  b  fit  fc* 
ftio  conica  ,  &  a  c  diamcrer  j-^fi  fcmi  vel 
trianguium  pcr  ac  axcra  coni  fit  figufa 
a  d  b  c.  Primo  quidcm  demonftratur  pro- 
portio  contihcntis  cylindri  ad  conunrum 
cq^icum»  paraboUtum,  hyperboUcum  & 
fph^ipricum.Qaoniam  cnim  fifigura  a  c  b  d 
fit  fiMiri-triangulum  pcr  axcra  coni,  Ubra 
u  b  cx  c  fufpensa  fpatium  quod  cku  pen« 
dcns  aequipondcrat  triangulo  a  c  d  b  vt  ia-  ^ 
cct  manenti  eft  tcrtia  pars  trimguU  a  c  b ,  ^fat. 
o£tuplum  iUiusxquipondcramis)  erit  o^o  parab. 
tertix  partcs  trianguU  a  c  b^  vt  ergo  o<flo 
trientes  trianguU  a  c  b  ad  quadratum  it\Xx 
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c  b^  ita  eft  duplum  coni ^  cubum  cx rt^i 

^  y      U  b^  quod  omnino  confotmc  cfi  dcmofl- 

^^   '     ftratisab  Euclide.Nam  (i  acbfit  triangaiu 

Hqc.      reAangulum  cuiusduo  latera  a  c  ^c  b  con- 

tintmia  aneulum re£tum  (int  argualia  3  z- 

quipondtrans  eritvna  fcxta  pars  quadratt 

quod  potcft  c  b,  cum  (it  vna  tertia  triangu- 

liac  bquod.eft  dimtdium  ciufmodi  qua* 

drati ;  oftuplum  aequipondorantis  contine- 

bit  oAo  fextas  quadrati  c  b,hoc  eft  quatuor 

tertiass  fed  quadratum  u  b,ciim  fit  quadni* 

plum  quadrati  c  b^cpntinet  duodecim  ter- 

tias  ip(ius  quadrati  c  h\  crgo  duplum  iftius 

coni  fc  habec  ad  cylindrum  cubo  ex  u  b 

contentum,fd  cft  cuius  bafis  fic  exdiame- 

tro  ii  b ,  &  altitttdo  fit  ipfi  u  b  a^qualis ,  vt 

quatuor  tertiae  quadrati  c  b  ^  ad  duodccinf 

tcrtias  eiufdem  quadrati^hoc  cft.vt  quatuor 

ad  duodccira^  vel  vt  vnum  ad  tria  ;    crgo 

ifte  conus  cft  ad  cy lindrum  ^  cuius  bafis  fit 

circulus  ex  diametro  o  bialtitudo  a  c  ipfius 

u  b  femtdis,  vt  vnam  ad  tria ,  quod  conTo- 

nac  Euclides  demon((rationi«     Quamuis 

triangulum  acb  non  habcret  latcra  circa 

anguluth  reftum  acqualia  oficndcrietttr  ta« 

menpar  cofonantia  cum  Euctidea  dcmoo* 

ilratione  j  fed  longum  m^gis  id  forct  qdim 

necefTarium.    . 

Rurfus  figura  a  c  b  d  fit  quadrans  circtt* 
li.Quoniam  illt  vtiacet  manenti  aBqaipon* 
derac  vna  tertia  quadrati  cx  c  b  g^niti  } 
o£tapluni  as(][uipen4eraqtis   cnint     oAo 
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trrientcs  ciufdcm  quadrati  c  b  3  fcd  quadra* 
tum  cx  u  b  continct  duodecim  tncntcs 
ciufdcm  quadrati ;  crgo  cylindrus  cubo  tx  . ,j  j^^J" 
u  b  coutentusfc  habctad  duplum  fphxrici  ius. 
cuii^bafisfitcirculusmaximus  cxdiamc- 
tro  u  b  gcnitus»  vt  ofto  tricntcs  ad  duodc- 
cim  tricnt«s,(iuc  vt  ofto  ad  duodccira,  aut 
vt  duo  ad  tria.  £rgo  cum  cylindrus  cuius^ 
eadcni  bafiscx  diamciro  u  b  gcnita»  &:  alti- 
tudo  a  c  vcl c bfcsniflis altitudmis  cy hndri 
cuboinclufi  ,  fit  fcmiffis  cylindri  cuboip- 
clufi;  vt  cft  cylindrus  cubo  inclufos  ad  du^ 
plum  fphacrici,ita  crit  fcmiffis  ciufdc  m  cy- 
iindri;  hoc  cft  cyhndrus  cuius  ahitudo  c  a, 
ad  fpharricum  cuius  femidiamcttr  c  a  :  cr- 
goeiufmodi  cyhndrus  cuius  ahitndo  ca 
cft  adfphscricum  eadcm  bafi  &  aliitudtnc  '^^^^^^ 
pracditumvttria  adduo  ,  quod  ad  aniijffm 

congruit  ijs  quac  dcmonftrauit  Archimc- 
dcs,fic«tidiximus  in  hoc  libro.  - 

?rxtcrca  figura  ac  bd  fit  pbrtio  para- 
bolaecuiusaxisac»  acqualis  ipfi  ordinatim 
ad  ipfamappHcatatc  b,vcrtcxa.  <^ioninm 
i^lius  centrum  grauitatis  cft  in  parjUcla  j.^y, 
per  xdufti  {  fi  nimtrum  vt  ofto  ad  tnaaraioro 
fiat  c  b  r^fta  id  c  x)  &  quoniam  a  c  b  para-  '^  ^^^J 
bol«  portioeft  duap  tcriix  rcaanguli  a  c  b^  '^''^  **' 
vt  ofto  ad  trta,ita  crit  poriio  a  c  b ,  hoc  cft 
duo  trientcs  fi^c  ofto  duodecimsp  re^Van- 
guli  a  c  Kquod  eftquadratum  in  prarfenti 
hy pothefi^ad  fpatium  cx  «  xquipondcrans 
.  ipfipojtioiii  lika  u  bcx  c  fufpcnas,hoc  eft 


ViS 

ro- 
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ad  tres  duodccimas  iiue  ad  quadrantem 
quadrati  ciufdem  c  b.  Oiluplum  ergociuf» 
modi  {quiponderantis  conftat  o£to  qua* 
drantibus  quadratic  b  ,  iiue  duol^us  qua« 
dratis  c  b  5  fed  quadratum  ex  u  b  conftac 
^atuor  quadratis  ex  c  bjrcrgo  vt  duo  qua- 
drata  cb,  ad  quatuor  ciufmodi  quadraca, 
ita  eft  duplum  parabolici  ad  cylindrum 
contcntum cubo  gemto  cx  ub :  fcd  cylia- 
drus  habensbaiim  eandem  cum  contento, 
&  altitudincm  a  c  cft  fcmiflis  (  vt  modo 
oflcndimus)cylind^:i  contcnticubo  ;  crgo 
cyhndrus  cuius  ba(is  fit  circulus  cx  u  b 
gcnitus,  ahitudo  c  a  ,  eft  ad  parabolicum 
eadem  aUitudine  &  ba(i  prxditum  vt  qua*^ 
tuor  ad  duo^  hoc  eft  in  ratione  dupla quod 

Tj.hu-  aptiiflimf  quadrat  ad  dcmonftrata  ia  hoc 

*"*•       libro^  ahas  ab  Archimcdc* 

Eadem  concocdia  poflct  oftcndi  fi  figura 
a  c  d  b  poncrctur  cfle  hypcrbola  cuiusdia- 
mctcr  a  c  9  ordinatim  ad  ipfam  appllcata 
ch y  vertcx  a;  fi  nimirum  t%  methodo 
prioris  hbri  inucnirctur  fpatium  rcftUi-  . 
neam  ,  quod  libra  u  b  cx:  c  fufpenfa  acqui- 
..pondcret  hypcrbotea  c  db  vt  iacetma- 

huiLV.'*  ^^^^^  ^  ^^^  ^^'^^  f«^i«5  pcrfequi  noh  eft 
operae  prctium. 

COROLL  ARIVM  III. 

>.  Prxtermlttere   tamcn  nolim    cx  ifto 
Thcorcmatc  poflc  dcccrsninari  proportio^ 


'  \ 
* 


\ 
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ncm  quam  habcnt  pcriphcrica  quormu 
a  d  btit  fcdtio  conica  datt)  fpatio  ex  uxqui- 
pondcrantc  5  quamuis  rcfta  a  c  non  fit  dia- 
mcter  vcl  axis  >  &  quamuis  c  b  non  (it  or^ 
dinatim  applicata  ad  ipfam  diamctrum; 
fed  re6laeac»^  b  c  vtcunquc  dn£ix  conuc^ 
niant  in  c  .  Quoi  fanCpalia  via  cft  difficiU 
limum  ,  nec  adhuc  ,  quantum  rccordors 
ab  vllo  inucntum.  Ncquc  vcro  cxiftiman* 
dum  eft  traditam  faifle  proportionem  ifto<« 
rum  folidiBrum  omnium  in  libris  quosAc^] 
chimedcs  fcripfit  de  Sphaera  &  cylindro, 
de  conoidibus  &  fphxroidibus  ^  ibi  enim 
noa  ^rfignatur  proporcio  nifi  corum  pcrU 
phericorum  qux  circumdufta  fc£tionis  co« 
nicat  ita  dcfcribuntur ,  vt  linca  manens  a  c 
(it  diametcr>  &  linca  c  b  fit  ordinatim  ad 
diamecrumcandcmac  applicata.  Qudd(i 
a  c  aon  fit  diamcter  (  &  qaidcni  tranfiaer-» 
fa  in  hyperbola  )  vcl  fi  fit  diamcter ,  c  b 
tamen  n^nfit  ordlnatim  ad  ipfam  applica* 
ta(prout  cpntingit  in  cafibus  innumeris) 
Archimedei  ifti  hbri  non  tradunt  eiufmodi 
proportionem,  qux  longe  remotiCfima  ed 
a  principijs  &  inuentis  ipfius.  E^c  quibits 
liquido  conftat  quantac  viilitatis  fit  libra 
commodc  tra£lata ,  quantumque  iuuet  in« 
uenifle  fpatia  scquiponderantia  iftis  (cfXio* 
nibus  conicis ,  cum  foUda  eiufmodi  pluri«* 
ma  occurr ant  vcl  in  vafis,  yc\  in  concame^ 
rationibus  >ahlfque  partibus  velornamen« 
tis  asdificiorum. 
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iAtque  vt  haftcnus  dcmonftratis  vtaniur 
tantum  ^  cum  oftcndcrimus  fpattum  quod 
ii  diamcter  tranfucrfajbyperbol;  ponatur 
cfle  libra  fufpcnfa  cx  ccntro  xquipohdcrat 
portioni  dats  fcftionis  iftiusroodi  ^  indc 
oeterminare  Itccbit  proportk)nem  cylin- 
dri ,  cum  folido  pcripherico  cuius  rcfta 
mincns ,  dum  motu  hyperbo!x  dcfcnbi- 
tur»  fit  diametcr  rcAa,  fiue  dircAa  tranf- 
uerfar  coniugafta  ^  lihca  autcm  dcfcnbcns 
tircttlum  fit  ordinatihi  applicata  ad  cmf« 
modi  diametrum,  velquatuis  alja  non  or« 
^inatim  appUcata  ad  ipfam.  Eiufmodi 
porro  folidutai  habet  figuram  faliai  vulga« 
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ris  xyftroidcm,  ideft  eius  caua  foris  fpe« 
Aaat  ,  coauexa  iotcrn^  vcrguoc  :  vnde 
non  malc  vocccur  hyperbolicum  xyftroi«> 
des.  Si  igitur  (  vt  iftud  in  cxcmplo  dctcr-> 
mincm  )  t  (it  ccutrum  hypcrbolz  c  ab, 
fintquc  «^^^  \  9  A#2Bquales;  ipfi  autcm  mK 
(it  zqualis  rcAa  a  c  /cylindrus  cuius  bafis 
fit  circuluscx  femidiamctroTcdcrcriptus» 
&  altitudo  cadcm  quac  ptrpcndicularis  tx 
b  in  a  c  rcftam  dcmjfla  y  inucnictur  ad  pa« 
rabohcum  xyftroidcs  motu  hypcrbolae 
adb  prsefcriptj  iam  ratione  dcfcriptumi 
cile  vt  viginti  fcptcm  ad  nouemdecim;  ego 
ccrte  rcni  ita  conclufi  epilogifmo  bis  auc 
ter  repetito  ,  quamuis  non  diffitcor  po« 
tuiue  me  in  tam  lubrica  computandi  via 
incautiim  nec  aduertentem  labi. 

Prastcrca  quoniam  ibidcm  oflendimus 
fpatium  acquiponderans  figurac  a  c  b  d 
quando  a  c  eft  diamctcr  circuli  vcl  eUip- 
fcos  ,  quamuis  rcAa  c  b  non  fit  ordinatim 
applicau  ad  dtamctrum  a  c ,  detcrminari 
etiam  poterit  proportio  eiufmodi  fohdo- 
Tum  pe^iphericorum  ,  dcfcriptorum  linea 
a  €  manentc ,  &  rcAa  c  b  dcfcribcnte  cir« 
ctttum. 

Denique  qooniam  fi  ^  d  b  fic  parabola 
quomodocumque  fe  habcailt  rcftx  a  c,c  b, 
fiue  punftum  c  fit  ad  caua  lincae  a  d  b  fiue 
ad  conuexa  »  muenitur  ex  quadratura  pa- 
raboles  Archimedea  rcAilineum  quod  ex 
tt  pctid^ns  ipfi  figurx  a  d  b  c  vt  iacct  ma» 
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nerfti  arquipondcrat  >  alfignari  potcrit  pio- 
portio  lanmntrorum  ciufraodi  pcripheri^ 
corum  ex  parabolac  circumuoluiionc  na- 
torum  >ad  quam  fi  claufo  ifto  tramitc  tcn- 
tc$  irc,  mirum  eft  fi  aliud  inucncds  ,  praeter 
jjjimtfta  &  fcntcs  denfiffimas  ^uac  'tc  coeco 
mextricabiliquc  crrorc  impediant. 

Lubet  exempli  caufa  determinarc  pro- 

portionem  pcripherici  quod  altcrum  para- 

Dolicum  reftc  appellcs.  Rcaa  ac  immoia 

mancnsindifcriptionc  iftms  parabohci  fit 

ordinatim  applicata  ad  diametrumbc  ipfi 

a  c  aequalcm  parabolac  a  d  b^ ,  cuius  vcrtcx 

fit  b.  Vt  quinquc  ad  dup  ita  fiat  rcfta  b  c 

^  _   ^   ad  c  X  ^in  rcfta  pcr  x  dufta  parallclcos  rc- 

jj  jg,     ttx  c  a  cnt  ccntrum  grauitatis  figurac  planac 

quip.,    c  a  d  b.  Qjoniam  libra  u  b  cx  c  fufpenfa 

&  fuftincntc  figuram  c  a  b,  fpatium  quod 

cx  u  pcndcns  xquipmderat  ipfi  figurae  vt 

iacct  minentt ,  fc  habct  ad  fpatium  figurae 

^.  qua*  Vjt  rcfika  c  x  ad  c  u ,  hoc  cft  vt  duo  ad  quin- 

^lwb^  ^^^ '  P'^"*  ^^^^  figura  a  c  b  d  cft  dax  tcrtiac 
rcftailguIiacbL^vtanteadiximus  j&  con- 
ftat  cx  primac  huius  librt  corolUrio  quarto) 
&  vc  qninque  adduo  ita  funt  duo  tricntes 

'  ^  fiue  d#ccm  dccimac  quintx  ad  quatuor  de- 
\  chnas ;  acquipondcrans  crgo  erit  quatuor 
decimac  quintac^&^ofiuplum  illius  trigin- 
taduacdccimac  quintac  quadratt  c  b  £eu  re« 
Aanguli  ac  b:  fcd  quadratum cx  u  b,  cum 
fit  qitadruplum  quadrati  c  b  continct  fexa« 
ginta  decimas  quintas  ciufdem  qaadrati 
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c  b :  crgo  vt  uigimadu»  dccjmae  quintac 
quadrati  bc  ad  fcxaginta  dccjiiia>  quiota$ 
ciufdcm  quadrati,  iiacft  diipluni  parabo- 
lici  alicrius  iad  cylindriiin  contcnttm  cu- 
bo :  ergo  cwm  c)  Imdri  ciufmodi  fcmiffis  fit 
cylindrus  cuius  bafiS  cft  circulus  tx  dia- 
mctro  u  b  &  ialtitudo  a  c  fcu  c  b^  crit  para- 
bolicum  altcrum  habcns  candcm  bafim  & 
altitudincm  ad  cylindrumipfum  vt  fcxdc^ 
cim  ad  trigmta.  Quoniamv^rovtoflcndi- 
mus^in  coioUario  pra? ccdcnii parabolicum 
vulgarc ,  quod  conoidcs  rcftangulum  nq- 
minat  Archimcdcs ,  cadcm  bafi  cadcmouc 
altitudinc  prarditum  fe  babct  ad  cundcm 
cylindrum  vt  vnum  ad  duo  5  hoc  cft  vt 
quindccim  ad  triginia  5  crit  vt  quindccim 
ad  triginta;  ita  parabolicuoi  vulgarc  ad  cy* 
lindrtim,  &  vt  trigidta  ad  fcxdccim  ita  cV- 
lindrus  ad  parabolicum  altcrum  5  crgo  cx 
afcjuo  vt  quindccim  ad  fcxdccim  ,  ita  pa- 
rabolicum  primum  fiuc  vulgarc  ad  para- 
bolicum  alterum  ,  quorum  finguJa.con- 
ftant    cadcm    bafi  eadcmque    altitudjne. 
^uod  fortaflfe  mirum  vidcbituralicui,  can- 
dcm  nimirum  figuram  planam  circumuo- 
lui  aliquando  poflc  circa  dmcrfas  rcflas 
qujbus  tcrminatur  ,  ira  vt  modo  maius 
modo  minus  fpatium  figura  circumuolu- 
tionc  ciufmodi    dcfcripta   complcftatur, 
Quod  fi  (  vt  hoc  ctiam  quod  <propc  exci- 
!  dcbat  non  taccara  )  figura  a  c  dcflct  tota 
;  Tcdlilinca ,  fpatium  xquipondcrans  facilc 
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0bunebitur  \  quia  quadratrix  ?<1  tota  ertC 
parabolica,fi  nimirum  in  atnbitika  d  b  nul« 
him  fit  latus  rtfXx  c  b  parallcium  vt  cx 
prxcedenti  libro  conftat :  tota  attem  qua- 
dratrix  crit  rcAa  fi  c  a  bfitfigura  parallclo* 
gramma,&  congruetipiidiamctro:erit  de* 
oique  mixta  ex  parabolica  &  rcAS  ,  prout  . 
ambitus  a  d  b  fucrit  mixtus  ex  parallclis  & 
cx  non  parallclis  rcAx  c  a. 

COROLLARIVM  IV. 
Viciflim  (patium  atquipondcrans  figurae 
c  ab  libra  u  b  fiifpensa  cx  c  ,  &  fuftincnte 
ipfam  figuram  c  a  b  vt  lacct ,  obtinebitur 
dato  paraliclepipcdo  quod  arquale  fit  foli" 
do  conttnentipcriphericumcuiusaxis  a  c 
defcriptum  circumuolutione  nota  figura^ 
planac  c  a  d  b.Sit  cnim  bafis  parallelepipc« 
aidatiea  quaefit  cx  quadraro  zb,  &  alti« 
tudo  cius  fit  ref^a  c  y.  Vt  c  b  alti* 
tudo  quadrati  c  b li  i  (  quac  cadcm  cft  cum 
altitudine  parailciepipcdi  m  $  cuius  bafis 
m  tquxritur)  ad  aitirudincm  cy ,  ita  fiat 
quadratum  ex  z  b  latere  bafis ,  ad  quadra^ 
tummtbafimparallrlcpipedi  quasfiti.  Di« 
co  quadrati  m  t  oAauam  partem  cflc  fpa^^ 
tium  quadratarium  quod  figurac  c  a  b  cx  u 
pcndens  libra  cx  c  fufpenfa  aequipondcrat, 
Quoniam  enim  parallclcpipcda  quorum 
bafcs  funt  quadrata  ex  z  b  &  ex  m  n  ,  & 
altitudines  funt  c  y,  m  p  feu  c  b  talia  funt 
vt  eorum  bafcs  &  altitudines  reciprocciH 
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tur  ,  ipfa  crunt  xqtialia  :  qaoniam  crgo 
parallclcpipcduin  tn  s  cft  aerquaic  folido 
conxincnti  pcripbcricum  praerdiAum  »  9c 
cius  altitudo  m  p  cii  scqualis  latcri  quadrati 
c  b  h  iy  odaua  pars  parallclcpipcdi  m  s  cric 
acqualis  cuncat;  figurz  cuius  acics  c  a,latus 
c  a  b )  triangulum  notum  c  h  b«  £rgo  pcr 
vigcfimam  primam  hums  oAaua  pars  qua- 
drati  m  t  cft  fpatium  quod  cx  u  pcndcns  li- 
bra  u  b  fufpcnfa  tm  €  f  quipondcrat  figurap 
c  a  b  vt  iacct  mancnti« 

Iftud  corollarium  mirabilcs  habct  vfus. 
Si  cn^m  figura  plana  c  a  b  tit  triangulum» 
quadratarium  fpatium  contincbitur  para- 
bo1a,  ac  proindc  hinc  quadratur  parabola. 
Sit  cnim  linca  a-b  rcAa  :  quadratrix  ^rgo  J*.*  ^^J' 
Imeacrit  parabola  ,  &  quoniam  u  c  ,  c  b  jut. 
funt  a?qualcs ,  rc£ta  a  b  tangct  parabolam 
quadratricem  tranfcuntcm  pcr  c  &  b.  Quo- 
niam  crgo  pyramis'  cuius  bafis  fir  quadra- 
tum  cx  u  b  cft  tcrtia  pars  paralldcpipcdi 
cuius  cadcm  bafis  &  altitudo ,  fi  c  y  pona- 
tur  tcrtia  pars  tt(Xx  c  a  ,  parallclcpipc-* 
duro  cuius  bafis  fit  cx  latcrc  u  b ,  altitudo 
fit  c  y  crit  xqualc  pyramidi  AxRx ;  crgo  vt 
c  b  rcda  ad  c  y,  ita  cft  quadratutn  cx  u  b 
ad  quadratum^cx  m  n :  crgo  ficut  c  b  ttlXz 
cft tripla ttfkx ty  ( ponimus cnim  rc£tas 
c  b,  c  a  cflc  aequalcs)  ita  quadratum  cx  u  b 
cft  triplum  quadrati  cx  m  n :  crgo  o£Vatiar 
pars  quadrati cx  m  n ,  qusc  cft  zqualis  qua- 
dratario  fpatio^cft  vna  vigcfima  quarta  pars 
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quacirati  ex  u  bj  &  \na  lcxta  pars  quadrari 
cx  c  b^quodcfi  quartaparsquaclrati  cx  tj  b: 
fcil  vna  fexta  pais  quadraticx  c  b  ,  cfi  vn^ 
tcfiia  pars  trianguli  ac  b  quod  cft  inedia 
pars  quadrati  ex  c  b  ^  crgo  quadratatiuni 
fpatiuin  quodcxu  pendcosliDra  ex  c  iuC- 
pcnsafquipcndcrat  triangulo  acb  vtia- 
cct  niancnti  cft  tcrtia  ipfius  trianguli  pars; 
quod  in  libcUo  dc  quadratura  parabolf  dc** 
monftratidum  fufccpit  Archioiedcs. 

Si  autcm  c  a  b  (it  quadrans  circuli  cuius 
ccnttum  c,  oflcndctur  quadratarium  fpatiu 
quadrantis  iftiufmodi  pcndcns  cx  u  libra 
cxcfufpcnsa  c{Ic  ^qualc  vni  trienti  qua- 
drati  cx  c  b.    Sit  enim  c  y  ad  c  a  vcl  c  b 
vr  duo  ad  tria ;  parallclcpipcdum  ci^go  cu- 
lus  batis  (it  quadratuqi  cx  u  b  alltitudo  c  y» 
eritxcjuale  (blido  cotincnti  periphcricum 
ex  circumuolutionc  quadrantis  a  c  b  dcf- 
criptum ,  vt  conftat  ex  corollario  quarto 
dccim^  o£laux  huius  libjri  \  Ergo  vt  c  b  re- 
Aaad  c  y^ita^ft  quadratum  ex  u  bad  qua- 
dratum  cx  m  n  5  crgo  ficut  c  b  cft  ad  c  y 
y t  tria  ad  duo,  ita  quadratum  cx  u  b  cft  ad 
qoadfatum  cx  m  n  vt  tria  ad  duo  :  crgo 
oftaua  pars  qi/adrati  cx  m  n,quac  cft.?qua- 
lis  quadratano  fpatio  ,  cft  vna  duodccima 
quadratiexu  b  ,&  vna  tcrtiapars  quadrati 
excb,  quod  cft  quarta  quadrati  ex  u  b. 
Hoc  ad  vngucm  quadrat  ris  qug  deraon- 
ftrauimus  in  tcrtio  libro. 
Si  autem  c  a  b  fitparabola  cuius  diame- 

tcr 
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tcr  a  c,  ordinatim  applicata  c  b  ,  cadcm 
occurrct  quadratarij  fpatij  conucnicntia 
cum  co  quod  cx  dccimao^aua  tcrti)  libri 
inucntum    ifuerit  :  quadratarium  autcm 
ifiad  fpatium  inucnictur  vi  prxfcntis  mc* 
thodi  fi  adhibeatur  corollarium  vigcfnnse  ^^  \^^^ 
huius.ExcmplovnoiftuddccUremus.  Sit  iu$  la 
vt  in|tcrtio  coroUario  pofuimus  ^  ccnirum  ^oioil. 
hy pcrbolac ,  fintquc  a  cr,  cr  \,  ^  «  aequalcs ; 
ipfi  autcm  a  x  fit  «qualis  refta  a  c.  Erit  cr- 
gorc£la  »c  ad  rcftam  c  a  vt  quinquc  ad 
quatuorj  ac  proindc  cx  mcmorato  corol- 
lario  fohdum  quo  continctut  pcriphericu 
illnd,  erit  ad  pyramidcm  cadcm  bafi  &  aU 
titudine  praeditam  vt  quinque  ad  quatuor^ 
fcd  pyramis  ifta  cft  ad  paralielepipcdum 
eiufdcm  bafis  &  altitudinis  vt  quatuor  ad 
duodecim  ;  crgo  cx  xquo  vt  quinquc  ad 
duodccim^ita  fohdum  contincns ,  ad  pa- 
rallelcpipedum  candeni  bafim,  eandcm- 
quc  altitudinem  obtinens.  Sit  c  b  ad  c  a 
pcrpcndicularis  ,  &  ipfi  ac  xquaHs(id 
cnim  fieri  poteft  fi  xtfhz  pcr  1  &  b  duAa  fi- 
guram  determinet )  Si  CTgo  refta  cbfcu  ^^^""^ 
c  a  altitudo  fe  habe^t  ad  c  y  altitudinem 
vt  duodecim  ad  quinque » parallelepipe- 
dam  fub  altitudine  c  y  &  fub  bafi  cx  u  b 
crit  a^quale  folido  continenti  peripheri- 
cum  \  crgo  vt  c  brrcfta  ad  c  y ,  iu  cft  qua- 
dratum  cx  u  b  ad  quadratum  cx  m  n ;  hoc 
cft  vt  duodecim  ad  quinquc  5  crgo  oftaqa 
pars  quadrat^  ex  m  n  quac  eft  acqualis  qua- 


nic. 
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dratario  fpatio,  eft  quinquc  vigcfimas  quar- 
\x  quadrati  cxcbzvt  facilc  intcUigUAt 
arithmcticcs  pcriti.  Nam  c  b  qaadratum 
cft  quadrans  quadrati  u  b,  ac  proindc  cius 
nonagcnmas  fcxtas  complcAitur  quatuor 
fupra  viginti  ^  quadratum  vcto  in  t  c6nti« 
net  quadraginta  ,  &  quadratariuin  quin« 
quc  \  crgo  cuiufmodi  quadratum  c  b  com* 
pk£luurvicenasquaternas  ,  ciufmodiqui- 
nas  continet  quadratarium.  In  pottcrum 
femifcgmcntum  ifiud  hyperbola^  appclla* 
bo  notum.  Simili  mcthodo  inucnictur  t% 
^y  (Iroidis  conlideratione  quadratarium  cfle 
xquale  duobus  tricntibus  quadrati  K  a  libra 
fufpenfaex  ccntroir ,  direaaquc  diamctro 
vcrfa  in  pcrpendiculum  ,  &  brachioipfam 
diametrum  ^a  arquantCj  (i  autcm  brachium 
ponatur  f<!midiamctro  a  cr  xqualc  ,  dupli- 
candum  crit  eiufmodi  quadrataiium  C3C 
oftaua  fecundi  libri5&  iftud  itcrum  du- 
plicandum  vt  habcatur  atquipondcransfi- 
MC  quadratarjum  totiiis  fegmcnti  cxda- 
phci  fcmifegmento  conflati. 

Propositio  XXIV* 

Sit  Scdio  ccntrica  hc,  cuius 
ccntrum  d  j  diamctcr  b  h  tcrmina- 
ta  punais  b  &hjlincabf  figu- 
ram  dctcrrtiinct ,  lltquc  angulus 
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hbf  ffmireausj  rc<aa  vcro  fh 
tangat  fedionem  in  h  5  illi  ergo  . 
aequidiftances  erunt  ordinatim  ad 
diametrum  b  h  applicatae.  Duca-  31.  ph. 
tur  vtcunque  ordinatim  applicaxja  ^l^f'" 
ce,  qu^  decerminatKi b  foccut- 
rat  in  y  i  &  dudis  per  re<^as  b  h^ 
f  h  pUnis  redis  ad  planuna  h  e  i  fe- 
cantibus  fe  fecundum  redam  hr 
perpendicularem  adplanum  hcy 
fupcrrcdll  c^  iritelligatur  in  pla- 
no  ecoparallelo  adplanum  f  h  f) 
conftrudum  quadratum o lita vt 
}att|s  o  n  bifariam  fecctur  in  pun- 
do  c ,  ^  latus  q  l  in  pundo  c  ..$ j- 
militcrfuper  reda  c  y.  intelligatiir 
in  eodem  plano  e  c  o  conflini^um 
quadratum  f  Ujita  vt  latera  s  n  j  x  u 
bifariam  fecentur  in  pundis  c  ,y, , 
Denique  intelligatur  quadratum 
o  1  efjfe  communis  fedio  folidl 
cuiufdam  &plani,ec$;quadra- 
tum  vero  fu  eflTe  fedio  alterius  cu- 
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lufciam  rolidi  &  eittfdem  plani 
6  c  $ .  Oftendendu  eft  (i  b  e  fa  (ic 
oxygonia  feAio,  vt  inprimo  fche^ 
mate-in  qao  redz  h  b^  b  a  func 
xquales  ^  &  eiufmodi  foHda  ftf^ 
ftententur  Vt  iacent  l  libr^  a  c>  cu- 
ius  centrum  fit  b  >  &  ex  a  pendeac 
{olidum  z  ^quiponderans  am» 
bpbus  nmul  folidis;  folidu  z  efle 
^quale  folidojcuius  fe^io  eft  qua^ 
dratum  fu .  Item  (i  h  e  i  fit  hyper- 
bola ,  (iue  vt  loquttur  Arcfaime^ 
des  amblygonia  fe^io  ,  &  eiuC' 
raodi  Tolidorum  difTcrentia  fufti^ 
neatur  vt  iacet  I  libri  a  c ,  culus 
centrum  {it  h ,  (blidum  z  pendens 
ex  b  &  xquiponderan^  pra^didz 
differentis  vt  iacet  manenti  eife 
«quale  folido  cuiusfe^io  eft  qua« 
dratumol. 
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Quoniam  quadrata  »  funt  figurac  (iini< 

.    lcs  ,  trcs  vcro  reftj  y  c ,  c  c,  c  h  func  pro- 

tni  co- P^^^^i^^^^Ic^i  ^'^^('vtprimay  c^ad  tertiam 

nic.       c  h  j  ita  quadratum  fu  ad  quadratum  o1 : 

io  fcx»  ftd  refta  y  c  cft-acqualis  ipfi  bc  (c6  quod 

jq\{[^'  bf  cui  yc  cft  parallcla  fit  aequalis  ipfi  bh) 

4.  fexci  cigo  vt  rc£ta  b  <;  ad  re£tam  c  h^  ita  cft  qua. 

•inco-     dratum  f  u  ad  quadratum  o  l  ^  &  inucrtcn- 

^•"*      do  vt  rcfta  c  h  ad  b  c,  itaquadratum  o  lad 

f  u  :   crgo  componcndo  fi  fcflio   b  i  h  fic 

oxygonia,vtin  primafigura>vt  bh  vcl  a  b 

rc£ta  ad  b  c  ,  ita  fiint  duo  fimul  quadrata 

b  1,  f  u,  ad  quadratum  f  u.    Quod  fi  b  i  h 

fit  amblygonia  vt  in  fccunda  figurS,  quo- 

ntsm  vt  rcAa  b  c  ad  rcAam  c  hiita  cft  qua- 

dratum  f  u  ad  o  lycrgo  diuiJendo  vt  rcfla 

b  h  ad  r cftam  h  c  ,  ita  cft  diffcrcntia  qua- 

dratormn  f  u,  o  1,  ad  quadratum  o  1. 

Quoniam  crgo  in  figut^  oxygoniarum 
vt  brachmm  a  b  ad  longitudinuin  b  c  ,  ita 
cftquadratum  fu  VBa  cum  quadratool 
ad  quadratutti  f  u,  &  ita  euenit  in  quacun« 
quc  alia  ordipatim  apphcata ,  vt  fcilicet  fi- 
cut  brachtum  a  b,  ad  portioncm  Hbrx  in- 
ter  centrum  b  &  ordinatim  applicatam,  in^ 
teriefta,  ita  fic  quadratum  cx  portione  or- 
dinatim  applicatac  rnterccpta  rcais  b  d,b  f 
vna  cum  quadrato  cx  portionc  ciufdeni  or- 
dinatim  applicatae  intcrcepta  diamctrab  d, 
&  oxygonia  h  c  b ,  ad  quadratut»  ex  por- 
tionc  intcrccpta  reftis  b  d»bf;crgocxpro- 
poruione  feptima  fccundi  libri   adiunao 
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coroUario  fccundo  propofuionis  fexfx  li- 
bri  .eiufdcni  folidum  z  cft  a^quak  folido 
cuius  fcftio  eft  quadratuiii  f  u. 

Similiterin  figura  atrblygoniarum  <juo- 
xiiam  y%  brachium  b  h  ad  longitudincm 
hCy  itacft  difFcrcntia  qaadratorum  f  u,  o  1 
adquadratum  o  l,&idcmcontingit  inqua- 
cunque  alia  ordinatim  applicata>vt  fcilicct 
ficut  brachium  bhadpoitionem  hbrsein- 
terccntrumh&  ordinatim  applicatam  m- 
terpofitac  9  ita  fit  difFerentia  quadratorum 
ex  portionibus  ordinatim  ,applicataram 
quasdiamctcr  bd  mtcrcipit  vns  cum  rtiX% 
b  f,&  cutn  hypCrbola  h  c  i ;  crgo  cx  fcpti- 
ma  citata,  folidum  z  cft  xqualc  folido  cu- 
ius  fe£lio  eftquadratum  o  1  ,  quod  crat 
oftendendum. 

COROLEARIVM    T. 

Si  fupcr  rcftis  c  e  ,  c  y  conftrucrcntur 
quacuis  alix  figurac  dummodo  fiinilcs  fo« 
rcnt,  &  fimiliter  fecarcntur  ab  iifdem  rc- 
ftis  c  e,  c  y  visdcmonftrationis  cadcm  fo" 
ret^  vt  apertum  cft. 

'  COROLLARIVM  \l. 

Manifeftom  quoque  cft  praefenrcm 
propofitionem  potuiflc,  fi  opus  fuiflet,  cx- 
tendiadipfamparabolam.  Si  cnim  in  figu- 
tS  prima  ponas  reAam  a  b  cfTc  a^qualcQi 
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laceri  re£lo  parabolx  cuius  vertcx  b  >  dia* 
metcrbc  ,  ordinatiin  ad  ipfam  applicata 
cc^trcsrc£txab,  cCi  cyfiue  cb  erunc 
proportionales ,  crgo  (\  fuper  c  e ,  c  y 
Conftruantur  figurae  ilmilcs ,  vt  re£la  a  b 
prima^ad  b  c  tcrtiam  ,  ita  erit  figura  {iipcr 
c  e  conftrudla  ad  figurain  fuper  c  y  con« 
Oru£lamy  vtcK  di£lis  planum  ej[l. 

COROLLARIVM  IIL 

Hinc  ctiam  patct  mira  Confonantia 
principii  quo  noftrum  ifiud  tbcorema  ni« 
titur^cum  haftcnus  demonftratis»  Quo- 
niam  cfiim  inprim^figura  centrumgra*' 
uiutis  foIidi,cuius  fcdio  cft  quadratum  o  1 
(pofletetiam  poni  circulus,velfcmicircu- 
lus  o  1  )  iacet  in  plano  per  d  ado,  &  ttCto 
ad  planum  h  b  f  ^  co  qdbd  folidum  coius 
bchcftfcaioiitquadransfphxrx  filo  (it 
'^.  qoadrans  circuli ,  vel  quadrans  homoeo- 
fphasrici  fi  1  o  (it  quadratum ;  &  quoniam 
fohdum  cuius  bafis  cft  quadratu ,  vel  qua- 
drans  circuli  f u»  cfl  quadransconi» vcl  ho- 
moeoconicij  fi  bh  diuidatur  in  t  ita  vt  por- 
tio  b  ^  (it  tripla  portionis  t  h ,  in  plano  pcr 
ordinatim  applicatam  t^  rcftoadplanum 
h  b  f;  crit  ccntrum  grauitatis  eiufmodi  fo- 
hdi ,  vtin  duodccima  huias  deihonftraui- 
mus  ,  &  ante  nos  dcmonftrarat  alia  via 
Commandinus.  Quoniam  crgo  folidum 
:s  ex  a  pcndcns  xquipon4crat  duobas  foU« 
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dis  vt  iaccnt  inanet)tibus  >  ipfuiy.  (olidum 
z  diuidi  potcrit  ia  duas  portionc  s  quarum 
vna  ^quiponderabit  folido  caius  feftio 
b ch  >  altera  folido  cuius  fe£lio»  oft  trian* 
gulum  bfh  :  ergocum  fpauui n i|uod ex 
a  pendens  {quiponderat  fohdo  c  uius  feAio 
b  c  h  fe  habeat  ad  ipfum  vt  re£la  t^»  d  ad  b  a, 
boc  eft  vt  vnum  ad  dub^  eft  enioa  b  a  x« 
qualis  ipii  b  h  ac  proinde  dupla  fcunidia'» 
meth  b  c^erit  illa  portio  femirfii>  folidi  ca« 
iiis  fcAio  b  e  h.  Alia  vero  portio  c|ttae  2« 
quipond^rat  folido  cuius  feAio  bf  Jh ,  erit 
ad  ipfum  folidum  vt  b  ir  ad  b  a,  thoc  cft  vt 
tria  ad  quatuor.  Rurfus  quoniiim  Cvonus 
cuiusbafis  eO:  citculus  t%  diametro  f  h  |Vcl 
quadrans  coni  cuius  bafis  eft  circulm;  esc 
femtdian^ctro  h  f  produflus^ad  conum  vel 
quadrantcm  coni  cuius  bafim  metitur  \  ^o- 
dem  modb  reda  d  p  per  d  parallela  re  (kx 
h  f>  habet  rationem  compofitam  cx  latcri-* 
bus  &  bafibas>cum  bafisquam  ;metitur  hf^ 
fitquadrupla  bafeos  cuius  dimetiens  eft 
d  ^^  &:  cumaltitudo  b  h  fit  driplaaltitutdi* 
nis  b  d^tres  ifti  numeri  o£lon  arius  ,  bina* 
rius  &  vnttas  repcaefentabunt;  ciufmodi  ra- 
tioneSy  nam  rajio  oftonarii  ad  bibarium  eft 
quadrupla,  ratio  autcm  binarij  ad  vnitate 
eft  dupla-:  crgo  conicum  foli  dum  cuius 
bafim  metitur  hf  pofita  ahitudi  ne  b  h,  eft 
oAuplum  folidi  conici  cuius  b<  ifim  meti- 
tur  d  f  pofita  ahitudinc  d  b»   R  iirrus  quo^ 

nkm  KtAa  d  #  eft  arquahs  it(kz  I  b  c ,  conus 

0^ 
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.  qaem  mci  itur  reda  d  ^  habcns  altitudincm 

b  c,cft  ad  irphacricum  cadcm  ba(i  cademquc 

ahitudinc  paaeditum,  vt  duo  ad  quatuor  vc 

<{iximusiti  corollarioprimo  propoiitionis 

dccimaco^tauachuiushbri  9  quodaliundc 

.    certum  cO.  cx  dcmonftratis  ab  Archimcdc^ 

mi  de"  cum  crgo  fohdum  conicum  cuius  feftio 

Cyl.  &  cft bh  f  fii  oauplum,vtoftcnfumcft>coni, 

fptfaf.    qucm  modio  oftcdimus  cflc  fcmitlem  fph«- 

rici  cuitus  bafis  habcat  dimcticntcm  d  f , 

ciufmodi  folidum  crit  quadruplum  fphx* 

rici  pt2tdif5ti.Cum  crgo  portio  sequipondc- 

rans  Vphxfrico  cuius  fcAio  b  c  h  (it  arquale, 

vtoftenfuimeft,   fphacrico  cuius  bafis  ha- 

bca  t  dimetientcm  reftam  d  p  ^  (  cft  enim  fe- 

miffis  totius  )  &  cum  altcra  portio  habj^at 

fc  .  id  folidum^cuius  fcftio  b  f  h  vt  tr^a  ad 

qu  atuor,ficut  oftendimus ,  illa  porticj  con- 

tincbittrcs  quadrantes  foHdi  cuius  (ic£tio 

b  f  *hjftd  prior  portio  continct  vnum  qua- 

drantcm  ciufmodi  fohdi.vt  raodo  oftcndi- 

masjcrgo  tot  um  z,hoc  cft  ambx  fimul  por- 

tioncs  contiacnt  quatuor  quadrantcs  fohdi 

cuius  fcftio  b  if hj  crgo  fpatium  z  quod  ac- 

quipondcrat  dluobiis  fimul  fphaerico  Sc  co- 

nico  folid  is  vt  iaccnt  mancntibusjcft  aequa* 

lcfbhdo  c  onicoj  atqui  hoc  ipfum  dcraon- 

ftratiopr2:fenscuicit ;  crgo  eft  omnimoda 

conucnicr  itia  praefcntis  thcorcmatis  cum 

principiis  aliundc  certiCfimis.    Porroiftud 

adnotarc  1  libuit,  vt  fit  dcmonftrationis  loco, 

quam  for  talfc  aliquis  non  ita  verfatus  in 
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corolkriisclicicndis  exigat  ad  fidetn  citati 
corollarij  fecundi  propoiiiionis  fcxtz  libri 
fccundi. 

Propositio    XXV. 


Sit  femicylindxus  b  z  cuius  ba- 
fcs  oppofitac  hemicyclia  circulo- 
rum  a  1  c  m,  x  u  z  y  fint  horizonti 
xquidiftantia  i  axis  ad  bafes  per- 
pendicularis  b  d  $  planum  per  axe 
faciat  in  bafibus  fediones  a  c,  x  Zi 
ex  a  pedeat  fpatium  fem^icylindro 
1  m  c  z  y  u  vt  iacet  manenti  squi- 
ponderasjibri  ex  b  fufpensa,  O- 
ftendendu  eft  fpatium  ita  pcndes 
effe  azquale  parallelepipedo  cuius 
bafis  iit  quadratum  squale  dua- 
bus  teixijs  quadrati  quod  poteft 
re^a  b  c,  aIiin}do  v6r6  (it  b  d  ea-* 
^em  quae  cylindri. 
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Sit  i  g  e  h  quiciratttm  horizonti  parallG» 
Ittm  zqnale  bclfi  qttadrati  qaod  poteft  ab^ 
&  de  puoAo  a  peadeat  cx  o  centro  gratti* 
tatis  fttftentatumj  fuper  bafi  ig  c  h  con(lrii« 
£lttm  fit  parallelcpipcdttm  reAangulttm 
gf »  cttitts  ajtttttdo  ut  eadcm ^ttx  bd » to« 
tmiqttc  vt  tacet  fuftincatttr  cx  ponAo  o 
fiiiirpcnfttm  »  manefait^cnim  vt  iacctcttfu 
pf  rpeodicttlttm  pcr  p  tradCeat  per  ccntrttm 
prop.t.  grattitati&  parallcleDipedi  vt  dcmonfirat 
Commanaintts  in  hbro  de  centro  grauita- 
€ti  foUdomm#  Qaoniam  crgp  quadratma 
i  c  vt  iacet  mancns  arqoiponderat  fcmicir^ 
f  I.  hu*  ciito  1  c  m  vt  facet  manenti^  &  vt  quadra- 
ius»  tum  i  c  ad  fcmicirculum  1  c  m ,  ita  cft  pa« 
rallelcpipedum  g  f  ad  (emicylindrum  b  z\ 
fi  ponatur  #  centrttm  grattitatis  fcmicirca- 
ti  1  c  m  j  V  t  a  b  re^a  ad  b  »ixz  crit  fcmicir^ 
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eiilusl  c  tn  3  acl  quadratttm  gh  fibi  stqui-  A^^^i 
pond€raa$;fed  vt  rcmicircttlus  ad  quadra*  «Vv* 
titm ,  iu  m  fcmicylitidrus  ad  parallclcpi- 
pedum  \  ergo  (cmicy  liodrus  ft  parallclcpi* 
pedum  fibi  aequipoodcrat  retiticntia  (itum 
qucmhabent  ^  quod  crat  ofiendcndum. 

COROLLARIVM    l. 

Si  quadrattthi  h  i  g  e  fit  ^qualc  fpatio  * 
quod  a^quipondcrat  circuli  feemento  cui- 
Iibct9c4»  Cttitts  fubtenfa  9  4  arquidiftct 
diamctro  1  m  ^  demonftrario  ,  vt  apertum 
efty  crit  cadcm :  ciufmodi  autem  zquipon- 
«icrans  habcbitur  ex  tcrti j  libri  dccima  fc- 
ptima  i  vel  ccrtc  facilius  cx  tradendis  de  Ii« 
bra  plana  Jmo  quauis  fcAio  p  c4foret  por- 
tio  hyperbola; ,  cuius  diametcr  a  c » cen« 
trum  b j  dummodo  ex  b  fieret  fufpenfio»ro« 
bur  demonftrationis  vigerct  idem  prorfus, 
vt  manifcfium  cft* . 

COROLLARlVM  IL 

(^amuis  cylindri  axis  non  eflct  perpcn*- 
dicuiaris  ad  bafim ,  modo  tamen  ipfe  axis 
liat  perpendiculum  librse »  eadem  eft  de« 
monftratio  nifi  quod  tunc  bafis  non  eft  pa« 
rallcla  horizonti ,  fed  planum  iliud  pcr  b , 
duftum » ad  auod  axis  eft  perpendicularis» 
8c  ex  quo  deoet  intelligi  penderc  feniicy« 
liadrus :  altitudo  autcm  non  cft  d  b  ,  fcd 
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perpendicularis  cx  d  m  planum  Icm  de^ 
mifla. 

COROLLARIVM.  IIL 

Qjioniam  in  decima  nooa  tcrti)  libri 
oftcndimusquadratum  hg,  quod  femidia« 
metro  b  c  diuisa  in  t^  biFariam,  &  pcr «» du« 
£^2194  zquidiflanoc  ipfi  t  m  zquiponderat 
fcgmeato  ^  c4>  cjOTc  Zijuale  rcftangulo  fub 
f^8c  fub  eic  contcnto^  parallclepipedum 
g  f  aequiponderans  portioni  cylindri  infi- 
ftentis  arcui  f  c4  habcbit  ba(im  asqaalem 
re£langulo  memorato ,  Sc  aUitudincm  ean- 
dcm  cum  cylindro. 

COROLLARIVM.   IV. 

Quoniam  in  huius  vigefima  tcrtia 
odendimus  xquipondcrans  toti  fegmento 
hyperbolac  noto  libra»quz  fitaxis  portio, 
cx  ccntro  fufpenfa  ,  brachio  ipfum  axem 
arquantc ,  efle  acquaU  quatuor  trientibus 
quadrati  cuius  latus  (it  idem  ipfc  axis; 
xquipondcrans  cylindracco  cuius  bafisfit 
idcm  fcgmentum  notum  crit  xqualc  paral- 
lclcpipedo  habenti  candem  cum  cylindra- 
ceo  altttudincm ,  ba(im  autem  aequalcin 
quatuor  trientibus  quadrati  quod  poteft 
axis..  Atquc  ifta  duo  pro  exemplis  fuf&^ 
ciant. 
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P  ROPOSIT  I  o     XXV  L   ' 

Sic  planum  1  c  m  in  quo  ex  cen- 
tro  bydiametro  ac  ,  dcfcripta. {it 
ellipns  al  c  m,  &  hyperbola f c e^ 
quarumdiameterfecunda  ilt  Im* 
In  plano  a  b  d  ad  planum  a  1  c  re- 
<^o  duda  Cit  ex  centro  b  quzuis 
linca  b  d  ipfam  a  c  fecansj  ipfi  ve- 
ro  redia  quxdam  parallela  ince- 
dendo  per  limbum  figuraru  1  c  m, 
f  c  c  d.fcripferic  faperficiem  cy- 
lindraceam ,  quam  pUnum  tranf- 
uerfum  zbl  fecet;  re<^x  autem 
b  z  planorum  a  b  d,  z  b  1  commu^ 
tii  fedioni  ocourrat  in  z  reda  c  z 
communis  plani  abd  &  cylin< 
draceae  fiiperficiei  j  eidcmque  rc- 
6kx  b  z  produdse  g  i  aequidiftans 
rc6tx  c  z  occurrat  ini.  Per  z  &  i 
intelligatur dud^um  zuy  planum 
faciens  cum  cylindraceis  fuperfi- 
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<;,iebus  fQdiones  u  z  y,  z  t  h  paral- 
lchs  bafibus  1  <:  m,  f  c  e.  Ellipcici 
cylindi-acci  b  z^   Guius  bafes  funt 
femiellipCes  «» z  y,  1  c  m  ,  ^oxiio 
iatercepta  planis  1  c  m,  1  b  z  voce- 
tur  cuneus  notusi  pianum  d  b  1 ,  S£ 
qQodcunque  ei  acquidiftans  ap- 
peUetur^4r4//^/i»m  condi£lum  ;  li^ 
nea  c  z  (i  perpendicularis  (It  ad  re- 
dam  a  c  >  vel  reda  ex  pun^o  z  ad 
ip{am  a  c  perpendicularis  nomi^ 
netur  alcitudo  cunei  noti  tam 
elliptici,  quiim  hyperbolici. 

His  ita  conftitucis  propofitum 
fit  quadrarc  cunei  noti  tam  elli- 
ptici  quam  hyperbolici  partem 
interceptam  quibufcunque  duo-^ 
bus  planis  condi(^is  parallelis. 


Da» 
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Datafitpottioiam  difti  cunci  intcrcc- 
pta  quibufcunqueduobus  planis  parallciis 
condidlis  z  cq,  igf,  oportcatquc  x\hm 
quadr^re.  Figurx  f  c  c  planac  intcrccpta^ 
planis  z  cq,  i  gf,  cxdccima  fcptima  tcruj 
librijinucniaturxquipondcras  rcailincum 
r,  pofito  perpendiculo  b  d  quod  pcr  librac 
ccntrum  tranfcat,brachium  autcmlibracse- 

2uct  b  a.Dico  parallclepipcdum  cuius  ba- 
s  fit  r  ,  altitudo  xquet  perpcndicularcra 
cx  punAo  z  in  plano  a  g  i  exiftentc  dcmif- 
iam  ad  rcAani  agjcfic  xquale  prxd/Ax  cu* 
nci  noti  portioni.  Nam  invigcfimac 
primas  huiuslibri  corollario  fecudo  oftcn- 
dimus  folidum  cuneatum  efte  asquale  pa- 
rallclepipcdo  cuius  bafis  fit  arqualis  fpatio 
quidratarip,quod  hk  eft  r  >  &  altitudo  fit 
acqualis  altitudini  not^  ,  quac  in  pracfenti 
djcfcriptionccftpcrpcndicularis  ex  iinrc* 

Gg 
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£tam  ag cadens  :  quadratuscftcrgocuncilf 
nocu  s,  prout  f  ucrat  propofitum» 

ALITER. 

DuAa  quiccunq;  rc£ia  g  i  ipfi  b  i 
(quidiftansin  planoa  bd,fccctrcAambz 
in  i.  Quoniam  in  triangulo  b  g  i  bafi  gi 
parallcla  cft  c  z,  vtrcftab  c  fiuc  a  badlo- 
gitudinembg,  ita  crit  cziiucghad hi; 
crgo  per  huius  vigenmam  quartaro  fpatiu 
quod  ex  a  pcndcns  libra  cx  b  fufpcnfa  & 
pcrpendiculo  b  d,  zquipondcrat  cylindra- 
cco  c  h  contento  bafibus  fcc^tzK^cft 
stqualc  £gurx  c  z  i  gcontcntz  figura  f  cc» 
planis  i  g  f )  1  b  I :  fcd  cylindracco  c  h  fpa« 
tium  quod  cx  a  pcndcns  libra  cx  b  filfpcn« 
fa  inucntum  cft  in  przccdcnti  propo&tio- 
ne ;  ergo  fi  cx  pracccdcnti  propofitionc  iti- 
ueniatur  fpatium  r  quod  cx  a  pcndcns  ^h- 
bra  cx  ccntro  b  fufpcnfa  ,  &  pcrpcndiculo 
bd  arquipondcret  cylindracco  c  b^fpatium 
r  crit  arquale  cuneo  noto  quadrando» 

C6ROLLARIVM 

Quoniam  cx  prgecedenti  ^quiporidcrans 
cxa  fcmicytindracco  b  z  cft  parallclepipc- 
dum  cuius  bafis  arquet  duos  tricntes  qua« 
drati  b'c ,  attitudo  fit  eadem  quac  cylindrf  > 
cuneus  notus  b  c  z  crit  cidem  parallckpi» 
pedo  xquaUs.  Item  quoniam  cx  coroUario 
tcrtiofi  re£la  x  K  bifariam  fecct  femidiaine- 
trum  b  c,  sequipojidcrans  cyhndraceo  tiL 
cft  zquale  paraUelcpipedo  cuius  bafis  fit 
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«^ttalis  rcAangalo  fub  x  e  &  fub  e  c^com- 
prehenfo»  altuudo  fit  eadem  qua?  cylmdri^ 
cuneus  enzc  erit  eidem  parallclepipcdo 
aequalis.  Demum  quoniam  ex  corollario 
quarto  atquipondcrans  ex  a  cylindracco 
c  h  cuius  baiis  f  c  o  {it  fegmcntum  hypcr*. 
bolae  notum^  cft  parallelepipcdum  habcns 
eandcm  cum  cyhndracco  altitudiucm,  ba^ 
fim  autcm  sequalem  o£lo  tricntibus  qua« 
drati  quod  potcfi  axis  (  oflendimus  enim 
brachio  aequante  axem  totum  a  c  ,  bafim 
cfle  aequalem  quatuor  tnentibus  \  crgo  (i 
brachium  ficab  dimidium  axis  9  bafis  cric 
dupla  priorris  ex  oAaua  {ccundi  hbri  )  cu- 
neus  c  z  i  g  crit  cidcm  parallelepipcdo 
arqualis. 

SCHOLIVM. 

I 

//d/»  ifidubium  qiiin  ^uddrdtio  cylindri  dut 
iylindrdCfi  dftrte  exhihedt  Tetrdgonifmum  if-^ 
Jius  Idfios^ud  efl  elUpJis  (  hac  Ifoce  circulum 
eom^fihendi  k  n^his  diximus  initio  operis  hu^ 
tus )  yelhyferhold  ,  dut  edrum  fortiones  con^ 
diiHsfldnis  interceftd>  Cylindrus  enimdut  cj^ 
lindrdced  fortio  hdhet  Lifim  dqudlemhdft  ^ud' 
drdtd  fdrdllelefifedihdhentis  dltitudinem  edn^ 
demcum  cylindroy  C^  d^udlis  ifji  cyUndrodUt 
ijlindrdced  fortioni ,  />/  fatis  con^dt  ex  ynde^ 
(imahuius ,  dlid^ue  Vtd  oftendi  pojfety  nifi  ci" 
trd  ylUm  dnimi  duhietatcm  res  e/et  fofttd\ 
Ortum  cfl  ettdm  ex    dmcnflrdtis  in  Hhro  ifl^ 

G  g  2 


4^S         Tetra^onifmicorum 

d  nobiu  ^^l  ^^  sArchimede  infiis  de  ffffdrd ©• 
cylindro  defue  Conoiditus  €^  ffhdroidihus^  ex 
duddrdtione  cylindri  dferti  refultdre  fUddrd*» 
iionem  coni  ,  ffhdrd  ,  conoideon ,  t^  jfhdroi* 
deon.  (ludpropter  non  exifiimdndHm  efi  nos 
fropojiti  nofiri  immemores  alio  diuertijfe  dum 
dd  iftd  foltdd  grddum  frdfenti  Uiro  fecimus  j 
neaue  ^ero  exiguum  frofecife  nosfnumus^ 
.]um  dd   cunei  noti  frdfentem  fUddrdturdM 
T>eo  ddnte  peruenimus  5  hoc  fnim  efi  Ifcluti  di^ 
midiumfdhiidmhdbere,   Cumenim  int^eneri^ 
mus  fMrallelefifedum  d^juale  cuneo  c  ^i^,  fci- 
hemus  ffdtiUm  dqudle cylindraceo  eh^&^in^ 
Jufer  foftioni  ^  h  i  qud  iunffd  chefi  ddipftus 
cylindrdcei  fortionem  hgc  fer  fUnum  b  c  f 
dhfcljfd  ,  V  refld  hiadhg^  V/  >l  reSd  cgdd 
c  L  simtliter  cum  habedmus  fortioncm  en^c 
qu^drdtam ,  notd  efi  (  duHafer  n  reild  n  sifji 
I  c  *£quidifidnte  )  cylindri  portio  e  s  injifiens 
hdfi  X  c  \  y  termindtd  fUno  lajifer  n  $  fdraU 
Ith  ;  &*  infuferffatium  n  s  ^quad  duSa  t  s 
efi  ad  fortionem  ecs  y  >f  efi  relfa  ^  s  adfc^ 
yel  cead  e  hj  hancenim  efe  eorum proportio^ 
ntm  afertum  efi  exfixta  primilibriji  adfoii^ 
datraducatur. 

PROPOSITIO    XXVIL 

Sint  fc(£liones  oppofitae  b ,  d 
quarum  tranfuerfa  diaraetcr  b  d 
pundis  b  &  dterminata  5  fecuBda 
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autem  m  rpundis  m  &  r  definira> 
redum  figurx  latus  Ht  d  q  j  abf- 
cifs^  vtcunque  d  e,  ordiaacim  ap- 
plicatx  vtrinquennc  dudx  n  e  o, 
completique  parallelogranima 
c  e  ax,  c  e  n  p.  Vt  reda  d  q  ad  d  b, 
itancon  i:e<^a  adot :  vt  autem 
e  c  reda  ad  nro  tta  (it  o  t  re^a  ad 
o  i  iunda  n  z  occurrat  redx  a  e  in 
y ,  diuiC&que  bifariani  red^  i  e  in, 
i  9  per  punda  11 )  i,  o  defcripta  (it 
parabola  n  10  iuxta  prsprcriptOm 
vkitpsprimi^  cuius  djametcrfi^ 
ic. 

Oflendendum  eft  quscunque 
f  1  a^quidiftans  tranilietra:  diame- 
tro  b  d  ducatur  occurren;  redx 
m  rdiAmetro  in  lyparabolx  ih  f, 
hyperbblae  <i  n  in  g  inter  pun^a 
n  &  o;  tres  redas  c  e  ,1  g ,  f  1  cfTe 
proportionales. 


/• 
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|^'^7o- 


.  Dtt&a  o  t»  quoniam  vt  c  c  iA  n  ojca  eft 
o  t  ad  o  z,  duAaquc  n  z  dcfcripLU  cll  paia- 
bolan  i  o»  methodo  iam  pratfcripta  ,  crifi 
per  duodecimamtcrtijj^qastcunquc  fl  2* 
quidiftans  refta^  1  n  ducatur ,  occurrensrc- 
ftat  n  t  in  u»paraboIar  in  f^bafi  n  o  in  f  )  vc 
^  rc^a  c  c  ad  o  f ,  ita  u  f  ad  f  f :  rcftanguIuA 
crgo  fubcxtrcmis  c  e  »  f  f  crit  atqualc  rc« 

j6.  fcx-  ftangulo  fub  medi|s  o  f,  u  f« 

"  "^''  Rurfus  quoniam  txianguli  n  o  t  latcri  o  t 
a?quidi(^at  f  u,  yt  n  o,  ot  fiuc  vt  d  q ,  d  b 
ita  crnnt  n  f,  f  u;  crgp  pefitil  cadem  iMfi  f a 
reftangulum  o  f n  crit  ad  re£t3gulum  o  f if> 
Vtrcfta  n  f  ad  f  u  hoc  cftvtreftadq  ad 
d  b :  fed  re£languIo  ofu  oftcnfum  eftl^^ 
quale  re Aangulum  fub  c  c ,  f  f :  crgo  Vt 
re£la  d  qad  d  b^  jta  cft  rcAangulum  of  h 
fid  reaangulum  fub  c  c,  f  f  rcftis :  fcd  itc» 
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rum  VC  rtAa  <tq  ad  d  b  ita  cft  re£t.  nguium 
hfgado  fn  per  vigcfirnani    iccundam 
tcrtii  conicorum^  ergo  rcftanguio  hfgj^quin, 
xquale  eft  reA;ingalam  fub  cc»ffreAu  u  Ziiic, 
comprehcnfum. 

Kurfus  quoniam  hl>  gl  ordinacim  id 
diametrum  mr  ex  eodcm  pu|)^o  1  appU- 
catx  funt  aequale3,vt  exe&ruih  d<:finitione 
apertum  cfi ,  xtdx  h  g  bifariam  ia  1  k(Xx  € Xcci* 
adiefbe  erit  bnea  gf  ;  ergo  rcflangiiium.  ^^  ^"^* 
h  f g  vmcum  auadraio  1  g  ^^uat  <]uadra« 
tum  if :ctgo  cum  re£toagulo  b  f g  «Lquak 
fitfcaangulum^fub  c  e  vel  If  &  fub  f  f ; 
reftangulum  fub  1  f  &  fub  f  f  vna  cum 
quadi^ato  xt(k»  g  1  erit  aequalc  quadrato  re« 
^  f  1 ;  fed  duo  reAangula  1  f  i,  f  1  f  fimul 
(knt aBqualiaeidem  quadrato  f  1  .* Cfgo duo  x.frctS. 
fimul rcAangula  1  f  f>  f  1  f  a^quantduo  fpa-  di  £uc« 
tii  vidclicct  rcAangalum  1  f  f  &  qyadratii 
1  g :  ergoabUto  codcm  1  f  f ,  reiidua  fum  x* 
q^aliaiquadratttmfcilfcetlg  &  reAanguIii 
^  f :  orgo  trcs  ttfkst  fl  (  hoc  efl  c  e  )  1  g J  f 
£tat  proportionale^  •  proutcrat  oiknden- 

dum# 

5CHOL1VM. 

S^lidum  illui  ^uad  m4»ent€  diamctro  di^  . 
reifiml  byfert&Udg  o  ita  defcrihitur  circii^ 
duiiu  ipfius  hyftrboUy  >#  in  eo  motu  reild  g  l 
O^  4IU    ompes  dd  m  r  ordindtim  applic4t£ 
mdneantin  eodempUno,frout  in  Scbotio^duoy 
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dccimd frdfcripfimus  ,  non  irdffAuimus  hdlfe-* 
nusfrdfenti  in  libro ,  ^Udmuis  mtthoii confc^  , 
^uutio  ejd^efetytjicutin  ellifjiy  dufUxfili" 
dum^enitum  ex  duflici  motu  elliffeos  circd  i»- 
motdm  duflicem  diametrumy  minoremj^nemfef 
O  mdiorem,confiderdturi  itdin  hyferbolii»^ 
jflex  fuodue  fjflidum  generdtum^x  duflici  imo* 
tu  hyferhold  iffips  ctrcd  duflictm  immoum 
didmetrunty  trdnfuerfdm  O*  diteHdm^  contm^ 
fldremut\dtfuein  ifioetidm  cetrum  grdUitdtiSf 
e^  diuifionem  iuxtd  ddtdm  rdtionem  occurfu 
fldnibdfifdrdlUlidemonfirdremus.Ferum  €%m 
ijid  fenderent  d  frdfinti  theoreutdte  fuod  i  m- 
tis  inuentum  non  efi  nififofi^udm  idmdiu  cu^ 
fus  erdt  ftdfens  liber  ^udrtus^necefdrio  dd  (dU 
cem  iffius  ddiiciendum  fuit  y  ne  imferfeffdfod^ 
neret  tdmmirdbilis,  tdmfte  fdcilis ,  cnmftml 
excogitdtdfuerity  doilrind foluendi  difjUillmd 
fdritero^  iucundifsimd  frobUmdtd.  Terficiun* 
tur  dUtem  hdc  frobUmdtd  illd  eddem  yidjjUd 
frocefsimus  in  frofofitione  decimd  ttttii  O* 
fifuentibus;  inuenitur  fuiffe frifindtoidts  fi^ 
lidumcuius  bdfis  fitfortiofigurd  ci  x^osin^ 
terceftd  fdrdlUlis  dddidmetrum  i  c  reSis,  itd 
fehdbens  ddfolidum  ifiudgenitumexfuietedi-^ 
reffd  didmetri  quod  xyfiroides  dffelldui  in  co" 
rolUrio  tertio  frofofitionis  Ytgefimd  tertid , >/ 
ytriufdue  centrumgrduitdtisfit  in  yno  eodem" 
jue  fldnoycuiusfeffiofit  refld  c  e  fdrdtUU]  & 
fUd  rdrionediuiditur  ynum  ,  dUerum  fuojne 
eddepdiuidi  necejftfity  ytfdtis  inteltigitfuif' 
y$i^  librum  iftum  fdulo  diligentius  legerit. 
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C^ttTu  quodln  ScUlio  Uudatdduodeiim^d^ 
finiinus  ijliufmodi  perifhericd  filid^  fcriffi^ 
musyidjuidem  etUm  nune  froldmus  yeluH 
doSrind  noftrd  methodo  inprtmis  dccommefdd^ 
tufny  fuod  autem  ddeo  ynrutrsi^froUtdm  d^ 
fimtionimcongruere  ijs  omnilus  qud  ^rchi^ 
medes  de  Conoidiiky  e>  Sfhdroidihus  demon^ 
Jtrduityduhitdndodiximusy  id  nuncremdtum 
riusdeliherdtaindiffumyolumus. 

.  Cdlculi  ratiocinijs  {fi  ego  fupputdndo  npnt 
trro)inueniesexmethodo  noh  femd  trdditi 
centrumgrduitdtis  xyftroidis  hyperhUki  def^ 
criftt  motu  femifegmenti  hjperhoU  notidcfuo 
in  citdto  C?- fuhfcfuenti  corolUrio  egimusy  itu 
diuiden  axem  ^tpars  centro  hjferhoU  adiacens 

.  fit  dddlidm  ut  yiginti  ^  ynum  adfytemde^ 
€im» 

PROPOSITIO    XXVIII. 

•       ■  • 

Intelligatur  in  pkno  p  d  hotH 
zonti  parallelo ,  quod  librae^vices 
gerat ,  linea  a  b  immota ,  ex  quii 
ipfum  planum  ita  fulpendatur ,  vt 
circa  illam  aptum  fit  in  hanc  vel 
illam  partem  eleuari  aut  deprimi 
trutinac  inftar ,  prout  pondcra 
vtrinque  imponft  grauiora  vel  le 


« 

^ 
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uiora  fuerint-  Eidrmodi  autem 
pianum  ita  aptatum  appelletur//- 
irapUnaiSclinci  a  b  iinea  rufpen- 
lioniS}  vei  axis  librx  planac.'com< 
munem  autem  iibram  qua  hade- 
nus  vii  fumus  voco  diftindionis 
cms^ylihramgrammicaf»» 

Libtx  plan£  p  d  impoHta  Hnt 
Vtf inque  (blida  e  p ,  d  f  iiabentia 
(;^ntrum  grauitatis  in  ipfa  libra 
plani  Sc  ita  refe  refpicientia  vt  in- 
tra  plana  e  a  t,  p  b  u  paraliela  con- 
tineantnr  proxim^,  &  fi  planum 
q  i  X  ipfis  parallelum  vtcunque  in- 
terponatur  fecans  folida  ep,  df 
fecttndum  fediones  q  z  I,m  r  n,  & 
libram  planam  fecundum  lineam 
i|  n,axemque  a  b  in  pundo  i ,  ipfz 
(ediones  feu  ftgurx  q  z  1 ,  m  r  n  (i* 
bi  squiponderent  vt  iacent  per- 
tnanentes  libri  grammica  q  nfu- 
fiinente  illas ,  &  (ufpensa  ex  pun- 
^o  i.  Peto  ipfa  folida  e  p ,  d  f  vt 


-  Elmentorum  Uher  \y ,  if^j 
kcem  perfnanentia  (Ibi  aEq^uipom 
derare  in  libr4  plan^  p  djac  proin-> 
de  n  dengnatis  eorum  grauit^t}^^ 
centris  k ,  f  iungatur  re^da  k  f  (t* 
cans  axem  in^  6c  per  punda  k  f 
{bla  cone(3;antur  cum  libragf  am-« 
micakrexxrurpensi ,  ipfa  etiamr 
tefpedu  huius  libl^  $bi  ^quipon' 
derare  inuicem  $  Idem  ver6'tia 
planis  figuris  cum  proportiQntf 
intcUigi  volo.  ;. 


■»     p"^-»  ■  ■  ■  y  ■ 


^*ftP*l*trxYrof«ftti6  ^tifk  eum  prdshh 
Mriyndtamaf4ru  primJl  JUri  mihi  fifiuh  4 

«4n>fff»«  nti\t'nimini%ntt^ylti  ftrifmtm. 
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ie€€i  nedumMdthimdtUum  if  'nffmvv^v  iTrniM 

B  ea.    TtfrAendlt  Gdlenus. "  llUm  t4men  frohdhilm 

P^"-.    €^H mihiVtdeoT ,  «  eo  auodfi  continuum 

Bafil!'  ^^«»/oiif rf /if(jr  r;r  indiuifihilibus  res  effet  dferU\ 

if  )S.    dliundeyeroin plurimis  cdfihus  id  itd  ejfe  Itgt" 

pag.      Ifwis  demonfirdtionihus  euincdtur^fofitx  con^ 

'*•       rinifi. diuifibilitat^  t»  infinitum  ,  ji^oJ  ^rjj-*- 

mrnfo  €fieiufinodiA\VL\(\h\]\xzitmefeftt  ac- 

cidcns  infrdfinti  negotio ,   prdfirtim  cum  in 

muUoXdfii  juem  fiidm ,  /4//«»  ej(7^  id  juod  fe-- 

9        timus  ofiendt  fofsit  s  i^<>  ^'*^'^  i///»^  yeritdtc 

0mnid  mire  confonent ,  Ift  ex  fejuentihus  li" 

fuidumfiet*  •         -     . 

Reliquuni  igitur  efl:  vt  in  nonnullis  ca- 

iibus  oftendamus  petitioncm  noflram  vc- 

ris  demonftrationibus  congruer^.Sint  foli- 

da  e  p)d  i  vel  ambo  rpha?roidea,vel  corum 

vnam»alterttin  Verd  fpbarricum  ,  vcl  cenc 

ambo  fpliiacrica^  planum  autem  pdtranfeat 

per eorum  axes  e  p^d  f  parallelos  reftx  a  b, 

atque  in  punAis  e,  d,  pi  f  fit  <;onta£^us  pla- 

Sforum  e  a  t,p  b  u^punfta  ergo  k  &  f  erunt 

centra  ipfahim  figurarum  folidarum  ep, 

^  fs.iuun  tx  demionftratis  a  Commandinc 

centrum  grauitatis  in  iftis  figuris  cft  idc^ 

„        cum  cent^CQ  figurarum ;  axcs  ergo  *•'  P  j  ^  ^ 

cfmo  fcif^riam  ffcantur  in  k  &  f :  crF^  rcaae  kp, 

folid.    f  ^ftint  arqiiales ;  ergo  cum^  P  y  f  f  fint  pa- 

•  j;pri,  rallcte  &  acquales,crun>  K  f>  P  f  >  e  d  paral* 

miEuc.  !elx&  apqualc^.  F-rfus  vtrcfta  x  fad  mc- 
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d\z intcr  ipfam  ^  f  &  k  A  iu  ic^a  fit  i^  o  ad 
C0,  fiucfy  (  figurx  cmm  pianare  c  p  o, 
d  jB  f  y  funt  cllipfcs  aut  circuli ,  quoru  ccn-  "•^'Jjj^ 
tra  k^  f,  cx  Archimcdc  vcl  cxSpharricis  ^(phc* 
Thcoclon))  &  quoniaiD  tt(kx  c  d,  p  f  tan^*  roid. 
guntipfas  in  c,d,p,f  &  k  o  Hf  funttangcn-  ^*-^'J" 
tibus  in  vcrticc  parallclap,  cruntipfae  dia«  *"*      * 
mctri  c  k  o,  li  f  y  ipfis  axibus  coaiugatac. 

Rurfus  quoniam  fphaproidca  c  p,d  f  fc- 
cantur  plano  4 ^^  ad  akcm  crcAo, hoc  cft 
paralldo  planis  c  at,p  b  u,feaioncs  c  o  f,  ti.dc 
0^4  crunt  circuli  (cadcmquc  dc  causS  fc*  co- 
ftioncsqz  1 ,  m  r  n  funt  quoquc  circuli )  ^^jl^jj 
crgo  circuli  c  o  ^,  H  y  4  habcnt  intcr  fc  du-  ,oil  * 
plicatam  rationcm  diamctrorum  c  o  ,  ^y  ^.duo* 
fcu  fcmidiamctrorum  k  o,  /»f,  fcd  rcaa  ^f<*cc*  & 
ad  rcftam  a  k  habct  cx  conftruftionc  du-  ^^^*" 
phcatamrationcmrc£larum  co>  Jy  ;crgo 
vt  rcAa  x  f  ad  4  A ,  ita  cft  circulus  c  o  f  ad 

circuluiD  $  f  4. 

Rurfus  quoniam  ex  Archlmcde  dlmi- 
dium  fphacrx  vcl  fphaeroidis  c  c  o,^  d  y  cft  ^    ^^ 
dupium  coni  cuius  bafis  fit  circulus  c  o  #&  co- 
/i  y  4,  &  altitudo  c  k  &  d  f ;  duo  folida  c  p,  «oid.  & 
d  f  crunt  intcr  fc  vt  coni  pra^diQi ;  fcd  coiii  ^^f  " 
praccli£li  habcntcs  aequalcs  altitudincs  c  i^,  ^^.  je 
df  funtintcr  fc  in  rationc  bafium;  crgo  fphxr. 
fotida  c  p,  d  f  funt  intcr  fc  vt  bafcs  c  o  ^  *  ^j'* 
«  y  4 :  fed  bafcs  iftap  funt  intcr  fc,vt  often-  '^"1.^ 
fum  fuit,  ficut  rcAae  x  f ,  ^  K :  crgo  folidum  EucL 
c  p  cft  ad  folidum  d  f,  vt  rcAa  a  f  ad  rcAam 
1  i^-  ergo  libra  grammica  i^  f  fufpcns^  ex  ^ 


4>78        Tttra^omffhicdrum 

#.aut7.  &  fttffinente  grauis  ep,df  alligata  cx  cen- 
^!!.ri  ttls  K,  f committeiuraftittilibriuin;  ipfa  au- 
tcm  grauia  e  p  ^  d  t  non  mutabunt  utum 
quem  prit^s  habckamt. 

Oftcndendam  iam  eft  quocunque  plano 

interiefto  paratleltfS  intcr  plana  ca  t,pb  u 

ifta  folida  fecentur ,  fcAiones  eorum  com 

planis ,  {ibiinuicema^qttiponderarcmodo 

frxdifko.  £c  quidem  circulnm  c  o  f  a?qui« 

pooderare  circulo  fiy  4/equitur  ex  diftis,. 

4.   de  oftenfum  enim  eft  circulum  c  o  ^  ad  circu* 

cencro'  lum  /S  y  4  cfle  vt  re£lam  K  f  adAK,  ergo 

fplido-  ^{^^  punfta  f  &  j^  fint  cgtra  grauitatis  ipfo' 

l^^Q^^'  rumcirculorumi  ipfi  circuli  aequipondera* 

biint  fibi  vt  iacent  manentcs  pofita  libra 

6,  oua-  P^^^y^^  k f  fufpcnsaex  x,    &  fuftinente 

drac.     circulos  pcr  fola  ccntra  J^  .&  f  fibi  cohat* 

parab.    rcntcs. 

Oftendamus  idipfum  quocunque  alio 
plano  qi  xnon  per  ccntra,i^,ft[tt£to.Qao- 
niam  vc  oftendimus  fcAiones  q  z  1 ,  m  r  n 
funtcirculi,  ipfi  circuli  erunt  interfcvt 
quadrata  rcflarum  g  I,h  n.Praetereaquonia 
ordinatim  applicatae  ad  diametrum  c  p  sut 
rt&i  I  g,  o  J^ ,  Vt  rc Aangulum  p  g  e  ad  re« 
^y  p^;.  aangulump  J^c  ,  ita  ex  ApoIIonioerit 
m.con.  quadratum  g  I  ad  JE^  o  quadratum  ,  hoc  cft 
ctrculus  q  z  I  ad  circulum  c  o  # :  atque  ca« 
dem  de  cattsa  vt  rcftangulum  fhdfiac 
p  g  e  ad  redanguUim  f  f  d  fiue  p  J^  e ,  ita 
erit  quadratum  rcftx  hn  adquadratum 
stAaEfy;ergovt.circttittsqzl  ad  circalii 
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cop^  ita  eft  circulus  mrn  adcircolum 
/8  y  4>€rgo  altcrnailo  circtilus  q  z  1  ad  cir<» 
eulum  m  rn  cft  vt  circulus c  of  ad  circu^f 
lum  C)  4-fc<icirculus  cofeftad  Cy4  vt 
rcAasAfeuhi  ad  reftamAK  feuig:ergo 
vt  rt£ta  h  i  ad  reflam  t  g,  ita  ▼itifiim  eft 
circulusqzl  ad  circulum  m  r  n  ^  crgo  po- 
(ita  libra  grammica  g  h  fufti&ente  circulos 
cohxrentes  in  g^  h,  &  fufpenfa  exiyomma 
mancbuot  vt  taccnt  ^  quod  erat  probando, 

COROLLARIVM. 

Si  folida  e  p,  d  f  aiiibo  ponerenturcyf^ 
lindri,  autconi>aut  prifmata,  autpyra« 
midesy  autconoidea  eiufdem  gcneris,  non 
multuin  dioersa  methodo  poflet  formari 
cafus  in  quo  iflud  ipfiim  demonftraremr) 
prout  ftatim  clare  ludieabit ,  qui  Vini  co- 
rum  qo2e  in  cafu  proximo  fcriphmus » 
pcrceperif. 

PROPOSITIONIS 

P  A  R  8      A  L  T  E  R  A. 

■ 

Kon  in  folidis  ippdo  fed  in  pla- 
nis  etiam  flguri^  theorema  prx- 
fens  intelligendum  effe. 

Si  cnim  vt  longitudo  g  i  ad  longitudi» 
nem  i  h^  ita  fit  tc^a  m  n  aptata  re£tz  d  f 


480        T  etragonifmicorum 

(  boc  cft  bifanam  itCu  occurfu  lincz  df; 
ac  proindc  habens  ccntrum  grauicatis  in  li- 
oca  d  f )  ad  rcdam  q  1  aptat^im  lincs  c  p» 
&iu  cucniat  iii  ali  js  ommbos  parallclis^ 
figura  plana  ccpo  aequipondcrabit  figuras 
planx  d  Cf  y ,  pofito  axc  a  b. 

Huius  vcro  mirabilis  confonantia  cum 
dcmonftratis  in  tcrtio  libro  innumcris  o- 
ftcndi  potcft  cxcmplis ,  fcd  vnum  hic  auc 
altcrum  pono.  Sitfemicircukis  mgc  cu- 
ius  diamctcr  b  c ,  quam  ad  normam 
fecct  g  a  r  tangcntcs  in  b  &  c  fint  c  c, 
b  f  ,  (itquc  b  f  zqualis  '  fcmidia«. 
mcttD  a  g  »  &  c  c  (emidiamctro  b  a  ^  fi- 
Ais  c  c ,  c  d  xqualibus  ,  lungantur  icAx 
c  f ,  f  d  ,  f  c  y  complcaturque  parallclo* 
grammum  focb.  Diuifa  agbifariamin 
p ,  pcr  b ,  p ,  c  intcUigatur  dcfcribi  fcmicl- 
lipfisbp C  ,  cuius  diametcrb c,  &  fcmiaxis 
a  p ;  crgo  quzuis  parallcla  rc^x  a  g  ferai« 
circulo  contcnta  fccabitur  bifariam  occur« 


-\ 
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fu  fetnicUipns  b  p  c»  vt  penit  Archimedes 
in  qumta  de  coooidibul  9c  fphxroidibusy 
ibidemque  dcmonftrac  Commandinus  cx 
vigelima  prima  primi  confcorum  3  fcmi^ 
circulus  crgobgc  erit  aptatuseUipfi  bp  c: 
aptarienim  6guram  planam  lincat  dcfi-^ 
niOy  lineasciusomnes  yai  cuidam  rc^ta; 
parallclasbifariamfccanoccurfuciufmodi  ^,  ^''^^^ 
linea?«£rittriangulum  fed  aptatum  line^t: 
f  c,cum  omnes  parallcla^ baii  edtrianguli 
f  e  d  ocjq/irfu  reftx  f  c  fecentur  iicuti  baiis 
ipfa  ed^quz  bifariam  in  c  fc£^a  ponicur ; 
a  c  proindc  &  omncs  bafi  c  d  parallclx  rc** 
dx  eruntipfifcaptata?, 

Qjioniam  crgo  duAaquacunqucif  q  x^ 
quidiftaute  axi  i^i&  occurrcnte  hncis  jam 
defcriptis  in  r,  f,  t,x,  u,  veikx  fq,  t  u  fuut 
aptatas  lineis  b  p  c,  f  c ;  &  ut  x  f  fcniiitls  rc* 
€kxcC  (ficuti  enira  f  b  eft  fcraiflisreftap 
bcsitacdxffcmiffisrcAac  fc)  ad  f  r  fe- 
miflcm  refta?  f  q  ,  ita  eft  ipfa  f  q  ad  t  u  i.pii 
b  f  aequalem( veluti  enim  e  d  aequat  re£lam 
b  c,  ita  t  u  a^quatre^am  b  f)  rcAa  v  t  (icut 
iacct  mancnSj^ae^uipondcrabit  tc&xq  f  vt 
iacct  thanenti^hbra  grammica  u  q  fupcnsa 
ex  f  (  oportct  autem  mente  poncre  in  om- 
nifeus  libr^  demonfirationibus  ipfam  libra 
prorfus  carere  grauitate  )  crgo  pcrprffcn- 
tcin  totum  triangulum  f  d  o  vt  iacet  ma- 
liens  fquiponderabit  totifemicirculobc  g 
vt  iacet  manenti  pofito  axc  b  c.  Porro  vc 
rc£la  cf  ad  f  q  rcftam>ita  cfie  fc  adtu,vcl 
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b  f  ipH  arqualem  prontmodofumebanius, 
apercum  eli  oc  dccima  tcrtia  fcKtiEuciidis: 
vclfi  bcg  forct  fcgmentum  cllipfcos  cx: 
vigeiima  prima  primi  conicorum  »  cx  qua 
ctiam  idipfum  oftcndctut  fi  b  c  ponacui 
cflc  diamctcr  hypcrbol^,  &  pundla  c>bter« 
mini  cius* 

C^oniam  crgo  triangulum  f  d  o  ^quipon- 

dcrat  femicirculo  b  g  c  pofito  libr^  plan; 

axe  b  c,  &  (  diuisa  reda  f  c  ita  in  n  vt  n  c 

^.  ^nx'  iit  tricns  totius  f  c  )  pun£lum  n  cft  ccntru 

^^^\    grauitatis  trianguli  f d  o ,  totum  triangulu 

»!  (cxti  ^^  ^  pcndcns  aequipondcrabit  fcmicirculo 

Euc.     bgc.Pernagaturn  m  xquidi^ans  axi  bci 

crgo  cuni  in  triangulo  f  b  c  ba(i  b  c  paraU 

lela  fit  n  m  ,  ficut  f  a  ad  n  c,  ita  crit  f  m  ad 

m  b  :  crgo  m  b  cft  tricns  totius  f  b.    Cum 

crgotridngulumfdocontincatduoparal- 

lclogramma  b  a  g,in  noftro  autem  cafu  pa- 

rallclogrammum  b a giit  quadratumquod 

poteft  femidiamcter  b a  ,  acquiponderans 

fcmicirculo  vt  iacct  mancnti  pcridens  ex 

paraliela  m  n,  erit  xqualc  duobus  quadra- 

I       tis  rcdac:  ba  :  crgo  (i  fufpcnlio  cx  ptrallc- 

la  m  n  transfcraturin  parallelam  f  o  ,(icut 

cft  b  f  re£la  ad  m  b^hoc  cft  vt  tcrnarius  ad 

vnitatcm  ,  itacrit  a^quipcndcrans  cx  m  n 

ad  squipondcrans  cxf  o  ^  crgo  aequipon- 

derans  cx  f  o  contincr  trientem  duorum 

quadratorum  cx  b  a  latcre  dcfcriptotunii 

iiueduos  ttientcs  quadrati  quod  poredba^ 

-    crgo  fi  cx  pundo  I  in  quod  f  o  &  g  a  ceu" 
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ucniunt,  pcr  f  o  perptndiculum  pendeant 
(duo  trientes  quadrati  ba  ^  aequipondcra* 
bunc  (emicirculo  b  g  c  vt  iacet  manenti ; 
fed  (i  circa  reAam  a  g  immotam  intelliga-- 
tpr  circumuolui  femicirculus  b  gc  donec 
re^a  b  c  (it  horizonti  perpendicularis^cen*» 
trum  grauitatis  femicirculi,quod  ell:  in  re  < 
(X^  a  g,  manetimmotum :  ergo  poHta  librn 
grammica  a  g  ,  fufpensa  ex  a,  femicirculo 
vt  modo  cooftitutus  cft  manenti  aequi-» 
ponderant  C3C  1  duo  trientes  quadrati  b  a  ; 
atqui  hoc  ipfum  dcmonftratumfuit  indc« 
cima  o£laua  terti)  libri  ^  crgo  prarfeni  pro^ 
poHtio  quatenus  de  planis  figuris  intclligi-» 
tur  y  ad  amoffim  quadrat  demonfiratis  in 
tertiohbro)  quibus  (imiHa  qux  demon* 
(l  rentor^prsebent  propoHtiones  altquot  ]i<« 
bri  modo  citati.fcd  pra^cipue  tcrria»  fcpti* 
ma,&o£taua. 
£andcm  concordiam  odcndamus  in  hy" 
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pcrbolac  fcmi-icgmcnto  noto  cuius  arqui« 

ponderans  inueltigauimus  fub  iinero  quar- 

ticorollarij  in  propofitionc  vigcfiinatcf 

tia.  Sitergofahy-pcrbolaca  gbaxis  ,  cx 

.    quo  abfcilsa  iit  a  c  ipG  fa  zqualis  »   (itque 

mi  co.  ordinatimapplicatac  Dipliacvel  diamc- 

nic.       tro  fa  xqualis^  quod  erit ,  (ifaAis  c  b,  c  a 

arqnalibus ,  refta  fd  per  f  &  d  tranficnsde- 

^  tcrminetfiguram,rcftangulumcniro  a  c  d 

'  cnt  xqoaie  quadrato  c  b  j  fed  reAanguJum 

a  c  d  c  il:  xquale  quadrato  a  c^ergorc^x  fa, 

ac,  c  b  funt  :tquale<,  Pofito  igitur  librx 

planse  a  c  b  axe  a  c,inueuiendum  fit  zqui- 

ponderansaptatum  xt(Xx  d  q  pcr  d  duAz 

paraileUs  ad  axem  a  c.Fiantn  d  ,  d  i  inter 

lc.  &  cum  quadrante  xtiXx  d  c  xquales,  at* 

quc  lungantur  rcftxen,  ci.     (^uoniam 

duAa  quacunque  o  gipfi  d  laequidiftante 

tresrcdcT  a  f,fg,  fp  funt  proportionales,vt 

p  f  ad  f  g  ita  ei  it  fg  ad  f  a  \  ergo  vt  pf  ad 

fcmjflcm  xc(kx  f  g  ^ita erit  f  g  ad  fcmiflcm 

rcftap  f  a,  hoc  cft  ad  rc^tam  o  1 ;  nam  rcfta 

niadolparallclamin  triangulo  neieftvt 

re£\a  e  d  ad  e  p,  vel  vt  rcAa  a  c  ad  a  fiCrgo 

alternando  vt  refta n  i  ad  a  c  hoc  eft  femif- 

fis  ad  totum  ,  ita  eft  o  1  re£la  ad  f  a ;  eft  er« 

go  o  1  femiCfis  reflaefa  Quoniam  ergvtp  f 

ad  femificm  rcda^  f%M^  ^A  ipfa f  g  ad  o  l» 

&itaeuenit  qua^cunqtie  alia  acquidifians 

re^x  c  b  dtlcatur^  triangulum  e  n  i  xqui- 

ponderabit  fcmifcgmepto  agb  c  vi;iacet 

manenti  9  axe  a  c  pofito  Hbrx  planae  a  c  bt 


4 
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Venio  ad  calculuxn.Dmidatur  a  c  iu  in 
f  vt  f  cfittricnsrcftacac  >  &pcrf  ducatur 
f  p  arquidxftans  ttdx  c  b  ^  erit  p  ccntrum 
gcauitacis  trianguli  n  c  i :  &  quia  f  a  ar" 
qualis  cft  roftac  a  c,erit  reft^  f  c  ad  f  f  vt  fc- 
narius  ad  quinarium  \  cumque  iu  triangulo 
fdc  baiidc^paraUclaiitp  f,criid  cicuqf  ^  ^^^ 
ad  p  f,vt  fcnarius  ad  quinarium.  Rurfus  arau 
triangulum  n  i  e,  cum  habeat  bafim  n  i  fc-  p^rab. 
xntflcm  redx  c  2l^8c  altitudinem  a  c,erit  se- 
quale  quartxparti  quidratiac  ,  (lue  fex 
vigcjimis  quartis  :  quoniam  ergo  quarta 
pats  quadrati  a  c  pendensex  folo  pur.(flo 
p  aequiponderat  femifcgmento  a  c  b,  libra? 
planx  a  c  baxe  a  c  polito  -,  li  vt  bra^ 
chium  f  q  ad  brachtum  f  p  hoc  cft  vt  fcna- 
rius  ad  quinari.umv  ita  fiit  a?quiponderans 
exp  ad  quartum  fpatium,^ftud  continebit 
quinque  vigeiimas  quartas  quadrati  ac; 
iftud  autem  e^  q  pendens  aequiponderat 
fcmiregmento  a  c  b  cxoftauafccundi  3  cV- 
go  prxfcnti  methodb  caedem  quinque  vi» 
gefimx  quartar  quadrati  ac  inueniunrur» 
quse  repertx  fuerc  loco  jpaulo  fupeiius 
citato« 

COROLL  ARIVM    I. 

Ei9C  his  patetlibram  ptanaim  conuerti  in 
grammicam  &;  vulgairem  fi'  ad  axcm  ba 
ngurar  casus  prixpi  fecundae  partis  perpen* 
dtcularis  a  gexcitetur»  &  curca  re£lam  a  g 
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nianentcm  &  parallelam  horizonti  circii* 
uolui  intclligatur  planum  bgc^donccaxis 
b  c  iic  perpcndiculum  :  oiicnlum  enim  c(t 
in  (imili  circumuolutionc  centrum  femi- 
circuli  b  h  c  m^nerc  immotum  cum,Gt  in 
refta  a  g  :  fcd  ctfi  forct  cxtra  rcftam  a  g  , 
fempcr  mancretin  eadem  diftanria  a  rcQa 
b  c  3  crgo  cum  n  a  quo  asquipondcrans  cx 
oppofito  pcndct  iji  litu  prionyr^tincatcan* 
dcm  parallelarum  bai  m n  diftanti;mi  a 
pcrpendicuio  ipfo  bc»  librac  longltudines 
in  poftcriori  utu  crunt  vici^im  vt  grauia 
i]lis  fuftentata  ^  ergo  grauia  (ibi  inuiccm 
Kquipondcrant. 

COROLLARlVM  IL    \ 

Sicuci  in  librir  graminica  fufpcnfio  c^ 
Vno  pundo  in  aliud  transfertur  ccrta  lcge 
quam  pracfcribunt  fecundi  libri  propofi- 
tionos  decima  &  fcquetitcs  dux  \  ita  inli* 
bra  plana  cacdem  leees  vigent  dum  cx  vno 
a>ce  in  alium  axem  m  translatio  ,  quotics 
'  inter  axcs  duos  paralUljiruiii ,  liQearum 
quae  vicemgrammlce  lit^rx  gcrunt ,  poi^ 
tiones  interccpt2,funt  brachia  carundcm 
grammtcarism  librarum.  £x  quo  fitiUoi 
axes  elie  inuiccm  parallclos  quoties  bra- 
chiagrammicarumlibrarum  funt  inaicem 
flcqualia  \  non  eitc  autem  parallelos  quo« 
ticsbrachia  noiifunt  asqualia  \  fcd  conuc^ 
uirc  cum  pi^imario  axc  m  Ulo  ipfo  puD^to 
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in  quo  linea  qux  brachia  librarum  gram- 

micarum  terminat.     In  propofico  igitur 

rchcmateprimieasusftcaiidae  partis  axes 

adumpticoncurrent  in  punf^um  c  »    &  11 

cx  produftabfabfcindaturfhipfi  b  f  a^- 

quaiis  iungaturqueh  c^  &exaxe  b-c  fiifi* 

penfio  transferatur  m  axem  c  f ;  m  reflanl 

vcrochtrapsfcratur  triangulum  f  d  o  pcr 

parallelas  bifi  d  o>&  iUi  aptetur  *,  femiciW 

culus  quoquebg  c  (imilicer  transfc^ratilr&E 

aptctur  eidem  re£t£h  c;triatigulum  &  fc- 

mtcirculus  itaaptata  re£laec  h,  Iibra  plana 

ftifpensa  ex  axc  f  c,  acquipondcrabuAt  ft-, 

micirculo  b  g  c  vt  iacet  manwi.  Si  cnhn 

q  u  producatur  occurratque  re£tae  c  g  m  i» 

crunt  X  i,  xf  xqualcs  (icuti  f h,  f  b ponun-.' 

tur  xquales  ;  quoniam  ergo  libra  gVafli* 

mica  X  r  fufpensa  ex  f^  fuftmenteque  ex  r 

grauc  f  r  qj  &exx  graueux  t ,  fifurpen- 

fio  cx  f  mutctut  in  x>recincaturque  brachiu 

X  i  aequale  brachio  x  f  ^  duo  fimul  grauia 

il  X  t,f  r  q  c  X  i  pendentia  ,    fiue  babentia 

centrum  grauitatis  in  pun£lo  i  a^quipon* 

dcrabuntgrauif  r  q  vt  iacet  manenti ,  'tit 

dccima  libri  fecuhdi ;  ergo  cum  di£tum  x* 

quilibrium contingat  in  fingulisparallelis» 

figuras  dux  pracdi^lo  modo  aptata?  ad  Imca 

hc^pofito  axef  c  )  acqulponderabjnt  per 

pracfeatem  femicirculobgc  vt  iacet  ma- 

nenti» 


( 
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COROLLARIVM.  III. 

Eiurinodi  porro  figuras  tradita  merhodo 
lin(  ac  refla^ptatas  habere  centtum  graui** 
btis  in  illa  ips^  linca  cui  aptamurs  afiami- 
mws  ex  vndecimae  huius  parte  fccunda) 
ncc  comradicct  vllus  qui  meditatus  fuerit 
quo  pa£lo  Archimedes  demonflret  in  M* 
broxquiponderantium  centrum  trianguli 
efle  in  reAa  quz  bifariam  fecat  bafim^om- 
nefque  ipfi  parallelassquod  &  in  parallclQ** 
grammo  dcmonftrat  \  nofquein  feQionum 
conicarum  fegraentisoftcndimas  in  deci- 
ml  tertiA  fecuiKit ,  ceQtrum  nimirumgra- 
uitatis  effe  in  diaraetro  qus  bifaciam  fccat 
omnes  parallelas  bafi^ 

COROLLARIVM^   iV. 

Si  in  pfiikia  figur^  fecundas  partis  b  ii  £< 
ttifa  (it  bifariam  in  f ;  portioni  b  f  q  iifilem 
pofitisxquiponderabit  triangulum  fuxt 
vt  iacet  manens^&  fi  refta  f  x  ita  diuidatur 
inz  vtx  z(\i  triens  ipfiusfx ,  &  per  z  du* 
cantur  z  yiz  X  squidifiantes  re£lis  b  a,a  gi 
ct^m  ^  fit  c8trum  grauitatis  trianguli  f  ut^ 
fpi^Vft^i  aptatum  reAaz  z  y  &  aequiponilc- 
tahs  figtirx  b  q  f,axc  b  c^crit  aeqiiale  triaii- 
gulo  f  u  t^quodeftdccimafextaparstri^* 
guli  fo  d  ,  cum  bafisejusttt  fit  quadrans 
b^fis  b  djHcuti  latus  f  tt  cft  quadrans  laft^ 
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ris  f  o:crgo  cum  triangala  Tiat  Gmilia  f  u  t, 
f  o  d  habcbunt  duplicatam  ratioDcm  late- 
rum  y  quakm  babcntvnitas  &  fexdecim» 
refpmu  laicrum  exiftcntium  in  ratipne 
vnius  ad  quatuor,  Cum  ergo  triangulum 
f d  o  aequct  duo  quadrata  xt(kx hi\  tri^n* 
;uUimf  u  t  xquabit  vnam  o£tauam  qua^, 
irati  f  a«  Rurfus  quoniam  triangula  c  b  f» 
c  ^  z  funt  (imilia,ficut  c  f  ad  c  Ztita  crit  f  b 
adz^:  fcd  cf  ad  cz  cft  vtduoilccioiad 
d^em>vel  vc  fex  ad  quinque :  ergo.  rcAa 
f  u  ad  reflam  f  y  eft  vt  fcxadquinque  : 
quoniam  crgo  vt  brachium  u  f  vel  f  b  ad 
brachium  y  f  vel  \  z  >  ita  eft  sequiponde<« 
rans  aptatum  xtfXxzy  adaptatum  rcAse 
£u:  cum  aptatuni  refts  z  y  fit  o£taua  j(iue 
fex  quadrage{imae oAaux quadrati  b.a^ ap- 

tatum  rcftx  f  u ,  erit  quinque  quairagcfi* 
mx  oQlwx  quadrati  b  a. 

COROLLARIVM    V. 

Eadem  figura  fecundas  partis  retetu 
ta  apertum  cft  ea  quas  haAenus  prApofei'* 
mus  de  tota  elhpfi  b  q  c,  perinde  eflc.i^a 
in  finguUs  cius  partibus  concl^fis  intra 
quafcunque  ordinatim  ad  diam^triun  a  c 
applicatas  fi  conferantur  cuni'  portiont 
trianguUf  d  o  intra  cafdcm  ordinatim  ap** 
plicatas  comenta. 
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Propositio  XXIX. 
Sit  parabolx  regmcntum  a  c  b, 
cuiusbaiisabjdiameter  c  d;  (ic 
aliud  qubduis  regmentum  para- 
bola*  i  h  m  cuius  bafis  i  ra  termi- 
netur  occurfu  duarum  a i,  b  m 
diametro  c  d  aequidiiilatium,  eiuf- 
que  diameter  1  h  (it  porcio  reda^ 
cd.  Sit  prxtcrea  alia  paraboU 
a  g  b  cuius  baiis  (ir  a  b ,  diameter 
d  e  g  ipGus  d  e  duplatreg  mentum 
yero  i  h  m  intelligatur  apcatum 
curuae  acb,  fecudum  poficionem 
linez  a  i.His  po(itis  pro  poficu  (Ic 
inuenire  centrum  grauitatis  in 
fegmchti  ita  aptati  portione  qui- 
uisinterceptaduabu^  ip{i  ai  pa- 
rallelis.  Oftendi  prsterea  debet 
portione  eiufmodi  habere  idem 
centrum  grauitatis  cum  parte 
regmenti  a  g  b  contenta  iifdem 
parallelis. 
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Abrcindantur  cx  g  d  re£l:r  c  f ,  c  e  inuK 
ccm  xqualeSj&iingulx  dirnidio  u  d^  h  1,- 
vt  toia  fcfictoti  hla?qua!ispt<ju€  pcrc  &. 

•  f  mtcljigantur  cx  primi  vkiiDa  dcfcriptac\ 
parabolaf  a  e  b,  a  f  b,quarum  diamctri  fint 
dcjdf.  Inucniatur  cx doftrina.ciuadraturap' 
parabolaecentriun  grauitatis  poitionis  in-', 
tra  cafdcm  parallclas  &  curuas^.f  b  ^  ^a  <>  b 
.mtcrccptae.     Dico  ciufmodi  ccairumcfle 

.  illudquod  quacrcndum  proponicur3&  noa 
difFctrc  a  cctro.  grauitatis  fcgmcnu^  g  b4  j    pj^ 
intra  eafdcm  par^UcIas  claum  \tc\\  co- 

Quoniam  cnitxi  a, tangcntibus  in  i  &,anj^.*.  .,«. 
(imihter  fccatur  fcgmcta  i  h  mya  c  b,a  c  b,  **'?.^^^ 
a  f  b^a  gb^fi  fccentur  quacunque  n  t  xqui?-, 
diftanteipfigliCiMS  portioaesillis  intcrcer 
pt;e  r  u,  X  q»  X  p »  X  o ,  X  n  funt  Jn  ratione 
diametrorum  liijd  c^d  c^d  fj^d  gjcrgo  iicut 


ius. 
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1  h^quatrcflam  c  t^ ,  ita  r  u  zquat'  re£lain 
q  o;&  (icuc  e  f  bifariam  fccatur  ki  c,ita  q  o 
bifariamqaoque(ecatur  in  pi  ergo  fegnie- 
.  tum  i  h  m  aptatum  curuae  a  c  b  circum- 
fcribitur  Itmbo  a  pf  b  eq  pacabolico^ergo 
figurar  a  ojEb  c  qcentrum  griaujtatis  noiu 
fietexdenloiifiratis  ab  Arci|tmedc  in  h* 
bello  de  quadratura  circuli. 

Rehnquirur  vt    oRend^us    centrum 

grauitis  iftudnon  differre  a  centrograuita- 

tisquodcompetit  parti  fegmenti  agb  c6* 

tentxiifdem  paraUelis.Intrarc£tas  ai,b  m 

4u£ta  (it  vtcunquc  i  m  xquivlillans  ipfi  a  b, 

&  intelligatur  defcripta  figura  i  f  m  t  ita 

vt  qu2cunque  f  t  ipfi  i  a  xquidiftans  duca- 

tur  fecSs  re£la  i  m in  r,poniones  f  r,r  t  fint 

9quales;&  vtx  p  rcftaad  f  r,  ita  reciproce 

fit  f  r  ad  x.q^ac  proinde  ita  etiam  fit  f^t  du- 

pla  reAx  f  r  ad  compofitam  ex  x  q,  n  o  du* 

plam  reftx  x  q,     Quoniam  libr^  grammi* 

ca  r  p  fufpens^  ex  punAox»  St  fuflinens  c)C 

vna  partc  graue  t  u  aptatnm  punAo  r  ^  8c 

graue  x  qno  aptatum  punflo  p  pcr  linea 

xngrauitate  carentem  cui  adhxrere  ipfa 

;  grauia  intelligttntur^arquiponderabunt  fibi 

mutuoergo  cum  tdipfum  pariter  eueniat 

f/aut7  ^^  ^'^i^  atquidiftantibut  tota  figutaif  inlt 

primi    mancns  vt  iacet,pofito  a  baxe  libr^  plan^, 

•^".ip*  xquipoderabit  toti  compofitx  cxa  qebd 

&!cxangbfo^&  pars  parti  prout  fibi 

intra  eafdem  parallelas  iam  memoratas  ref- 

pondent  s  vt  conftat  ex  prioris  propofi» 


j 
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tionisj>arte  altcra, 

Similiter  intciligatur  figura  i  y  m  z  ita 
defcripta  vtiifdcm  pofitis  arquipondcret 
tttiagbd^  &  qualibet  xquidiftante  u  2 
du£la  vt  r  X  ad  x  p  ita  iit  x  n  ad  y  z.(^onia 
vt  r  X  adxp  ita  citxnad  y  z,  &ita  ttiam 
cft  compofita  x  q  o  n  ad  f  t^  vt  x  n  ad  y  z» 
ita  erit  compofita  xq  o  n  ad  f  t  :  ergo  al« 
ternando  vt  x  n  ad  compofitam  x  q  o  n  , 
ita  y  z  ad  f  t  >  fed  vt  re^a  x^qonadxn» 
ita  cA  coropofitaekportionibiis  cuinfcun" 
que  alterius  a? quidiftantii  intcffceptis  mtcr 
cafdem  lineas  quibus  x  q  o  n  clauditur^ad 
interceptam  inter  eafdem  quibus  x  n  ccn« 
tinetur ,  vt  ofteafum  fuit  ^  crgo  ex  fcxta 
primi  libri,vt  compofita  x  qo  nadre£Um 
X  nita  eft  compofitum fpatium  ex  a q  cb 
dx>  angbfoadfpatium  angbd^  ca- 
demque  efi  ratio  de  eorum  partibus  intra 
cafd^m  parallelas  ad  diametrum  g  d  iftter'' 
ceptis :  ergo  vt  compofitum  fpatium  cx 
a  qe  bdx^angbfo  ad  fpatiumangb  d 
ita fpattum  vniusatquidohderans  i  uh m  r» 
ad  alterius  arquipondcrans  i  y  m  z;  &  aU 
cernando  vt  compofitum  fpatium  ex  a  q  c 
bdx,  angbfoad  xquippnderam  fuum 
i  u  h  m  t»  ita  fpatium  a  n  g  b  d  ad  fuum 
iitxn  acquiponderans  i  y  m  z. 

Portio  fegmmi  a\g  b  d  intra  parallclas 
memoratas  co^clufahabeatccntrum  gra- 
uitatis  in  reAa  k  k  conuenientc  in  k  euin 
tt&^  d  g  *)  ergo  vr  brachium  1  d  ad  longitiir 
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dincm  d  J^  9  ita  per  fcxcavn  auc  feptimam 
primi  aequipoaderantium  cft  fpatium  a  g 
b  d  totum  vel  pars  AxOlo   modo    furapta 
pcndcns  ex Jl^  1,  ad  zquiponderans  \y  mz 
vci  adpartcm:  fcd  vt  fpatium  a  g  bd  ad 
1  y  mz  vel  parsad  partem^ita  oftcndimus 
C0e  compoftcom  C3caqcbdx,angbfo 
vcl  cius  partem  ad  fpatium  i  u  m  t  vclad 
partem  paritcr  fumptam  :  crgo  vt  brachiii 
Id  adlongicudincm  d  k  ita  cftfpatium 
compofitum  vcl  eius  pars  pcndcns  ,  ad  7t* 
quipondcransipfi:  ergbcentrum  grauita* 
tis  compoliti  fpatij  cft  in  rcAa  k  ^. 
.  Idcm  vcro  centrum  granitatis  eflein 
eodcm  pun£t6  lincz  4  ^  conftat  ex  decima 
qainta  fecundilibri  ^cxillacnim  oftcndc» 
tur  vtriilfque  fufpenfi  centrum  cftc  in  VDa 
cademque  parallcla  ad  diametram  dg.crit 
ergo  in  communi  feftione  iftius  parallelx 
Sl rcftz  k.^  prout  oftcndendum  fuit. 

COROLLARIVM    1. 

Hinc  patet  fi  lineae  a  b^i  m  non  fint  ba« 
fes  parabolarum^  a  c  b,i  h  m,  fed  fint  qux- 
cunq;  alis  ttl^Tt  ad  ipfarum  parabolanim' 
cauavel  conuexa  pofita?>idem  prorfuscon* 
fici  dummodo.  portiones  p  x ,  u  r  cuiuf* 
cunque  xquidiftantis  diameuo  fint  inra- 
tione  re^arum  d  c>x  o/ 


Elmmtorum  Liber  IV.     495 

COROLLARIVM  IT. 

Si  cuicunque  linex  a  p  c  aptata  fit  figu« 
ra quxuis  a  gbd fecundum poiitionem re- 
£t2cai^&ex  iingulis  condiftis  n  x^gdoc- 
curfu  linearum  a  q  e  ,  a  o  f  abfcindantur 
vtrinque  n  o,  x  q  inuicem  zquales  >  itcm 
g  fycd  inuicem  ctiam  ; qualcs)  (icut  autem 
g  f^ad  f  C)ita  fit  n  o  ad  o  pi  &  ita  etiam  fit 
Ciliufcunque  alterius  condiAa^  portio  li- 
neis  a  n  g^a  of  imerccpta  ad  portionem  li- 
ncis  a  o  f,a  p  e  inclufam:  liquet  ex  demon^ 
flratione  quapars  altera  prarfentispropo- 
fitionis  demonftratur  centrum  grauitatis 
totius  a  g  b  X  efle  idem  cunr  centro  graui* 
tatis  partisaf  be, 

PROPOSITIO     XXX. 

Si  du2  figurx  planas  Tuper  ea- 
dem  bafi  (int  conftituts  ita  vc 
omnes  ttdix  xquidiftantes  certsc 
cuidam  dedgnat^  fecunduin  ean- 
dem  rationem  fecentur ,  centra 
grauitatis  earum  erunt  in  eadem 
parallela,  &  eorum  a  baH  diftan- 
t\x  erunt  in  eadem  ratione. 
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Sint  iigurf  a e b ,  a  gb  fuper  bafi  ab 
eooiHtutae  ita  vt  (iDgulf  ad  rcAam  a  i  pa- 
rallelx  ocourrcntcs  nguris  fcccfntur  in  ra- 
tionc  reAarum  g  (l,d  e.  Sit  f  ccntrum  gra- 
uitatisfigursae  b  in  rc£ta  d  e  ^.quidifian* 
tc  tt&7t  a  1,  &  h  ccntrum  grauitatis  figurx 
agb  Dicovtgdrcftaadgc,  ita  eC^di* 
fiantiam  punAih  aba(i  9  ad  diftantiam 
pundifabeadem  bafiab, 

Quoniafn  enim  vt  g  d  ad  d  c  »  ita  funt 
(ingul^  aliz  xquidiflantes  rcA;  gd»  10« 
clufac  figura  aeb  adporjionem  fuiin- 
clufam  figtiras^cb^  erit  ccntr^m  grauitatis 
vtriufque  figura?  in  eadem  refta  acqoidi* 
fiantercfl^a  i.  exdecima  quinta  fecuodi, 
vt  in  praBccdenti  diximus;  crgo  cum  f  ccn- 
triim  grauitatis  figurar  a eb  ponatur  in  r<- 

aa 
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ft^  d  e ,  in  cadem  quoque  rcfta  d  e  produ- 
£ka  crit  h  ccn trum  fftauitaus  ligurar  a  g  b. 

Vt  d  g  rcfta  ad  d  e,  ita  ut  a  i  cuiufcun* 
quc  longitudinis  .ad  a  c ,  compktifquc  pa« 
rallclogrammis  a  i  r  b,  a  c  o  b>  intclligan- 
tur jfigurs  c  p oq>  i  s  r u  ita  aptats  rc^lis 
c  o»  i  r>  vc  quacuoquc  q  u  xquidifiante  rc« ; 
&x  a  i  fcccotur  in  p»  n,  q»  s^  t^  u»  &  figurae . 
a  f  b,a  g:b  in  d>  c»  g  vc  nd  rcifta  ad  di« 
midium  reAa^  d  c » ita  fit  tota  4  e  ad  totam 
p  q  btfariam  in  n  fc£kam :  &  vt  p  t  rc£ta  ad 
dimidium  rcfts  d  g ,  ita  fic  tota  d  g  ad  s  u 
bifariam  in  t  ftftam.  Pofito  crgo  a  b  axe 
librx  planx  b  a  i  tota  figura  c  p  o  q  vt  iacec 
manensarquiponderabitcx  vigcfimaoAa^ 
ua  toti  a  e  b,  &  pars  pani  ^  prout  inter  caf» 
dcm  adai  rcAam  asquidiftantcs  contine* 
buotur;  fimilitcr  tota  figura  i  s  r  u  vt  iaccc* 
nnancns  arquiponderabit  toti  z^hSc  pars 
piarii  >  prout  difto  iam  modo  fioi  rcfpon« 
debunt. 

Quoniatn  ergo  vt  d  n,  d  u  >  ita  d  e ,  d  g, 
criint  aUemando  vt  d  n,  d  e,  ita  d  u ,  d  e  t 
fcd  vt  d  e  ad  fui  dimidium  ita  d  g  ad  fui  di« 
midium :  er^  ex  dequo  vt  d  n » ad  dimi- 
dium  rcAxd e,  ita  d  u  ad  dimidium  rcfta: 
dg.  Rurfus  qubniam  vtd  n  ad  dimidium 
ttfkx d e,  ita  eft  tota  d  e  ad^p q^  &  vt  d  U;; 
ad  dimidium  rcAs  dg,  ica  cft  tota  d  g  ad  ^ 
s  u }  erunt  d  n ,  dimidium  ttOat  d  e ,  ipfa 
de,  &  p  q  proporttonalcsrcftildii^dimi- 
dio  ttdtx  d  g,  ipfi  d  g  &  s  u :  ergo.ex  jcquo 

li 
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vtd  a  Te£taa4p  q, ludacclkaadf  a^  fc 
alcetoaivdo  vt  d;^  ad  dn,!vdrtf  d  e  ad  d  g» 
ka  p  c(  ad  f  «  ^  crgo  cmto  «df ^ai»  eut rfiac 
iniingulu>asqoiditlaoiibQf  «cift^a^rit  ^x 
ff xti  fecundi  figur a  ^ji  o  q  ad  figmim 
i  f  r  o^  &  fK^ss  ad  pavtem  jriiAo  iaHi  «040- 
fiiiDptat  y  tc  tSi  itQoL  d  raid  €  g  ^^  i^fkpt 
figura  a  r  b  proptcf  coikI.coi  cau&ta  crn  ad 
%Qtam  a  g  b^  vt  rc£bi  4  cid^d  g :  ergo  vif 
figora  a  c  b d ad  figfiratiia g^bd^ita  c po  ^ 
figuta  ad  i  ( t  u  figuram )  &  alccriKMido  Tt 
figora  a  e  Kd  ad  (ibi  arqtMpcmdenintciii 
c  p  oqyiu  figiira  ag  b  dad  «m  a^quipoii^ 
deraotem }  f  rUb 

Cum  igiturn  d  brachium  adioQgitudi^ 
iKm df  &crtaebd  ad  ae^quiponderam 
c-p  o  q  cx  fexca  quadratur^e  pafabolcs ;'  ft 
cadon  de^causa  t  d  brachium  ad  d  hyfit  yft 
f^ara  a  g  b  d^  stquipondcraus  i  f  v  u$  etif ' 
i>d  brachiomad-longitudmeBSd  f ,.  Tlt  d 
brachium  adlongicudincmd  h  :  csgo  alt-' 
tcmando  vtn  d  ad  t  d ,.  vet  vt  d  e  add  %^ 
ita  d  f  ad  4  hiqtfod  erat  dvmonfinmdilifii. 


c     S 
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\Pr0f9fimnm  VigejimAm  Mmdm  cmwi  fi» 
^uentii/ut  Jnsimsnc^nuUum  Husryfm^jiif* 
2tntHft^sddiH»itxmushuic'iHnnififKhirtOy  wou 
fufJk  nece^faH^fZ  nop^o  Jii  tetrdgonifimo  ;  fd' 
quod  dfffimi  n^ytilis  cumfit;^^  dliundi  mi^ 
rnhiUt  dddlffplkrimdnf^emtyi^s,  ffoiuimus 
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n»ftr*m  i/sm  iimtiituatm  r»  ttntlrU  diutmi 
Utere.CdterumfBfiuUlHm  iliud  froptfittonis 
yndetimd,ifiitdj[ttt  y]^i^£  aSsUd  Mtottrt4 
exifiimdmut,  yt  iabMmdnitJcitnlifi  {ftfoni" 
MMf  ha  e  ySiT'  Jtuioitin  in[fiut4i )  nihil  i^ 
tertiui  futtmui. 
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Ahfolutam  circuliJ^perboU 
<  enim- 

t  •qmns. 


5  V/Einanteceden- 

I  tibus  quatuor  Li- 

r  brisanobisinuen- 

i  tafunt,  eadumde 

'cditione  ifta  age- 

retur,fola  &  per  fe  fulficere  puta- 

runtdoai  Cmul&  amici  viri,ad 

hoc  vt  nonnullo  opers  nofttx 
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prciio  iSc  Mathefeos  increm  ento*, 
ctiatn  fdorfum  vulgarentur,quid- 
quid  atijs  iiiuentisnafliris,  quo- 
rum  cau^a  f^mper  metuebamus , 
euedirec^  Hac  publics  vtilita ti^ 
perfuadone  addudi  Ty  pograph6 
lucubfationes  iftas  tradidimus ; 
feddum  diagramttiata  cupro  in^ 
ciduntuf  5  praElo  cuduntur,  cjeic- 
rdque  abfoluuntur,  biennium  cO-, 
tam  fegnes  operarum  moras  no- 
bisnequicquamculpantibus.  In- 
tcrea  vero  ciim  edenda  dihgen- 
tiiis  rccognofceremuSjeorum  or- 
dinem&  difpoiitianem  in  qui- 
bufdam  immutanda  ccnfuimus, 
vt  iamaudior,{inonrerum,cerie 
librorum  numerus  prodeat,  qua 
in  prolegomenis  deftinauera- 
nius.  Atque  vt  filehtio  iftud  noh 
diflimulemus,  nihil fermc abfuit 
quin  librum  pr.i;fcntem  tanquam 
abortiuum  perpetuse  obliuionis 
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cumulo  conderemus>  md  cvud 
emortuum  cfferremu$>  «louusei 
vic2  halitus  (ubitd  indicus  ap- 
paruilTet  /  qu6  fic  vt  tanto  carior 
nobis  {Ir^quanc^  cafts^  macri  Cua* 
aior  accidit  reftaurata  exanijnati 
fummirque  propcerea  doloribus 
partifoetus  vita.Hte  qubque)  Lc^ 
dor,numeros  adhibicos  tnttcnleSj 
ptan^queagnofcesfine  iitis  mhii 
in  prxfenti  negotio  mCt  vago 
quodam  &  ingrato  demonftran-; 
di  genere  polfe  definin. 

PROPOSITIO    I. 

Si  cx  cuiuruis  paralkiograni' 
mi  a  b  e  d  angulo  quolibec  b  in 
latera  opppiiia  ad,d  c  demittan- 
turperpendicularcsb  c,b  f  j  dico 
vc  b  c  tcdti  ad  b  f,  ita  eife  b  a  reda 
adbe.  £t  fi  in  diemetro  b  d  etia 

produffta  ponatur  centrum  gra- 
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jllllatis  aliciuukmagnuudinis^ruC- 
petidatur^tie  per  duas  rufpcnfio- 
IJcs  quarum  perpendicula  per 
•cepcram  libr|  Incedefitia  fintcl  a> 
d  e.  Dico  vt  cft  a  b  rciSa  ad  b  ^, 
iu  e({e  ponta^acqualitate  brachi)^ 
«quipondemns  perpcndiculi  da 
ad  aliud  a^quiponderans.  Et  ii 
pofito  centro  grauitatis  intra  an« 
gulum  a  d  e ,  vt  sequippnderans 
perpendiculi  da  adxquiponde- 
lansalterius  ,ita  vicifnm  fiat  d  e 
quaslibet  eius  portio.ad  redam 
da  completoque  parallelogramo 
adcb  iugatUT  diametcr  db;  dico 
in  ipsi  d  b  eiTe  centru  grauitatis. 


* 
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Quoniam  angoh  oppofiti  ad  a  &  e  faflt 
.      ^j^  aequalts,&  anguli  b  c  a|bf c  font  aequales 
miEuc!  vtPOtercfti,erunttrianettlabc  a,  bfefi« 
*  milia^ergo  vt  a  b»b  c^ita  b  e ,  b  f ;  &  alccr« 
pando  vt^a  b^  b  e,ita  b  c»  bf^  qaod  erat  pri« 
016  ofiendendum»  .     . 

Rurfus  excitenrut  ek  pun£lo  d  tc&x 
d  gfd  h,xquales  inuicem,perpendicul^rc^ 
ad  xtfk^%  d  ayd e.Qjoniam  b C)g  i  funr  ptr 
rallclxialterni  anguli  c  b  d^  b  d  i  crunt  ap- 
.  quales')Crgo  pofito  finu  toto  d  b ,  xt&z  c  b 
crit  finus  anguli  c  b  d  3  atqui  angulus  c  d b 
cft  in  triangulo  reftangulo  b  c  d  conlple  - 
mentum  ahguli  c  bd  ,  qui  eft  xquahs  ipfi 
b  d  i;ergo  pofito  finu  toto  d  b,finus  com* 
plementi  anguli  b  d  i  eft  rcAa  b  c.  Simi- 
liter  oftendctur  pofitpfinu  totp  d  b»  finum 
complcmcnti  angiili  b  d  1  efie  reAam 
bf.Quoniam  ergo  arquiponderantia  dua- 
ramfufpenfionum  per  librasgd,  dbfa- 
Aarum  funt  vt  complcmenti finus  b c ,  bf 
cxvddecimi  fecundi  libri;  bcauten]& 
b  f  funt  inter  fe  vt  ba  ^  b  e  ex  modo  de- 
monflratis;ergo  vt  reAa  b  a  ad  b  e  vcl  a  J> 
ita  cft  arquip^nderans  librac  g  d  fiue  per- 
pendiculi  d  a  ad  equiponderans  librf  dh 
fiuc  perpendiculi  d,e  quod  fccundo  oflcfl- 
dcre  oporrebar. 

Demum  pofito  ccntro  grauitatis  intri 
anguluma  de,  vt  acquipbndcraos  pcrpen- 
diculi  d  a  ad  aequiponderans  pcrpcndicnU 
d  c,ita  vrcilfim  fitlatos  d  e  ad  d  a  paralle* 
logrammi  adcb^ccntrum  vdo  grauitaiis 
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non  fit  (  fifieri  potcft  )  infc^adtn }  crgo 
cotnplcto  parallelogrMin^  (fse  m  OiiVt  a^t 
qqipondcrans  pcrpcndicnli  4  ^  ^4  pcrpcn- 
diculi  d  €  3  ita  viciflim  cx  iam  dcmonftra« 
tis  crit  latus  d  e  ad  4  n}  fcd  ita  etiam  poni« 
tur  cfle  latu^  d  e  ad  d  a^  ergo  rcAx  d  a,d  a 
pars  Sc  totum  funt  acqualcsinon  igitur  ccn* 
trum  grauitatis  cft  extra  diamctrum  d  b  s 
quod  tcrtio  fuit  oficndcndui]^, 

COROLLARIVM. 

Si  commune  vtrique  perpcndiculo  bra« 
chium  fiat  ad  aliud,q  udd  infcruiat  pcrpe 
diculo  dc,  vt  ipfum  latus  a  d  ad  latus  d  c^ 
manifcftuih  cft  cx  o£iaua  fecundi  zqui- 
ponderans  perpcndiculi  d  e  cfle  aequalc 
aeqiiiponderanti  perptndiculi  d  a  ^  po(itl 
ifta  brachiorom  inaequalit^tc. 

Propositio   IL 

Segmento  e  d  f  circuli  cx  cen- 
tro  c  de(cripti ,  cuius  fubtenfa  e  f 
fit addiametrum  a  b  vt  ternarius 
ad  quinarium,libr4  ex  c  rufpensa, 
perpendiculo  c  b ,  ex  m  termino 
diametri  d  m  perpedicalaris  ad  e  f 
asquiponderat  fpatium  squale 


redanguioqiius  baiisiit  ef  >  ald' 
tudo  verd  «quet  remiiliametf i 
dctres  vigqlimas  quSmas. 


Saper  ab  conflruAum  fii  qttadtaqiiii 
a  u  X  b^erit  punftum  m  in  re£la  u  x  ^  cx 
d  m  pro<lla£ka  a]brci{r4  (k  m  y  ipfi  c  d  2- 
qualis»  Srintelligacur  per  u»y,x  defcriptu 
uyx  fegn:iencum parabols ,  cuiiit  ba(i$ 
n  Xsdiametcr  m  y , vertex  y.  Intelligatur 
przterea  linca  i^  1  x  n  ita  fe  habens  ad  pa- 
rabolamuyx^vt  quacunque  qz  asquidi* 
ftante  diametro  m  y  fecentur  in  q,  o,  z  & 
linea  ux  in  p,fic  q  o  dimidium  redar  p^ 
Sl  bifariam  fccetur  in  p^ 

Quoniam  d  c»m  y  funt  acqu,alcs-,quaccun- 
quc  f  z  acquidiftahs  reft;B  d  c  ducatur  oc- 
c^rrens  baliin  piparabdlae  iii  7,  circulo  in 
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f/diametro  a  b  in  i  j  curu^  ulxninqjlco, 
cruqt  trc$  tt&x  4  c ,  f  ij  q  z  prapof  tiona-    ^^.. 
lcs^ex  demooftrau^  in  tcruo  libroi  cr^  vc  ^'11^^^ 
p  i  ipfi  d  c  xqUalis  adi  f,iu  i  f  ad  q  ?xrgo  io  ca* 
vt  i p  ad  i  9  fcmifiei» rcft» i  f ,  ita  tota  i  f  *^W.  |. 
adqodimidium  if^srq?  aptacum  n&m 
u  X  fecimdum  pofiiioficm  rc i^9  a  u  :  crgo 
£  9  p  pocutur  libra  gramiuka  f x  i  (ufpcfi*- 
fa,grauiafi,q  o  vtiaccotmancBtiafibi  in-  pri^^a:^ 
uiccmquipondcrabunt^ergocum  idipfum  quip. 
eueniat  in  alij^s  omniiHi^  arquidi0aocibus 
i:cA?8d  C)tou 6guia  v  1  i(p (oti a  d b  c  >  & 
pars  paiti,  fifumanturprout  iticra  cafdem 
ordinatim  ad  4iamcirum  a  b  appUcatas  ^S* 
fijii  rtfpondcnt,  ^Bquipomdiwbit.  2»!!!." 

y  euio  lam  ad  calcuiu  casus  propouu» 
Quoniam  iuQ^ae  c  f  <]ua(dratum  aequat 
quadrata  duar^i^.  g  f,g  c^  &  g  f  potc£b  no- 
ucm  cuiurmodrc  f  vigiiiti  quioquc ,  potc*  « 

ritgc  rcUquas  fcxdccim  pattcs  quadrati 
c  f^crgp  tres  rc^»  C  f,?  g»  g  f  funt  }ongitu« 
dinc  vt  qiiiinartus,  quatcrnarius»  &  terna* 
rius.  Pcr  c  &  (ducanu^r  coodiAi^  c  k,  far, 
occurrentes  in  H>r,Ct,it,i,g,p,o»z>  lincis 
a  bs  vU  V  n,  u  y;ii|nAa  k^  occurrat  ttdf^ 
}  y  in  x.  Quontatn  latns  rcAum  par abolx 
u  y  z  arquale  cft  diametro  m  y  (  funt  cnini 
y  m,m  u  zquales)  ciunt  y  K^  Vk>  y  m  pro-  • 
portionalcs*crgo  vt  y  m  ad  X I;.  vcl  m  Choc 
cft  vt  quinarius  ad  tcrnarium  ,  vcl  figinti 
quinquc  ad  quindecim ,  ita  j^  x  ad  ^  y  :  cft  '':  ^^'' 
crgo  K  y  aoucm^cuiufmodi  i^  K  qumdccim  ^ 
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&  y  m  vigiQtiqainque. 

Rurfus  qttoniam  fcgmentum  k  1  z  y  ar« 

,y^q„ji.quaic  eft  quatuor  tricntibus    rc£tanguli 

drac.    z  ^  yi  quod  triangulo  k  z  y  «qualc  cft ;  fi 

P^iab.  il^xdiQidaturinquindecim  partes,re£lz^  z 

quatuortrientcs  erunt  viginti }  fi  ergoAry 

nouem  partium  ducatur  in  vigtnti ,  confi- 

cientur  ccntum  o£logtnta:crgo  duo  trien« 

tes  re£languli  zAy  funt  ccntum  o6loginta 

quadrata  decimx  quintat partis  rcA;  kz\ 

rc^kangulum  autem  f  p  z  i^icuius  latcra  f p 

triginta,  &  p  z  vel  m  a.  fcxdecim  >  eltqaa- 

dringenta  oftoginta  eiufmodi  quadrata,er« 

gotota  figura  fKyzp  aequat  ciufmodi 

quadrata  (excenta  fcxaginta;  crgo  cum  cx 

fextS^  primi  figura  rt  no  q  Ifit  dimidium 

figurae  f  k  y  z  p>figura  r  t  n  o  q  1  conftabit 

ciufmodi  quadratis  trcccntis  triginta:  crgo 

totidcm  quadrata  libra  cxc  fufpcnsa  ,  pcr- 

pendiculo c  b ,  pendcntia  ex  m  aequipon- 

derant  figur^  h  t  d  f  i  c:  fcd  parallclogram- 

mo e h  i  f^puius latus  e  hcft  viginti,cuiuf- 

modi  h  i  t^iginta  ^  &  ideo  contincnti  qua« 

drata  eiufdkm  modi  fcxccnta,  asquiponde- 

rant ,  (  iifdcm:  pofiris  )  quadibta  duccnta 

quadraginta  (  nam  vt  m  c  vcl  d  c  ad  c  p 

dimtdium  rcA;  c  g^»  hoc  cft  vt  quinquc  ad 

duoiita  e  h  i  f  ad  fuum  aequiponderans  ) 

ergofegiiicntoedf  g  aequipondcrant  qu?- 

drata  nonaginta :  frd  rcflangulum  fub  cf 

triginta,  &  fubtribus  Complcdicur  non:* 

gintaquadraca:  crgo  aequipondcrans  fcg* 
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mentoe  d  f  cfi  ijrdcm  pofitis^rc^^aQgulum 
fub  c  f  &  fub  partibus  tribus  cuiufmodi  e  f 
complc^titur  trigiata^  &  c  d  viginti  quin« 
que>quod  crat  demonftrandum^ 

COROLLARIVM 

Si  fegmentum  e  d  f  iam  compuf atum 
ponatur  ba(is  portionis  cylindriiu^ta  pr;« 
fcnptum  vigefio»  quintzipriorjii  libri,  ic 
rcdtangulum  ifii  bafi  arquipondenUail  fiat 
bafis  parallclcpipcdieadem  cum  porlione 
cylindri  altitudine  prasditi  ^  ifiud  cric ,  cx 
ibidcm  dcmonftratiS)  aequalefpatioatqui* 
pondcrantisportiont  cylindri  iuxta  cau- 
tiones  ibidcm  adhib|tas» 

SCH9LIVM- 

Sxpiditd  mdgis  yijk.  nMsfuii  hdc  enmfU'- 
tdndiyidyiefimptd  ex  demonJtrdfis*ferlii^rdm 
fldfidmy  ideo^ue  eibic  yji  fumus  3  ne  Ifero 
dutikmyllum delihd  ifliut  cum grdmmiti 
t^nfcndntid  rejiduu mfidty  fUcet  cdlculum  ini" 
n  dfuifonderdnfisfegmentoe  dfy  fofitadtcu 
e  d  ftriente  circuUy  frout  eumfofuimus  indi^ 
cimdnonS  tertij  libri  dlldm  efilogijini  ^  tme^tho-^ 
dumfifidntes^ 

Qttohiam  c  d  vel  m  y  t&  ad  fa  c  vel  k  y 
pdteffate  vt  quatnor  ad  tria.trcs  autem  re*  lo.rex- 
(Xx  m  y,  K  ^  ,  xy  fum  proportionalcs  ^  vt }}  ^^^* 
quatttorad  tiia^ita  crit  m  y  ad  ^y.     Cum  jolL^' 
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igitur  fcgtscmuiD  4  y  z  ^  fit  ad^alc  €fn^ 
tuor  uicdtibiis  rcfUo^uli  z  k  jy^ni  a^qva* 
lc  rcAaoguIo  fnbz  x  fc  fub  quatuor  tncn- 
tibus  rcftzjk  yyfaoc  cft  fub  rcftis  z  x,iii  y ; 
rc Aangulum  autcm  f  p  z  k  crit  xquale  rc« 
ftangulo  fub  z  ^  &  fttb  dimidio  rc^ac  m  y , 
hoc  cft  fub  dupla  rcAae  m  k  :  crgo  tota  fi- 
gura  f  p  z  y  K  a^quat  re£iangulum  fub  m  p 
&  fttb  rcAar  iki  y  tcibtts  fcmiifibus :  crgo  di« 
midium  illius  acquatre^kaogulum  fub  m  p 
&  fub  tribus  quadrantibas  ttdat  m  y  vcl 
c  d  ^  crgo  xquiponderans  figurx  e  hd f  i 
zquaiecft  rcftangulo  fubgf&fub  tribus 
qaadrantibtts  fcmidiamctri  c  d:fcdparallc« 
logrammo  c  h  i  f  {qttipondcrat  quadrans 
ipfius  c  h i  f)hoc  cft  rc£iangtt\um  fub  gf  & 
fub  g  f  quadrantc  rcftae  c  d ;  crgo  fegincn* 
coedfg  aequipondcrat  reftangulum  fub 
e  g  &  fub  re£Ue  c  d  duobus-quadrantibuSi 
boc  cft:  rcdangulMm  c  g  d  ,  quod  prorfiis 
coRUCHit  cum  cpilogtfrao  propoficfodis 
decimmoDf  tcrti)  liUu 

Qttod  in  dccimsi  o€kaua  ctufiicm  librt 
terti>.ofteildi€Qr »  ftafimcx  faoc diagram* 
mat e  afparet  i  nam  fegmeDWm  m  y  xx% 
quatttof  trientcs.reftangttls  a  my ,  qiidd' 
eft  qMdratuni)  cum  Utcra.u  m^m.  y  fisit  ««• 
qttalia  :  crgo  dtto  tricntes  quadfati.  b^^i 
vcl  a  c  xqtiipondcrant  cx  m  fcmiciroife 
a  d  b  I  Ubf  a  cx  c  fulpciisa  j  pcrpendicuto 
cb.-     ;    • 


• . 
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PROPOStTlO  III. 


\ 


Sit,  Tcuocata  figbjf^  propofi- 
tionis  vigc(tnia&  Cb|^!tiW^  lipi 
pra^f edentis i,  ndd  |egm^ntiBn 
hypcrbolae  primo  qurdcm  condi- 
<aum  5  ofteDdendum  eft  libra  b  d 
rufpcnfa  ex  ccentro ,  perpendicu- 
lo  c  p ,  fpatium  ex  b  fcgmento  vt 
iacet  manenci  zquiponderas  cfTe 

asquale  trienujbus  otSo  qp^adrati 

b  L  £e  fi  ijidefD ,  EBafteBttbus  f  ed;a 
d  t  atqiialis  fit  diamctrt  d^t^  fcptt- 
ms^  paitl «'  iQ^endcndurn  cft  Tc- 
G9tid6  j  (pskibrm  ex  b  feeiihetito 
n  d  o  aeqtiipo^derans  (,qM<>4  ^^^^- 
SQfn.  fitgm^fniiiisi  bypecbbltt  po- 
ttitn  vocetiil'  7^e  arqtf^Vift^aiVr 

g^to,co;api:c|icnfQfiil)l??S'n  0  & 
fitb;dit8ictn>fexdtciffic«^t«fimis> 
qdadragefimis  reptiinfs.. .  Kefta 
vero  e  6  erit  dupla  re^.^.a.      . 
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Sitigitur  prifflo  n  d  o  fcgmentuin  by- 
perbolx  condiftum ,  &:  illtclligatur  ce  <li« 
uifa  in  nooem  partcs  ^erit  ergo  n  o  duo- 
dccim  camndcm.partium}  latus  autcm  b  d 
tranfuerfilm  >  crit  ad  d  c|  diircflum  vt  bina« 
rius  ad  vnitatem ,  vt  oftendimtis  in  prforc 
librb.  Qttoniamcrgo  vtbdrrcA^ad  d^, 
id  eft  vtbinarius  ad  vni^atem  ,  ita  poni* 
tur  cx  vigcfima  feptima  dtata  o  t  rc^a  ad 
n  o ,  crit^  t  viginti  qtilfaor.;  cuiufifiodi 
no  duodcdm^&  quon^aQi.vt^eadao 
hoc  cft  nouem  ad  duodcCim ,  ita  ponitur 
>.  rexti  o  t  ad  o  2;  ^  erit  oz  tH^ihta  duarumpM^ 
^"^'  tium  cuiuifmodi  c  e  nouem )  crgt^  ^  tft 
fexdecim  \  ergo  ei  cfi  oSto  partium  :  ^c 
proindc  c  e ,  c  d,  c  i  funt  in  ratione  name« 
rorum^.  }.a« 

RuffttS 
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RwCas  quofiuiiB  fcgmcntam  parabolsr 
nxo  ^qiuk cft quactior  thoiubtts  reftan-  j/J{, 
gttii  a  c  i )  vcl  irtangttli  ni  o ;  erg^  dice-  pacab* 
xatoi4cs  fignra  CQntcnta  arctt  n  i  o  ^  rcftis 
D  p ,  ox »  &  reda  pcr  i  stquidiftantc  bafi 
n  o )  «qualis  cft  duobus  tricntibus  rc£tan«* 
gttlinci  (nam  parallclogrammum  difiis 
Imcis  comprchcnfum  duplum  eft  paralle- 
logrammi  n  c  i  )  crgo  cum  c  i  contineai 
viginti  quatttor  partcs  cuiufmodi  c  c  vi-i 
ginti  feptcm ;  reiftangttlum  fub  n  c  &  fub 
fexdcctm  parti bus  ciufmodi  xquabit  duos 
trient^s  iigurat  diccratoidis  \  &  addito  dii« 
plo  f eA9  c  i ,  rcftangulum  fub  n  c  &  fub 
viginti  duabus  partibus  ciufdem  modi 
asquabit  totam  figuram  cxtr^  cauam 
pcxoin :  rcfiangttlttm  atttcm  fub  nc  & 
fiib  Vndfcim  ciufmodi  aetquabitdimidium 
Cotius  p  c  X  o  i  n  s  qttod  cft  c  i  s  o  X. 

Rttrftts  qttoaiam  fi  ponamr  axtspx, 
brachittmquc  asquct  rcftam  c  c »  vt  c  c  rc- 
Aa  ad  dimidium  xtfkTL  c  d  ,  ita  cft  tota  c  d 
ad  dimidium  reftae  c  i,  idcmquc  cttcnit  in 
qttacamque  alia  xquidiftantc  rc£ka;  c  i,  di- 
midittm  figurae  txtr^  cattoe  paraboHc^ 
aptatum  brachio  f  iufmodi  arquipondcra- 
bit  figur»  c^fatra  etiam  caua?  hyberbo* 
licae  p  x  o2  n  vt  iacct  manenti  cx  fccund^ 
parte  Vigefitnae  oAausc  prioris  libri ;  ergo 
re^^gutum  fub  n  e  &  fub  vndectm  vige* 
fifttsfeptimis  re£lae  c  e  arquiponderstfigu« 
irahypcrbdiicae  p  xp  d  n :  fed  i^fdcfloi^po* 


•"^f^T^ 
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litis  tati  rt£kangulo  pxo n  aequipondcnit 
dimidiuin  ipfius^hoc  cft..  rcAaDgaluni  fub 
n  e  &  fub  e  c  tota  ^  ergo  refkanguluoi  fub 
c  n  &  fub  fexdccim  vigefimis  feptimis  rc« 
Aace  c  aequiponderatfegmcnto  parabolico 
n  d  o  e,  £rgo  (i  brachium  longttudtaii  c  c 
vel  viginti  icprcm  partium  mutetur  inbta-> 
chium  longitudmis  c  d  noucm  par- 
tiumi  cum  vt  nouem  ad  viginti  fcptcm, 
ira  fint  fcKdccim  ad  quadraginta  oAo , 
aequipondcrans  fcgmento  hyperbolico 
n  d  o  9  libra  €X  c  fufpenQ)  brachio  arquan« 
tc  fcmidiametrum  c  d ,  erit  aequalc  rcdlan- 
gulofubne  &  fub  quadraginta  oAo  vi^e^ 
iimis  fcptimis  tt&x  c  c :  velfub  n c  &fub 
quadraginta  o£to  decimis  oAauis  axisbd; 
cum  ergo  trcs  rcftat  n  e ,  c  d,  b  d  iint  xqua- 
lcs  inuicem  ^  reflangulum  fub  n  c  &fub 
quadraginta  ofto  decimis  oftauis  ipfius 
n  c  y  crit  arquale  oAo  tricntibus  quadrati 
n  c ,  qucd  erat  demonftrandum  primo 
loco* 

Secundo  refta  d  c  fit  aeqnalis  fcptims 

Earti  rcAar  d  b;erit  ci^o  ofUua  pars  totius 
C;  &  quia  latus  dirc^Hini  d  q  cft  faic  di« 
21. pri- tnidium  tranfuerfi  d  b,rd9tangulutn  b ed 
nic  eritduplum  quadrati  c  o;  cigo  rcdangttlu 
fub  d  c  &  fub  femifie  rcAat  e4>  ,  hoc  cft 
fttb  quadrupla  rcAaBdCy  acquale  cfiqua- 
drato  tt£\x  c  o;  ergo  trcs  tt&x  c  d » ^e  o  & 
quadrupla  ttOiX  t  d  funt  proportioiui^$  i 
crgo  t  ^  rcAa  eft  dupla  tdBtM  dt^ 
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Rurfus  (icttti  in  prxccdcnti  cafu  oftcn- 
cllnius  trcs  rcftas  c  c,  c  il>  c  i  cffc  in  rationfi 
numcrorum  9. 3.  i  .ita  in  ifio  oftcndcmus 
cflc  in  rationc  numeroi^m  8t.  63 •  49. 
Quoniam  crgo  fic  c  ponatur  o£toginta& 
vnius  parttum,  c  i  eft  quadraginta  noucm, 
erit  i  c  triginta  duatum :  &  fi  c  c  pooatur 
]nillefcptingcntarum&  vjiiuscritci  mil«* 
lc  viginti  noiicm>  &  c  d  miUc  treccntarum 
vigintitrium »  &  i  c  fcxccntarum  feptua- 
ginta  duaruni :  duo.ergo  trientes  rcAas  c  i 
erunc  quadringcntat  quadraginta  o£to  ,  • 
quaer  (i  addantur  ad  duplam  rc£tx  c>i)boC. 
cft  ad  bis  millc  quinquaginta  &  oAo^fum* 
ni^  rx  vtroquc  numero  conflata  erit  bis 
inillequingcntaefexs  cuius  dimidiumcft 
millc  duccntx  quinquaginta  trcs^  ergorc- 
Aangulum  fub  n  c  re£la  &  fub  mille  du- 
ccntis  quinquaginta  tribuSyCUtufmQdi  c  d 
continet  miUc  trcccntas  vigintitres ,  efl: 
arqualc  fpatio  quod  libra  ex  c  fu(pcnsa  ^ 
pcrpcndiculo  c  x,bracbi|0  xquantc  rc£kam. 
c  c»f quipondcratfigur^  np  x od^  fcd  toti 
p  n  oxfquipondcratrcAangalum  p  a  c  c: 
crgo  difFcrcntia  corum  videlicct  rc£lan- 
gnlum  fub  n  e  d(  fub  quadringentis  qua<- 
draginta  ,oAo  ,  cuiufmodi  c  d  continct 
fnille  treeentas  vtgtnti  tres ,  (quiponderat 
fegmentQ  n  d  c  \\(itta  pofitis.Si  crgp  bra* 
chium  a^quans  rcAam  cc  mutetur  in  afiud 
f  quans  rcAara  c  d ,  hoc  eft  fi  vt  feptem  ad 
nouem  ita  fiant  partes  quadrin^entf  qua* 


5i5       Tetragonifmicorum 

dragintai  &  o£ko  ad  qoingeotas  fcptvagin- 
tafcx;  reftailgolum  fub  nc  &  fub  quifl'» 
gcntis  feptuaginta  fcx  partibus»  cuioiniocli 
ini: d funt miilc trecentf  viginti  tres>  vcl 
fob  n  o.  &  fob  doccntis  oftoginta  ofto» 
qoalcs  in  femidiamctro  c  d  font  milletrc^ 
ccntat  viginti  tres ,  vel  io  diamcfro  bis 
snillefexcentxqoadragmtafex  ,  vel  fub 
fexdccim  coiofmodi  in  diamctro  ccntom 
quadraginta  feptem.f  arquipondcrat  fcg-* 
snento  n  d  o  ,  libra  ex  c  fufpensa»  pcrpen- 
dicuto  cx  ,  &  braahio  xquantc  fcmidia* 
metrum  c  b. 


;  COROfcLARIVM. 

i 

J 

Si  fcgmcfita,  qoonim  atqoipondciaatia 
compotauknosy vel  eorom  differentia  po- 
nantor  bafcs  cylindraccorom  ioxta  ^nfr 
criptom  vigefinix  qo  intap  prioris  libn }  ft 
rcAangola  compotatis  a^oipondcranti- 
btis  fqoalia  fiant  bafcs  parallclcpipedoro 
cadem  com  cylindraccjs  altitodiueprflidi* 
torom  ;  iflliarc  parallelcpspcda  erant^  vt 
cx  ibidem  dcmonfiratis  patet ,  aeqoaKi 
^tio  srqoiponderantium  cylindiacciij 
ioxu  cnotiopcs  ilMdcm  adbibias. 

t 
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SCHOLIVM  PRIIVIVM. 

ouMfi^ntM  epiUpfmotitm  hic  Ltfi^tm 
mMire  infifidylnffHn^  in  p  ftrirMft^iHdis  efc 
prfdcileiny  &  yebementtt^tifhindum  uUnU^ 
t#ri  ttim  esdmiMtfsim^.  Boe  ytfo  iili^nnr 
dftendiyelimifi  fuis  frrtdfe  efr6r  in  Hoftris 
nunUris  (  fndmuis  contrdrium  fferem  tutm^ 
tttm  )  dett^eretur  ,  ytrum  yitim  in  eotnm 
trnSdtitne  fifdt,  an  etidm  id  ipfdmffrdmmi' 
(dm  demenftrdtiontm  fertingdt  \  fi  enimifid 
ttSi  frttUdtyfidt  yeritds  jUddtftdrs^^t^e 
tmHddri  poterunt  numm  ,  ^iuorum  i^itium 
tdntum  excufdtionis  idtere  ceHfuenmt  ie^tcm 
conditorts  j  yt  nuH^Udm  in  rem  iudicntdm 
trdnfirt  >o/lierml,  fi  ^Uid  ftffttdm  eomfutd-' 
tum  ftotdtifofsit. 

SCHOLIVM  ALTERVM* 

sAdinutniendum  ffdtinm  fif^mentiihif^- 
hUftofofitis  SfuifSderis  yfifi$mHiM  fU- 
niyuon  fuide  necefsitdtis,  fidfdtilitdtis  mdio^ 
tiscdusdi  fotetdmus  enimfi  fUemfittedltulii^ 
fOfficttt  edffolis  tertifUyri  frincifijs  itt  ie€$Ad 
ftftimitis^dtmliiri  colUSis.    terrtt  tx»te  J^;. 
fchemdtt  cdlculum  t^tum  ^um  it  iyftiiolita  roll.  |, 
xyfiroidt  inttuimits  if^ftscedtnti  Uhd^  tstflo-^  &prop. 
rtAimms  in  hunc  modum.  iii^nmm  lu  ftimo  ^^^^^^ 
cdfutfittsdimusfigutdm  cifost  tp  ynleem 
•  yigefimds  fiftimds  ttffdnpsU  c  d  «  i  fimi* 
fegmentum  t  i  fo  f  irit  fiximm  ttli^ 
yigtfimd  ftftimu  y  ergo  figutd  cifost  efi 
di  p^rdm  t  i  fof  >t  yndtclm  di  fesc- 
decimjotsdtut  cst  itd  ftftdiut  >#  c  Ifi^fi^, 


^  ^ 
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Ix  f$cut  terndrius  dd  juharium  :  ergo  ex 
frima  ^Udrti  fifer  l  agatur  l  fd^uidjphs 
reSld  i  f,  erit  inrelli  Is  'centrum  grduitntis 
fimijegmenti  e  i  s  o.j^ih  trdnfiens  fer  centri 
gr4uit4tisfiff$rdc  xosi  fecet  reffdmexwr: 
€>*  reSd  c  X  itfiSio  (  itd  yccdre  cum  Co»- 
.  mdndina  dufus  fum  judm  Mdtbimdtici  Grdci 
mx'  dicunt  ^ix^tQiiiAv }fi$ k. Mrit  ergocl  oSdUd 
quip.  fsrsfiue  >ndecim  oBogefimd  oSdu^  totius  c  X) 
€^clddt  k ^fit >/  fortiocx osi  4d  fortiom 
nemeosi,  hoc  efi  ytyndecim  ddfexitfm  : 
ergo  krefi  fexdefim  offogefimd  ofidHd  totius 
c  x'j  ergo  dddito  femijfe  c  k ,  erit  c  r  fexdgintd 
^ftogefimd  o^dU4  reild  c  x :  ergo  >#  Z%.d  ^o. 
>f/  >i  yiginti  duo  dd  ^uindecim^  itd  efi  reSd 
cx  ddcr  :  ergo  hyferholtcum  dUtrum  conoi' 
'  des,de  quo  egimus  in  yigefimd  feftimd  citiU^ 
hdhet centrumgrduitdtis  indxis  cx  funffor, 
iiddiuiderite  iffum  c  a?,  >*  c  r  ddrx  fit  ftcut 
juindecimdd  fiftem» 

Trdtered  ^Uonidmfigurd  c  iso  x dsjUdt  re^ 

ffdngulum  fuhe  o^fub  yndecim  yigefms 

fiftimis  nild  cCyhoc  efiy^jUdt  firdlleUgrM' 

^mi  rtffdnguti  c  eo  x  yndecim  yigefimds  fefti- 

tp'  4c-  ^^^ '  fdrdttetogrdmmum  dutem' c  eo  xeftdd 

€\m.     '^fUddrdium  o x,  >#  reffd  c  x  dd  ox  fiue  >/ f /- 

Bue.    .  ndrius  dd  terndriuml  yndecim  yigejimd  fefti- 

^^^'^'mdreffdnguli  ce  o  xerunt  yiginti  dudfiftud- 

gefimdfrimd  ^uddrdtixoi 

J(urfus  fuonidm  >#  reitd  c  x  dd  x o,  fiue  yt 
hiudrius  dd  terndrium^  itdjknt  yiginti  dud 
fiftudgefims  frimd  dd  yttdecim  yigtfimdsfef- 
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tm4s^  pdfdlliUpipfdjfmcuius  ^hitudajit  c  x 
&  l^djisyndecimyigefimd  Jeptimx  ^ddrdti       y^. 
X9  y  erit^daudlep^rdlU/epiptdo cuitis  ^titudo  jcc,       " 
f$tx  o^bdjis  ytgffmd  dud  JeptUdgepmd  primdE\iC. 
fUddrsii  jt  ^.  ."-■*;'■   • 
'  i^onftflii  fr|^9  priJlri^dlQiJes  cuiu!  hdfls  fi$ 
ei$ox&*  dltitudo  x  o  dqndle  ffl. ,    >i  mi» 
ojttttdimus^  pdrdlhlepifedo  cuius  dhittdofit^ 

€Xs^  hdfisyftiejcmf.  yifffint^  fip.iitnd  f»^* 

i^r4u'  xo;  iffum  dp^mprtfmdtoidese^d^ud^ 
le  ^u^rtd pdrti  hyftruoVicoidis  cuius  JeBiotfe^ 
.  fitit  ^wddrdtd  refUrumh^ih  i  dlt4rutm<jUe  or^m 
dittdtim  dpjdicdtdfutn  ^tdiKiHdtt^.  Jtidmetrum 
€  Xy^^t  de  fitndi  ufu  ofiendimus  ia  ^udrto 
lAro\trit  f^udftdfdrs  rittfmodi  hyperhoiicoidts 
^judlttpdrdllfUptpiii  ctiipts  dititnd^fif  c  x; 


x^Oiyfbet  edtidem  ^l^tftdifem^ftf^pdi^lh  ler^ 
pipedo  cttiut^dUittidoe^j;  x,  €>y,djh  yndecim 
yigtfirnd  fiptitndijUddfdti'  x  o i  Vrfo^jit^yM 
pdrs  pdrdlUlepipedi^lPititis  hdfis  ejk ^nddfdtpm 
exduptd  rfSdXo^  e^  dd  fturtdm  pdrtem  hy* 
perhoUcfidis^lfthdfisdd  hdjimyhoc  efiyYt^inti" 
fiptem  dd  yndecim  ;  fid  itd  etidm  efi  cylindrus 
cuius  dltitudo  c  x.hdfis  circulus  ex  fimidUme'' 
tro  defiriftusyddhyperhoUcum  xyftroidescuius 
fiSliohtes  [unt  circuliex  fimdidtttetris  noj^f 
c  d  dUiffue  otdindtimdpflicdtis  defcrtptiyficut 
eedem  lihro  ofienfumfuit:  ergocylindrus  cUm 
it^s  hdfis  fit  circtUus fimididmetro  xo  defcri'* 
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ftus,  dltitudo  €x,eftdd  xjfiroiies  \jferlo&- 
cim  >>  >(^/*^  fif*,'"*  *^  yndeeim, 

Propositio  I  V, 
Siconus  planoper  axem  Cecc' 
tur  in  duos  lemiconos ,  atque  ^er 
gtauitatis  centrum  ynius  ex  fenii- , 
conis  ducatur  planum  paralleium 
plano  per  axem  ^  feraidiameter, 
«^c  in  bafi  erit  perpeftdicukris 
adfedionem  plani  per  axem ,  ita 
(ecabiturab  eiurmodi  plano  p«- 
raUelO)Vt  pordo  iiioeRsinter  cen^ 
trum  bafis  &  centrum  graiiitads 
femibafis  iit  quadrupla  poftionis 
interecpt»  inter  iddin  (enii-bans 
centrum  dc  inter  parallelum  pla« 
num  itm  mennM^W"^- 

.  r 
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Sit  codos  d  a  b  ciiitis  bi&%  fit  circulus 
a  f  b  €)  axfs  d  c',]planum  per  axctn  d  c  f  &- 
ciac  ih  circulo  fc^lioiiem  f c  iiiA  qUam  ta 
c  excilata  (it  in  tolano femicirculi  t  bf 
l^erpendicttlaris  c  W  ip^  autem  femicir- 
cuk  centrutai  graoitatiis  ^  g  mftmidiame^ 
tro  c  b  eki(!leh^  cx  d6cim&  teitia  fecutidi 
libri;  femicom  autem  d  f  ^  b  centtum 
grauitatis  fit  1,  atquc  per  1  aftum  fit  planu 
I  h  n  plano  -d  c  f parallelum,^cans  rdftam 
€  b  in  h.Dico  h  ita  cadere  inter  c  &  g  ,  vc 
reaa  c  g  (it  reiEtiB  h  g  quaditapla  ;  fiue  t  h 
triplareftachg. 

Pcr  g  k  d  agatUT  rcfta  d  g,    <^aoniam 
figura  folidii  d  f  e  bdefcribitut  motu  tt(k:t 
d  f  ex  punAo  d  manehtCjper  ambituite  (t* 
naicirculi  f  b  e^erit  liomoeoconica^ac  pro«       , 
inde  fi  plano  fecetur  par^IIelo  bafi  (b  c 
fe£Uo  eritfimilis  ipfif  be  (idenimeodem 
pafto  oftendetur,quo ab  AppoIIonioidip*  ^- .  P"- 
fomofienditurdetotocono  )  fimiliterqut  ^^^- 
pofita  5  cumquefimites ,  fifi^iilitetque  fint 
pofitat,refta  d  g  tranfibit  per  centroin  gra- 
uitatis  ipfiusex  quinto  poftulatq primi  \U 
bri  Arcfaimedei  xle  ^qoipohderantibus ; 
crgo  per  vndecimam  libri  przcedentis 
centrum  grauitatis  figurdchomoeoconicz 
d  f  e  b  crit  in  telfta  d  g ;  eft  ergo  punftum 
1  in  rcfta  d  g ;   ergo  per  coroltarium  fc* 
cundum  duodecinue  Ubri  eiofdem  pun^ 
ftum  1  ita  dioidit  reftam  d  g ,  vt  ipfius  g  1 
te^laldfictripla. 


K   ^ 
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Rarfasqooniaiti  planttm  trianguli  d  c  g 
^^        (ecant  duo  plana  inuicem  sequidiftantia 
dec.     pcr  c  &  1  dofta  ,eorum  fcAiones  d  c,  h  lia 
£uc.     planod  c  g  faftz»  crunt  parallel«|  ago 
^'  fcxti  cum  io  triangulo  d  c  g  lateri  d  c  paralleia 
^"^'     fit  1  h;  vt  d  1  ad  l  g^hoc  eft  vt  tria  ad  vnutn, 
ita  crit  c  h  ad  h  g  :  cft  ergo  c  h  tripla  tc« 
^h  g»  quod  eratoftendcndum. 

COROLLARIVM     I. 

Prsfens  demonftratip  j»Bnnde  locttm 
faum  obtinet ,  quamuis  triangulum  d  f  e 
per  verticcm  d  aAum  non  cCTet  per  axcm 
d  c,fed  f  e  eftct  qo{uis  ordinatim  applica* 
ta  ad  diametrum  ab  :  pcrindc  „inquam 
verum  eft  fi  pcr !  agatur  1  h  parallcla  per« 
pendicolodc  pcrd  verticem  coni  &  pcr 
c  centrumellipfeos  dufto,  reftam  ch 
eflc  triplam  rc^aehg.  Hadenusetiam  dc- 
mpnftrata  paritcr  vcra  funt :  licct  d  a  b  fo« 
rct  homoeoconicum'  habcns  pro  bafi  fc^ 
Aionem  conicam. 

COROLLARIVM.   IL 

Hinc  apertom  eft  fi  rcAa  c  d  mancns 
femper  parallcla  ttSix  h  1  circumferatur 
per  ambitum  . figorx  ecfnb  ccntnim 
graoitatis  portionis  cylindii  condufi 
(tipcrficic  ita  defcripta  eiTc  inrc£tagm 
per  g  du£ta  &  atquidilUntc  rcAa&cd;  id 
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cnim  codcm  plane  modo  demonflraturt 
^uo  oftcnfum  tuit  portionis  coni  ccntrum 
grauitatis  cfTcinr^^a  gd,  vt  patcbitpcni* 
tusinfpicicntu 

COROLLARIVM.   II  L 

Hinc  quoquc  apcrtum  c(l  quaduntcm 

fpatii  quod  portiooi  cylindri  ^ut  c)  lindra* 

.cci  iam  dcfcripti»cuios  bafis  6  p  r  oppoil- 

ta  bafif  c  b  tranfcax  per  d  vcrucem)^4ui« 

pondcrat  libracx.cfttfpaiia,  cOcarqualc 

fpatio  quo4  acquipondcrai  cuni,  vci  ho« 

<inoepconjcj  portipnikai>cii  vcrticcm  d,& 

.candcmbafim  cQmpbnionccyliHdti»  vd 

cylitidraccit 

Sfmi<liaa3C.tcra  c  itadiuidatur  in  q,  vt 
ac    ad  cq  lit    vc  quatcrnarius  ad   tcr« 
narium.  Quoniam  conicum  vclhomoco-  ^nuar- 
conicujm  cuius  ccmrum  grauitatis  clH)  ti  hu- 
cfttcrtia  pars  cylindri  vcl  cylindtacei  ca-  i"* 
.dcm  Lafi  f  c  c&.cadcm  altitudinc  prxdui;  ^°'°"* 
a  intcjligantur  tria  ciufmodi  conica  vcl 
homoeoconica  haberc  idcm  ccntruui  1,  x« 
quiponderans  tribus  ;cx  qerit  adipfatria 
vt  rcAa  c  h  ad  c  q,  fiue  vt  rcfta  c  g  ad  t  a; 
(nam  vt  c  g,chita  ponuntur  ca,  c  c|;crgo 
altcrnando  vi  c  g,  c a ,  ita  <:  h,  c  q  )  fedli- 
cutcgrcftaadca,.ita  eft  cylindri  vcl  cy- 
lindracci  pars  mcmorau  ad  aeqnipondfTas 
cx  a  5  crgo  vtatcjuiponderans  cx  q  ad  ma- 
•gnitudinem  compofiiam  ifk  tribus ,  ita  x- 
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qiiipondcniRS  cx  a  ad  cyljndrt  ycl  cytia- 
draceipartcm  iam  diftam  \  &  altcrDaodo 
aequipondcranscxqeftad  leqaipondcraas 
cx  a  vc  ipfas  fafpcn&  magnitNdincs ;  qa^ 
cum  fint  atTqiialcs  »   iplazquipondcraooa 
crunt  ctiam  atqualia* 

Rurfas  qaontam  «quipondcrans  cx  q 
compofitac  magnitudini  atqoat  atquipon- 
dcrans  ct  a  cylindri  vcl  cylindracci  pani 
mcmoratapt  triens  iftius  aequiponderaotis 
cxaaequalc  crit  fpacio  quod  cxqzqvi* 
pondcrat  conico  vcl  homoeoconico  ciiias 
ccntrum  1 :  crgo  fi  brachium  c  q  matctor 
in  brachiam  c  a » aeqoiponderans  cx  a  co« 
nico  vel  homoeoconico  crit  ad  aeqoipoa- 
#.  Tee.  deras  cx  q  eidem  conico  vcl  homoeocooi- 
bufuy.  co  vtcft q  c ada  c  »  hoc  cft  tcrnarios  ad 
quatcrnarium  :  crgo  c&m  ^qaiponderaoi 
cx  q  coiiico  vel  homoeoconico  fit  trieos 
Vcl  quatuor  vnciae  aequipondcrantis  exa 
cylindri  vel  cylindracci  mcmoratx  paitif 
aequipondcras  ex  a  conico  vel  homoeoco- 
nico  crit  ttcs  vnciae  vel  quadraiu  fpati| 
quod  ex  a  aequipondcrat  cylindri  vel  cy« 
lindracei  memoratx  parti, 

PR.OPO$ITIO    V. 

Sitacbirarianimb  fci^adia''' 
mecer  cuiufuis  eliipfeos  vel  by^. 
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petbolae  1  c  ni:re6U  ak  tangatin 
««Itipfim )  illique  jproinde  jgqui- 
diftans  iit  l  b  m*  Plano  1  c  m  inil- 
ftat  ail  re^os  angulos  planum 
dbcfecansipfum  planum  lc  m 
fecundum  dfikmetrum  a  c  i  in  eo 
inuentuqi  {it  pundum  d  vertex 
coni  cuius  cum  plano  1  c  m  fe^o 
communis  Ht  ellipns  vel  hyper* 
.i^ola  1  c  mjid  enim  inueniri  poteft 
ex  conicisjCiim  latus  figurx  re^u 
quod  ibi  inter  data  ponitur  ha- 
beatur »  fi  vt  a  c  diameter  prima  ]^^^/g. 
ad  fecundam  quam  inter  data  po«  ■>it.  (e- 
fiimus  ,  ita  fiat  ipla  lecunda  ad  pti^n 
tertiam  quandam  qua;  ipfum  la 
tus  redum  xquat  ^  vt  ex  defini- 
tione    fecundx  diaroetri   con- 
ftat.Solidum  ift&  fuperficie  coni^ 
cl  inclufum  &  plano  per  verti- 
cem  d  a^o  fecante  planum  1  c  m 
(eeundum  ordinatim  applicatam 

dianecro  a  c^  voco  €9ndiSium  bo» 


ptimi 


COBIC. 
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mxoconicum:  hyperbolicum  qui- 
dcm  fi  bafis  cius  fit  byperbok 
regmcntum ;  cllipticum  ,  fi  clli- 
pfcos;  parabolicum  fi  fueritplani 
plano  d  a  K  parallcli  (edio  cum 
fuperficic  homoeoconicS.  His  ita 
dcfinitis ,  propofitum  fit. 

Inucnirc^arallclcpipcdum  as- 
qualc  condido  homccoconico 
parabolico  8c  bius  grauitatis 
centrum  j  ac  proinde  fpatium 
quod  CK  ccntro  b  aequipondcrat 
ipfi ,  pofito  librz  perpcndiculo 
quod  tranfeat  pet  vcrticcm  hor 
moeoconici  &per  cetrum  clUpfi 
hypcrboIa*que  communc. 

Sit  planam  1 0  y.  parallelunDi  plaiio  i  a  k 
(ecans  dianietruai  a  c  in  quocui^qae  pun- 
£to  9  citra  vel  vltra  c  diaoDctri  ipfius  ter- 
minom  po(tto,propofitam  Verd  fit.inutni' 
re  paraUeleptpcddm  zquale  tblido :  ho- 
inaeoconico  comprchen£b  planis.  d9U 
yBl&  fupcrficie  homoeocbnica'.  ^' 

Quoniam  re^  9  y  eft  p^talleU  \t«n 
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d  a  triSgttli  d  a  c  per  axemyfcAIo  homero- 
conici  clliptici  y  1 1  m  erit  parabola  cuius 
diasicter  0  y  ;  ordinatim  applicata  1 0  m; 
omniaque  plana  plano  y  01  parallclafa* 
cicnt  fcAioncs  parabolicas  quarum  diamc- 
tcr  crit  fcAio  in  triangulo  d  a  c  parallehi 
rcAx  f  y»  &  in  parte  quidcm  y  0  c  confii- 
tmarum  bafes  erunt  ordinatiin  vtrinque 
applicat(  ad  9  c partem  diamctn  fcAionis 
1  c  m»eruntque  parallclz  ad  1  m  re£lan:)>  in 
parte  veroy  0  d  conOitutarum  bafes  crunt 
ordinatim  applicatx  ad  rcAam0d,  qu2 
trianguli  d  1  m  ba(im  1  mbifariamfecatin 
%  I  cnintque  parallclx  ad  ipfam  baiim  Im 


tf.pri 
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l  X  fttui  terndrius  4d  juinarium  :  tr^o  ex 
frima  ^Udrn  fi  fer  1 4gAtur  l  f  d^imdifiins 
reSld  i  e,  erit  inreffd  l  s  centrum  grauhdtis 
femifigmenti  e  i  s  o.j^fU  trdnfiens  fer  centrtl 
grduitatisfigurdc  xosi  fecet  reSame  xin  r: 
&  reild  c  X  InfeiHo  (  it4  yccdre  cum  Cow- 
^  mdndino  dufus  fum  fUdm  JMdthtmdtid  Qrdci 
ffi7«-'  ^^^«^*  hj^tf^iitAr  }fit  k.Erit  ergo  cl  oSdUd 
quip,  fdrsfiue  yndecimoSogefimd  oHdUd  totius  c  x\ 
&'clddl  k,  Wt >/  fortio cxosi  dd  fortio^ 
nemeosi,  hoc  efi  ytyndecim  ddfixdefim  : 
ergo  krefi  fexdefim  offogefimd  oSdMd  ^^tius 
c  x\  ergo  dddito  femijfe  c  k ,  ^rit  c  r  fexdgintd 
oHogefimd  oSidU4  feSd  c  x :  ergo  >/  ii.dd  <Slo. 
>f /  >i  yiginti  duo  dd  ^uindecim^  itd  tfi  reSd 
cx  ddcr  :  ergo  hyferholtcnm  dUerujm  conoi' 
^  des,de  ^uo  egimus  in  yigefimd  feftimd  citdta^ 
hdhet  centrum grduitdtis  indxis  cx  funffor, 
itddiuiderite  iffum cx,ytc  r  ddrx  Jit  ficut 
juindecimdd  fiftem» 

Trdtertd  jUoniamfigurd  c  iso  x djUdt  re^ 

ffdngulum  fuhe  0  ^fuh  yndecim  yigtjimis 

'fiftimis  reSld  ccyhoc  efiy^^udt  firdllelogrdm^ 

mi  reBdnguti  c  eo  x  yndecim  yigefimds  fefti- 

ip.  4c-  ^^^ '  fdrdlMogrdmmum  duiem  c  eo  x  efidd 

cim.     '-yuddrdium  0  X,  >#  reffdcx  dd  ox  fiue  >/i/- 

Bue.     ndriusdd  terndriumi  yndecim  yigefimd  fifti- 

^^"^Smdreffdnguli  ce  0  xerunt  yiginti  dudfiftud- 

gefimd  frimd  quddrdtix  o. 

^urfus  juonidm  >/  reffd  c  x  dd  x o^  fiue  >/ 
hindrius  dd  terndrium^  i^dfit^nt  yiginti  dud 
Jeftudgefimd  frimd  dd  yudecim  yigefimdsfef^ 


L 
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I    im4Sy  pdfallelepiftJjfm  cuius  ^ltitudajjt  c  x 
■     o*  l^^Ji^yndccimyi^e^^d  Jeptimji  ftf^drati       y„. 
!    X9  y  erit djHdlep^r^illc^le^iptdp cuiiis  ^Uttudo  [\cc. 
Jitx  o^kdfis  yigffimd^  dud  feptUMgepmd  ^riw^Euc. 
fuadrdii  xif,        -   :  '  . 

.  i^o«i-»  #rf »  ^Hfp^t^laf^f^  cumlh^fls  fit 
€iS'ox&'  dUitudo  X  0  dqitale  rfi  ,  >^  Mm 
ofitnJiimuSyfaYaWlefifido  cutus  ahittdoftt^ 

€ x,o-  l^dfis  yitdrjcimyifffifn^  fepjjm^  j»^* 

lirrfii  ;tf  o;  ifjil»  dp^mfrtfwatoidesjfi^fjua^ 
le  fu^rtdfarti  hyperhlicoiJis  cuius  lehiones 
'  .  fint  ^midrdid  re(UfHn^l  i^h  Ididritm^Ue  ot* 
iiAdtxm dffliUtdrufP  al diteilafff.J^dmetrum 
'  €  Xy  il;  de  fimili  tafu  -  ojtendimus  ia  J^'^^/» 
/ilro^<n>  ^uaittafdfs  eitifmodi  hyfefhoiicoidts 

^j^ltrfdtdtleUfipid  mifts  dititndf^jfttc  xi 

hdftsyndeeim  yijrejmdfoftimd  fnddt^itfi  <? ^*  propof. 
J(urfi^$  juomamf^rdilelepifraHmcutus/tltttH''  '*•  « 
dojkreifd  cxy iafis  fuddr^ttiflt^exMfUread  ^'^"^'* 
Ar>,  *|i^t  edfidtff^  4^J^itfidif€m^4tfltff4^lL  ler 
fifedo  cttiui-dLtitiidoe^ftj  x,C^I(dJh  yndecim 
yigefiikd  feptiniiJt^juUfdtt  xot  ir^^fttdrtd 
fars  fdrdllelefifedrmius  bdfis  $fi[  fnudratiim 
exduftdKeS^Xo^  e^  dd  ^iurtam  fdrtem  hy^ 
ferholicfidh^ythafisdihafim.hcc  efiyyiginti" 
feptem  djyndecim  yftd  itd  etiam  efi  cjlindrus 
cuius  dltitudo  c  x.hdfis  circtstusex  fimididme^ 
tro  dejfriptusydd  hyferhoUcum  xyfiroides  cuius 
fiSHorks  funt  circuli  ex  femdiametris  x  ojg^ 
c  d  dUifyue  ordinatimdfflicdtis  defcriftiyficut 
eodem  Mro  ofienfumfuit:  ergocylindrus  cu^ 
iHs  hdfis  fit  ^irculus  fimididmetro  xq  defcri-^ 
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uici ,  fic  tricntcm  aititudmis  illit^s  }  eiui^ 
modi  parallclcpipcdum  crit  tricns  cylin- 
.drac€i  praediti  cadcm  altitudine  &  f  adcm 
bafi)  vtcxvndccinia  chati  hbriapc/rum 
cft^  fcd  vt  conflat  cx  coroUario  quinto  dc- 
cimx  oftauae  libri  ciufdem  » homoeoconi- 
cum  cft  etiam  triens  ciufdcm  cyhndracci  \ 
crgo  homococonicum  &  paraUelcpipc-- 
dam  s  z  funt  xquaha ,  quod  crat  aUcrum 
acjpropofitis. 

Ueniquc  quoniam  perpcndiculo  bd 

paraUcla  eft  rcfta  p  n,  tranfiens  pcr  p  ccn- 

trum  grauitaus «  ipfum  bomococonicum 

ciufmodi  rcAa  p  n  fuftcntacum  mancbit 

vt  iacet^  crgo  vt  brachium  a  b  ad  longitu^ 

6  qua»  dincm  bn  ,  ita  crit  homoeocomcum  pcn* 

drac.     ilens  cx  n  ad  grauc  cx  a  aequipondcrans, 

P^^^  '  fcd  ita  cft  s  z  ip{i  homoeoconico  a^quale  ad 

K)  crgo  parallclcpipedum  a  zqualc  cft  foli  - 

do,  quod  cx  a  pcndens  acquipbndcrat  hoe- 

moeoconico  ,  pofito  librae  pcrpendicuio 

b  dj  quod  erat  tertium  CK  propofitis. 

SCHOLIVM. 

Jn  iejignnniis  folUis  fimel  definitisjuper'' 
fiuumc^ohfiurius  exijlimaui  omnes  recenfire 
literas  ^uiffus  ilU  conjigndntur  5  Jktls  enim 
J^utdui  cjfe  eas  adfcrihere  jU4  in  fUno  dgfoc- 
currunt.Exemplo  rem  decUro.  Ft  foHdum  to- 
mceoconicum  denatem  comjf^rehenjiim  fUnis 
d^l^t^j  O^fuferfiie  conica  ex   yertice  d 
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mdneptt  dtfttifsi  m§tu  ii^ii^fer  mhltum 
l  cm  tlliffis  ></  hyfitioUylftor  his  Iferhis 
folidtf m  homococQiiicuiii  d  t  y ;  m«i  hoc 
iffi  fuoi  Jxfinitio  illiu^  menteteuituryfithdm* 
ditur  hdfis  Itm  ijuam  liue&ic  ij^ter  euuutii^ 
tds d ^^dy^ntemfid  indiUt^&^ fUud  d^l^ 
>  •  A  fer  refids  ^  • ,  jf  •  ^udntum  fitis  efi  fi'^ 
gnificdntur»    sAt^ue  hunc  modumfi^mmdtim 

exprimendi  fitidd.  notdueris  in  dnteadentihus, 
fre^uentiufyue  ddmrtes  in  confijuentihus, 
fuod  fimeldecldrdri  tihidthui^  ^^^^T  henc^ 
uolf. 

Propositio  VI. 


In  cpilogKmutn  transferre  pr^i^ 
cedeatis  propofitipnis  diagram- 
^a(,^pQ{tta  1 9  ni  primiiim  dia^e- 
tro  ckciili  4eiitde  tribus  eius 


q"»nti5-c 


•  '     '     ',      >   >>"• 


»''.; 


•7  •■  '■  lAi 


imtcomn^ 


Sitigttur  primo  1  c  m  femicif culus  \  or« 
diQatimque  applicatii  1  m  fubtcbJmi  dr- 
cdm  1  ciii  fccetdfiiimtnima  c  ipffpu^o 
coBgruente  in  hoc  cafu  cum  cecitro  b : 
propofitum  verofit  ratiocinio^  inu^nire 
parabolicum  bdy  homoeoconicuni ,  & 
illi  arquiponderanslibra  ex  b  centrocir- 
culi  fufpensa.Peru  agatur  u  '^  occurrcos 
latcridcmjji',  &]ateria  d  ih  |  :  fttp 
agatur  fimiliter  p  <ixquidifians  bafi  a  c,  & 
occurrcs  lateribusd a,d  c  in49&  ^ipcrpc-. 
diculoaute  d  b  in  «i.Quonia  c  d  reAaeft  ad 
c  y  vtdenarius  ad  quinarium,hoc  eft  ficuti 
a c ad  9 c,  ( eft  enim  ' y  lateri  d  a  paial* 


lela  ii;idia'^lo'a d'c)8F t|66Ai&ioil'Alg«ii^ 
0  yc  bafifcpar^leHafefiHAH6^bt«^Mto)r^ 
ita  erit  ffciid  u^^^  «^^ii^  4  y  ht  adiu^yi 
vc  quin^ue  ad  tria»  i9  t^Ai  dd  a  9-  Vt^fwi*^ 
que  ad  tria  5'eandeni  ob  ^iiufaf^  c  yi«rrf  ard; 
y  9  vcquinque  adtritf^ftt  €x^o^x;aeipii» 
vt  denaiius  ad  terDaifiQni  itadc  ad  s>xi 
8c  iu  € tiam  erit  a  c  ^d  9  k  V  et:go  tota  d  #< 
ad d  c e(|& vr dcnaritis addAonaritim ^rfiae 
vtquinanusad  quatSdUl^iiito'.  ^  ^o.^  :-7r 
Qaoaiam  veroreJMiiiu  ita  feftVcAr 
in  p  Vt  dtt  fit  sld  '^''^nfKat  :qaatt<iH 
nanitf  adterhattiiiif  «<«tiilu?«r^^^jptT^|Bife 
quatfcniaritts  ad  tttislttiWi  eikai«ierg»tD«aI 
a  c  fit  ^'tt >  ficticdMitHus  ad  tcMsrtBmt 
fiueficut  quadrjlgihU  kl'4^odcctn.t  nm 
aateiB  ki  d  f ^t  ficui tfi|Ddtdtiii  ad  itd« A^ 
C1C  isqiio  totaa  cad  p  ^  ttit  ficot  .i}iiadf«« 
gtnt!aldiioti^m.      '  j1;i:: 

Praetdrca  4«omatii  -WttAA  d  c  4d  ^r^dj 
ita  cft  a  c  bafi^  triang^h/W  c ,  ad  paodlc^ 
lam  $  ^,  cilm  rcfta  d  c  ad .  d  ^  fit  vt  qiitQr. 
queadqittcitor ,  erita  c  ad  §  'sr  vt  .qtitnque 
ad  qiMttsor  tergo  c&vt  ofto  ad  decclitH  fit 
^iradaCf^Avtdccemadtria  ita  fit-aciid 
u  ^ittit  cxi^quo  €  «^  ad  nw ,  vc  oi^afiMS 
ad  teriiariam ,  Sc  fcmii&s  redae  (-v  mA^  « 
crit  vt  ad  ternarhiiri^uatecitactttS/< ;  Q^io^ 
ntacn  ergo  vt  § ^  ad  u^sr  ita^efl;  4»^'tKl'^« 
cx  fcholto  qaanae  fcxci  Euc,  apud  ClauiQ) 
cric  «#  femidis  reftae  49^  adi^  p  ficut  cft 
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^^litcraariiis  a^d  moarium ,  &  pei;  conucr  • 
iloiicinrationisQfCOt  «^patcrnariu^  ad  vni« 
tateito»itkeri«^9?4^Pi  ^&^  «pcftqua- 
draai  r«ftac  #  #  5  ergo  3?  p  cft  ad  p  »  vt  tria 
std^ynvm  >  fiuc  v?  d^ucm  adtria  iCcdp  ^ 
«onttnftttVt  oft«n(Hi«:^(l|nt>iicm.pa](tc$  tu- 
ilifmodi  a  c  co|itmgf  aftadragjnta,  S^  femir 
AanBBtor  ui$inrijif  ^gft^HiufiftgdJi  fcmidia. 
aM)cr)COiitmct  vigi|i|ij?artcs  ,,^mufinodi 
trcs  continct  rf4MLf!f*Tyi5lb|ri^,.  f^oniam 
tCiraft  rcmidia«icl««a>  ad.b  j9.itf1.tft  (0* 
lidiimcQiitSjCcn^UlU  gpui.Uti^i^^  p ,,  ad 
«)^ma|dcrans  ipfi^^r^A^ftifofigi^^ 
bdNOMc^conicQmfVJmAlicfi^  ccn- 

aramgnniitattsc&^litlf^  4di^gi{ipoQdc- 

fillS  C»a>t)Vi^l|t4iA'ftiiili'  :j>  11  \ : 

^RmrfitS  i:omplcstb^4r«]Jtclpf r^tpf j  4  b  J,. 

part>cnjfliailarescic  4  ipiUt^r^  a.4  ^  $  ^S  de^ 
miflae  crunt  in  ratione  Iateru8|i4ai^.^cx 

pcima^iitnds.  pTaeffr(^.4M^/¥^i^^li^^in 
cttitisrciitl^mn  ^attiiaf!icft;p,jN£lKiniQ?o- 
contcum,&  bafint  habft  parabofftnil  j^  l  tn 
4;{ii4C  cmtiiict  duas  tertiat  rcAngpli  fiib 
%  Y  &  i  m  rcAis  contsmij  vt  conftMCK  pri* 
mS :  libri  anteeedbntis:;^ akttv^,  irfctB  rft 
piftVpeMlicutoris^^iex  A  in  Vca^ m:'$  y  f  erit 
^nftii  liM.ipib  fri»erpebdi€ulairii  in  yshrm 
pai^abblae^tiSimplaniimykliiitTCJhim  ad 
pUntxm  ad  CjVrpotc  incrdens  pcr  «jftam 
1 J  prcrpendicularem  ad  pUnum  a  d  c)  foli- 
diim,cuius  centromp^  erir  terria  yizH  pa- 
rallcKpipcdi  cuius  altitudo  fit  pcrpcncli- 
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cularis  cx  d  in  rcftam  i  y  dtmifTa  y  bafis 
<]aadra^ttni  xquale  daabus  tertiis  tcAan- 
gdli  contcmi  lub  rcAis  y  §,  1  m. 

VtdiaQittcr  a  c  adlc  portioncmroi  in- 
terccptam  ordinatian  a|3|34icata  1  m^fr  pun.- 
£lo  €»  ittiiat  rcliqui  a  I  portio  diimctri  ad 
i  A  ]Ji€o*j>aza)lckpip^duin  coius  bafis  dt 
arqualis' duabtts  noU^is  rcAangalicon-i 
tcntlfttbrc^aOi^^fubl  ni,  ahitudo  vit6 
fit  sqiatis  pcrpcndfcvlari  cx  d  in  planum 
ctrcalideniiirz ,  t£Eo  arqualc  boitloeMotntf 
co  parabolico  cuiusgVauitatisctncrumcft 
p.  Qiioitiam  cnim  vt  a  c  ad  0  c,  itii  eft  a  d 
ad9 y  y  co  quod  in  triangulo  a  c d  bafi  jhd 
parallela  fit  0  )r;  A  vt  a  c  ad  dc ,  ita  occon" 
ftrttfttonc  cft  a  6  ;Ai  4  Aetgo  vt  a  d  ad  0  }% 
ita  Crka  0  ad  d/j&  ahcmsndo.vt  adiad*a  fl^! 
ita^  y«d  f/  crgovtadad  a^,  ititrtt;,  <•  ^<^xll 
pofit&cidcm  ahttttdincrm  ,  ie£lan|ulum  ^"^* 
fub  0  y  i^  1  m  contcrutim  y  ad  rc^iigttiuln 
fub  9  J^)  1  m  comprcbenfiiiii  *  •  \  - 

Rmfiis  <]pioniam  v€; ad  .r^fta  ada l^itti^ 
cft-akkudbcx  d  in  haidm  1  c  m  ad  altitu^ 
dincm  ex  d  in  bafim  y  0  i  ^  vtt  ptius  oftso*^ 
dimuss  ergo  vt  ahifiudo  parallckpi*pedi 
iam  dlAi  cuius  bafis  eft  duorrjctitiiiare-^ 
Aanguli  contenti  fub  rcAis  y  9,1  m';ad  ahir 
tudinemcxdin  planuml  c  m,  quxcoiii*      ^^^ 
petat  alteri  parailclcpipedo  habcnti  bafim  acc. 
duorttm  tricntum  rcAan^uli  fub  ^  ^^  tin  Euc. 
contenti  -^  ita  rcciprocc  crit  huiiislsafis ad^ 
badm  illius^    ergo    funt   ^qualia   inut- 
ccm  3     etgo  tricns    iiUus   cfi;    «qualis 
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hotaceocontco  iam  mcmontoiatqiii  crien- 
tt  iftias  xqaale  efi  parallelepipedum  cuios 
eadem  fit  altitucio  >  bafis  autem  titens  fir 
bafeos  conftantis  dttobus  trientibttsrcAan« 
guli  contenti  fub  9  /J  m :  ergo  cumthais 
duorum  trientum  fint  doac  noimiary  panU 
lelepipediim  cuius  bafis  asquet  c^aas  noue^ 
nas  re£languU  fub  f  J^»  1  m  comprthenfi,& 
akitudo  fit  ptrpcndicttlaris  cx  d  ia  f\u& 
1  c  m»eft  aequale  homoeoconico  iam  iiie« 
mdrato »  ficut  probandum  fufcepcraiDns  ^ 
qus  dcmonftrario  habet  locum  in  ftioque 
cafu»&tn  quottis  alio  perfimili  ettafflCQin 
1  nrforet  in  hyperbola. 

In  primo  igitur  cafuyquem  nunc  trafta* 
muSyquoniam  punAumS  congnsit  ccotro 
brCricl  mdtameter,  ipfi  ac  aequahs»at 
proindc  ficut  I  c  eft    femiifisTC^ar    a  c, 
ita  9  ^  erit  femiCGs  tc{kx  'a  9  ;  eft  ergo 
9  A  qttadrans  diametri^  ergo  re£lingulom 
fttb  9  l  8c  fub  1  m  efl  quadrans  qtiadrari 
quod  potcft  diameter^a  c;  ergoCK  coroUa- 
rio  vigefimat  fexti  Euclidis ,  eft  zquaU 
quadrato  femidiametti  b  c;ergo  parallelc- 
pipedum  cuius  bafis  fint  du^  noucnac  qua* 
draci  b  c,  ft  altitudo  zquet  perpendicula- 
remex  d inplanum  1  c  m  demi(lam,arqnale 
(ift  homoeoconicoparabolico  cuius  cetriip. 

Prf  rcrea  quoniam  vi  femidiametcr  ab 
ad  longitudinem  b  n,hoc  eft  vt  viginti  »1 
tria,  italibra  a  n  fufpSsa  ex  b,  eO'  hotii(ro« 
conicum  parabolicum  cuiuscentrum  gra- 
«itatis  f  y  ad  xquipondcrans  ^x  a  ,  pofito 
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perpencUculo  b  A\  vt  autem  vigintilail^fVii? 
fiu^centam  oAoginta  ad  Viginti  (tfiiifi^ 
ita  fantdo«.nouenx,fiuc  qu^rtj^rntiecri^ 
tcfimae  oAogcnmae  ad  fcx  ccntcfimasx>{io^ 
gc(imas»h<$t  cfl:  ad  vtiiim  trigeiimanF!  ^#go 
(oiidu  X  quod  bomoeoconico  di^o  xc^iri^ 
pondcrat  ck  a,xquat  pardfllciki>ipcdu  cutusf 
altitudo  (irperpcndicahriicx  d  in  ^ah€F 
lc  mdcmifla  »  baiis  verO'fitvnatrig^riiti2? 
quadrati  quod  potcft  UMifMmtiWT^  V 
quod  primo facicodum erat»  i  >;    '^ 

Secundoarcus  lcnft'  Oibtend^tulr^^td^a^ 
1  m  quxfitcres  quintx  diametri  1  cvpr^iic^ 
poBcum  fuh  in  fccu&ddchYita^cpiflogifthbr 
propofitum  vcrd  fit  nun^^rh  'defitiiye  pSr 
rabblicum Od  y  hotnoedcouicufii ,  '&^  sftli' 
acquiponfidcrailis  cxa|hbt^drVccnti:tyfci^i- 
culifufpcnsa.     -  '    '5    '  ••   '   pj.ii  iv»v 
I        Eadcni  ccinftruAid  iqiia^  in  ptior i  dafiir 
^  cicm  prop6rtion«  adhibeatur  ^  e^^tYKA»^ 
•   calculi  mctbodus,  iuxta- qUam  y>r  t^OTi^ 
l  ncbit  trci;  pattcs,  cuiuf^iodiy  ^  qaih^qtit; 
'\  &'Cuiufmodi  d  c  quae dcco|4al  cft  rcftary  ^ 
;  cpmplcftitur  quJnqua^ima*' :  cr^o  ^JSe^l 
quinquaginta  ad^a /itiefftd C  adiry ;-8? 
t'  ita  ctiamcft  ac  ad^u:  crgod  c-ad  d«^  eift 
vt  quinquaginta  ad  quadra^ihta  oAo,vcl 


(^ontam  ctgo  rc^a  d  u  ita  fefta  cft  in  p; 
vt  d  u  fitiid  d  p  ficut  'qUaternaitius .  ad  tcr^^ 


vt    vii^inti  quiiiquc  ad  vigintiquatuflktl 

y  nariumr ,  eric  u  t  ad  p  f  ficut  quatcrnariuij 
^*  ad  tcrnarium.Cfim  crgo  toXa  a c  fit  ad  u.r 

"^  ficut  quinquagidta  ad  tria,  vcl  duccntaad 

)f"  ■**..'.'■■• 
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diioiUciinitt  «*  fttttw  fit  ad  p  «  iictttqua« 
tuor  ad  tna^yel  daodccim  ad  noutm  ^  enc 
t%  96qao  vt  dacCDtaadnottem^ita  a  c  re^ 

.  Pr^BCcrcaqaoniam  vt  d  c  ad^  d,  ica  t& 
a.c  li^lis  triangttli  a  d  c  ad  parallel^ifn  ^  ^  ^ 
Cttm  rcfta  d  c  ad  ^  d  (Ic  vt  viginti  qiiinqtte 
ad  vig^nti  quatUQr^crit  al  c  ad  ^  ^  vt  vigin^ 
tiqttinqttcad  vigintiqaatttor » vel  vtqum- 
quagifita  ad  qwdiaginta  ofto  :  ergo  cum 
vt  qttadragint;^  oSo  ad  qaiclqaaginta^ita 
fit  f  ^  ad  a  Cy&  vc  qttinquaginta  ad  tha  ita 
fit  a  c  ad  tt  ^  )  erit  «x^uo  vt  q«adraginta 
ofto  ad  tria ,  iu  xiG^  ^^  ad  u  v.  Rarfus 
qttoniamvc^«adtt«r,itaeft4t  adp^ex 
.  ffihplio  C tottii,  Cf  il  (occurftt  reOarttm  d  b, 
Euc  "  ^ «f^fi^<*  in^X^j ictoiifSsrreaae  4  ^d p » 
vt  viginti  qaataor  ad  tria  >  vjel  vf  oAo  ad 
vnttni»ei'godittid<n^o.vtfeptemad  vnum, 
vel  liwai^Pt^  tnii  ad  n;ottcm,ita  «^  p  ad  p  ^ : 
fed  p  f  contiaetf)Vttf>ftenfttm  eft  ^  ooiiem 
piftef  Cttittfmodi  ;a  c  duc^ntas ,  &  fcnii- 
diameter  centeiias  ^  ergo  cx  aequo  cuiuf-. 
modi  fcnudiamete^  cedtenas  continct) 
cjufmodi  9»  p  v*di>.n«omple^icurfcxa« 

gipta  tres. 

.  Rurfus  quoniam  .rc6ia  9  c  cft  dccima 
pars  r^ftac  a  c,&  v^c  a  c  ad  9  c.  ita  cft  a  8  ad 
9^,erit  fl/  noucm  ccnteoae  partes  diametri 
a  c  ^  ergo  parallelepipcdum  cuius  bafis  fint 
duae  nouenae  rcZ^^ngmli  contieati  £ul>  1  m 


JEimentorum  Liber  V.     ^53  p 

tribus  quintis  diametfi  acj  &  fub  aouem 
ccnttfimfs  diamtcri  tiurdem,altituclb  Ter^ 
a^quct  pcrpendicuhrra  ^€K  d  idr  f  Ufaom 
1  c  m  fUfiiilUm  ^quale  cft  tnfeculiiclocafu 
homococonico  €uiu&  ceiftfump,  Cum CTi 
go  da^Trnpticna^.cciTtcrim^rUm  uo^ca^t(tnt 
vna  qui^^tta^cfHn^}  ^afM  eiufmo^ri^f 4^ 
lclcpipcdi  ^rH  wft^ngwlitra  fub  J  m&^f^i^ 
Viia  qi9i{H]H^c|ima  ^diauiieiri ,  y4-^B|;X^ 
gcfima  quip|Jifi?mi4iapfttrK  *,.  ;,  ..s  ^:^;^ 
Rurfus  quoniam  vt  a  1)  ad  b  n^Koc  eH  vc 
ccntum  ad  fcKaginta  tria,itae{l  vna  quin* 
quag^iima  ad  fcxagitita .  tres  quinqui|cs« 
millcnma^»  &  ita  ctiais  eft  homoeocoBicii 
i;^m  dimenfum  ad  ^  fuum  cx  a  xquipohi* 
4craBS)  pcrpendiculo  b  d^  libra  ex  b^iuf-r 
pensa>ciufmodi  a^quippndcrans  erit  paral« 
lclepipcclimi  ciiiiis^kitudo  iit  perpindicu'* 
laris  ex  d^  in  -f^bMm  1  c  m  xletniira ,  bafis 
vcro  rcaangdliim  fiib  1  ni  &t^  fcKaginta 
tribus  quinquies  ••  millefi^is  diamctri 
a  c.  .-.  ."  .  "    "**.;.  3; 

'      ■        •  <         •  •  ....^_,_«  .  ■. 

I^ROP  6si  T  ib   VII. 

/  ■ 

:::E£||£gi(muni  mirc  eittfdem 
propofitionis  quihtas  podto  arcu 
1  c  m  hyperbolae  primiim  fcg- 
mcnto  noto,  dcindc  fcgmcnto  in 
quo  c  9  rcda  aequet  femidiamctri 


540         Tttrd^onifmicomm 
bc  duas  re|;inmas  parccs  pr6u( 
poruimusincertU. 

Sitigitarlcm  regmentum  byperbolz 
Dotum  ^ct  cft  c  9Ji  l,i  c  fint  tnnicem  xqai- 
Ies,6tque  coodifta  1 9  perpcadiculahs  ad 
cl}  piopofitum  vera  Gt  compatare  pan- 
bolicam  9  d  y  homceoconivimT-3-&  illi  «c 
s  xqnipsndcnns  libra  cx  b  ceatro  hyper* 
bol;  fafpenta,pe^cndiculo  b  dt, 
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Eadcm  conftru Aio ,  qua:  in  proximc 
fupcriohspropofitionis  duplici  cafu  >  cum 
proportiose  ponatur*  Quoniaoi  c  d  rcfta 
cfi  ad  c  y,  vt  a  c  rcAaad  9  CjC/unt  c  d «  c  y 
a6qualci,ciia'C)l  c  ponantur  etia  aequalcs 
in  ifio  cafu*  P^sctcrca  ficut  in  prioris  pro* 
pofitionis  duplici  cafu  oftcnfum  cft ,  y  t 
contincbittvcspartcsicuittfmodi  y  cquin- 
quc  complcAiturjcrgQ  ciun  y  c^d  c  fint  ar^ 
qnaJkSificttt  quinqnc  adtria  ita  cft  d  c  ad 
ir  y^&ita ctia cft a  c ad  'sru:  crgo  d  cad  d  ^ 
cft  vt  quinqucad  Ceptcm :  quoniam  vtt6 
rcAad  uita  fcAa  cft  in  p  vt  du  fitad  d  p 
ficut  quatcrnarius  ad  tcrnarium^  crit  u  ^  ad 
p#(icutqttai9crtiariusad  tcrnarium  ,  vcl 
duodccim  ad  noucm.  Cum  crgo  tota  a  c 
fit  ad  tt^ficjut  qiiinarius  ad  ternarium^  boc 
cft  fidaf  viginti  ad  duodccim  ^  u  v  autem 
fit  ad  «rf ficut  quatcmarius  ad  temariuni^ 
hoc  cfi  ficut  duodecim  ad  nouem  ^  cx 
atquo  tota  a  cadp  #  crit  ficutvigiatiad 
noucm  ;  vcl.  quadraginta  ad  oAodccim. 

RurfttS  quQmam  vt  d  c  ad  «r  d,  ita  cift  a  c 
bafis  tciaxiguli  a  d  ^  ad  parallelam  C^icu 
rcAa  dcad^d  fitvt<]qin^uc  ad  feprem, 
crit  a  c  ad  ^  S  ve  qumquc  a^  fcptem  :  ergo 
cum  vt  fcptcm  ad  quinquc  ita  fit  rr  ^  ad 
ai  c,  &  Vt  quinquc  ad  tria  ita  fit  a  c  ad  u  9, 
crit  cx  atqao  ^  ad  u  «*, yt  fcpteraad  ttia, 
Quomam.  cl^  vt  {^^d  u  T^ita  cft  4  ^  ad 
p  f  cic.SlJ^i>lioVClatti|;crit  (  occurfu  rcfta-  . 

rum  db|^4^&toin^  )  «  ^  femilfis  reA«  ^*  ^*" 


.uc« 
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4fi  Adjpf :  ergo  vt  tnginta  feptcm  ad  Ctx, 
Ha^^^f adf :  f ,.  &  <oiii)>(>oeRdo  vt  quadra- 
gtotsitrii  ad  f cx^ka  lopjad  f»  p.  « 
Knifiit  <}(iQtuBima  c  ad  ^  u  cft  vr  rrig/ma 
qi^ia^pic  ad  trta  »  velt  ccanim  quadragiarji 
ad  duodccira  :  tu amem  ad  ^  p  eft  vt duo • 
dccimad  nouem,eritexarqup  ^ca^dpfvt 
centfim  quadraginta  ad  noucm  i  &  a  b  ad 
p  f  vt-feptjiaginta  ad  nouem.  Prztcrea 
quooiam  ab  ad  p^  eft  vt  feptuagiora  ad 
noue  vclvt  quadringSra  vrginH^  ^in« 
quagtnta  quatiior.*  p  f  autem  ad  «  p  cft  vc 
fex  ad  quadragraftatria^vcl  v<  quinqaagin* 
u  quaruor  ad  trcccnta  odoginta  fcptcoii 
crgo  ex  ^qao  a  b  ad  #  p  vcl  b  n  crit  vt  qna* 
drmgcnu  viginti  »1  treccnra  oAogmta 
lcptem, 

llurfua  quoniam  a  c  ad  c  8  eft  irt  feptcm 
ad  vnumySc  vt  acadc  fl^itaeft  *a  ad  «A 
crit  A<r  oAo>  cuiufmodi  a  c  quadraginta 
noQem:  &dtt(  noucDi;  re£lf  0  /^  eruot  fcx. 
decim.,  cutufmodia>cquadringchtaqiia« 
dr^aginta  &.yaum :  ccgo  paralldepipcduni 
ci^ius  Ixafis  fit  r«£fcaagalum  fub  Im  &  fub 
fexdecim  quadriDgeatefimfs  quadragefi- 
ttiis^vpisdiametriaciakitudo  vcro  pcr- 
J^cniiicularis  cx  d  in  planuiti  ItmtRx» 
^uale  Iiomoedcontco^  parabolico  coius 
eco.trum  p.  Quoni^mcrgo  vt  a  bbracbiu 
ad  longitudinKm  bn , ita  cft  hdmceocooi* 
CU91  cuiusrentram  pad  foum  cx  a  arqui'* 
|tpadcranS|  libra  ex  b  fufpcns^,  pofito pcr- 

pcn- 


pendiculo  d  b^vt  autctn  quadringenta  vi- 
gimi  ad  trecenu  oftoginta  feptem,  hoc  eft 
vc  a  b  ad  b  n ,  ita  funt  fexdecim  quadrin* 
gentefimsi:  quadragefimz  vnae  ad  centum 
feptuaginta  duas  quinquies-milicGma> 
ccntefimas  quadrageiimas  quintas ;  folidu 
h  xquiponderansiam  dimenfohomoeoco-i 
nico  parabolicQ  erit  parallelepipedum  cu* 
ius  altitudo  perpcndicularis  cx  d  ad  planu 
1  c  m,ba(is  rcAanguIii  fub  1  m  quatuor  fep- 
timis  diametri  a  c,&fub  eiufde  diametri  a  c 
centum  feptuaginta  duabus  qufnquies- 
'  millcfimis  centelinHs  quadragefimis  quin- 
tis* 

pROPOSItlO    VII L 

lifd  WttianendHus  inuenireJio-'^ 
moeoconko  clUfttico  6i  l^p«sp«~ 
bolico-acqatpcmdeTaTis ',  f  Bfttb 
librae  .^crpchcliculo  quod  trm-; . 
feac  p6f  verdccnl  komoeocomci 
&  p«fr 'tifntrum  cffipfi  hyperbb-'^ 
lasquedo^munc. 

Inueaiaturexprzrcrtpto  Vigentnz  quiq- 
tx  libri quarti  parallelcpipeduui  s  z  sqtta' 
1«  folidb  ^od  ex  a  peaden  s  zquipo  hde  rat 

M  tn 


^^4       THniiwifimimm 


■  ffxr 


\ 


iA 


I  r     — 


tyHninua  ciiitts  bafiseadem  fic  ifahor 
tiMMCooici  clliptici,yel  hyperbolici^linea 
aMKni<foicribeu  fopefficicni  cyUikbacea 

fit  parallela  libr^  pcipwdiciilQ  4  fab  Di* 
co  qttadritcm  ctttlcemodi  paralklepipcili 

cffcaeqoalefolkloqtt^dhomQeocoflico  d* 
lipttco  9  vcl  hypeibolico  «quipoikbratts 
a  jpcadens  iitttmfoSsisjfiitd^^mmfJliK 

tmUMrio  irrih  fU0rtd  frpfojiiioms. 

COROLLARIVM     I. 

f^oiiiam  pcrqttsiitafflintte&tiim  efifo» 
lidttlBi  ^qttod  iifdcm  pofitis  sqttifiosidciat 
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homoeoconico  paiabolico  }  &  ex  prat^ 
fcati  inuenta  t&  quaxta  jpa»  folidii  $  ri 
qnx  aequiponderat  homoeocpnico  tUipti^ 
coaut  hjrprrbolicojfi  fumatur  arquiponde- 
tantium  di0crcntia  i,  apcrtum  eft  (patium 
i  aequipondcrare  dificrcntix  qua  honibco^ 
conicum  paraboHcumd  tml  y  contcntum 
planis  dlm, y#m&  fupcrficie  homoro-' 
■onica  fupcratur  ab  cUiptico  d  1 1  c  tli  con« 
tnto  fupcrficic  botnoeoconic£ ,  Sc  planis 
d^,lc  m  :  vcl  qua  hypcrbolicum  fupcra« 
tur  a  paraboIico.Tradita  igiturcft  mctho* 
dus  tnucniendi^pofito  eodcm  pcrpcndicu-* 
loyfpatium  i  quod  cx  a  pcndcns  atquipon« 
dcrct  dilFercntiz  modo  mcmoratat ,  quam 
iondiffM  voco  f  &  qux  continctur  fupcrfi^ 
cie  homceocpn^ca  &  planis  y  1 1»!  c  mc 


COROLLARIVM.   IL 


Ci^mcK  vtgefima  quintS  prioris  Ubri, 
in  primo  cafu  propdlitionis  fcxt«  squi* 
ponderans  (emi^lindro  fit  paraUelepipe» 
dum  cuius  altitudo  eft  perpeodicuUcis  ex 
vertice  d  in  planum  1  c  m  dcmfi&,^  bafis 
duo  trientes  qtiadrati  quod  poteft  ftiftidxa* 
meter;f  quiponderans  fcmiconp  cuius  vcr« 
tex  d,crit  paraUclepipedum  eadem  attitu-' 
dinc  confiruAum ,  cuius  bafis  fit  quadr^s 
duorum  triemum^iid  cft  fit  fcxtans  quadm- 

Mmi^ 
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4i  €X  femjdianiettD.Quoniam  crgofextad^ 
zquat^.qu^nque  trigcfiioas  ,  platie  conOac 
dsdu^a^a  trigc^ma  qus  cx  hpius  fexu 
^quij^ondefat  homococonicD  paraboijcoi 
|:chnqai  quatuor  trigeiimas  ve)  diias  deci- 
inas  quvptas  eiufdtm  quadrati  pro  bafi  pa- 
rallclepip^di  fadem  .aUitudinc  conftruAi& 
jcquipondtrantis  differe^tiae  cotkdi£lar  in 
j>rimo^ca(i|  allegato,  quado  nimirum  1  c  m 
cft  femicirculus« 

At  in  fecnndo  quaiado  ordinatim  appji- 
(ata  1  m  cft  trcs  quint^  diamctri  a  c ,  cuni 
xquiponderans  portioni  cyUndri  cadcm 
t)aC  prasditas  iit  ex  corollario  fccundxpa- 
rallelcpipcdum  cuius  ahitudo  cft  pcrpcn- 
dicularis  cx  d  m  phnum  1  c  m,  bafis  vcto 
reAanguliim^  comprchenfum  fub  l  Qi  & 
fub  tribus  vigelGmis  quintis  femidiamctri, 
autfub  tnbus  quinquagefimis  diamctri; 
quadrans  trium  quinquagenaram  erk  trcs 
ducentefim^.  Quoniam  ergo  trcs  duccnte- 
(imsc  acquant  (eptuaginta  quinque  quin' 
quief-miH'^fimas,liquct  dedcAis  fcxag^n- 
t9  tribus  eiufdcmmodi  fub  quibi|s&  fub 
eadeni  1  m  baiis  parajlelepipcdi  ^ahitudinc 
iam  mcmorata  praediti^comprehenditur  cx 
huiitsjCexta,rchnqui  dupdecim  quinquies- 
millci^as^hoc  e{t  tres  millefimas  di^ccn^ 
tciimas  quinquagcnmasd.iamctria  c,.  /ub 
quibus&fub  cadcm  1  m  comprchendatiit 
ba(is  paJa  Ilelepipedi  cadem  altitudine  pt^r- 
diti)&  ^equipondcrantis  difFercntiae  condi- 
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&,x  ia  ik ciindo  cafu  fext^    prapofmonu 
iaip  laudat^.  .     :  ^  / 

Similitcr  cuiii  iniprimocafu  fcpumac  «• 
quiponcierans  portipni  cylmdracci  cadem 
bail.praedita^{itcx  cotoUario  tcrtiae  huius 
libri  ,  vci  cx  coroUario  quarCQ  vigcfim« 
quiQtstantcccdentis  libri ,  p<irallclepipcdu 
cuius  altitudo  cft  perpcndicuUris  ea^  d  in 
pianum  1  c  m,bafis  Ircro  oAo  trientes  qua-^ 
dratiquodpoteftdiamctcr  a  c  \  qu^draiu 
o£lo  tricntum  erut  duo  uientcs.  Qaoniam 
crgo  duo  trientes  arquant  deccm  dccimas 
quintas,'  manifeftiim  eft  fi  eac  deducantur 
de  paraUcle^ipe^oA.,  hoc  cft  cx  fcptima 
iam  laudata  de  viginti  fcx  dccimis  quinns 
ciufdem  quadrati  a  c  ,;  rclinqui  fcxdccHn 
dccimasijuintas  ciuticjn  quadrau  a  c,quaB. 
sequiponderent  diffcrcntisc  condiftae. 

Demam  cum  infccundo  cafu  ciufdcm 
fcptimat  apquipondcrans  portioni  c)  lin* 
dracci  cadcm  bafi  1  c  m ,  qoa  horaoepconi- 
cumhyperbolicum  d  clra  praedit«,fit  cx . 
cotoUmotcrtiaB  paralUlepipedura  cyjus 
altitudp  cft  pcrpcndi.cularis  cx  d,m  planum 
1  cm  demiflraibafisvcrorcaansttlucp  com- 
prehcfum  fub  m  1  ^  fub  diamctri  a  c  fcx- 
dccim  ccntcfimisquadragffimis  fepiimis; 
quadrans  erit  quatuoreiufmodi  partcs ,  ac 
proinde  parallelcpipcdum  di£la  iam  alti- 
tiidinc  conftruaum,&habcnsbafia)  aequa- 
]em  rcftlgulo  fub  ra  1  &  fubquatuor  cen- 
tcfimis  quadragcfimis  feptimis  diametri 
ac  contcnto.  (|aoniam  crgo  quatuor  ccn- 


5|0         Tetn^mipific^nfm 

fefimat  tpzdn^iAm^  feptitnae  sequaqe 
cciitam  qaaclraguita  qainqtues*mtllcfiiiMs 
ctntefiaus  qoadragcbous  qoiatas »  apcrtu 
cft  ficsB  dcdacatur  dc  parallclcpipcdi  a  &a£v 
lioc  cft»cxfcptimaia«  laodata^de  ccQtum 
lcptaagiiita  doabas  ctoidcm  mcofitrar  par- 
tibtts,rclinqui  triginta  doas  qoifiqote^  mil. 
lcfimasccntcfimas  qoadragcfimas  qointas 
diamctri  a  c ,  fob  qoibos  St  fob  m  1  com- 
prehcnfom  rcAangolom  fit  bafis  parallcte. 
pipcdi  diAa  altitodinc  ixt&i^  &  qood  dif- 
fcrcntise  condi  Ax  arqoiponderct« 

SCHOLIVM. 

In  ewBlUrio  prtmb  iufimmifimi  Jijftrtlh' 

liUmfoliiiKf^^ugriMf^rtis  5^  >^  hAbtrttur 

dfuifcnderdHsdifirentid  e^MtUffie  '^ijhdyeri 

hfellip  dehef  ifudffdb  Irdclnfm  lihHt  fu^inen* 

tis  Ifmce^eenicum  fgrniclitum  ejf  diiegflem 

firies  ohuerfum  dd  ^uds  brdcbium  litrie  fufii^ 

nentis  hemceoconieumellifticum  dHt  hyferho'' 

lieum :  Ji  enim  dd  offofitds  fgrtes  hruAtd  f)- 

tent  conuerfd  ,  fummd  ex  fsdrta  futte  folidi 

*<:€>•  exjolido  X  ednhertt  dquifonderdns 

qudfitum.    TMermifimus  tdmen  ifiutn  tdfum^ 

fuidnohts  necejfdrius  noH  efi  ddfr^fentem  te^ 

trdjtonifmum   ,    ytexdemon/frdffdis  fdtehit, 

4linnde  yero  tot  cdfuum  multitudine  legeigiis 

4ttentio  o^dnimi  yi^or  effrimifolet. 


V 
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PROPOSITIO     IX. 

Sit  triangjolttm  quodcun(|tie 
b  a  c  cuios  bafim  b  c  bifariam  fe- 
cee  a  d  ex  at^ulo  a  c^pofico  edit- 
dai  (it  item  vt  oSonarius  ad  qni- 
naritfm  ita  b c  ad  b e,perquee 
a^aikeg  «quidiftans  lateri  ec, 
OGCUrrens  redae  ad  in  f » 8t  lateri 
b  a  in  g.  Oftendendum  ell  vt  & 
jiabet  quatemarius  ad  vnitatem, 
iueflexedamadaddf»  &vtre 
habet  temarius  ad.  binarium  ita 
elTegfadfew 


t.  fcxti 
£uc. 
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Quoniam  in  triangulo  a  d  c  lateri  a  c  pa« 
rallcla  cft  f c ,  crgQ  vt  c  d  ad  d  c ,  i4  cft  vt 
quatcrnarius ad  vnitatcni) itacft  a  d, ad  df, 
Pcr  g  agatur  g  h  parallcla  tcOiX  bc occur- 
irent  ia  h  ilfk^  a  d^ .  Quoniatn  in  triaiiguio 
a  b  c  latcri  a  c  parallcla  cft  g  e  ,  v|  b  e  ad 
c  Ciidcft  vt  quinarius  adternarimit^  bg^ad 
a ;  fimih ter  qma  ia  triangulo  a  b  d  lateri^ 
d  parallcla cft  g  h>vc  bg,ad  g  a ,  ideft  vc 
quinariusad  ternanum^ita4  h Vd  havergo 
eum  diuisa  d  a  inf  o^  par tes  |re^Ji  df  con« 
^Q^t  d^zSytc&^ji^  |;^e^)  refidaah  f  conti-' 
ncbit.etipm  trcs;;crgpyt  ternarlusadbina- 
rium,ita1i  fad  f  d  rfed vt  hf  adfd;itagf 
ad  fc(c4>  quod  triangUla  gf  h  ,.  ef  dfint 
(ioailia  )  ^rgo  Vt  ternariusad  binarium,  ita 
gf  ad  f  ^ :  crgQ  d  f  ej[l  quadrans  it&x  a  d, 
&  g  f  ad  fc  eft  vtternariusad  binarium, 
filpderatoftcndetidum.  _  ^  - 

CQROLLARrVNt:  I, 

Hinc  patet  fi  per  b  &  f  ducatur  rcfta  bf 
occurrenslatcria  c  in  i  (  qusecuHquc  In 
rcCtx  g  1  parallela  ducatur  in  triagulo  a  bc) 
vt  g  f  ad  f  c,hoc  eft  vt  ternarius  ad  binaria, 
ita  cfle rcAam  1  m  ad  m  n;  m  triagulo  cnim 
a  b  c,re£ia  b  i  edu£la  ex  triangulo  boppofr 
to  ficut  fccat  bafim  a  c  in  i  >  iw  &  onincJ 
ipfi  bafiparallclas,quarum  vna  cftg  e^ftd 
gfad  fccft  vt  ternariusad  binariura  :  crgo 
&c. 


I  •        •  r\ 


COROLLARXVM.  11. 

Si  a  b  c  fit  trianguluin  per  axet»  homoeo*- 
coiucaefi^ur3e,cuitts  bahs  Gi  cllipfl^  I^o  c^ 
vel  ^hyperbola  b  s  circa  diametrum  b  c 
defcripta^cuias  tooiogata  fit  d  ii:  &  fi  eiitC- 
modi  fQlidum  faomGCoconicuni  (tcetur 
plano  quQCunque  1  no,vel  q  r  s  cuius  cufii 
triangulo  a  b  c  vel  r  b  q  fe^o  iic  reifla  1  n 
vel  q  r  xquidifians  laiteri  a-  c  9  &  cum  bafi 
fitrefian  o  vel  tf  xquidiftans  tt(Xx  d  u ; 
inanifeQumeft  fcdionem  plani  Ino  vel 
q  r  $  cum  bomoeoconicoellipticavclhy^ 
perbolico  habereccntibm  grauitatis  lin  re- 
Aa  i  b  produAa.  OAenfum  eft  >  enim  in 
quinta  feAionesiftas  efle  parabolas,quar& 
diainetrt  fintl  n,  q  r:  ergo  ciiml  n,  <f  r  ita 
feftac  fint  in  m,p  vt poritiones  1  m ,  q  p  finc 
ad  porttonies  m  n  ,  -  p  rficuti  ternattus  ad 
btnaritim,fegmh)taeiiifdbodi  paifabDlarQm 
habcbunt  cietitrumtgrau,ttati5  ihpunAis  m 
&  p,ex  oilaua  fecanMiii£qurpbQdcradtinm 
Archimedis.  :    •  - 

COROLLARIVM  III. 

Indc  yltcfiik  f flficitiir  centrp^  grauita- 
tisdiffcrentiaecondiaaedequa  a^^it  corol- 
lariuinprimum  pr«cedentis  cfle  in  rcfta 
i  b  p;cum  enim  omncseius  feftiones  cum 
plano  parallelo  ipfi  Ha  oliabeant  ceutifutti 


"\ 
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«aatcatts  ia  refta  i  b  p»  tou  difSmatia  ha« 
&btt  ccntmm  graoitatis  ia  eadem  i  b  p  « 
vodecima  libri  qoarti. 

COROLLARIVM.  IV. 

St  per  b  diictfmr  tcAa  b  t  a^^pddifiras  rc* 

tedasicoccitmasreftieefjiat,  QficDcti 

wdiOispoteftreaamf  t  cfle  kteii  a  c  ae« 

qaalem,reaammo  b  t  cfle  ad  d  a ,  vtt^ 

qamarias  ad  aoaternarittm*  ^oniam  eoim 

itt  ttiaQgQlo  t  II  e  bafi  c  h  parallda  cft  d  f? 

ficot b d eft qmntttpia  tcAa^ dle  ^  kabc 

4.  fexc]  eitt  qaincapla  reftat  d  f$(ed  d  f  ^  qoadians 

^»^*jj^  rcftaeda^crro  re£b  b  t  cft  ad  rcOam  davt 

^^^  *  quioafiat  ad  qaajcemarfam.  Rorfitt  quciiia 

lA  triannlo  a  d  c  latert  a  c  paraMela  cft  f  c; 

ficatadadfd^icaerttacadfcjled  ad  ad 

f  d  cft  rt  qaatemaritts  ad  vnitatem$  crgo 

acadfeeftTtqaaternarias  advnttatem, 

^.f^2(}6ocTtrc£Ub4adde:iedirtrcteb  dad 

feic.     dC)itacft  t  f  ad  f  c  (  c&  qood  in  triangolo 

#.quta  tbelaterttbparallelafitfd  )  ergo  rc£ka 

ti  Eac.  n  f ^qiijiiii  cft  lateriac^ac  proinde  rofta  tf 

adtbeft  vtrcftaa  c  ad  qoinqac  qoadran« 
tesrefta^ad. 

Pnot^osiTi^  X. 

Reuocati  figura  propo{ttionis 
iqiuntir^itaiefta  iic  c  a  diameter  in 
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ii,vt  ipia  c  a  Ht  ad  c  n  (icuti  bdo- 
narius  adquinariumipern  ('quod 
voco  pundum  rufpennonis  fe- 
cund«  notum)ada(it  no  lateri 
a  d  zquidiftans  &  occurrens  re« 
€tx  bd  in  o.  Propodtum  (it  inue^ 
nire,ponto  n  o  perpendiculo  li- 
bras  exn  furpenfae ,  fpatium  quod 
xquiponderet  di^erenns  condi' 
&£  dequaagit  primum  odaus 
corollarium,  pendens  ex  brachio 
^quante  perpendicularem  caden- 
tem  ex  ain reftam  by  &  ex  cen- 
tro  b  edttdam  paraikl^s  lateti 
ad. 


Vt  qnatnor  ad  qmni^tieha  fiatt  roWom 
i  inuentttm  in  |>rimo  iam  alltgAocoTolla- 
no  oftattje  ^opofitiotih  ad  folidutn  s :  »i 
n  o  fx  n  excitetur  {jcrfyendicitiaris  nt  Sc- 
qnalis  pcrpendicolari  cadenti  ex  a  in  reftl 
y  b.Dico  fpatittm  0poA,\ihA  t  n  fofpensl 
cxir,pendens  ektxqaipondmt  diflfcren. 
tiae  condiOx  vt  iaeet  manenti  &  fttft  en" 
fat«  a  libra  tntSSi  «quale  folido  s. 


)5£        Tttrdgomfmcorum 


Petpendicalaiiexamreftamdb  deniif- 
fx  ablcindatar  cx  re£ta  n  t  xqualiso  u : 
item  vtlatus  a  d  ad  quinque  quadrantes 
re^z  b  d  ita  fiat  folidum  i  ad  folidum  x  : 
prxterea  per  c  agatur  c  p  zquidiftans  reAx 
bd,cuino  produ^occuirat  in.p.&com- 
pleatur  po  qc  paraUelogramraum  ,  iun> 
gaturqueeiusdiametcroc.  Quoniam  «c 
nonxcorollartotcttio  diiFcrcntia  condi&a 
habci  centrum  grauttatis  in  rc£ta  o  c  r,  quz 
cft  diameter  paratlelogrammi  p  o  q  c  pto- 
duAa  'y  &  quoniam  poHco  pcrpendiculo 
o  d,  bracbio  Iibrx  xquantc  re£lam  n  u,  z- 
quipoadcrans  dtffcrcntix  condiAxcHlo- 
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lidum  1 :  vt  laius  c  q  vcl  o  p  ad  latus  c  p , 
ita  crit  ex  pnma  huius  ;quipondcram  i 
rcfpondcns  pcrpcndiculoo  d,ad  {quipon^ 
dcrans  cx  u ,  quod  pcrpcndiculo  n  o  rcr* 
pondct :  (cd  o  p  latus  ad  c  p  cft  vt  lams 
adad  quinque  quadrantcs  re£t;  bd  cx 
quarto  coiollario  praeccdcntis :  trgo  vt  la? 
tus  a  d  ad  quinque  quadrantcsrefiz  bf)>na 
cft  fol  idum  i  ad  aequipondcrans  cx  u :  fcd  ^.  quio 
ita  ctiam  cfi  folidum  i  ad  folidum  x  :  ti  £uc. 
crgo  xquipondcrans  ex  u  xqualc  cft  <fo« 
lidox. 

Rurfus  quoniam  a  d,  b  y  funt  parallelx» 
pcrpcndicularis  c^c  a  in  re£lam  b  y  cadcns 
;aequalis  crit  perpcndiculari  ex  b  in  icAafli 
a  d  cadcnti :  &  quoniam  p^rpcndicularis 
cx  b  ad  rc£lam  a  d  deiQifla  fc  babet  a4  per- 
pendicularcm  qux  cxa  ad  rf£lam  bd  dc-  ^ 
mifTa  fucrit^iicuti  fc  habet  d  b  xtB^  ad  rc- 
£tam  a^  (^funf  enim  b  d  ^  a  d  linus  toti,  & 
pcrpcndiculares  (inus  rc£ti  eiufdcm  anguli 
a  d  b^crgo  yx  finus  totii«ne  radii  \  ita  fious 
ipfi  rcAi  )  bracbium  hbrae  interceptviB 
perpcndicuhs  a  d^  b  y  cx  rc6a  a  b  portio" 
ncm  femidiamctro  a  bac;qualcm  aufcrentiT 
bus^fe  habcbit  ad  aliud  braQhiuminterc«-i 
ptuapcrpcndicuhsbd;,  .az  cxrc£ta  f.b 
pof tioncm„femidiamf  ;vp,a  b.arqualcm  s^^ 
fcrcntibus  yii^  fc  habctt^^^^^d  ad  a  d:erg^ 
vt  rc£labdadda,  itacft  brachium  ntad 
n  w-,crgo  p^r  oftaiiam  fccuiidilibri  vt  n{\/^ 
b  dad  d  aita  cft  xfpatium  cx  upcndcns 


/ 
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9i|ttiponil€ranfque  dijBttrcaQi^  coa<!i£tar^ 
adrpatium  ex  f  ptndens  eHltmque  asqtti- 
pondcians  diflfcf cnciat^  illad  fit  K 

Ptmerea  qaoniam  vt  fotidttm  izdColidh 
%  %  ica  pobitur  i cAa  a  d  ad  qtttnqae  qua* 
df aatcs  reftae  d  b ;  &  vt  foltdttm  x  ald  folU 
dam  ^iu  ollgfum  eft  c(&  rcAaffl  k  d  ad  d  a: 
cft  crgo  perturbata  ratio  ifiarum  magoitu* 
dinQm»atoac  (blidam  i  ad  folidum  ^  crit 
VI  rcAa  d  d  ad  quinque  quadrantcs  ipfias 
d  b  }  cft  crgo  folidum  a  arquale  (^iaqoe 
quadrantibus  folidi  ii  fed  folidam  s  poni- 
cur  ctiam  zqutle  quinque  quadrantibos 
folidi  i;  ergo  folida  x  &  s  fiifit  aequalia  in- 
iiiccm :  crgo  folidum  s  pendcns  ez  t  amu- 
ponderat  diiSBrentiap  coodiA;,  pofito  Ubrf 
pcrpcndiculo  n  o :  e^o  inuentum  eft  (bli« 
dum  s  prottt  iufibm  toerat, 

COROLLARIVM.I. 

Si  per  t  agatur  t  f  refta  ;qaidiflans  late- 
ri  a  d,occurrens  diametro  b  a  produAar  ia 
fv|>atet  rc£tam  n  f  eflc  arcjualcm  nftz  a  b : 
cikmcnim  ponamus  itA^m  ntcfie^qua- 
lem  interaallo  refiarum  a  d,b  y-,&  com  re« 
llar  f  1 9  n  o  (quidiftcnt  eqdem  intentaUo, 
lo.fextt  ergo  re£te  b  a ,  n  f cntnt  yquales^acproin* 
£uc.  de  ablata  eadcm  an ,  refiduap  b  n,  a  f  entnt 
inuicem  (quales  j  crit  cfgo  f  a  quadrans  fc- 
ab. 


Mimmttntm  Liher  V^    55^ 

COHOLLARIVM  IL 

i^A0niamia  coroUanQfecttintoodauas 
fiatmmus  qttMdo  bafif  1  c  m  cft  lcmicircu* 
Itts  9  £oltdttm  i  cflc  f qualc  parclklcpipccto 
cttitts  alutttdo  sqttct  f  crpcndicttlarem  ca* 
dcntem  cxd  in  planumlc  m »  bafis  terd 
confict  quatuof  trigcfimis  ottadrati  b  c ; 
cx  prarfcnti  apcrte  fcquitur  libra  ex  n  f«f. 
pcnia  pcr  no  pcrpcndicttlum,  folidum  s^ 
^ttod  cxt  zqu^ondcrat  djfFcrentiz  con» 
££bt,dOrc  xquale  parallclepipcdo  eiufdem 
altitttcbnis»  habcnti  bafim  conflatam  ex 
qttinqttc  trigefimis  quadrau  b  c^  fcd  qain* 
qttc  trigcfimx  atquant  fextantem ;  ergo  pa- 
rallclcpipcdi  arqualis  folido  s  bafis  cft  fex* 
tails  ^ttadrati  b  c ,  &  altitudo  arquat  per- 
pendicttlftttm  quar  cx  d  in  planum  cliip* 
fco  s  vel  ky  pcrbolar  cadit. 

Sisiiilitcr  qttoniam  in  codem  coroUario 
conclttfimtts  qoando  1  m  eft  trcs  qutnf  ar 
diametn  a  c  tn  circttlo  cx  ccntro  b  dcfcri* 
pto,  folidttm  i  efiTc  «^le  paraUckpipcdo 
CttittS  altitttdo  arquct  pcrpendicttlarem  cx 
d  in  plamiD  1  c  m ,  bafis  vero  rcaangultim 
fttbl  m  &  fiib  tribus  millefimis  dttcentefi- 
mt  sqttinqii9gcfimis  diamctri  a  c  :  tsi^ntm 
fenti  fe^ttitnr  libfS  ex  n  fufi>eh(a  ,  pcrpcn» 
dictilono ,  folidum  s,  quoo  ex  t  arqu]pon« 
derat  differemia  condiAa^,eflc  arqualc  pa- 
raUelepipcdo  eittfilerii  altitudipis  habentr 


5fp    .    T etrdSpnifmimutn- 

bafim  rc£langulamfubreAa  1  m  &  fub  tri« 
bus.mille(iipi$  AimMii  ax  coniprchcn- 
fum. 

:  It^  cjuia  iA  coclcm  corollario  ftatui* 
inu$  qiMiulo  1  c  m  cft  fcgmtatum  hypcr-«> 
bolx  notuin  iuxta  primum  fcptimx  ca« 
fiipi  j.^olidum  i cire,  acquale  parallclcpipe- 
do  cuius  aUicjudo  aequct  pcrpendicularcm 
cadentcm  ex  d  in  pl^aum  1  c  m ,  ba(is  vero 
fexdecim  decimas  quintas  quadrati  ac: 
ex  praefemi  colligitur  libra  cx  n  fufpcnfa, 
perpeqdiculo  n  o  ,  foUdum  s  ,  qaod  ex  ( 
aequiponderat  dificrcntias  condi£l2,  efle 
xquale  parallclepipedo  ciufdcm  akitudi*' 
nis  habpnti  bafim  quatuor  trientes  qua* 
drati  a  c»  * 

Pp(|i^mo  quatidoquidem  in  codem  co* 
rollario  probauimus ,  quando  1  cm efi d« 
tcruiQ  hyperbolae  fcgraeotum  notumiuxta 
fccundum  fcptimae  cafum  ,  fohdum  i  eflc 
arqu^le  parallcl^pipcdo  cuius  altitodo 
asqQiet  perpendicttlarcm  ex  d  in  planom 
1  c  m.  dcn)i0gm ,  bafis  vero  fit  rcftang«lom 
Ihb  1  m  &  fub  tri gima  duabus  qutnquics-^ 
naUlefiiprs  ccntefimis  quadrageiiaiis^jutn- 
^sdiametri  ac^  cx  prarfettti  feqnitttrlibra 
exn  fufpcnfa  » perpendiculo  li  o  /felidum 
s.,  quod  ex  t  aequi^onderat . liifFcxentix 
CondiAaei^ciTe  xquale  paraUelqHpcdoeinf- 
4.em  altitudiais  habenti  bafim  rc£bfig]Uh 
lum  fub  rcfta  l  m  &  fub  0^0  milliiiniis 

^^S?fi"H5  ,^^oi»  diamf  tri  a  c  comptcBen* 
fum. 
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PnoposiTia  XL 

■N. 

«      >      ' 

Rerunapt4  iigurl  prjecedencis 
propondonis  >  linea  quzdam 
perpediciilo  n  o  maneti  parallela 
intelligatur  inoueri  per  limbnm 
fegmenci  1  c  m ,  &  ica  defcribere 
fuperficiem  cylindraceam>  icem 
duda  per  c  cangente  c  e,  ide6que 
ip(il  m  aequidiftance,  intelligacur 
eiufmodicylindraceu  fecariplano 
d  c  e  in  infinitu  produdo.  P  orcio 
cylindracei  definica  planis  d  c  e , 
1  c  m&fuperficie  cylindrace^  vo- 
cetur  4//er  cunt^notus^^i  diftingu- 
tur  ^  primo  cuneo  mto  propofi- 
tionis  vigeiimx  fextas  libri  quar- 
ti. 

< 

^  His  itacoirftitutis)  propodtum 

ficinucnirefpacium  quodexpun- 

-  do  f pendens,librS  ex  n  fufpensij 

perpendiculo  n  o  ,^  xquiponderet 

Nn 


/• 
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tuneialtcriusnotiporuoni  inier 

quKut^  condi^  plil»  parallela 
fcptx. 


Vt  binarius  ad  ternarittm  ita^at  fon3u 
s  inuentum  in  praecedenti  ad  felidtiuii  g« 
BtcofpatiumgeiTeillttd  quod  qwttfitiw. 
Qnoniam  enim  cuneus  alter  ad  dif&ren- 
tiam  ^ondiftam  ipfo  inclufam  itafe  habct, 
vt  fi  qttc»cun<|ae  ad  plaoum  it:  a  d  f  qwtt* 
ftante  pl^tto  fecjentitf,fcaio  cunci  fit ,  tt 
mox  oftendetur  >  ad  ftj^ionem  dtllerentix 
condtftf  vt  ternariusad  binarium  >  ipfttm 
.  qupquc  cunco  ^uipondefafts  crit  ad  fqiri* 
ponderans  condi^;  diffei^iitis  vt  teoA^ 
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rius  ad  binafitttn,prout  n  vndednia  aote* 
f  ioris  lilm  conftac :  eigo  fpatium  g  atqui*^ 
ponckrac  cMnci  alcmtts  aoti  dcfigQatae  por^ 
tioni. 

Se^onem  atttem  cittfdeni  cttnei  cfre  ad 
lcftioncm  differemiae  condito,  vt  cfi  tcr- 
narittsad  binarittm  oilenkitur  hoc  pafto. 

Primum  qttidcm  cttnct  feftipncm  ci& 
parallclograiiimQm  cuitts  dtto  btcra  paraU 
lela  fintperpcndicttlo  no^eadeni  plane  ra« 
tionc  probatur,  qua  in  prid^is  libri  vigcfi* 
ma  priml  in  causa^n  mnhiim  difcrepacc; 
feftioncm  difiefentiac  cohdiAx  c{&  para- 
bolam  cttitts  diameter  fit  parallcla  latert 
a  d  conQat  ex  quinta  huius;  cx  prima  vcr6 
antecedentis  libri  modo  citati  clanim  cft 
parabolae  fegmcntum  cflc  duos  tricntes 
paraUelogrammi  cuius  latus  vnum  fit  ipfa 
fcgmcnti  bafis^aliud  oppofitum  fit  tangcns 
parabolam;  &  duo  aha  fint  diametro  feg* 
menti  paraboliciparaUela^ergo  cunei  fcAio 
eft  ad  feftioncm  condiA^  dif&rentiar  vt 
temaritts  ad  binarium :  crgo  inuehtttm  cft 
fpatium  ex  prtfcripto  preblcmatis. 

COROLLARIVM  L 

£ic  pmedentis  fecundo  corollario  &  eit 
ifta  dcmonftratione  confeqoens  fit  pr^mo 
quando  atcus,  1  c  m  eft  femicircolns .  foit« 
dumge({e  arqualc  parallekpipedo  cuiojs 
altitttdo  aeqttct  perpendicularrm  ex  d  in 

Nnz 
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f>laauiQ  1  c  m  demillaiB  »  bafis  vcro  guji' 
draatciB  qttadrati  ,b  c  :  nam  v(  hifl^m^d 
ccroarittm>itacfifcxi;iuosiiuc  vnciarbiiiar) 
ad  quadrantcm  iiue  ad  vncias  tcrna5* 

Secundo  quando  1  m  cil.trcis  quiiits  dia- 
mcrri  ar,  cxeodem  coroUacio  fi^ttndo  & 
tx  pt^fenriXcquitur  folidum  gcflc  arqualc 
p vallckpipcdo  citttts  Allitudo  xquec  pcr- 
|>endicttlarem  cx4  in  planul  c  m  demiGa» 
b^s  vero  rcAagulu  fub  1  m&fub  nouc  bxs« 
millefimtsdiatnctri  a  c  coprebenfiim^guod 
eft  xqaale  vigiaQ  fcptem  decics  milieiimis 
quadrati  a  c :  nam  vt  binarius  ad  ternarium 
ita  tres  milierim^  ad  noucm  bis-miUcii- 
mas»&  Tt  qttinarius  ad  tertiarittm ,  faoc  eft^ 
diamcter  a  c  ad  1  m  ita  noucm  bis-millefi- 
mae  ad  viginti  fcptem  decics*nullciimas^ 
ac  proiiidc  f eitangnlum  fub  mediis  arquale 
cft  re^^ngiiio  fub  cxtremis. 

Tertio  quando  1  c  m  cf t  primom  feg* 
mentum  hyperbolae:  notum  indidem  con- 
ficiturfolidttmg  eflt  xqttale  parallclcpipc- 
docuitts  altitudo  xquctjpcrpendicttlarem 
cx  d  in  planum  1  c  m  cadcntenb  baiis  vcro 
iex  trientcS)  hoc  t&  dnplttm  qttadratx  ac : 
nam  Vt  binariusiaj  tern^riumi  itaquatuor 
tricntcs  quadrati  a  c  ad  fex  Ciufiicm  tricn- 
tcs^hoc  tik  ad  duplttm  ctufdcnt, 

Quarto  qttando  1  c  m  cft  altcnsm  hy  pcr- 
bolflcl&gmcntum  notum  >  ex  iifdcm  conie- 

3uitttr  folidum  g  t&  sequalcparaliclcpipc-* 
o  cttitts  altitttdo  srquct  perpcudicttlarcm 
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ex  d  in  planttm  1  c  an  dcmifl&fn  >  bafis  au- 
''l^tem  reftaifigttlum  fitt^  1  m  &  cfub  duodficina 
'''"'^miUdiiiiji»  vigefimis  nonis  ,  hoc  c£l  (iib 
"^  qnatitor^tifccentefimH  ^tfragviimis  %tn\i%' 
^  diametci  a^cjiUi  wttm  rceinn^lo  ^qaalcs : 
^?  funtqiiiiiratia  c  fcMdiicim  |;>is*milieiimk 
^^  quadrifigeaunmx  primar  quadraci  a  c^am 
I*  vtfepteaaKiiisadquatcrtidrttifn,  hoccilvt 
a  c  diasaflicrad  Im^ita  quatuor  trectmcfi- 
mar  qtiadmgcfimar  tcrtiaejiid  fcxdecim  bis«*' 
millcfiiM$qiiadri9genteriii|as  primas  ^  Ivc : 
C3t  logiftica  confiaticrg^tftjar^ttalitssiintc^* 
mcmoratarc£tangula,  cum  corumlatcra 
rcciproca  fint       -   '  Mi  :  \ 

CdROLLARIVM  U.     : 

'  •  "i         •    '    *    .  • »      ■  **  • 

Qqiooiam  ex.nona  jMiiiAttm  o  itadist 

uidit  a)kean{ccmicuitt».tti^iigillu  per  ipfiim 

axcm  ell  a-d  c  >   vt  d  4>  ^t^tripla  ttiXx  <r  b 

cx  duo^diq^a^qpai^ti^^  A  vq«ia  coisi  da^ 

cyUa4r|qi|tp^f>ucfcfip|;oniiuQ4<>  dc&rtpti  ft* 
€tiont%.>((S[cSi^  occ^rfii  ;^ladi.  vcuiusUhcc 
candi^f)iilttttl)i|iai9tts^24  ^erQaiiui^^ 
cpdcm.€Qnd)4^o.  pUxidpAfino  pcrpcndir' 
culuii^tdii^p^maiicbirfcitfrttm  graaitaci^ 
cuniii  fecimdi  noti  a\c  ^%i^  4>Koiadc  fi^libr^i*. 
cx  a  pfi^jic^idiciilo  »AA^f|»idatttr>  hraclua 
acquant^diihntidin  punAptoma^c^vt^ar-. 
mcter  ar.pad  ^  n^  hoc  eft  vt  oAonasim^  ad ;. 
tcrnaripi^  ,  ita  cricctti^tt^ftcundtts  nottts 
a  c  d  adarqttipondcransfuttm  :   iftud  crgp. 


4^  ^        TttfagMifmUam» 

aBqtnponderans    evic  tres   o&aoae  ctinei. 
Qaontani  vero  ifte  cnnens  eR  cUmidioni 
cylindri,  cnius  bafis  oppofiu  btfilcm 
tr^nfeatper  d  ( iftnd  cnmi  Bmiiipmdm 
ratione,qaa  apod  finclidem  de  foUdo  pa  - 
«y^yQ.raUelepipodo/  oftenditnr  i|nandoc«aei 
ice.     bafiseftelKpfis  integra  »  vel  etnf  portio 
Euc.    compofita  ex  «qoaUbtts  &  fimikbas  Bd  op* 
pofita  centribpartibaspofitttiimaEqoa- 
les  ordinatim  applicatas  )  «qtfiponUraos 
ipfiluitieo  erir  aqiiale  tribus  4ecin»s  Cbc* 
tis  etttfiiem  cyli^ri«: 


SCHOLIVM- 


•  ( 


l^eSddd  >i  iemt!nfif4lhfUmhiBinu$f$uft 
di  reBdm dcejft  ytcunfue  inclindU )  nos U' 
mm-  hfifuintiias  mdhm  lu^s^jtMU  foHe- 
nmt  efe  ferpenJUcuUrem ,  >#  iffi  nm  Sfirefet 
dfe¥ftniirutdti  ex  i  inf^num  i  i '0  'imifsi\ 
diifiteaiee  lined  feffn  ti  o  yildlfdrdileld 
iefirihens  moiu  fu0  fuferfitient  eyi\nir4tedm 
fiifihfuedi^num  t  cmferfOiiHuhAt, 

^dierum  fUdhi^lcinefi  ifsifii^^MV^je^ 
Ihium  g  pdfinii  yneiUia  inUeuhiUi  eft  fd^ 
rdltelefrfeium  euius  dtiiiuio  fii<^ferfehim^ 
lifh  he  iifn  fUunm  l^m  iim\ffk  i  idp 
y^S  r€4dd$gulum- fity^  t  m  UiWe  t^dptri 
^Mhyri' inferifki,  ^  fiih  ii^its^^fHcdfeft- 
li*f'  ^jdftis  femiiidnfeiri  i  c ;  %k^fk9  fem* 
Idtere  HBi  e^^fuh^iHiut  ff^d^hfimWVuM^^^ 
ihHietri  dc.     '  '  '/'-'    -     • 


Elmtnmum  Liber    V.      $^7 
^jioposi  tio  XII. 

Stt  elUp(is  v«l  hyperbola  c  r 
ei.  €entro  b  deTdripca  i  ctiius  dia- 
ineter^c^Ufidis  a  &  ccei:mine- 
tur)  elqueeoniugata  (it  b  hadpla^ 
liUM  ellipfeos  vel  hypetbolacr 
per  ac  iniiftat  tedum  plana  ad  c, 
&  ineo  &  n6  re^a  perpendicit^ 
laris  ad  a  c  diaitietrum  1  femidia- 
m^rum^Ue  ab  ita  tn  b  fecct  vt 
n  b  /it  ^uadraiisipiius  a  b:  dlipfit 
^el  hyperbdla  e  r  (it  vtinptaece- 
denti  propofitione  bafis  cylii»- 
dracei  defcripti  motu  lineae  i^^ui' 
diftantis  re4tie  no :  vltra  cemrum 
b  ad  partes  c  fumptum  fic  ^uod^ 
uispunftumi}  &  periQud  ddda 
i  t  fadens  eum  a^  angulurh  acutu 
a  XX  ad  partes  een^ri ,  qui  vooetur 
/»fe»v}ii/,&atfgalumad  verticem  i 
ifti  opponcunt,  qpi  vocetnr  ixm"^ 


i 


5^8  Tetragomfmicorum 
nus :  per  i  duda  fic  condifta  r  i  >  id 
eftparallela  remidiametrob  l^  & 
inteiligacur  planum  t  i  r,eique  pa^ 
rallelum  d  c  *  feifare  cylindraceam 
figuram;  eric  acd'cmieus  alter 
notus,  cuneus  aucem  a  i  t  vel  ei  ad 
verttcemi  opponta,s  vocetui  mc- 
dius;vt  b  i  ad  feniidiaitietrum  b  c^ 
ita  fiai  b  n  reda  ad  b  s,  &  agancur 
per  b  ^  s  reds  bu.,  s  t  sqvddi- 
ftantes  re^x  n  o.Vcfto  b  pudum 
prima^  {lt{pehfidniisin>{ecundaejs, 
terti2,'6£  b  u,n  d,s  c,perpendicu- 
lum  prim£ ,  Cecundje ,  tertia^  M' 
penfionisw  ' 

His  ita  confticta;i$  prop6fitum 
fit  inuenire  Q>atium  quod  «qui- 
ponderac  portiorii  cunei  medij 
habecis  ellipfim  yel  hyperbolam 
pro bafi,^ plano  y  bl  ad  parces 
a  finici^  tncercepcae  quibufi:unque 
pIanis«ondi^*s^'brachio  aequan- 
te  di^antiam  peipendiculoriim 


Blmemmm  Li^r  \V.  f&«^ 
b  y,a  d,fie  pontalibrae  fufpctino- 
nctcniacxs; ;        .;  '  '  -  _ 

«*•  '-  ^'V.  "■-■-"7 ■_-":_ 


Gondiaa  plana  fumi  poffuot  tut  ad  par- 
tcsaogulitDtctai  vd  adpattes-extemi^.feif 
illis  enimduobus  cftrib«»-{blattur  tertius, 
quando  nimiium  plana  cai)di^'funt  ad 
partcsangulorum  oppofitonuD. 

Peo  piimo  cafu  dcfignita  fuii  condiAa 
plaoa  xz  '*-,  p  i  r  in  ellipli  quidem  ad  par-  ^i'^'"* 
tcs  intcrni  n  i  o,  punAo  i'  cadcnie  intcr  b 
&  Ciin  hyperlxila  vcro  ad  partes  extemi 
A  i  z  pun£to  c  cadenteintet  b  &  i,prout  in 
altero  appofitonuufch^jiuRini  dc^gnatar. 


$j6        Tetrag0m[mteorum 

Vr  b  i  rcftaad  b  c ,  ua  fiati  ^  (|uaclraiii 
cefts i p intcr  reOas a c »  cdclaufae  &x- 
qoidiftantis  ttfkx  b  u,  ad  i  x»  &  complcco 
parallelograinmo  i  x  e  z  iaucniaomr  p€i 
vigefimam  aainum  qoarci  libri  (patia  A » 
B  >  libra  ro^ensa  ex  b  primo  fuipeofioms 
panAo,8qQip6deratia  cylindraccis  i  pi^Xy 
i%tz  fingtlla  fingulis »  bracbio  sqoante 
fcAam  ba,riaediftStiam  parallelaritm  a  d» 
b  u.IaaeniatQr  ex  vndecima  huius  fpatiii 
D  exn  (eeundofufpenfionis  pan£to  aeqoi*- 
ponderans  cunci  alteriuis  noti  portioni 
fip  iz^  ex  D  dcmantur  A,  B,  rcftetqae  £.  ^ 
Dico  fpatium  E  fufpensa  libra  ex  s  teitio 
fiifpcnfioais  punAo,  arquiponderare  cuoci 
medii  portioni  hiz. 

Quoniam  vt  b  i  ttStz  ad  b  c  ^  ita  cft  i  \ 
ad  i  X  vel  (produfta  e  x  donec  occurrat  te« 
Ctx  c  q  in  V  )  ad  c  v>crgo  alterncndo  b  c,c  r 
funt  vt  b  i»  i^scrgo  ficomplcatur  triangu- 
lab  c  v,b  i4  erunt  fimilia  ^  ac  proindean- 
frulus  c  b  i^  alqudis  angulo  i  b4>rcAae  crgo 
b  4|b  9  fibi  imtfcem  congrauot.  Refta  b^ 
prodnfta  oecurratfcAat  z  f«  in  g,  &  per4 
agatur  4  h  arquidiftans  reAar  x  e. 

Rurfusquoniam  in  triiingalo  r  e  g  late* 
fi  f  caeqQidiflat4ii»&lateri  g  e  aequidiftat 
4x*vtnxad  xe,itaeritV4ad4  gi^& vtr4 

E uc.  fio*  vt  c  i  ad  i  ae^iti  e  h  ad  h  g.  Eade^  it 
cail^a  cum  tn  trk»Agulo  c  fe^z  «eOa  i  X  r- 
quidiftct  laitcri<fc  ,    vcciadi^  9    it^ 


Btmenutum  Lihtt^  F.    5?  J 

ciit  h  lA  zd  ZK  etgo  vt  c  h  >d  h  g,- 
ira  ^  fc  ad  z  ^.  Cuneos  ctgo  4  h  g  dttid  Ctt«« 
neam  i  z  nrcrcdahg  ad2rK  /vcl  Vt  te^ 
h  cihoc  cft  X  4,  ad  ^  /4  vcl  ad  p  i;&  itl  Cftdtta 
fiitionc ed  eyhndtaccam  %th4  ^Afiktt, 
vc  ex  vndccima  priori^  libri^  vcl  cxfekt^ 
primt  folidis  accoinmodata  coiiftAt  ?  i]ttb<' 
conqneeniiKi  plaQo  tondiAo  fecentttt  $  fe« 
aioncs  fiint  vt  re€b  h  gad  zx.qoodfilcir 
liadmtttit  y  ooi  demonftrationis  in  vigcliw 
ma>ritti£  libri  quarti  addoa^  tntminit. 
Rorfos  qooniam  vt  b  i  ad  b  c  ^^  tU|^6nir 
mos  cile  b  n  ad  bs^  er^o  diutdtndov 
vcl  per  dioifionem  rationis  ,  vt  bi  refta 
ad  c  i  ^  ita  erit  b  ti  rirftaid  fii  t  fttl  vc 
b  i  rcda  ad  c  i,ita  eft  i  4 tiaiaH  k  4'  (  ttr 
qood  in  tri^ngulo  b  i  if^  rtfkx  c  r ,  •  i^  4  af -' 
quidiftent latetibas i 4, i  c) crgo  vt  b' n ad 
s  n^itaeft  i  4  adx4«  Cu^  igitU^V^  ii  b  ad 
bn  fui  qOadtantem,ita  fiti  padiX)  •&  vt 
b  nad  f  n,ita  iit  i4ad5c4>  crit  fest  i^qtio  vt 
a  b adf^.ita i  p  ad  x^^fed  vt  i  p  ad x  4)  ita 
oftcnditnus  eflei  x  ztA4h  g  j  erg6  vt  a  b 
ai  stTMta  ixzad4  h  g» 

Quomam  ergo  ex  n  fecondo  ponAb  ifuf- 
pcnhohi^  arquiponderans  cyhndracci  por ' 
ttoni^  i  x  j«  eft  per  decimam  fccdndi  fpa- 
tium  primx  fofpen{ionis  A  vna  cu  ip(ius 
quadrantei  4  h  z :  erga  conftatom  ek  A,B 
(eftenim  B (rqaalc  portioni i*l^pK  cunei 
primincti  hcr  cx  vigelima  &^  hhn 
qoartr)aeqoaIe  cft  aequipoderanti  ex  s  libra 
^  fufpcsa  cylindracco  pixf()&infuperpoc<* 
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tioiii^-h  gtn  hypcrbplar  fchemate  ^.jkni^Wi^ 
pfis  MV^  diagraaiatc  coflatu  cx  A  B  vjna  cii 
ppftionc  4  h  g  aequat  diAum  ^ij^uipoiide- 
.  raas :  cigofi  de  fpatiq  D  ^  <]Uod  indidcm 
cUxk€0  i  p  fcz  asquiponderat  ,   deducantur 
A  B  rf  limjuetur  fpatium  £  quod  in  jiypci* 
bola  auAu  fpatio  h  4g>vel  eo  mmurum  in 
cllipfiaBquiponderabit  cuneo  ixz:cum  igi' 
tur  vt  re£U  a  bad  n  s>  ita  fit  i\  zad^hg* 
fi  fufpcnfio  ex  n  fecundo  pun£to  ^  transfe* 
ratur  iu  tertium  s,   xquipond^rans  cuneo 
roedio  iKz  ertt  E^  per  decimam  fecuadi  U- 
Ifvi  citatam  t  .quod  proprimo  cafu  debui« 
mus  dcaonftrare. 
Secttn*     Secttido  condiAa  plana  cadant  ad  partes 
dut  ea-  anguli  tnternt  c  i  q  itt-hypcrbola>&  exter- 
"***      ni  ia  elIip|i|pundo  i  n^anente  vt  in  figuris 
primi  cafiis,  qus  ifit  etiam  deferuiunt:  ea 
vero  fint  p  i  r ,  q  c  ^.  B^^&^  p  i  fit  i  4  quadras 
vt  in  priori  cafu  ,  ptoduAaquc  h  4  occur- 
rat  tc&x  c  f'  in  m;  Inuenta  fint  A  &  fi  li« 
fara  fufpensa  ex  b  primo  fufpenfiqnis  pun- 
£to  aequiponderantia  cylindraceis  q  c  p  i, 
c  y  X  i  fingula  fingulis  vt  in  prxcedente.. 
caftt  ;  inuentum  quoque  fit  f patium  D  tx 
h  fecundo  fufpenupnis  pun£lo  xquiponde-i 
rans  noto  cuneo  altero  c  p  t,atque  cx  A  B 
deduAura  D  relinquat  fpatium  £.    Dico 
ipfum  £libra  fufpemaex  tcrtio  n  fufpcn* 
fionispunAo ,  atquiponderare  cuneome- 
dio  c  i  q.  ,  ,  ii    . 

Quoniam  cyltndracco  cv  xi  exb  (qui- 


.  I 


BtmeMorm:Lihtr  V.    tyj^ 

pondcrat  (patiuffl  B  >  eric  ipfum  Bcxvigc- 

nma  fcxta  libri  quarti   atqualc  portiani    ^ 

c  y  4  i  primi  cunci  noti  c  b  y :  crgo  B  vvki 

cuiti  cunco  y4  ni  atquac  quadrantcm  cy 

linclracci  c  q  i  p  in  hypcrbola  »  in  cUipfi 

vcro  cundcni  quadrantcm  cxccdit  codcm 

'^f  m:crgo  libra  finte  fufpendi  pondtur 

ex  n    fccundo    fufpcnfionis   punAot  x* 

quipondcrans    ipfi  c  q  i  p  cA   ^ggtcga- 

tttm  cx  A  D  &  ex  cuneo  4  ^  ni  in  hypcr* 

bola  ,  in  cllipfi  vcro  cft  idem  aggrcgatum 

cx  A  B  dcdtt<£io  4  ^  ^  •  ergo  fi  inde  dcdu- 

cacur  D  a^quipodcrans  noti  fecundi  cunei 

c  p  i ,  rchRquetur  arquipondcrans    cunet 

mcdijciq,    vidclicet  aggregatum  cx  E 

&  cunco4  J^m  in  hyperbola,in  ellipfi  ve- 

ro  ipfum  £  imminutum  cunco4  ''m  :cum 

ergo.cuneus  c  i  qfit  ad  cuneum  4 1'  m  vc 

rcda  a  b  ad  n  s    (  iftud  cnim  codem  pa£to 

oftcnditur  quo  in  priorc  cafu  oftenfum  cft 

cuncttm  ^i  z  cflc  ad  cuneum  h  4  g  >  ^^  eft 
rcAa  a  b  adn  s)aeq6ipondcrans  \\hxi  (uf- 
pcnsa  cx  s  ctirlito  mcdio  c  i  q  erit  £  ^  quod 
procaftt  fecundb^monftrandum  Cfat.     y^,. 
Tcrtioirihypcrb^l^punftunticadatin*  «ut 
tcr  b  &  c  condiAaquc  plana  fint  ad  partcs  ^^^"'* 
anguli  extcrni  (  nam  s^d  jmcrni  partcs  noh 
pertiiict  hyp^rbola  c  ^  )  q  cf,^zf :  inelli- 
plr  vero  punAuni  c  idccat  inter  i  &  b, 
cotidictaque  plana  fintadpartci  ihtcmt» 
ciimad  externi  partcs  non  pertingat  elh- 


•  .  \ 
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Spimatar  reAii  i  4  quarta  pars  rea^|i 
vel  q  c  ,  &  inu^niatur  A  xqnipondeians 
cylindraw  q  C  ^  f  libra  cx  l^  fiifpcma» 
item  B  cylinciraceo  c  r  e  z  cxcodemb} 
Sc  P  noto  cuneo  fecundo  ft  c  z  cx  fccun* 
dopiittfton«  Dico  conflatnin  ex  tribos 
A  B  D  libra  (ofpensE  de  tertio  fufpcnfio- 
fus  punfto  s  (quipoqderare  portioni^qc?: 
cuneimedijq  ifr. 

<^oniam  vt  a  b^bn^ita  i  p^i  4,&  vt  b  n» 
$  n,  ita  i  44  x  (vt  enim  b  i,c  i,ita  bn  >  sn 
cx  demqnfirafis  fuperius;  vt  auteni  b  i ,  c  i 
vel  xvjita  i  4>x4  ep  quod  triagula  b  i4,rx4 
fintfimilia)ergoex  stquo  vta  b)Sn,ita,ips 
X  4|  vel  ifiis  xquales  q  c^  m  r.  Rurfus  quo« 
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ftiam  tmDgu^a Ki:g%  b 4 g  liabcm  laun 
bz^4gfiiailirarf€Aa  vx  CjW^Sc  ptr  c^  vdii«- 
ite  (iiift^.  fft»y  e  aBqutdifiamos  latoribus  i  a» 

4h$  vtci^cz^  iucrttfiAadzf». ^eh 
iret4  X  ad  g  e :  erga  akeniafida  vt  fe  x  vel 
qc  rcAaadc4iircl  m  ?,ita  soad  gc:erga 
irt  q  c  rcfta  ad  m  r^  ita  efi  cylindraccum 
qe^ftadfArh^^&ctttiCttf  c  ft  at  ad  cu» 
neum  r  e  g:  &  compofita  ex  antecedcuti- 
bus  magnitudo  a  q  c  z  ad  compofita  m  cx 
confcquendbtts  m  r  g  h:  fed vt  q  c  re£la  ad 
m  r^ita  modooftendimuscfle  a  b  ad  s  n  : 
crgo  vt  a)b  ad  s  n^  ita  ^  q  c  z  portio  cylin- 
dracciadm»gh. 

Cum  «rgo  ficut  ia  priori  cafudi&imus 
arquiponderans  ex  b  cylindraceo  c  r  e  z  fit 
c  f  g  z,erit  B*  ipfi  c  i^  g  z  jrquale:  ergo  can^ 
fiatum  cx  A>  B,  D,  cominet  ^rqutpondc»- 
tttits  pattium q c ^iii ,  ca^ fe  Itbra  ex n fiif- 
pensa»&  infuper  in  bypetbola  portionem 
m  y  g  h ;  in  elUpfi  vcro  conflatum  ideiti  ex 
A»  B,  D  commet  atquipondcmis  partium 
qc^  m,cZfA  imminut&  eadS  por tidne  mrgk: 
crgo  coflatfi ex  tHbus A,B>D  aquat  afqui'^ 
pdderans  liinrfi  appisl  ex  s  pon ioni  ^q  c  :^ 
cunei  med  jf,perdecimS  &cundi  libri.quod 
demonfltandum  erat  ad  certium  cafum.  . 

COROtLARlVM. 

« 

Quoniamb  ncfl  quadrant  fcmidi^eiri 
b  c;  icftatiguluia  c  b  n  erit  a^quale  quattx 


..» 
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parci  qua<irati.bic »  hoceft  quadrato  quod 
potcft  feini(fis  fcftae  b  c^fioe  quadrans  dia- 
metri  a  c  -,  &  quoniam  rcAangiilo  c  bn  ar- 
quale  eft  rcAanguloni  i  b  s  (  habent  enini 
cx  confirudionc  latcra  proportionaka)eric 
ipfum  i  b  s  xquale  quadrato  quod  poteft 
quadrans  diametri  a  c  » hoc  eft » tres  rectx 
4  b,quadrat|S  diametri  a  c  ,  &  b$  funt  pro* 
-portionales* 

SCHOLIVM. 

In  iflis  pmmtus  ufihus  ^udmuis  y»um  ex 
toniiiHs  fUnis  djfumptis  npnjiif  i  r  jftmftr 
Umtn  in  rtiH  i  ffumi  dekcrt  4  fU4r$4  iffius 
fsrsydt^ut  ytbiddbc  j  itd fiefi  i^ddi  x^i^ 
ientjue  iungireBict^-t   br  z   demonfirdtio 
tnim  hoc  fofito  recurrit  tddtm* 
•  Torro  dquifonderdns  cylindrdteorum  ^ckmj 
€  fe^effe  idem  cum  djuifonderante  cylinJrd" 
teorum  iijdem  condiSlis  fUnis  intercefSorum^ 
t^  hdbentium  fro  bdfibus   fortiones  eUiffts 
yel  byperboU  iifilemfUnis  interceftds^edndemi- 
^  dltitudifntm.dfertum  eft,  ex  yndecimdfrio^  ' 
fis  libri :  It^^efHmJunt  conftifitU  >#  fuocun^  i 
^ue  condilio  fUno  fecentur  ,   eorum  fcBiont^  \ 
fint  inuicem  ^fUf^feSy  ^uod  fdtis  eft  dd  hoc ,  >^  | 
ex  yndecimdcitdtd  ,  Irel  ex  fextd  frimi  folidis  , 
dicommoddta  e.iufinodi  fUndfint  ^fUdlid ,  & 
hdbedntin  eodcm  condtSo  fUno  centrumgrs* 
uitdtis. 
.  a^o^fi  roffs  cHr  nullufxdfi^s  fondtfUM 


^Umentdtim  Uhet  V.     iy^ji 

ioniiffkyJ^rdt  ^i^fAtiis  djrejportjhton^dtit 
ix  fequintis  cfivolUrio  frimo,  Inde  tnimfM^ 
hit  id  ^on^  fuijji  n^cejfatium  eumex  idmde^ 
tnmfitdtisSdcHiuSffrpiHU  €dfu  ohinedtur  d^ 

^uifondfrdnt.    hn/  ,  ^     . 

cklculiMiiuiusfrofoJitionis  dhunde  fuff^ 
iient  tihi  fud  ifti  froximdm  fuhfe^uunturm 


,w- 
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■■ »  •  ^  .  .     .   -      ' '  • 

Sit  plana£gura  a  1  c  m  habens 
grawtatb  centrum  in  rcd4  a  Cycu^^ 
iu$;  ^ciirru  i  m    &    omne^ 
ipfi  '^quidiftantes  bipartitt^.  fe-t 
centi^.Sitadplahuih  a  c  perpcn-» 
diaiiUrisn^d ,  dtper  amlufum:fi-' 
gut^^lc  m  liitea  paralleU  redas 
dn  iacedens  d^rcripferit  fij^erfi- 
ci^ib  ^ylindrac^m  .•  per  n  &  f 
qtUBipunf|b|Si(ibb.punda  redx  ac 
etiam  produdf ,  du^  (int  n  q^g 
condid^,  ideft  xquidiftanteiipn 
1  ni^&  du^spclr  eadem  n  &  f^n  d, 
f  e  perpcndicuiaribus  ad  a  c  ^qua- 
libliS ,  intcliigatur  cylindraccum 


fecarrplanis  traruerfis  e  n  qjdf  g; 
2c  ^bfclndi  cuneos  i(if  d»  f  nc^  qui 
voccntof  coniiigati^^  etiam  ccnn 
perpendiculares  n  4  y  f e>  fuetint 
insr  quales .  H  is  Ita  pofitis^ 

Oftendendum  eft  (i  pknum 
a  1  m  inteUigatarliorizonti  aequi- 
diftans,&  re(^a  a  c  libr^  Aiftentas 
cunCum  n  f  d  ponattir  fufpendi  ex 
a  bracluo  quocunque  n  r  $  xqoi- 
pondcffansex  rcuneihf  dportio- 
ni  quibufcunque  duobus  planis 
condidis ,  id  eft  parailelis  phno 
d  q  n>  iotercept^  dife  sqiial^fpa^ 
tio  quod  libr4  fufpenfa  ex  f  >  bfa- 
chiof  $  zquante  Ipifiim  n  r,4cqiii-» 
ponderatexs  p6rtioni«i«fci  ftie 

inter  cadem  coi|diAa'pl(ina  ppfi-' 

tjc^         •  -,•    ■,-.'■•=-  ... 

InttHigatnr  hnea  n)cf  ita  irflnfptam 
planotl  n  f ,  vt  qoxcMnque  %kZ  .xquulifiat 
rcctx  n  d  ducatulr  >  occarrcns  dianetro  a  c 
(ita  enitn  vocerar)  inu  fioc  inter  n^  ^ 
iiue  extra  pofito;rectis  d  f,n  c  in  y » z  {  9t 
line«  n  X  t  in  k;ficut  autem  r  n  ad  n  a>  ita 
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f-^79 
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iit  tt  y  ^4  tt  itjlinca  h  Ik  Fcx  duoJccima  tctr 
ti j  crit  parabola»  Prattcre a  quoniam  trian-" 
gulanttZjfuy  fiint fimilia}  vtnuadu ^i^jcx^ 
ita  crit  tt  z  ad  u  y :  crgo  rcctangulum  fub  ci  Euc . 
cxtrcmis  n  n^u  y  cft  xqualc  rcctangulp  fub 
mccliis  u f»tt  Zc  Quonian^  crgo  vt rn ad 
n  tt^ita  ponitur  u  y  acl  u  4,rcctangulum  fob 
mcdiis  .nu,  uy  crit  sequalc  rcctangulo  fub 
cxtrcmis  n  r,tt  Jt.  Yt  fs  ad  f  tt  ita  ponatur 
u  z  ad  u  V,  crit  crgq  rcctangulupi  fub  me« 
di)s  f  U|  u  z  zqualc  rccrangulo  fub  cxtre- 
mis  f  s,tt  Ki  fcd  rcctangula  in  vtroquc  caftt 
fub  mcdiis  funt  inuicera  ^  vt  oficndimus, 
arqnalia^crgo  rcctangula  fub  extrcmis  funt 

^       O  o  2 
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quoquc  xqualia^trgo  cum  latera  n  r^f  s  fint 
arqualia,bafcs  u  k,u  ^  crunt  inuiccm  a^qua- 
lcs;crgo  cadcm  linra  n  i^  f  ctiam  vltr a  puD- 
cta  n  &  f  producta  defcrtbctur,  ii  rr  fs^d 
f  u  quarotunque  porttonem  rect^  f n  ctiani 
productgtjita  ponatur  uzintercepta  lincis 
f  n ,  ti  c  m  inHnitum  eductis  ,  &  parallela 
rcctar  n  d,ad  u  a  interccj^tam  rccta  f  n  & 
parabola  f^  n. 

Quoniam  ergo  cunei  fcctiones  factac  oc-* 

curiu  plani  condicti  funt  parallclogram^ 

ma,vt  invigenma  primaquarti  ofi^nruin 

cft,quorum  bafes  funt  ordinatitn  «pplica- 

tx  ad  diamctrum  a  c;fcctioaes  factz  oc- 

curfu  condidi  z  u  t  crunt  panllclogram- 

ma^fiiniliterquciipcr  parabolat  n  k«  pcri- 

snctrum  intelligatur  moueri  linca  rccta  x^ 

quidifians  codictx  I  ra»  (blidi  comprchenfi 

bafi  icm^  &  .cylindjracca  fupcrficic  bioa 

mdttt  a^quidiftantium  rcctis  b  OyliA  defcri- 

pta  (  ciufmodi  folidutn  yoceturi//r;/m- 

drdCiUm  ,'  &  fi  1  c  m  fuerit  cllipfis  Vcl  hy^ 

perbpla  dicylindraceum  notum  )  fe£lio  con- 

di Ai  plani  cum  dicytindraceo  eritparalle* 

Ibgrammum  icuiusbafisfitciidctti  condi- 

^a»   &  altttudo  fit  litica  fecundum  quam 

condi£);iitn  planum  fccat  fcgmcntum  n  K  f, 

i*  "^*"  parabol*.* '   (^ontateergoiftxoifinesfc- 

^lioncs  (bnt  paraUclogratnma  rci!^anguia 

fnper  eadem  bafi  conftrufta ,  crunt  inter  fe 

Tt  altitudines  :  quoniam  ycro  vt  bracliiii 

rnadnu>itacilre£tasiyadui^9   &vtny 


EtemntorumLibetV.     581' 

a<!  a  k,itacft.rcftatigulum  fub  u  y',  t  x  ad 
tcaangulum  fub  u  i^,c  if  i  crgb  vr  r n  iid  n  tl 
ita  feSro  cunci  n  f dadfcftioiicmdicylinr' 
dracei^  quod  cum  in  omnibus  fcdlipnibus 
occurfu  condiflorum  planorum  gcnitis 
eucniat ,  totum  dicylindracc^um  apquipon- 
dcrabiccunconf  d,&  par$  parti^prout  in- 
tra  cadcm  condi£ta  plana  iibi  refpondenr, 
ex  fcptima  fccundi  ad  foUda  translata, 
.  ficut  m  vigcfima  qaarta  prioris  libri  cxpo* 
fuimus.  Eodem  plane  modo  ofiendctur 
idem  dicylmdraceum  xquipondcrare  cu- 
neo  f  ne,  libra  exf  furpcnsa»aliifqueiuxta 
propofitionis  prxfcriptum  pofitis^  ergo  id 
demonftratum  efl  »  quodfuic  propofi*^ 
tum. 

COROLLARIVM     L 

£x  modo  demonftratis  liquidum  fic 
qucdinXcholiopraccedentis  in  hunc  locii 
diftulimus^fienim  1  c  m  fit  ellipfis  vel  dy- 
perbola  excentrobdefcripta  ,  &  nb  fic 
quadrans  fcmidiametri  >  &  c  ^  fic  acics  fc« 
Gundi  cunei  noti  y  qu^raturque  (qttipondc- 
rans  ex  r,libra  ex  n  fufpema  j  portioni  cit« 
nci  fecundi  noti  concluf^;  condi£kis  fecan? 
tibus  femidiametrum  a  b^pun  Aum  fufpen* 
fionis  debet(paritate  brachij  feruata)poni ' 
in  c,&  n  q  intelligt  acies  cunci  c  n  p,&  ita 
ex  pr^cedenti  inuenietur  portio  dicylin- 
dracei  xquiponderans  portioni  cunci  c  n  p 
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condiftis  memoratis  interceptae  :  iftud 
namque  atquiponderans  arquale  eft  cx  prz- 
fentidemonftrationecquipQndcranti  qu«« 
firo.Ifthaec  methodus  in  alf is  fimiiibus  ca« 
(ibtts  obfcruanda  pariter  erit« 

COROLLARIVM.  IL 

Si  vt cnad  c  p»  itafiat c  a  ad  a  B  redam 
per  a  dttdam  paralleiam  reAx  n  d  a  Ul^ra  * 
cx  c  fufpcnsS  9   brachio  xqu^nte  femidia- 
mctrum,perpendiculo  c  piapquipQnderaas 
cuneic  n  p  portioni  intdrceptas  planis  €5- 
di(lis  fK  b  Isp  c  A|  eft  aequale  parallclepipc- 
do  cuius  altitudo  a  B  &  baus  atquet  qua- 
drantcm  quadrati  ex  femidiametro  b  c  j;e- 
nitijftud  apermm  eft  expracfenti  ^fi  cnim 
conneftatur  refta  c  B,&  inteUtg9tor  plano 
condifto  B  t^fecari  cylindri  itipcrficies, 
abfcindctur  cuncus  fecundus  notus  n  c  fi , 
cruntque  cx  pra^fenttcunci  nc  B  ,  cnp 
coniugati*,  ergo  fpatium  quod  aequiponde- 
rat  cunco  n  c  B»hbra  cx  n  fufpensa,brachio 
a^quante  femidiametrum  a  b,  atquiponde« 
rat  quoque  cuneo  c  n  p  libracxc  ftifpensa, 
pofita  paritate  brachii,  vt  in  pracfenti  de« 
monftratum  eft.^atqui  exprimo  epilogifmo 
coroltarit  propofitionis  vndecimas  fpatium 
aequiponderans  cuneo  noto  fecundo  eft  il- 
lud  quod  iam  aCGgnauimus  ctmco  c  n  picr- 
go  xt&h  fuit  alfignatum* 


Ehmentort^m  Liber  V.    5^^ 

Qttod fi- ,  iifdem  {K^tis  1  c  m  fft ftgmen- 
tam  hyperbolas nbttirh  ;*a€  ptoiudc  coiuli- 
fka^l  m  tir  vltra  pttnihini  c  ad  partes  f ;  li« 
bi4  ex  c  fufpcnsa  ^  brachio  ^eqiiantefemi- 
di^mctr^m)  pcrpetidiculo  c  p  xquipoiide* 
rans  ctttieic  n  p  po^tioni  interceprse  planis 
condidifr  p  c  ^  &  f«  1 1  m ,  oftendetur  eod€ 
ofiinino  pa£ko  eflt  asqUale  parallelepipcdo 
cuiusahitudoa  B  ^bafis  fit  dupla  quadrati 
quod  poteft  diamcter  a  c  :  hoc  eniih  ita 
computatum  fuit  in  epilogtfmo  teitia  co« 
roilari)  memorati* 


COROLLARIVMilL 

\ 

*  • 

j  I 

Ek  iifdcm  occurrit  ^uddraturs  dicylin^ 
draceotum  notorum  numero  inlinitorumt 
pcr  prxcedentem  enim  obtinetur  a?qui« 
ponderans  innumeris  cuneis  quorum  bafes 
(int  portiones  elhpfeos  vcl  hypcrbolx  ^  ex 
ifta  autem  conftat  eiufcemodi  xquipoiidr- 
^rans  cfle  acquale  dicylindraceb  quod  inter 
cadem  condiAa  plana  refpondet  portioni 
^  {Ti^nei  libratac.  Cxterum  iftornm  dicylin'- 
draceorum  tetragonifmus  eft  quafi  anrora 
aduenitantis  quadraturx  circuli:  nam  cu« 
neo fecundo noto  jCuius acies  fit  c ^  &  ba* 
fis  a  c  m  integer  femicirculus  autellipfisy 
aeqmponderat  libra  exa  fufpensa,  brachio 
sequante  diametrum  a  c,  tres  decimac  fcxtae 
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cyiiaJri  eadcin  qua  ipfc  c^uncus  akituclifle 
pr2t^i:crgb  dicy liodraccuin  ifti  cunco  ita 
rcfpondenS|Cfi  trcs  decimae  fcxtae  cylindri; 
crgo  quadratuta  iftius  dicylindracci  do« 
cct  quadraturam  circuli ;  habet  crgo  dicy- 
lindraccorum  quadratura  cum  tctragomU 
mo  circuh  &  ctiam  hypcrbolz  conncxio- 
nem  tantam  5  vt  quarouis  hic  fincm  tnuc- 
nicndi  facercmus,  muhum  tamcn  Dcodc* 
bcrcmus,  quod  ex  tam  dcnfi^.tcncbris  in 
admirabilc  iftud  lumcnnos  vocarit. 

COROLLARIVM.  IV . 

Exprsfenti  fchen^atc  colligitiir  ctiam 
cuncos  coniugatos  cn  f,d  f  n  inter  condi*" 
fta  plana  ig  b  1  >  d  c  x  inclufos  fi  ex  quo" 
cunque  punAo  n  diamctri  a  c  fcorfum 
(poHta  brachi)  paritate)fufpcndantur  per- 
pendiculo  n  d^differemia  arquipondcran- 
tium  coniugatis  c(Ic  candem  cum  difFc"* 
rentia  xquipoderantium  portionibus  ph^, 
ft  h^ ,  quas  vbco  cuneos  primos  laUrdUsy 
Sc  ad  corum  mutuum  refpcAum  fignifi* 
candam^primos  coll4terales*Quonhm  enim 
fohdum  b  0  h  ^  c  habent  communc,  difFc- 
rcntia  {aequiponderantium  ipfis  non  pro«/ 
ueniet  ex  .arquiponderantefQhdi  b0  h^c 
(eft  enifn  idem  ex  eodetn  » iifdemque  pofi'' 
tis^ergodiflTerentia,  (i  qux  (it>erit2equip6- 

derantium   rcfiduis    cQllatcraUbus  phfi 
fth  9. 


1. 


1.  -jp- 
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Quod  (i  ex  rcAis  b/iA,cpabrcindantur 
b  Sy  c  4  sqnalcs  rcftis  fl^ft^  9  p )  &  dufto  pec 
h  condi^lo  hT^fecante  diao]etrun>  a  c  ia> 
^'^iungantur  ttdx  ^^>4^)  &  imelligantur 
plana  tranfuerfa  $'sr^^4p/'  auferentia 
Cttneos4b^,  4  '^  iS»  cuneiiAi  ablati 
ita  fe  habebunt  ad  collateraleis ,  linguliad 
fingulos^vel  totos,  vel  fecimdum  partel^  in- 
tra  cadem  condi^ta  plana  claufas  fumptos, 
vt  ipfisiint  xquale$,&  habeant  xqualiase- 
quiponderantia  iifdem  pofitisjftudetiam 
manifefiuni  eft  ex  pfflecedent^  :  tSc  eniith 
aequales  codcm  plane  modo  oftlcnditur> 
quo  id  dcmonftfauimus  in  primo  cafu ,  ex 
co  quod  condifta  plana  faciant  ineisfe- 
£liones  zqualcs :  habere  autem  idem  xq^i-» 
ponderans  non  aliter  probatur,  quam  pro*  * 
batumfuitin.fcholio. Cuneos  ph  ^,  ^HO 
vocabo  UuTdles  eS^»  colUterdes  ficundos , 
quorum  haec  eft  infignisprppcietas  vracie 
habeant  iA  cadem  condiAa7r/3  ,  &  vnus 
4 '''  c  fit  ad  angulum  externum,  alter  |  7  b 
fit  adinternu,  pofita  a  c  diametro  ellipfeos 
vel  hyperbolae  ficut  in  prxcedentis  dia- 
grammate  3  vnde  vltcfius  ex  iamcitata 
propofitione  eflScitur  iftud  notandum,ii  vt 
I>  ^  ad  quadrantem  diametri  a  c  ^  ita  fiat 
ipfequadransadb<r,  libra  ex  «^fufpensa 
tertio  videlicet  fufpenfionis  pun£lo  ,  in- 
uenirifpatium  quod  fingulis  eollateralibus 
sequiponderatjiftorumque  a?quip^nderan- 
tium  diJBFerentiam  efle  aequalem  diflFcrcn-* 
tix  fpatiorum  qux  portionibus  memoratis 
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cooiugatoruin  concorttm  fcorfum  ,  xqui- 
ponclcrantyUbr^cx  ^fufpensa »  caetcrifque 
lifdcm  fumptis« 

COROLLARIVM  V. 

Hoc  quoguc  adootare  intercR  ad  fe- 
qucntiaifi  (itquicunquc  cuncus  f  n  e,&  li« 
bra  b  c  fufpcndatur  cx  n  in  quo  cunei  acics 
qn  fccat  diametram ,  brachiumquc  librar 
n  ^  quodcunque  ponatur  &  arqiiet  xtCtm 
n  ^ ,  &  per  ir  agatur  v  h  perpendiculo  n  d 
atquidiftans,occurrcns  re£lx  n  e  in  h,atqac 
pcr  h  intelhgatur  duci  planum  aequidiQSs 
liaii  q  c  m*,cylindra€et  inter  ifias  duas  ba- 
fcs  contenti  parti  fpatium  ex  «T  xquipon- 
dcrans  tffc  arqualc  cunci  f  n  e  portioni  iif- 
dcm  condi Ais  planis  cum  cylindrac^i  par«* 
tecomprehenff;  idque  apertum  c({e  cx  vi- 
gcfima  fexta  hbri  quarti.  InlWper  cum,  lif-* 
dem  pofitis,  ^quiponderans  ex  /part*!  cy« 
lindracei  fit  ex  vigefima  qujnta  prioris  \i* 
bri  f  quale  parallelepipedo  cuius  altirado 
<T  h  eadcm  qu^  cylindracci ,  8c  bafis  ^quct 
fpatium  quod  itfdem  pofitis  ^quiponde- 
rat  bafi  partis  cylindri ;  cfle  «equalitatem 
intercunei)   &  parallclepipedi  partesmc- 
moratas:ac  proinde  fi-cunei  parsmcmora^ 
ta  conuertarurin  parallelcpipfcdum  altitu- 
dinis^rh  ,bafim  eiufmodi  paralleicpipedi 
cffe  acqualem  fpatioquod  bafi  apquipon" 
derat  dida  iam  rationc. 
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Pnoposit I p   XI Vi 

PontQ  ante  oeulos  'dbgram^ 
mate  propofitiQnis  duodcdmat, 

quodinferuit  ter cio  cllipfeos  ca-> 
fuijncbipartium  quinque  cuiuf- 
modi  remidiametcr  b  c  quatuor ; 
fit  item  a  c  diameter  circuli  ,  & 
condida  plana  u  b  1 ,  qc?exco 
auferant  trientem  circuli.  Often- 
dendumeftprimo  portioni  z^q  c 
cunci  mediini  o,  aequiponderans 
libri  ex  s  (ufpensa  »  lirachio  ac- 
quante  femidiametrum ,  efle  ae  - 
quale  parallclepipedo  cuius  alti- 
tudoad,  baHs  ntrcdangulum 
fub  (emilatcre  trianguli  aequilate- 
ri  circulo  I  c  infcripti ,  &  fub  vi- 
ginti  feptcm  partibus ,  cuiufmodi 
diamcter  a  c  continet  centum  fe- 
xaginra :  redam  autem  b  s  conti- 
nerequatuorpartcs  jquales  infc- 


\ 
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midiametro  b  c  funt  viginti ;  vel 
vnam  q[uales    in  femidiaroetro 
quinque. 

(^omam  cnim  vtb  i ad b  c ,  ita  eft b n 
ad  b  s ;  b  i  autem  panitur  quinque  cuiuC- 
modi  b  c  quatuor^  vel  b  i  viginti  quinque, 
quales  b  c  viginti ,  &  b  n  ipfius  b  c  qua<- 
drans  quinque;  erit  b  s  quat^Qrciufmodi : 
nam  vt  z$.  ad  20»  ita  j.  ad  4; 


.»»-'*    ;     1 
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Rurfus  quoniatn  punAum  z  in  iflo  cafu 
diuidit  bifaram  femidiamctrum  b  c;  fpatiu 
A aequiponderans  cylij^dracco  qc^fc  li- 
bra  cx  b  fuipcnsa  ,  bracbio  ba,  crit  paral- 
lcl^pipc^umcuius altitudo  c  q,& bafis rc- 
flangulu^  fiib  quarta  partc  diamctri  a  c  & 
fub  femilat^^riq  trianguli  aeqnicrutis  infcri- 
pti  circuloj:  r ,  cx  corollano  tcrtio  vieicfr- 
mx  qumt;^  lijbri  quarti; ; 
.  RurfuXquo?tiam  vt  bi  iicfta  ad  b  c  ,  ita 
'eft  i  ^qjjadr^nsrcAacx.q^  b  i  autcnpi  • 

,ad  bc  (^  yt  quinariu$adquaternarium,crlc 
1  x  quatuptiPttiiiiffiopdij.^  quinquc,  8c  cu- 
iufn]iodi  c  ^q^^pfiu^  14  quadrupla  vigiptf  5 
crffo  rcdiiaiopc^ad  minimos  nuracios  fa-  ?f.r<^p- 
.^acrit.ix  yelcvad  cqjftunitas  ad  qui- ^*  ^"^* 
narium;  crgQ  B  fratium  cjriindracco  c  y »c  z 
;^quipQpd^r^s  hbp  frifpciisa  exb,  brachio 
h>,cttcxy;^^  quipta  laudata  paral- 
l«Iepipcdi|m  cuius  bifis  cadpm  quae,paralw 

?^j^iPyP5|Vf  ^P^^^^s  ^patiW  A  iam  p*wu, 
&^ ^^^i^^^J. y  quintapars ipfius c q,:  ergo 
jparallcl^pip^dym  cuiuis  bafis  fit  iammc- 
morata  j^alti.tudo  fcx  qiiintac  partcs  altitu- 
diniscqV  scqualt  cft  duobus  fin^uj  A 
ScB. 

Practcrea  quoniam  in  triangulo  a  iila^ 
tcri  i  li aBquicliftat  c  d  j  vt a  t  ad  c  i,  ua 'cric  * 
adadd^fiuead  cq  :  fed  a  cad  ci  cft  vt 
ofto  ad  vBum  :  ergo  a  d  rcfta  ad  c  q  cft  -vt 
bfto  ad  vnumjvel  vt  quadraginta  adquun- 
qucp&:  ad  conflatum  cx  c  q ,  c  if  vt  quadfra'^ 
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gmta  ad  fex :  ergo  parallelepiptdum  cuius 
bafis  ante  ineni6rata  ,  &  altitudo  fex  qua« 
drigefiniar  partes  reiftx  a  d  2Pqaale  efi  duo- 
bus  fimulfpatiis  A  &  B.  Rurfus  quia  vr 
40.ad  5.  ita  eft  quadrans  fiuc  quadraginta 
ccnteiin]X*fetage(itn^  ad  fex  centefimas- 
icxagcfimas :  parallelepipedum^cuius  alti- 
tudo  fit  refta  d  a  |  &  bahs  diametri  a  c  fcx 
centefimz-^fexagefima;,  aequale  cft  paralle- 
pipedo  cuius  bafis  fit  re£tangulum  fub 
4]uadrante  diameth  a  c  ft  femilaterc  trian^ 
gulizquilatericirculocl  infcripti  altitu'* 
do  vero  fit  fex  qaadragefim^  oartcs  altitu«> 
dinis  a  d^cum  bafes  &  altitudines  rccipto- 
centur. 

Quoniam  igitnr  duo  fitnul  (patla  A  &  B 
arqoant  paraliclepipedum  cuii(s  altitudo 
fitda,  &  bafis  re^angulum  fub  f^milatere 
trianguli  infcripti  fuperius  meitiorati  &  fub 
fex  centefimis  -  fcxagefimis  diametri  a  c 
comprehcnfum*,  fpatio  autem  t)  zqualeeft 
ex  fcholio  vjidecimac  parallelcpipedum 
ciufdem  altitudinis  d  a;  &  bafeos  zquantis 
rcAangulum  fub  femilatere  meinorato  & 
jubtribus  fexagefimis  quartis  dfafnetri  a  c; 
magnitudo  ex  tnbus  A^  B,  D  conflatacrit 
parallelepipedum  attitudinisa  d,  &  bafeos 
aequantis  rcAangulum  fub  femilatcirc  me- 
morato  &  fub  viginti  feptem  partibas,cu- 
iufmodiindiamctro  funt  centum  fcxagin- 
fa  inuicem  sequales.  Ciiim  igitur  cx  citata 
duodecima  in  ifio  cafu  magnitudo  cx  tn* 
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bus  A,  B,  D  compofita  atquet  fpatiuquod 
canei  medii  ti  i  o  portioni  z  ^  q  c  xqui« 
pondcrat;  iftud  eflc  demonftrauiiQUs\quod 
propofitum  fuerat  primo  loco. 

■• .  ^ 

Secundo  iifdem  manentibus 
pun^um  z  congruat  <ientro  b, 
Oftendendum  eft  pottioni  z  ^  q  c 
(  quK  in  hoc  cafu  ca.dem  cft  quse 
buqc  )  cunei  medij  nio  xqui- 
ponderans  librl  ex  s  rufperisi, 
brachio  aequate  fcmidiametrum, 
perpendiculos  t ,  t^Q  xquale  pa- 
rallelepipedo  cuius  altitudo  d  i 
&  bafis  fit  quadrati  b  c  feptem 
vigefimai  partes. 

Spatidm  A  xquiponderans  cylinclraceq 
q  c  A  f(  libra  ex  b  fufpenfa  ,  brackio  ba  e(! 
cx  vigefima  quinta  libri  quarti  parallele> 
pipedimi  altitodinis  c  q  >  &7bAfeos ; quan- 
tis  duos  trientes  quadrati  b  c.  Similirer  B 
Ipatium  cylindraceo  c  cez  atquiponderans 
c(l  paraUdepidedam  eiufijem  bafcos  &  al« 
titudo.c  f  quintapars  iplius  c  q  :  ergopa" 
rallelepipedum  cuius  baiis fitiammemo'', 
rati  doo  trieritM ,  9c  ^ltitudo  firx  quinr^ 
partes  aUi(|idinis  c  q  (quale  cfi  duoGus  fi-j 
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mul  A  &  B  t  crgo  yc  in  pr^ccdenti  caftf 
parallelcpipcdum  cuxus  bafis  (it  duo  iam 
diAi  trientcs  &  altitudo  fex  qu^dragefiing 
partcs  rcA^  a  d,a?qualc  eft  duobus  /iniuiA 
&  B.Prxtetca  quia  vt  40.  ad  6.  ita  eft  bc^ 
fiue  ^o.fcxagcfiinx  ad  6.  fexagcfimas ,  f  a-* 
rallclcpipcdun3>cuius  altitudo  iit  d  a  j  & 
bafis  quadrati  b  c  fcx  fcxagefimx  (iue  vna 
dccima » a^quatc  cft  parallelepipedo  cuius 
balis  fitduo  tricntesquadrati  bc,  &  altittt« 
do  fex  quadragefimac  partes  rcAx  a  d,cum 
I^afes&  fltituGiiies  rcciprocentur. 

Quoniam  igitur  duo  fimul  fpatia  A  &  B 
arauant  parallclcpipcdum  cuius  altitudo 
a  djbafis  fex  fexagefimae  quadrati  b  c:  fpa- 
tium  autem  D  cx  calculo  primo  primi  co- 
rollarii  vndecimac  cft  quadfan^  quadrati 
b  c^hoc  eft  quindccim  fexagefimar :  fpati& 
cx  tribtts  A »  B  f  D  compofitum  erit  illud 
quod  qazrimus,  videlicet  parallelepipcdii 
cuius  altitudo  a  d  »  &  bafis  viginti  &  vna 
fcxagcfimx,  fiue  feptem  tigcfimar  quadtati 
b  c}qiiod  fecundo  erait  oftendcndtim. 

« 

Propositio  XV. 

Duodeciinse  propontionis 
fchema ,  quod  inferuic  primo  & 
fccundo  elliprcos  cafui,  reuocc- 


T1 
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mi  in  coquc  b  i ,  i  c  fint  aequalcs> 
iit  item  a  c  diametec  circuli.  Pfo  - 
pofitum  fit  primd ,  quando  pun* 
dumzprimicasils  congruitpun- 
do  b,  definire  epilogifmo  lineiim 
b  s ,  &  aequiponderans  portioni 
b  u  i  ciinei  medij  n  i  o  ,  iibra  ex  s 
fufpensa ,  brachio  «quantc  fcmi- 
diametrum. 


f'J^9' 


•    • 
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(^oniam  vt  b  i ad  b  c^ita  cl\  b  a  ad  b  S| 
cum  b  i  fit  femiffis  itfXx  b  c  ^  crii  b  n  fc- 
tniflls  reAa^  bs  :  fcd  b  n  eft  quadrans  fc* 
iQidiametu  b  c^ergob^  %Si  d^o  quadran- 
ccSy vcl  dimidium  rcfta^  b  c:crgo  b  s,b  ijc 
funt  airquales. 

Rurfus  quoniam  puoftum  z  in  iilo  caftt 
cnngruit  centrobyx&  condiAuni  ^z^i 
condiflo  0  b  1 ,  fpatium  A  aequipondcrans 
eylindracco  ipM^»  libra  cx  bfufpenfa» 
perpendiculo  b  u  &  brachio  b  a  ,  eric  cx 
vigefima  quinta  libri  anterioris  parallck- 
pipedum  cuius  altitildo  i  p  cadem  quae  cy« 
lindracci  ip/^\>  &  baiis  acquec  fpatium 
quod  ex  a  asquiponderat. 

Pra?terea  quoniam  libra  ex  b  fu(pcnf:i, 
perpendiculo  b  u^bracbio  b  a»aequiponde- 
rans  femicirculo  inter  condi£tau  bl^  yc? 
interpofito  a^quipondcrat  ex  decima  oAa- 
ua  terti)  rcAangulum  fub  femidiametro  h  c 
&  fub  duobus  trientibus  ipfius  b  c»  vel  vno 
triente  diametri  a  c  5  (i  iftc  tricns  mutctur 
in  quadrantem ,  femidiameter  mutabttur  in 
duostrientes  eiufdcm  diametri  >  y t  ex  reci- 
'r.fexti  procatione  gignatur  aeqiiaUtas«,ergo  ijfdcoi 
^^^*  manentibus  rcAangulum  fub  quadraotc 
diametri  a  c  ,  &  fub  duobus  trientibus  ip« 
fius  arquiponderat  femicirculo  iam  dijto : 
fed  i jfdem  poiitis  fegmento  inter  condi£ta 
p  i  r ,  r  c  9  acquiponderat,  ex  decima  nona 
cittfdem  tcrti)  libri ,  rcaangulum  fub  i  c 
quadrante  diametri  ac,&  fub  i  t  fcmilatere 
trianguli  arquicruris  infcripti :  crgo  rcAan* 
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galum  fub  codem  quaduntci  &  ftib  cxccf* 
ftt  quo  dtto  tricntcs  diamctri  a  t  fupcrant 
femiilem  diAi  latcris  stquiponderat  por* 
tioni  circuli  intcrccptx^condidis  u  b  l,p  i  r 
(ciufmodi  cxceflus  vocctur  df$fomi  notd  : 
cftenimapotomequamdefinit  £uclides  )  ^^  j^^ 
crgo  cx  corollario  tcrtix  fpatium  A  cylin-  ctmt 
dracco  ip  t^K  xquiponderans  hbra  cx  b  ^^^* 
fufpcnsSy  perpendiculo  b  u^brachidque  bai 
eft  parallclepipedum  cuius  ahitudo  p  i  vcl 
c  q ,  baiis  fit  reftangulum  contcntum  fub 
fcmi{fedi£ki  latcris  &  fub  apotome  nota. 
Rurfus  quoniam  vt  b  i rc£la  ad  bc  ^  ita 
cfi  i  4  quadrans  xc£kx  c  q  ad  i  x :  b  i  autcm  ^; 

c(l  femiffis  tc&z  b  c ,  erit  i  4  rcmiGfis  xctXx 
i  X)&  i  p  quadrupla  xcdx  i  4  erit  dupla  re* 
{kx  i  X :  cfl  ergo  B  parallelepipedum  cuius 
bafis  fit  rcAangulum  fub  fcmilatcre  dido 
&  fab  notaapotome  contentum,  ahitudo 
fit  (emilfis  rc^a^  i  p.  Prxcerea  quoniam  in 
triangulo  a  c  d  latcri  c  d  xquidiftat  i  ^ ;  vt 
a  c  ad c  i,ita  erita  d  ad  d  ^  fiucad i  p  :  fed 
acad  ci,eftvtquaternarius  ad  vnitatem; 
crgoa  d  ad  i  p  efi:  vt  quatcrnarius  ad  vni- 
tatem^ergoa  dadix  dimidium  xcikx  ip 
cft  vt  oftonarius  ad  vnitatem :  ergo  re£la 
a  d  eftad  compofitam  ex  i  x,i  p,  vtoAo« 
narius  ad  tcmarium^ergo  duo  fpatia  A  &  B 
cum  habeant  eandcm  bafim  ,  idcoque  x« 
qutnt  paralUlepipedumeiufdcm  bafcos,& 
altimdinis  compofitx  ex  ahitadinibus  i  p, 
io£y  aequalia  funt  parallelcpipcdo  cums 

P  p  i    • 
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bafis  fit  rc£languium  fub  fcmilaterc  diAo 
&  fub  nota  apotonie  Comprchcnfuni  j  alti- 
tudo  lic  ttes  o^tauac  partcs  rc£kae  a  d^cui  pa- 
nllclcpipedo  proptcr  bafium  &  larcrufli 
rcciprocationcm  xquale  cft  aliud  cuius 
altitudo  fit a  d|&ba(is  rcStangulum  fub  no- 
ta  apotomc  &  fu  b  tribus  dccimis  fcxtis  la- 
teris  trianguli  squilatcri  circulo  infcripti  • 
velfubfemilatere  codcm  &iub  apotcmeS 
paiartfibus  oAauis. 

Rurfus  quontam  cunei  noti  fccundi 
a  c  d  portioni  interccpt;  condi£tis  qcp, 
(Az  *jr  quod  in  ifto  cafu  congruit  condifto 
ubljapquiponderans  libra  cx  n  fufpensa, 
brachio  asquantc  fcmidian^ctrum  efi  C3C 
vndccimas  corollarii  primi  cpilogifmo  pri* 
mo  parallelepipcdum  cuius  aititudo  d  z^ 
bafis  fit  quadrans  quadrati  b  c>  Iioc  cfi  re« 
ftangulum  fub  diametri  a  c,  tribus  fcxagc* 
iimis  quartis  &  fub  quatuor  trientibus 
fe  ciuCclcm  diametri ,  ifta  cnim  xqualitas  cx 
£uc.  ^  latcrumrcciprocationcfcquitirr  :cxfciio- 
lio  vcro  eiufdem  aequiponderans  portioni 
iaccnti  intercondiAa  p  i  r,  qc  ^cftarquaje 
parailclepipedo  cuius  altitudo  a  d  &  baiis 
rcAanguIum  fub  femilatere  cK£lo  &  fub 
tribus  fexageiimis  quartis  diamctri  a  cco- 
-^prelienfum  j  difFcrentia  iftorum  aequipon- 
derantium  cadem  altitudine  d  a  praeditorij> 
vidclicet  parallclepipedum  altitudinisda 
&bafeos  atquantis  re£tangul|im  fub  dia- 
metri  tribus  fexagefimis   quarcis  &  fub 
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cxcenii  quo  quatuor  di^tnctri  a  c  trientcs 
fupcrant  rcmilatus  trianguli  apquibrcri  in* 
fcripticritfpatium  I>acquipondcrans  por- 
tioui  ft  p  i  z  ciinci  fecundi  a  c  d  noti.  Di- 
ftus porro  cxcQfsus  coropofitus  efl  ex  duo* 
bus  tricntibus  dianictri  a  C)&  cxapotouic 
n«ta»vtapcrtumcft. 

Qponiam  ergo  cx  praefcripto  duodcci- 
mac  proprimocafuvt  habcatur  acquipon- 
dcrans  cunci  mcdii,dc  fpatio  D  dcduci  dc- 
bentduofimul  A  &  BjCum  Dfic  vt  ofteci-* 
dimus  parallclepipedum  cuius  ahirudo 
a  d^&  balis  rcflangulum  ibbtribus  fexagc- 
fimis quarcis diamctri  a  c ,  fubque  compo- 
(ita  cx  duobus  diainctri  tricntibus  &  cx 
apotome  nota  comprchcnfum:ergo  cxccf- 
fus  quo  iClud  rcftangulum  fupcrat  reftan-" 
gulumfubapotomc  nota&fub  tribus  dc- 
cimisfextis  lateris  triangulimcmorati ,  cft 
bafts  parallclcpipcdi  cadcm  altitudine  ad 
prxditiiquod  asquiponderet  cunco  mcdio 
b  i  u^hbra  cx  s  fufpcnsa,  brachio  apquantc 
fcmidiametrum  ab,&pcrpcndiculost:  cr- 
go  dcfiniuimus  idquod  dcfinicndum  fuit 
primo  loco, 

Propofitumfccundofit  quan- 
dojVt  in  fecundo  cafu  laudatse 
propofitionis  duodccimse  ,  fuf- 
penditur  portio  qic  cunei  me- 
dij  tis  interccpta  condidis  p  ir^^ 
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q  c  *  de^erminare  calculo  asqui-' 
ponderans  didx   poraoni  q  i  c^ 
libra  ex  s  rufpensa  >   reliqui/gue 
manentibus ,  qus  inprdzcedenti 
cafupontafuntt 

Spatium  A  xquipondcrans  cylindraceo 
q  c  p  i^libra  cx  b  fufptnsa  >  pcr pcndicolo 
b  Uybrachio  b a,  cU parallclcpipcdum  cu* 
ius  altitudo  i  p,bafisfitrcftanguIumcon« 
teatumfub  fcmifle  latcris  trianguli  xqm^ 
lateri  circulo  cl  infcripti,  &  fub  diametri 
a  c  quadrantc ,  cx  vigefimx  qointx  libri 
quarti  coroUario  tcrtio. 

Rurfus  quoniam»  vtin  fupcriore  cafu 
oftcnfum  cft,  i  x  cft  dimidium  redar  i  p: 
crgo  B  fpatium  cylindraccocvsci  arqui- 
ponderanS)libra  ex  bfufpcnsa,brachio  ba, 
e(l  cx  vigc(ima  quinta  laudata ,  parallelco 
pipedum  cuius  bafis  (it  rc£tangt>lum  iam 
memor^ltum,  &  altitudodimidium  altitu^ 
dinis  i  p  :  ergoparallelcpipedumcuiusba- 
iis  fitrcAanguluiniam  memoratam,&  al* 
tifudotrcs  fcmiffcs  altitudinis  ip  ,  aequate 
efl|duobusfimuI  A  &  B.  Quoniam  vcro 
in  prapccdcnti  cafu  oftcndimus,  re^am  a  d 
effc  ad  compofitam  cx  i  p  ,  i  x,vcl  ad  tr« 
femifles  ipfius  i  p,  vt  eft  oftonarius  ad  tcr* 
rarium :  ergo  parallelepipedum  cuius  baGs 
fit  Tfftangulum  iam  mem6ratum,a1titudo 
tres  oAauar  partes  reftsea  d^zqdfle  cft  duo*" 
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bssfpatijs  A,  B  :  ifii  vero  paraliclcpipcdo 
propter  rcciprocationem  bafium  &  aJtitu* 
dirum  sequaic  cil  aliud  cuius  altitudo 
adsbaiisfic  rcAangulum  fub  quadrantc 
dianctri  &  fub  tribus  decmiisrcxtis  iatcris 
inrcripti  iam  fa^pe  mcmofati :  vel  fub  tri- 
bus  triccfimis  fccundis  diametri  a  c  &  fub 
fcn^ilatcre  difto* 

Quoaiam  igicur  ex  prxfcripto  duodc* 
cimae  profccundocafU,vt  obtineaturasqui- 
ponderans  cunci  mcdi) »  dc  aggrcgato  cx 
fpaiiis  A>B  fubducidcbet  fparium  D,cum 
aggrcgatum  illudfit  paraliclcpipedum  cu- 
ius  altitudo  a  d ,  baiis  (it  reclangulum  fub 
difto  femiiatcre  &  fub  tcibus  decimis  fextis 
vcl  djodecim  fcxagciimis  quartis  diatnetri 
a  c  ;  fpatium  vcro  D  iitparaliclepipedum 
ciufdcm  altitudihi$.)  cuiusbaiis  (itre^an* 
gulumfuf)  di£lo  femilatcre  &  fubtribus 
fcxagcfimis  quaftis  ciufdcm  diamctri  a  c ; 
pcraAa  {ubdu£lionc  rciiduumfiet  paraiic* 
lepipcdum  altitudinis  a  d,  &  \y^^%  2qua<' 
tis  rc£tangulumfubdiAofcmil^rc&  fub 
nouem  partibus,  cuiufmodi  diamctrum 
metiuntur  fcxagintaquatuor;  quodfccun* 
do  crac  facicndum. 
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Inuenire  &  calculo  coUig:ie 
zqualitem  intei  duo  quzdim 
ipacia  folida  multitm  infeiuioi- 
tem  ad  quadrandum  cinu- 
lum. 
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Sit  vt m  dccima  tcrtia  fcmicirculus  lcm 
bafis  cylindracci  dcfcripti  motu  parallcla: 
adrcOam  n  q:  ipfa  autcmn  qfit  ad  diamc- 
•  trum  a  c  pcrpcndicularis  s  fn  itcm  b  ccntru 
circuli,&  b u,b  c  fint  fingillatim  ^midiura 
fcmxdiamctrijb  n  vcrg  &  c  o  quadrans  5  3f  b 
autcm  quinta  ciufdcm  fcmidiamctri  pars. 
Pcr  a,e,x,b,u,c,o,  du£lac  fint  ad  q  q  paral- 
lclae  ad,cp,xr,bh,u  f,c  s,o  i.  In  rcda  uf 
fumptum  fit  quoduis  punaum  f,  &  pcr  il- 
lud  duftae  C3C  punais  n  &  o  reft?  n  f  3,  o  f 
occurrctes  rcftis  bh,c  s,oi,n  q,  a  d  in^b, 
t,Sji,qfd.R€ftis  y  h,t  s  abfciflae  fint  xqualcs 
b  K,c  z,&  iunfltf  fint  u  k^u  z  xcfXx. 

JE^^unt  igitur  cx  dcfinitionibus  in  dcci- 
ma  tcrtia  traditis  cunci  n  o  q,o  n  i,  conia^ 
gati  5  coUatcrlales  ptimi  crunt  y  f h,  tf  s : 
collatcralcs  fccudi  b  u  k^c  u  z ;  folidi  byftc 
p^rs  byfu  yocetur  interior,  &  c  u  f  t  extc^ 
rior,ipsuq;byftc  dicaturfaftigiatu.similitec 
c6iugatoru  cuneorii  intcrior  dicaturoni, 
CKterior  n  o  q:  &  collatcrialiu  intcrior  y  f  hi 
cxtcrior  t  f  s.  Apertu  cft  cunci  coiugati  in- 
tcrni  c  n  s  portionem  b  y  s  c  intcrccptam 
condictis  h  b  1,$  c  ^  cfle  acqualcm  faftigia- 
ti  folidi  porfioni  intema^  b  y  f  u  ,  externf 
c  t  f  u,&  collateralium  externo  t  f  s:  fimili- 
ter  cunci  coniugati  externi  n  o  q  portioiiS 
c  t  h  b  efle  a^qualem  faftigiati.folidi  por- 
tioni  internae  b  y  f  u^externae  c  t  f u,  &  col- 
lateralium  interno  y  f  h. 

Rurfusquoniam  vt  buad  b  c^ita  eft  b  n 
ad  b  c  :  fi  libra  imclligatur  fufpcndi  ex  c 


A, 
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peq>cndicuio  e  p ,  brachio  arquancc  fcmi* 
diamecraniy  obtinelHtur  zquiponderaiis 
primis  coUaterahbus  y  f h,t  fs^vcl  fecan- 
dis  b  a  k,c  u  f  cx  coroUario  tertio  Atcimx 
Xtti\%\  cakultts  vero  vtriufque  habctor  in 
j^  proximiantcccdentipropofitionei  voce* 
*   turS. 

Rurfusquoniambxeftquinta  pars  fc* 
midiametri  b  c  >  fi  hbra  ex  x  furpendator, 
habebitur  per  duodccimam  acquipoode- 
rans  cnnei  medi j  x  o  r  portioni  b  c  t  h(hoc 
eft  tribus  b  u  f y^c  u  f t,y  f  h)&  eins  calco* 
lus  eft  in  decim^  quartc  parte  altera  \  voc  • 
tur  A.  Pr^terea  cum  b  xilt  quatuor  &  b  e 
decem^cuiufmodi  b  c  viginti^erit  b  c  adx  c 
vt  viginti  ad  (cx,  vel  deccm  ad  tria :  ergo  fi 
\pcrpcndicalum  x  r  mutctur  in  e  p,  &  Ubrx 
fufpenfio  transfcratur  cx  punAo  x  in  Cj  rc- 
liquis  nihil  mutatis  »  acquiponderans  por- 
tioni  b  c  t  h  (hoc  cfttribusbu  f  y,c  0  fr, 
y  f  h  )  erit  illud  ipfum  quod  in  |?rima  fuf- 
pcnfione  auftum  tnbus  dccimis  partibus' 
portionis  b  c  t  h  ,  ex  dccima  fecundi  li« 
bri. 

Kurfus  quoniam  fi  pcr  c  intelligatur 
duci  rc£la  c  ^  parallela  rcAc  o  f ,  idtoquc 
conftituens  angulum  ^  c  n  a^qualem  an* 
gulo  c  n  s,cunci  c  n  s,  n  c  |  funt  coniuga- 
ti;ergo  pcr  decimatn  quartam  quod  aeqai* 
ponderat  cuneo  b  c  ^  libra  ex  n  fufpensa, 
aequipondcrabit  quoque  cunco  b  y  f  c  U* 
bra  cx  c  fufpcnsa;ergo  cum  illud  arquipon* 
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derans  fupputatum  fit  initio  corollam  pii>' 
fni  vadccim<e  ,  conftat  quoque  ca-lculus 
iftius{  vocctur  B,  Prsetcrca  cum  c  e  (it  tri« 
ginta  cuittfmodi  b  c  viginti,nperpcndicu< 
lunic  s  mutctur  in  e  p  ,  &  fufpcnfio  pritM 
cx  c  in  fecundam  ex  c  y  brachiumque  ad; 
partes  a  conuertatur»  ex  nona  libri  fecuiKli 
apertum  iit  a^quiponderaas  fecundse  fuf  ^ 
penfibnis  efIetresfcmi(&sporrionisb  y  fc 
(  faoc  eft  trium  b  u.f  y ,  c  u  f  t,t  f  s)  immi- 
nutas  aequiponderante  B  iam  com-* 
putato  pro  prima  fufpenfione, 

Rurfus  quoniam  libra  cx  e  fufpensii  fpa- 
tium  xquiponderans  duobus  fimul  cuneis 
coniugatis  byfcjCtbb  iam  eft  compu-'. 
tatum  ,  videlicet  A^quiponderans»  cuius 
calculus^ft  in  decim^quarts  propofitio* 
nis  partc  altcra ,  au£lum  ^uidern  fcK  vijge- 
fimisportionisi>c  th^6ue  trium  buty, 
c  u  f  t,y  f  h;  &  trigintayigcGmis  portionis 
b  yjr  c, vel  trium  b  u  f  y,c  u  f  t,t  f  s,  immi- 
nutum  vcTo  B  xquiponderante,  cuius  caU 
culus  extat  initio  corollarii  primi  vndcci- 
ma£:fi  ex  ifto  aequiponderante  deducatur 
fpatium  S  aequipondcrans  cuneis  laterali- 
busy  fh,tfscuiusepirogifmus  eft  indc- 
cima  quinta  ,  rcrtnqtietiir  «quiponderan^ 
faftigiatx  figurar  b  y  f  c  bis  fumptae,  illudq; 
erit  paralleiepipedum  A,  cuius  calculus 
cft  in  dccimae  quartaehuiu^  partc  aherat 
auAum  quidem  fex  vigefimis  triu  b  u  f  y, 
c  u  f  t ,'  y  f  h ,  &  trigtnu  vigefimis  trium 


B. 
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h  a  f />c  u  f c>  t  f  s  j  imminutum  vero  paral- 
lelepipedo  B»cuius  calcul^extat  initio  co- 
rollahi  primi  vodecimx^  9c  parallelepipe* 
dis  duobttS  S  quorum  calculus  eft  in  deci« 
maquinta.  Iftud^quipondcrans  itacoUc- 
£btm  vocetur  frimHmfdJH^Uii  £fuif$nk^ 

Ad  fpatium  arquiponderans  (ecundam 
inueftigandum  tranfeo.  Quoniam  b  x  cft 
quinta  pars  femidiametri ,  (i  libra  fufpcno 
datur  ex  pundo  x  ^  perpendiculo  x  r,  bra- 
chio  zquante  fcmidiametrum ,  cognintm 
crit  (qttiponderansC(itaenim  appelletar) 
portioni  ctfu  exteiiori  &(l:igiati  foUdi 
b  y  f  t  c  »  cum  eius  epilogifmus  extet  in 
prima  parte  decimae  quartac  propo&tionis: 
ergOyVt  paulo  fupcrius  di£%um  fuit,  fi  per* 
pendiculuo} X  r  mutetur  in  e  p»&Iibrx  fuf- 
pen(io  exx  transferatur  in  e  ,  asquiponde- 
rans  pro  ifta  fecunda  fufocnfione  erit  illud 
ipfum  quod  in  priml  v^u^liim  tamen*fex 
vigefimis  portionis  extcrnxc  t  f  u. 

Rutfus  quoniam^ficut  antea  oftcndimus, 
quod  zquiponderat  portioni  u  0  ^  b  fecun- 
di  bc  ^  cunei  noti  libra  cx  n  fufpensa  y  x- 
quip5derat  quoq;libraex  c  fufpensa,cunci 
illi  coniugati  c  h  s  portioni  b  y  f  u,qux  etia 
eft  portio  intcrna  folidi  faftigiati  b  y  f  r  c; 
cum  illud  putatum  fit  fub  fincni  prim^ 
partis  in  propofitione  decima  quinta,  notu 
quoque  &  putatum  erit  atquipondrrans 
portioni  b  y  f  u  intcrnx  faftigiati  b  y  f  t  c, 
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libra  cx  c  fufpcasa  \  crgb  fi  fufpcnfio  cx  c 
transferaturin  c,  portioni  intcrnaebyfu 
fafiigiati  b  y  f  c  c  squipondcrabunt  trigin- 
ta  vigcfimst^vcl  tres  fcmiflcs  portionis  in« 
tcrn;  b  y  f  u  imminutae  parallelcpipcdoD^ 
ita  cnim  voccciir  id  cuius  cpilogifmus 
cxtatfubfincmprimaeparus  dcmonftratae 
indecima  quinta. 

Quoniam  crgo  faftigiatum  folidumbyftc 
conftdt  duabus  b  y  f  u,c  t  fu  partibus  >  ae« 
quiponderans  toti  faftigiato  bis  vt  iaccc 
fumpto  aequipondcrabit  quoque  portioni 
internxy  bufbis  vtiacctpofitass  &  por- 
tioni  cxternx  ctf  ubis  item  vt  iacct  fum- 
fix :  fed  iam  putauimus  xquiponderans 
vtriqueportioni  intcrnx  &  cxtcrnae :  crgo 
libracxc  fufpensa^  perpcndiculo  cp,  bra* 
chio  aequantc  fcmidiametrum  ,  faftigiato 
by  f t  c  bis  fumpto  aequipondcratduplum 
paralklcpipcdi  C  putati  in  prima  partc 
decimx  quartas ,  au^um  duodccim  vigefi* 
mis  portionis  externae  c  t  f  u ,  &  fcxaginta 
vigefimis  portionis  intcmx  b  y  f  u,immi- 
nutum  vcrd  duplo  parallelepipcdi  D,cuius 
cpilogifmus  habctur  fub  fincm  primas  par- 
tis  dcmonftratz  in  propofitionc  decima 
n^mXz.lfiudyoco  fecundum  fApguti  ^qui-' 
ponderans^ 

Quoniam  igirar  ;qualta  funt  primum  & 
(ccundum  faftigiati  aequiponderao$)fi  ad 
ytromquc  addaatur  B,  D,  S  A  ^b  vtroque 
fubdttcantur  internx  portronis  bufy  tri- 
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giatafex  vigefim^t  &  extcrnae  c  u  f  t  por< 
tionii  dttodcciin  vigefitnar,  conficictur  vl« 
tima  zqualitas  qu^iita  intcr  duas  magoitu* 
dines  quarum    . 

Prima  componitiir  ex  parallelepipc^ 
do  A,cxduplo  parallclcpipcdi  D  s  cx  tet 
quinus  ( idcfl  vigmti  quatuor  vigcfinijs ) 
cxtcrna?  c  u  f  t,cx  tribus  fcmifllibus  ( id  eft 
triginta  vigefimis)extcrni  collatcralis  tf  s, 
&  cx  fcx  vigefimis  fiuc  tribus  dccimis  ia* 
tcrni  coilatcralis  y  f  h, 
Sccunda  componitur  cx  duplo  parallcle* 
pipedi  C^ex parailclcpipcdis  hyS^&  cxfcx 
quiotis  internae  portionis  b  u  f y :  crgo  iQ« 
ucntacftxqualitas  propofita. 

SM,^  quantum  conducdtdd  tettdgonifmum 
iirculi  nonmulto  foft  fdtcbit.  iluodyero  dixi 
ex  noni  lilri  ficundi  apertum  ejfc^oftendifo^ 
teft  in  hunc  moditmyne  alicuius  erroris  hkcU* 
tehrafuteturAi  lihrafujfensaex  CyferfendicU" 
lo  c  s^hracKum  fimidiametro  £fuale  mutetur 
in  hrachium  aquale  refld  c e  j  ^juifonderans 
ifii  hracbio  reffondens  eritad  aliud  aquifonde* 
rans  >/  eft  reSla  h  cadec ,  hoc  eftyt  hin^rius 
ad  ternariumycx  oilaua  ficundiift  ergo  hrachio 
^ftante  reflam  c  e,  fuffenfto  ex  c  transferatuf 
in  CyO  hrachium  ohuertatur  ad  fartes  aydjui* 
fonderans  y  ex  nona  ficundi  y  ent  iffafortio 
c  h  ys  imminuta  difuiponderante  fuod  hra-^ 
chium  longiusfthi  yindicauit  Ithra  ex  €  fuf 
ftnsa  :  ergoji  hrachium  mutetur  in  fenndia^ 
metrum,dfuifonderans  i^i  hrachi^  rejfondens 
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trlt  ex  oifa»dfecund$4ddHnd,yt  efictadbt 
yd  Ift  ternmus  dd  tindrium-y  ergo  djuif^n'- 
derdns  reffendens  fuf^njioni  ex  e ,  iradi^  €• 
fuantefemididmetrun»,  efi  tresfemiffesfufpen^ 
ehy  s  deduffo dfuifonderdute  quod  lilfafnf 
fensa  ex  c  comfetit  brachio  dfuanti  femidtar 
mettum. 

PROPOSITIO    XVL 

Inucnire  &  calculo  coUigerc 
aequalicatem  inter  duo  quxdam 
{patia  plana  proxime  conduccn- 
tcm  ad  circuli  quadraturam. 
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Rctcnto  codcm  (liagrammate,cxdiamctrd 
a  c  abfcindatur  n 'sr  xqualis  femidiainctro 
btr^&per^  agatur^^  aequidiftans  rcAx 
n  q,&  occurcens  re£taen  i  in  0.  IntcUigarur 
pcr  jS  duci  planum  ^quidiftans  plano  1  c  nl» 
cuius  c^mcylindraccafupcrficie  commu- 
nis  fcftio  (m  bafis  cylindracei  oppolita  bafi 
1  c  m.  Si  crgo  Iibrx  brachium  ponatur  as  - 
quale  xtfXx  n*^,  8c  cius  fufpenfio  fiatcx  n, 
pcrpendiculo  n  o>f  quipondcrans  cylindra- 
cco  altitudinis^  fi  Sc  bafcosintcr  condiAa 
hb  I/ u  fiintcrceptx  9  hoc  cft  bafcos  qux 
portioni  intCTnx  b  u  f y  compctit,  crit  per 
coroUarium  quintum  dccimz  tcrtixzqua- 
le  portioni  by  I  u  cunci  coniugati  i  n  o:  & 
(i  cidcm  portioni  intcrnx  b  y  f  u  fiat  xqua* 
lc  parallelrpipcdum  G  £  cuius    altitudo 
F  E  ^quct  reCtam  ^  ^,ba(is  G  F  crit  cx  co- 
dem  corollario  a^quaiis  (patio  quod  libra 
ex  nfufpensa>iifdem  pofitisj  xquiponderat 
bafi  porrionis  fafligiati  internx,  quam  1>a« 
fim  per  fola  u  b  partem  diametri  illi  com- 
petcntedefignOyVt  minus  crcbrx  incurrant 
lincx,  magifque  perfpicua  cuadait  figora; 
quod  in  aliis  ctiam  bafibus   defignandis 
prxftabo^quade  re  volui  monitum  LcAo* 
rem  noftruir.  Scx  igiturquintx  parallcle* 
pipedi  G  £  rctinentes  eandcm  alritudinem 
FEhabcbunt  bafim  a^qualem  fcxquintis 
partibus  fpatii,quod  bafi  internx  u  b^qui- 
pondcrat  iifdem  mahentibus. 

Similitcrexeadem  diametroa  c  auferri 

intelli- 
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intcllige  0  <r  femidiamctro  zqualen;i)  &  per 
J^agi  /4  xquidiftantcm  rcAx  n  q »  &  con« 
uenicnufn  cum  rc£ta  o  f  in4«  Quoniam 
trianguli  n  f 0  bafis  n  o  bifariam  fccatur  ^ 
perpcndicularif tt  cxangulo  f  ad  ipfam de- 
mifsa^crut  triagula  n  u  f^u  o  f  aequilaterd>& 
sequianguU  \  crgo  anguli  ad  n  &  o  funt  a^- 
qualcs ;  crgo  rc^ae  t  jS ,  eT  4  funt  xqualcs ; 
crgo  planuni  per  jS  parallclum  ba(i  1  c  m 
tranfit  pcr  4*Sicut  igitur  in  cunco  intcrnOy 
i.ta  in  externo  n  o  d  oftcnditur , .  libra  cx  o 
fufpensa,pcrpendiculo  oi,  brachio  aequan-; 
te  fcmidiametrum,zquipondcrans  bafi  u  c 
portipnisFaftigiati  cxtern;  ctf  u  e(Ic  ^quale 

EaraUelcpipefdi  L  H  bafi  L  I :  ipfum  aute 
.  H  ponp  eflfc  zqualc  portioni  cxtcrnae 
c  u  f  1 9  &  eiusaltitudincm  1 H  cfle  a^qua- 
lem  altitudini  <r4  vcl  tjS.Scx  igitur  quinta^ 
parallelepipedi  L  H  con(cruantcs  candcm 
altitudmcm  I  H  habebunt  baiim  arqualcm 
fexquintis  partibus  fpatij  quod  ba(i  exter- 
nae  u  c  asquipondcrat  libr^  ex  o  fufpensai^ 
reliquis  manentibus. 

P^xtcrcarcfta  u  k  produAa  ocurrat  rc£lis 
nq,  epin;g,p;  quoniamtriangulf  u  nx 
ba(i  n^  aequidiftat  b  k ,  ficut  u  n  ad  b  u  ,  ita 
eft  n  ;(^ ad  b  il::  eft etgo  n  ^  ^d  b  k  vt  terna- 
rius  ad  binarium.Rurfus  quoniam  trianguU 
c  n  s  latcti  c,  s  aequidiftant  b  y ,  u  f,  trcs  rc« 
£kae  cs>  u  i^  y  erunt  proportionalcs  tribiis 
n  c ,  nu  }  n  b ;  crgo  tres  rcAae  c  s, u  f ,  b  y 
funtvt  qumariuS|tcrnarius  vnitas:  ergo  by 
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cft  quinta  pars  rcitx  c  s  vel  b  h  ;  er  go  cui 
bh  hue  €  s  (it  ad  u  f  vt  dccem  ad  fex  y  y  h 
(luc  b  k  crit  ad  u  f vt  olio  ad  fex  :  qaia  vc- 
ro  b  Kcfiadnx  vt  binarius  ad  ternariuiD^ 
fiuc  vt  oAoadduodccim»  eritn;^adufvt 
duodecimad  fex  ^  eft  ergo  n  x  dupla  rcftx 
u  f:  ergo  cum  triangula  n  u  f»  n  'sv  /B  finr  inm 
uiccm  fimilia  ^  (intque  item  inuiccm  fimiha 
u  n  ;( I II  c  p,  Sc  latcra  u  e»  n  9- (int  acqualia» 
crit  e  p  dupla  rcaxT^:  eadem  Vero  de  caa- 
sa  a  per  c  agatur  c  tt  arquidiftans  re£tx  u  p  9 
&  occurres  ndx  a  d  in  «^ ,  c^i  in  d  occorrat 
c  ^y  re£la  a  «  crit  dupla  rcftac  a  d. 

Quoniam  crgo jreAa  u  n  xquat  femidia* 
mctrum»(i  per  p  ducatur  planum  bafi  1  c  m 
parallclujcyhndracco  cui^  baHs  (it  b  u  ahi« 
tudo  p  c,xquip6dcrar,libra  (ufjiensa  ex  Uf 
pcrpediculo  uf^brachio  (quSce  femidiafflc^ 
truyfpatiii  xquale  parti  bt^ikcunei  n  ux»&fi 
illud  fpatium  (it  paraUeicpipedom  M  O 
cuiusahlcudo  N O  xquet  rcdamp  c,baGs 
G  F »  erit  vt  pater  ex  iam  demonfhatis, 
fpatium  quod  hbjtaj^x  c  fufpensa ,  rcKquis 
iifdcm  pofitis  xquipondcratba(ibu,colla- 
fcralis  &  intcrni  cuncib  u  k:  fex  igitur  vi- 
gcfimx  cunei  intcfni  collateralis  (iue  pa- 
raltelepipedi  M  O  retincntes  eandem  alti« 
tudinem  N  O  habcbunt  ba(im.  xqualem 
,  fcx  yige(imis  partibus  fpatii ,  quod  bafi  u  b 
.interni  collateralis  xquipondcrat  iifdem 
manentibus,libra  fcilicet  fufpesa  cx  u,&c. 
Qudd  fi  parallclepipcdum  cuius  ahitudo 
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NO  vcl  p  c>bafis  iit  fcx  mcmoratx  uigcfi. 
tax  mutctar  in  aliud  zquale  cuius  altitudo 
(it  T  /8  qux  cft ,  vt  oftcndimus  ^  dimidium 
altitudinis  p  c  ^  bafis  mutabitur  reciproca  34.  y„^ 
tionis  Ugc  in  duodccim  vigcfimas  fpatii  dcc. 
qubdbafii  u  b,iifdcm  mancntibus^zquipon-  ^"^* 
dcrar. 

£odcm  prorfus.paAo  oftcndctur  fi  colla^ 
terali  cxtcrno  fccundo  cuz  fiat  a^qualc 
paralUlcpipcdum  P  R  cuius  altitudo  QJK, 
xquetaltitudincm  c  p;  bafi  u  cextcrn^^  li'- 
bra  ex  u  fufpensa ,  pofitifquereliqUis  qux 
proxime  fuperiiiS)  arquiponderare  fpatium 
aequaie  bafi  P  Q^:  ft  triginta  vigcfimas  tur 
nei  externi  collateralis  fiue  parallclcpipedi 
P  R  minentcs  eandcm  altitudincm  O  R 
habcre  bafim  atqualem  triginta  vigefimis 
partibu»^p«tii  qi^od  bafi  uc  extcroi  colla* 
teralis  atquiponderat :  &  dentqUe  fi  paral- 
lclepipedum  cuius  altitudo  <^R  yel  p  e , 
bafis  fit  trigima  vigcfiroar  mcmoratiar  mu- 
tetur  in  aliud  arqnale  cuins  altitudo  fit  ^  $^ 
bafis  mutabitur  in  fcxaginta  vigefiaias  fpa- 
tii  quod  bafiu  c  iifdcm  manentibus  arqui^ 
ponderat. 

Rtirftts  quoniam  u  p  $  produAa  oecntrit  ^ 
xtCtx  c  #  in  » ;  cum  tateri  c  »  trianguli  e  n  c 
(quidiftet  u  p,vt  e  u  ad  e  c^ita  erit  e  p  ade  if, 
hoc  efi  vt  btnarittsad  ternarium:  eademque 
dc  catfsa  cum  in  triangulo  ca «»  lateri  a  # 
arquidf  ftet  e  h,  vt  e  c  ad  a  c,  hec  eft ,  vt  ter« 
narins  ad  quatertiarium  ita  crit  e  n  ad  a  «» : 
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crgocsc  ^quo  vt  c  u  ad  a  c  ^  hoc  eft  vc  vni« 
tas ad  biDartum^itac p  ada «;  fcditactjam 
oftendim^s cfTc  ttAam  a  d ad  a  «i.crgo  rc^lx 
ad«c  p  .fuiii  xqualcs..  ^  ^  . 

Pr2|^tcr.CfiiquoQiap  parallclepipcda  A,B| 
CyD,  alutudinem aequalcm  rcfiaeadha- 
bent)  ipfaveroad,  vt  pote a^quahs ccAas 
e  p,c(|  i£upla  altitudinis  ^  iS :  fi  p^allelcpi- 
pcda  A«  B^C>D>  mutientAirin.xquiuaUotia 
quopum«^hiiudo  fio^J^ ,  i>afis  crit  dupla  ba- 
fcos  ipfQWQijAo  B,Ci{>>   . 

Item  qiitoram  pfu^allelepipefia  Shabcnt 
:)Uitudinein  a&qualemjrci6|ae*a  m ,  ipfn  vero 
a  0»  cfl  qi^^df  upla  re^lv^  A;fi  parallclcpipc- 
da  S.mtf!tc0tuir  iaaequf^luaknria^quorumal- 
ticudio.ftt.xJS^hafis  chtquadrupla  bafiposip- 
foruii>,Sft     ) ,      .         .  t  \       '..  isci  ? 

.QjipnUin/^^  sgttur..p4raUclcpip0la?  quae 
intcr  fc^Uj)t  ;aequalivi  -,  Hk.  tjU^tn  altttudine 
fint  pr^t^^  habent  bafcs^iotcr  fc  asquaies, 
cx  tr]g«(iifia  Yndecimt^kbn  Euclidiscon- 
uersa  ijpijidC^^ttiuinpQpinppntae  autemma- 
gnit^44M$X^i^3e ,  qua^  arqualcs  c{{c;a(ien- 

dimusjQpraiqcdemi ,.rcd]^Aae  Cunt in pro- 
pofitlone  praefcnti  ad  candem  ahitndmem 
fT^;,c«gfhe2Hnttl^^bafc$  Xunttauiccm^^qua-' 
l^i^SR  >f>tientae  (unr  <i«aTplanae  magntttt- 
dia0.iliyi^cm  ae:qualt« ,.jg|iwtun, 

Prim9'f:<>.mponiturprifn<9rtK  dttploi^afis . 
paraUqtepipfidi  A  5*  fecAi^b  ex  <|uad«ipJo 
bafis  paraM;cJcpipedi  T^^  ter  |io  cx  fex  quin- 
tis  9  vcl  vigiati  quatii^r  vJgcfimi^  fp/pi. 


Eimcniofum  LiherV.    fSi^ 

quod  cattcrnx  bafi  oc  aequiponderarc  /libra 
cxofufpcnsa  »  perpcndiculoo  i,  brachi'0 
acquantc rcinidiamctrutn ;  quarto cx {cx*fc - 
miCCibas,  vcl  (cxaginta  vigefimis  fpatii 
quod  externaecidcni.bafi  uc  xcpiipondc'- 
rat  librarufpcnsacxu,  pcrpendiculo  uf, 
brachioquc  codem  \  quinto  cx tnbosquin- 
tis,vcl  daodccim  vigclimis  fpatii  quod  in- 
tcrnf  baii  b  u  aequipondcrat  libra  fufpcnsa 
ex  u  )  rcliquifquc,  vt  iam  diximus,pd(itts. 
U^c  mdgnituio  "^octtur  frimus  terminns  ^e* 
quditdtis  notd. 

Secunda  compQnitur  primo  ex  quadru- 
plo  ba(is  parallclcpipedi  C-^fccundo  ex  du- 
plobafisparallelcpipcdi  B  ;  tertiocxqua* 
druplo  baiium  parallclcpipcdorum  Sjquar- 
toex  fex  quintis ,  vcl  viginti  quatuor  vi* 
grfimls  9  fpatii  quod  intcrnac  ba(i b  u  ^qui- 
ponderat  libra  fufpcnsa  cx  n,  perpendiculo 
n  q,brachioquc  fcmidiametrum  ^quante. 
Hac  mAgnitudo  dppelletur  Jicundus  ttrminus 
d^ualitdtis  not^e. 

SCHOLIVM. 

Traff^ntem  dnuAtionem  diu  exiJHmdui  not$ 
folum^eram  ejfe  (  ijtud  enim  ddhuc  perfud-m 
fum  hdheo  )  fed  etidmreduci  dd  terminosduos 
quorum  ynusforet  fpdtium  reiHlineum  notum^ 
dlter  fegmentum  circuli  ddtum  ;  re  tdmen  per 
numeros  diligentius  exdmendtd  comperi 
Iftrt^mj^ue  terminumpojl  fufjicientem  proftbd^ 


\ 


(Jl  4         Tetrdgonlfmimum 

fbdretUdm  (ytfoleiin  ^lphra)cdftig4Uo/fem 
teuocdri  dd  furum  ffdiium  reflilineum  ;   dc 
froinie niciumitdinueutdm  ifc  d  nohis^ud^ 
drdturdmcirculif  ytnihil  dmflius  defidtretur^ 
0«  infuirendum  refiet.  Nobis  tdm  duio  tdm([ue 
molefio  itinere  fdtijrdtis  nuncfdtis  efto  mVxi 
infronte  Oferisfromietij  fuod  cumuldte  ddiu^ 
Udute  j)eo    non  frdfiiterimus.     ffuiusliiri 
ffuinti  initio fperdui fore  >/  dffejuerer  fugttn" 
tem  tetrdgonifmum  \ft  tdmen  eum  comfrehtn" 
dere  e^  retinere  non  ydluiddhuc ,  nihil  duhito 
fuin  dlifUdmnec  frorjus  contemnend^mtxeius 
dffrehensd  yefie  Ucinidm  in  mdnibus  meis  re- 
mdufijfe  iudicetur  dh  dfuo  o^beneuolo  Lefiare^ 
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APPEND  IX 

A  D  PROLEGOMENA. 

AT  EftfloU  dd  s^g  m  chri^ 
ftUnifsimum  Ifocim  Grjtd 
yfHrpdui  ootifsimdm  Geo^ 
metris  induorum  fiue  fU* 
uorumfiue  folidorumdjUd' 

Utdtedemonftrdndd.  Eucli'» 

des  Ithrijexii  ffofofit.  14.  &'is.A^Udlium  O^  ' 
^^uidngulorum  fdrdlleUgrdmmorum€2^tr\dn^ 
guUrum  dit  reciprocari  latcra  ,  ivii^^nriy^tfjn 
dt whsuftu : litro  ^T^.frof.^j^^  i£qualiuui foli- 
dorum  parallelepipedoriiin  bafes  &  ahitu- 
nes  tcciprocantur ,  ivltnrvirQv^durt  ii  ^ut 
raXc  v\t<n  5  ^d  eddem  ^erhd  yjurpdt  lih.  12. 
frop.  9.  iEqualiuiB  pyramiduni  &  triangu» 
lares  bafcs  habentium  reciprocantur  bafes 
&alti(udints:  e^^^ro^.  15.  i£qualium  co- 
norum  8Ccyhndrorumreciprocantur  baf(6s 
&altitudines.  .Archimedes  lihi  frimi JE^iui* 
ponderdntifim  frsfof  6.  dlids  4.  ta  ^if/x//g7f« 
yiMyi^iA  lo-offoTimli  im  (JtMLi^tv  dvli^^i^jrov^oletf 
rSvdvlhv  Koyov  i^ovlavrolc ^dino-t  quorum^es^ 
fio  dntiquior  itd  hdbet  magnitudmes  quae  fue- 
nnt  in  grauitate  commcnfurabiles  >  a^qu^ 
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ponderabuntf  (i  jn  diftantiis  qux  fecundum 
graoicatum  propbrtionem  fucrint  conftitu- 
tx  j  pcrmutatim  fufpcndantur.  Ex  ^uilus 
i^ud  li^uet  duos  terr^inos  ivltTrtia^m  fUMJtf- 
ium  dd  dtfUA  nihil  ejfe  dliud  quam  ^uinto 
frimus  fecundumlftncit  in  Ifno  \  tdttto  yincixn 
dlio  d  fecundo  iuxtd  frofortionem  geometft» 
€dm;'exiUayero  qudfi  dncfiti  yiBoria  de- 
monfiratur  djudtitds  fugndntium  s  ifitun^ue 
fugn£  ddmirdndus  efeffus  inlihrd  fuffenfme 
mdnifefiius  qudm  in  dlio  yllo  dffdret  iffm 
etidmiudicio  fensus,  ^yintiqui  vhilofofh  jui 
nullinon  Mdthemdtici  erdnt  ^  cum  in' Etiicis 
Jfifiiiid  ndturdm  inuefiigdrent  Ifocem  ifidm  ex 
Mdthemdticorum  difiiftina  eo  trdnfiuterunt 
Ift  liquetex  ^rifiotetel.  j.  mordl.  e.  5.  >ii 
fidiuit  etidmln  commerciisC^  rerumfermu- 
idtionilfus  interuenire  dehere  J^ijcMQV  ro  dvlirt" 
'jrov^of  Kctl'  dvttKoyUv :  tunc  enim  folum  fdBio 
tomercdntiUefi  djud,fUdndo  tdntuyn^eortifihi 
dc^uirityjudntum  iuxtd  dUdlogid  e>-  propor- 
tionis geometricd  leges  dmittit  commutdnio. 
Ex  his  yero  ftdnumfit  cur  nutld  Jdtind^oce 
fdtis  exfrimi  itttus  grdcd  fignificdtum  dixerim: 
tSLlioncm  atijui  yertunt  ^  fed  nimis  dngufia 
notione;  dlii  in  Schola  fignificanter  nutdem 
fedmittus  latine  cocitrapafrum  5  ynde  S.  Tto- 
mas  i.2.^.6i.  4.  4.  ^udftionem  infiituit  quam 
€^  reBe  fuo  more  folmty  vtrum  iufium  fit 
(Implicitcridcm  quod  contrapaflum.  Forro 
juidfit  lihta  u  materie  diuuljay  ^uam  €>*  */^r- 
ihimedeam  affetldui  fuod  ifje  cdm  lihris  duo* 
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lui  feorfnm  irdffd/tty  C^  dd  ^UddrdnJdm  fd-' 
rdhoUrn  Adhihuerit  y  expUno  in  ifiis ,  frolego' 
menis%,7.fdg.6o. 

Pag.^jtd  reJHtue  initiurn  mdle  emenddfHm. 
ignoto  quxruur,  Ariltotclcs  affignat  ei  w 
4«/jft,vt4»jj»j»i>,ccntaurus{it. 
Hcc  porfo  quxftio  ita  acuo  illius  contro- 
ucrfacxtitit,Ytin  Categoriis  affcnfuin  fuf- 
pcndat :  poftc[uani  cnjmaffirniauit  fublato 
i-Tt^nl^,  hoc  cft  (  vt  vulgo  loquimur  in 
^chola  )  j^i^iii) firoultolh  fcicntiaii),  quia 
nifi  (it  iobilc  non  cft  fcicntia  &c. 

Td^,  \\jnitiumfdriteritd  l  ge.  quapofita 
id  oUcnditur  pcraftutn  quod  propofitum 
fucrat ,  vndc  fub  fincm  problematum  clau- 
fulafolcnnis  additur  ^uod  fdciendum  erdt 
oTTifiHi  ToiHo-eUi  "Vf/oWgp  'jrfoiKiilo  iVfuv  :  fub 
finf  m  Vcro  theorematu  ,  juod  erat  drmon^ 
Jlrdndum^  t^jrtf  gcTg/  J^ii^eu^yefS^ihultu  apAjA 

c7/>oTg9e;^7*,aut  fimilialia  vcrborum  forma, 
Tdj^.  21.  locum  Butocii  in  quo  Jftdorum  md" 
g^firum  fuum  Mcchanicu  appelLt  ^  reddidi 
cognomcnto  Mcchanicum  :  ft  ^uis  yoccm 
illam  cognomcnto  dtletam  '\eltty'\el  trdlit 
itd  yettere  qui  Mcchanicam  profiicbatur, 
fer  melicet. 

Tag.^j.itd  legeJnWus  Pacius  rcftrt  Bryfo- 
ncmita  quadraftc  circulum  ,  vt  volucrit 
cumcflc  ^qualcmquadratomcdio. 

Pdg.ji.  Ecliffeos foUris epilogifmus  quiJcoe 
loco  dpponitur  y  dnte  annos  ftrme  duodecim  k 
me  initns  fuit\non puto  juidcm  mendofnmefe. 
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fi  fuid  tdmen  tn  e^  feiCdinm  fuerit ,     ign^fitf 
^ulffuis  nbuerit  fuiifit  numer9ttrARdre.  Vtr 
hypfimd  yoluijfe  Tertullidnum  fi^nificdre  me" 
rididnumcdrdinem  interfretdtus  fum  ,  fuod 
frdfentis  delijuiidimidiummor^  cdddtin  ifsS 
meridiem ,  nec  yiderem  ^uid  dliud  frohdJn\\Xff 
dicifojfct  yeniffttunc  in  fnenterm  ifiius  ^uto^ 
ris  eiujmodi  Ifocem  yJStrfdntis :  ndm fignificd" 
tio  ilUm  ^udm  v-^i/Ji  ftoUmdus  in^f^te^ 
lefmdtum  Ithris  dfsigndt^nulUtenus  congrture 
foli  ifluddeliquium  fdtienti  ferfficiehdm\  dUni 
yero  dliquot  dnti  yelfoft  dunis  nullu  fi  meo 
cdlcuUoffertbdt.Mef^lfcro  extfiimes  minusfd' 
su  ejfcyfolc  cum  infuo  hyffomdte  fuerit,fi  ifiuJt 
nomen  iuxtd  ftoUmdi  o^^ftroUgoru  luiicxi^ 
riorum  notionemjumdtur^  deficere  non  fojfe : 
yerifsimum  i^ttur  fimfer  erit  quod  boiUco 
Scriftori  ifti  offonimusjffum  hdc  in  refeecdfe 
nimid  credulitdte  ,  ciuf^ue  feccdti  occdfionem 
fuijfefiudii  mdthemdtici  neglellum. 

Hdcinfroltgomend  hdhui  dnnotdre\  dlid 
enim  errdtd  iffis  oculis  non  iAeruditis  fdciU 
cmenddntur  i  fud  quidemcrebriofd^tidm  infe-' 
fuentibus  libris  irrejfcrunt^  fuod  inexercitdtu 
Emenddtorem  ndftdfuerint. 

AD  PRIMVM  LIBRVM. 

pj  Ltmetd  infcriffifrAsetes  libros^quod  re  Ifefi^ 
^hdbednt  ndturdm  eUmentorum  d  nobis  in 
froUgomenon  fdginJt  i8,  trdJitam  ex  TrocU  : 
tetr^gonifmtcd  yero^ijuvd  dd  (fUddrdturdm  om* 
nium  figurdrurn  refHltnedfHm^curuiitnedrum, 
fUndrumo^foUddrHm  frdbcdBt  dditum. 
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In  tetiid  profofitionts  fchemdtetisferincurii 
adfcriptd  efi  literd  y ,  fed  hoc  nulUm  generdt 
confujionem  >/  tdntillum  dttendenti  pdtetit. 
Cdterum  in  nonnuUis  huius  operis  did^rdmmd'- 
mdtrs  dud  literd  ynic^eidempunSo  ddiunffd 
funt^y  dliifUindo  quidem  >/  inde  intelligdt  Xe- 
Sior,pofe  illd  punSdfihi  non  congruere^  C>  effe^ 
dfe  inuicem  difsitd  :  dliqUdndo  yero  fuid  cum 
Typogrdphus  errdffetin  dppelUndis  Uterisytxi^ 
ftimduimus  iftdm  mendi  cdfiigdtionem  minm 
legentifare  moleftdm. 

Tertid  propofitio  nonf&lum  ^nd  eft  infeiiio^ 

nilfus  conicis y  fedfineVUo  erdndi  pericuU  po- 

teftfumipro  principio  per  fe  noto  in  quihuslilfet 

dliis  lineis.  Certe  nos  in  ^udttilihriyndecimi 

edndempropofitionem  ddfolidd  trdduBdm  inter 

principid  retulinusy  nec  putoiUjefe  ^i^icqudm 

in  yniuersd  Geometrid  certius  i  ytilitdtes  yero 

O  demonftrddorum  compendid  td^dhet  ^  qud 

yix  credi  pofint.    Eius,  ope  noipducis  pr^pofi- 

tionibus  in  iUo  eodemlihro  qudrhy  dtjmmftrd^ 

uimus  proportiones,c^  feSiones  fphdrd ,  fphd" 

toideonyO^  conoideon  '^propter  ^ud  duo  ^rcbi" 

medestotoslibros  deSphdr^  c^  cylindro  y   de 

conoidihus  &» fphdroidihusfcripfit  s  ne^ue  tdn- 

tum  iUd  duo pduciorihus  perdgimusyfed  iis  etiS 

rerum  noudrum  incredihilem  dccefsionem  fdci^ 

mus\  >/  yerehdfis  totius  huius  operis  poftuUtu 

eiufmodidiei  dehedt :  fdcUe  dutem  ,  ytijpero, 

illi  dc^uiefces  Ji  ^ud  dd  eius  confirmdtionem 

addmcoyyelfi  etidmipfum  per  fe folum dccu* 

rdte  feapenderis^ 


A 
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AD  SECVNDVM  LIBRVM. 

T  AT  ifi9  libfOy  ^ui  ijuo  bteuior  ep  idrior  mihi  efy 
*  librd  frofrieUtes  trddo  etidm  eds  quds  nefm 
dn  yllus  S^nteriorum fcriftis  Uhris  confignd* 
tit\ddhuiusyero  trdBatus  cumulum  ddiun^i 
Jetet  frimd  libri  quinti  frofofitio ,  O*  ScUXv^ 
decimd  fextd  ifuinti:  Item  jud  de  libri  flamt 
{itdenim  ilUm  dnti  incognitd  dffelUuimus  ) 
txfofuimus  in  tribus  ultimis  libri juArtij 
^  injecunda  dtefUe  tertia  ^uinti,  Torro  ao- 
ffrina  huius  libelli  noH  ddfoU  refHHnedy'  yd 
turuilined  exfBionibus  conicis  genitd  ferti^ 
net^fed  ad  omnid  tdm  reflillned  quam  curuili" 
ned  cuiufcumque  rdtionis  etidmfoiidd/umnon 
nitdtur  niji  fexta  frimi ,  e>yndecimi  juirti^ 
quds  yniuerfim  yeras  ejfe  iam  dtximus» 

In  frofofitionetertiifag.  114.  diuifioncra 
rationis  affelUui  q^ud  conueriio  rationis  di^ 
cenda  fuit :  ^ua  menda  ne  dlibv  occurrat  ttmeot 
fed  hoc  leuis  momenti  iudicabit  benignus  Lc" 
(ior. 

AD  TERTIVM   LIBRVM. 

T^f^ofofitione  decimdfeftima  fag.z^z.adiella 
■*:  efi  literaimendoseinillisyerbii:  quia  pcr 
trigcfimam  fccundam  primi  conicornm 
occqrrct  t  feflioni  in  alio  punfto :  legi  >rro 
ita  debet  is  Ucus  quia  pcr  32.  primi  conico- 
rumoccurrct  fcfiiioQi  in  alio  pnnfto. 

SxcorolUrio  quarto  decimd  nond  hdbes  jff^- 
draturamhomcsoffhdrtci  cuius  bfis  fit  ^ua- 
dratum  defcriftum  circa  hennfphdrii  bdftm\(ttm 
dutem  eiufmodi  homosofphjirici  ^uadrdns  fU" 
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n^per  dUmetrnm  ^UddrAforum  de  ^uil^usagjt 
yi^ejims  Jicunds  duElo  diuiddtur  in  duos 
cuneos  primos  notosmdnifefiu  eft  cuneu  primi 
notum  quem  ftr  lihram  quddrdmu  s  in  yigejimi 
^uintd^quddrdri  etidm  dl^fque  ilU  per  foU  hu-m 
ius  iihriprinapid  :  ^nod  de  pdrdhoUcoide  juo-^ 
fue  intelligi  detet. 

AD  qVARTVM  LIBRVM. 

Vuodecim^  propofttionis  Scholium  inteUigi 
dthetiuxtd  refirilHonem  in  Scboliol^igejimd 
Jiptimd  sdhihitdm  pdg.  473. 

^d  in  corolldrio  tertio  propojitionis  '^igcfi'^ 
mdtertid€^  in  Scholio  idm  citdtdyigefimd 
Jiptimd  dd  hypeplolici  xyftroidis  (  pdrdbolicum 
fro  hyperbolico  pdg.  j^^i.yttiose  legitur^cdlcu* 
lum  dttinentyCd  emenddri  dibent  iuxtd  demon" 
ffrdtionemO'  epilogifmum  Scholiificundi  pro* 
fofitionis  tertid  libri  ^uinti. 

AD  qyiNT VM  LIBRVM. 

IN  contextupropofitionis  decimd  ^Udrtd  pdg, 
$87.  pro  cxieo  aufcrant  tricntcm  circuli 
/^^r  cx  co  aufcrant  tricntcm  pcriphcria 
drculi^  ,  - 

Pdg,^^^%  fi$b  medium  reftitue in  hunc  mo» 
dnmi  Rurfos  qufa  vt  4o».aVl  tf  .ita  cft  qua  - 
cLrans  fiue  quadragintacemcfiiDse  fcxagclir 
mx:  ad  fcx centcfimas fcxageiiniaSjparisiN 
lclepipedimr  cuius  altitudio-  (it  rcAa  dii, 
&  ka(u  reftftngfilum  cuitts^.latera  duoifiin:; 
f^mijatiiS-diAi  iBfcripti>'&diafnttri  a  c  fex 
centcfii^2l:feMagc(imac..^'^quale  cft^&c»  . 
■j  Jn  detimd  fuintd  fUd  tstd:defrdUdtd  eft^  hdc 
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tmenddpdg.i^^,  dntt  5.  prztcrca  itaUge ,  & 
balis  fpatium  quodcx  a  a^guiponderat  ba* 
(i  cylindracci. 

fAg.^^yfrQxime  dnteS.  Rurrus  lege.rc* 
Aangulum  contcntum  fubfcmifle  dittzfc- 
midiametri  &  fub  apotomcnota» 

Tdgindm^^6.  C^  Jejuentemyfjue  dd  dU 
ferdm  frofojitlonis  fdrtem  hoc  fdSo  rr- 
fitue  bafis  ht  rc^tangulum  fub  diametri 
quadrantC),&  fubnota  apotomc  comprc- 
hcnfum»altitudo(it  trcsofiaux  partcs  xtfkx 
a  d ,  cui  paralldcpipcdo  propter  bafiom 
&  laterum  rcciprocationcm  zqualc  cft 
aliud  cuius  altitudo  fitad  ^  &  bafis  re« 
Aangulumfubnotaapotome,  &  fub  tribus 
trigcfimis  fccundis  diamctrt.  Quoniam 
vcio  (i  ad  apotomcn  notam  adticiator  di- 
(\nm  fcmilatus  conficiuntur  duo  rricntcs 
diamctri :  rcAangulum  fub  nota  apotomc 
&  fub  tribus  trigcfimis  fccundis  diamerri 
xquaK  cft  reftangulo  fub  tcibus  trigcfimis 
fccundis  diamctri  Sc  fub  ciufdcm  duobus 
trientibus(hoc  cA  quadranti  quadrati  quod 
potcft.  fcmidiametcr)  dcdudtb  rcAanguIo 
fub  tribus  trigefimis  fccundis  vcl  fcxfcxa* 
gefimis  quartis  diamctri  &  fub  tlido  fc«> 
milatcrc» 

Rurfus  quoniaro  cunci  noti  fccundi  a  c  d 
portioni  interctpts  condiAis-iq  c  ^y  f^z^w^ 
quod  in  ifto  cafu  xongruit  condi^iibl/ 
a?quipondcranf  libra  cz  n  fufpetifa  brachio' 
aequantc  fcmidiametrttm  eft  cx  vndecimac 
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corollari)  priini  epilogirmo  primo  parailc* 
Upipcducui^alcitudo  da>bafi$  (it  quadrans 
quadrati  b  c  j  cx  fcholio  vcro  ciurdcm 
stquiponderans  portioai  iaccnti  intcr  con« 
dida  p  i  r  ,  q  c  f  eft  atqualc  parcllcicpipcdo 
cuius  altitudo  a  d  &  bafis  rt£languluni  fub 
fcmilatctc  difto  &  fub  tribus  fcxagcfitnis 
quartis  fcmidiamctri  ^  fpatium  Dcritdif- 
fcrcDtia  ifiorum  zq^ipondcrantiumy  vidt*« 
licct  quadrans  quadrati  b  c  imminutus  rc« 
Aangulo  fub  fcmilatcrc  difto  &  fub  tribus 
fcxagelimis  quartis  diamctri. 

Quoniam  crgo  cx  praefcripto  duodcci* 
mx  pro  primo  cafu ,  vthabcaturzquipon* 
derans  cunci  medi) ,  dc  fpatio  D  dcduct 
dcbcnt  duo  fimul  A  &  B  »  cum  D  fit ,  vc 
oftendimus )  parallelcpipcdum  cuius  aiti« 
tudo  ad,  &  bafis  quadrans  quadrati  bc 
jmminutus  rcAangiiiofubfemilatcrctrian« 
guii  xquiiateri  infcripti  &  fub  tribusfcxa* 
gcfimis  quartis  diamctri:crgo  excefliis  quo 
iftud  rcfkangulum  fupcrat  duo  fimui  A  Sc 
B,parailcicpipedum  vidclicctcuius  altitu- 
do  a  d ,  ba(is  quadrans  quadrati  b  c  immi« 
nutus  rc£langulo  fub  fcmilaterc  di£);b  &  fub 
fcx  fcxagefimis  quartis  diamctri ,  eft  rc« 
Aangulum  fubfcmtlatercdiAo,  &  fub  trt« 
busfcxagefimisquartis  fcmidiamctri :  crgo 
dcfiniuimus  id  ,  quod  fuit  dcfinicnduiil 
primo  ioco* 

Tdgj  599.  proximtdnte  $•  quonia ,  Ug^  1» 
h»nc  mo^i»m  iatcrisinfcripttiam  memorati: 
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vel  lub  tribas  trigcfimis  fccandis  diametri 
a  c  ,  &  fub  fcmiiaccre  dido.  Paulo  dntefinm 
i$4  refone.  Ba(i$  Hc  rcdaagulum  fub  dido 
femilatcrCy  &  fub  tribus  tngelimis  feciin* 
diss  rel  fcx  fexageiimis  quartis diametria c: 
O^pofi  fix  lineds  bafcos  aequantis  redanga- 
)nm  fub  di£to  femtlaterc  ,  &  fub 
tribus  partibus  ^  cuiufmodi  diaqiecrum 
mctiBntur  fexaginta  quatuor  ;  quod  ciat 
facieiidum. 

rnunkdut  dlierum  errdtum  in  dejigndndis 
literis  inter  retognojeendum  Librum  a  me  de^ 
frehenfd^nnotdr^m  infchedula,^ud  mihi  nune 
idm  inquirehti  non  hccurrit ^ilU  tdmen,  fi  hent 
memini^dgnofci  fdcile  foterdnto^emenddrijfid 
O.  dlid  qud  ipfe  legendo  non  dnnotdui  ignofcesy 
sAmice  Leilory  o^fi^uid  in  toto  hoc  Optre  non 
omnino  tmfrohdndum  iudicdueris  ^totnm  id  i» 
Deum  omnis  luminisfontem  ,  >*  fdr  efi ,  refer. 
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